AC L IH c (4BC)

Ma: {AC L A'I c(ACC'A") = 4'IH 1a gbc gita hai mit phang (44'C'C) va
(ABC)N(ACC' A" = AC

(ABCD) = ' IH = 45°

1

Ny N . , A'H
Trong tam giac A'HI vudng tai /1, ta co: tan45° == = A'H =IH .tan45° .

: =—“f. ay

2 3
:IH:EMB _a 3.a;/§:3a

16
Cau37. Cho hinh chép déu S.4BC, gbc gitta mit bén va mit phang day (ABC) bang 60°

V

, khoang cach gilra hai duong thing S4 va BC bang 2% Thé tich cua khdi
chop S.4BC theo a bang
A a3 B a3 C a3 D a3

T2 T To16 Co24

Huéng din giai:
Goi M la trung diém cua BC.
Trong mp(SAM), K& MH | SA,(H € SA).
. {BC 1AM

Ta co: = BC L (SAM )= BC L MH .
BC 1 SO

Do d6 MH 1a duong vudng géc chung cia S4va BC.

3a

Suy ra MH =~ Ta.co: SM L BC = |(SBC),(4BC))=SMa = 60°.

Dit OM = x = AM =3x,04 = 2x.
= SO = OM.tan60° = x+/3 va

SA = \/(xx/g)z +(2x)2 = xﬁ .

Trong 1SAM ta co:
SAMH = SO.AM

SENG
Khi do:

=x\/§.3x<:>xzi'

3a
27 23

a\3

AM =3x=3-2_ N> o 4B—y4.

23 2

1

a*\J3 a azx/g
VSAABC = E'SAABC‘SO = S

1

374 2 24

Cau38. Cho hinh chop déu S.4BCD c6 day 4BCD 1a hinh thoi tim O, AC=23a,
BD =2a, hai mit phiang (SAC) va (SBD) cung vudng goc v mat phing (ABCD)
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B3

. Biét khoang cach tir diém O dén mit phiang (S4B) bing %. Tinh thé tich cua

khéi chop S.4BCD theo a.
A LS B 3 c. 2% p. %3
16 18 3 12
Huoéng din giai
Ta c6 tam giac ABO vudng tai O
va A0=a"\3,

BO=a.Do do

A9 _ - tan60° = UBO = 60"
BO

Suy ra A4BD déu.
Ta co:
(SAC) L (4BCD)
(SBD) L(A4ABCD) = SO L(ABCD

Trong tam giac déu 4BD, goi H

1a trung diém AB,
K la trung diém BH,
suy ra DH L AB va DH =a/3; OK//DH Vva OKz%DHz#.

Suy ra OK L AB=> AB L (SOK).
Goi I 14 hinh chiéu cta O 1én SK, ta ¢6:0I 1L SK; 4B 1 Ol = OI | (S4B).
= 0l =d| 0; (84B)].

= 12+ lzjsozﬁ.
oI’ OK®* SO 2

1 1 11 a3
3

Vs scp = E'SAABCD'SO = 5.4.SAABO SO = 5.4.E.OA.OB.SO =

Tam giac SOK vuong tai O, OI 1a duong cao:

Cau39. Cho hinh chop t&r gidc déu S.4BCD, O 1a giao diém cua AC va BD. Biét mit
bén cta hinh chép 13 tam giac déu va khoang tir O dén mit bén 1 «. Tinh thé
tich khéi chop S.4BCD theo a.

A. 2843 B. 44’3 C. 6a°3. D. 84°3.
Huéng dén giai:
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Goi M la trung diém cua
CD,

trong ASOM ké dudng cao
OH .

= OH 1 (SCD)=OH =a.
bat cM =x.Khi do oM =x,
SM =x3,

SO=~SM*~x* =x\2.

Ta c6: SM.OH = SO.OM
a\/g B

=X 3.a:x\/§.x:>x:T

= CD =a6,50 = a3
Ve ipen = %.SABCD.SO - %.CDZ.SO - %.6a2.a\/§ =24°\3.

Cau 40. Cho hinh chop tr gidc S.4BCD c6 SA L(ABCD). ABCD la hinh thang vuong tai

A va B biét AB=2a . AD =3BC =3a . Tinh thé tich khdi chop S.4BCD theo a biét
goc giita (SCD)va (ABCD) bang 60°.
A. 264 . B. 664’ . C. 2\3d’. D.63a'.
Huoéng dén giai:
Dung AM 1 CD tai M .
Ta co: SMA=60° .

S e = AD—;BC.AB = 4a?

CD =\[(AD—-BCY + 4B’ =242

1
S g = EAB.BC =a’

_ A2
Saco =Sascp —Sasc =3a

Sy =L AM.CD = AM = 2212 :ﬂa
2 cD 2
Ta c6: SA= AM .tan SMA = %a Vs sep = %SA.SABCD =2J6a’ .

Cau41. Cho hinh chop tr giac S.ABCD c6 SA L(ABCD), ABCD la hinh thang vuéng tai
A VA B biét AB=2a.4D =3BC =34 . Tinh thé tich khdi chdp S.4BCD theo a, biét

khoang cach tir A dén mit phang (SCD) béng#a .
A. 6V6a’ . B. 2\/6a*. C. 234°. D.6\3a’.
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Huéng din giai:
Dung 4M 1 CD tai M.
Dung 4H 1 SM tai H.

3J6
a .

Ta co: AH:T

AD+ B
S nep = +C.AB — 44’

CD =\[(AD=BCY + 4B* =2a\2

1
S g = 5 AB.BC =a’

_ A2
Saco =Sscp —Sasc =3a

Syep :lAM.CD:AM:mﬂ:?’\/E
2 cD 2

12: 12+ 12:AS: AH.AM :3J€a
AH® AM~ AS AM? — AH? 2

Ta co:

1
Vs .asep = ESA‘SABCD = 2\[6_a3

Cau42. Cho lang tru tam giac ABC.A'B'C' ¢O BB'=a, goc gitta dudng thing BB' va
(ABC) bang 60°, tam gidc 4BC vudng tai C va goc BAC = 60°. Hinh chiéu vuong
goc cua diém B' 1én (4BC) trung v6i trong tam cua A4BC . Thé tich cua khoi t
dién 4'.4BC theo a bang
3 3 3 3
B B. ' c. e D. 2%
108 106 108 208
Huéng dén giai:

Goi M,N 1a trung diém cta 4B, AC

va G la trong tdm cua A4BC.
B'G L(4BC) = (BB"(45C))= 5" BG=60".

Vo e = %.SMBC B'G= %.A C.BCB'G

Xét AB'BG vudng tai G, cO B"BG =60’
= B'G= %. (ntra tam giac déu)
Dit 4B =2x. Trong AABC vudng tai C ¢d BAC =60°

— tam gidc ABC la nira tam giac déu = AC = % =x, BC=x3

Do G la trong tim A4ABC = BN :%BG = %“
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Cau 43.

Trung tim Luyén thi AMAX — Ha Pong

A.

1 3a 3a\/§ a\/§_9a3

VAY, Ve =— —a 22 AN2 2
.y A'ABC 6 2\/B 2\/6 7 208
Cho hinh lang try ding ABC.4'B'C', biét ddy ABC la tam giac déu canh .

thé tich khéi lang tru 4BC.A'B'C' .

3a3\/§ B 3a3\/§
8§ o8

C.

Trong ABNC vudng tai C: BN’ = NC* + BC?

C- 3a
9a> X 2 , 9a° 3a 213
—=—4+3x" o x" = =x= =
16 4 52 213 3a\3
BC =
213

Khoang cach tir tim O cua tam giac 4BC dén mit phang (4'BC) bang %.Tinh

3a3\/§ D 3a3\/§

4 16

.

Huéng dén giii:

Goi M la trung diém cua BC,

tacd (4'4M) L (4'BC) theo giao tuyén
A'M .

Trong (4'AM ) ké OH L A'M (He A'M).
= OH 1 (A'BC)

A’ C'

Suy ra: d(0,(4'BC))=0H =<

y ra: d(0,(4'BC)) ; \

a*\3 \:ff.\H C
SAABC = T .
Xét hai tam giac vuong 4'AM va OHM M
c6 gbc M chung nén chung dong dang. B
a  las

Suy ra: OH _OM _ 6 ___3 2 1 3

NG

—A44="2
4

. Thé tich: V. ppe =Sy oA’ A=

= = = = .
A4 AM A4 (4L +am> A4 2
AL+ AM \/A'A2+[a\/§J
2

a6 azx/§_3a3\/§
R = .

4 16

VAN DUNG CAO
Cau44. Cho hinh chop tam giac S.4BC c¢6 M 1a trung diém cta SB,N 1a diém trén canh

=

ABMNC VA S.AMN . Tinh ti s6 .

o

Hotline: 0902196677

SCsao cho NS=2NC. Ki hiéu 7,7, lan luot 1a thé tich cta cac khdi chop
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c. i,
v,

Huoéng dén giai

A2 B. .1
v, 3 Vv, 2
Vsawy _SM SN 12 1,
Vewe SB SC 23 3°
VS.AMN + VA,BMNC = VS.ABC .
Suyra,mzz.

S.AMN

Cau45. Cho hinh chop tam gidc S.4BC ¢6 M 1a trung diém cta SB,N 1a diém trén canh
SCsao cho NS =2NC, P la diém trén canh S4sao cho P4=2PS . Ki hiéu V.V,

1n luot 1 thé tich cua cac khdi tir dién BMNPva SABC. Tinh ti s6 ;

ALl B. -
A y
L a(v.(s4B))- s
VN.BMPzg . % BMP.
Ve sis ;.d(C,(SAB)).SSAB ;
d(N,(S4B)) NS _2
d(C,(S4B)) CS 3’
1 11
Speu =§SBPS =E'§SSAB
S VN.BMP _2 1 1
uy ra, 36 o
y VC.SAB 3 6 9

3

2

C.£=g. D. =
v, 3

NS

g.

Huéng din giai

B

Cau46. Cho hinh chop tir gidc déu S.4BCD co canh day bang 24, goc giita hai mat phang
(S4B) va (ABCD)béng 45°, M, N va P lan luot la trung diém cac canh S4,SB
va 4B . Tinh thé tich ¥ ctia khdi tir dién DMNP.

3
a a

B.7V=—
4

A V=—
6

Trung tim Luyén thi AMAX — Ha Pong
Hotline: 0902196677

3 3 3
C.v=L D.v=%
12 2

Huéng din giai
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Ta co: Sy  SM SN _1

Sy SA SB 4

Tuong ty Sor 1 S :l.
SSAB 4 SSAB 4

Suy ra 202 — L (¢4 thé khing

SAB

dinh S0z~ L b hai tam gide
SAB

MNP va BAS la hai tam giac

d6ng dang vai ti s6 & =%).

Do do Leane _ L (1

D.SAB

1
Vosas =Vspas = EI/S.ABCD . (2)

1 1 . 4a’ . .
VS.ABCD :gSO'SABCD =§OP.tan45 'SABCD :T (3) Tu (1), (2) va (3)

@ _a
3 6
Cau47. Cho lang tru 4BC.A'B'C’' ¢c6 day ABC la tam gidc vuong can tai B, AC =2a; canh
bén A4'=+2a. Hinh chiéu vuéng goéc ctia 4 trén mat phang (4BC) 1a trung
diém canh 4C . Tinh thé tich ¥ ctia khoi lang tru ABC.A'B'C".

3
A.V=%a3. B.V:%. C.V=d. D.V-=

11
VDMNP =ZE

oY

3

Huéng dén gidi

Vi ABC la tam giac vudng can tai B nén
trung tuyén BH ciing 14 dudng cao clia

r hY aﬁ
no, va HB=HA=HC:%AC:a.

AH=~NAL - AH? =2d*-d* =a.

Viscape =AH =S 50 = A'H'%BH-AC =a

Cau 48. Cho tir di€n ABCDc6 céc canh 4B, ACva AD doi mdt vudng goc voi nhau. Goi
G.G,,G,va G, lan luot 13 trong tAm cic mit ABC,ABD,ACDva BCD. Biét
AB=6a, AC=9a, AD=12a. Tinh theo a thé tich khéi t&r dién G,G,G,G, .
A. 4a’ B.d’ C. 1084° D.364’
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Huéng din giai
Trong truong hop tong quat, ta
ching

minh duoc |V, ;... :%VABCD .

That vay,
ta c6 (G,G,G,)(CBA) va
0G,G,G,)00CBA (ti s6 dong

dang k:%) . Tu do:

1 va
SCBA 9

d(G,,(G,G,G,)) = d(G,,(4BC))

GGGy k2

- %d(D,(ABC)) (do G,M = %DM )

1

Suy Lot VG1G2G3G4 _ d(GI,(G2G3G4)) . SG2G3G4 _

11
Visco d(D,(4BC))  Se, 39 27

1 1 1
= VGleGgG4 = EVABCD = E'g.AB.AC.AD =44°

Ciau49. Cho t&r dién ABCD ¢6 AB=CD=11m, BC=AD=20m, BD = AC =21m . Tinh thé
tich khdi i dién 4BCD.
A. 360m’ B. 720m’ C. 770m’ D. 340m’

Huéng din giai

Dung tam giac MNP sao cho
C, B, D lan luot 1a trung
diém cac canh MN, MP, NP.
Do BD la dudng trung binh
tam gidc MNP nén
BD =%MNhay AC :%MN .
Tam giac AMN vuodng tai A
(do c6 trung tuyén bang mot
nra canh tuong ung), hay
AM L AN . Tuong tu,
AP 1 AN va
AM 1L AP.

, 1 1 1 1
Taco SMBC = ZSMNP 5 SNCD = ZSMNP 5 SBPD = ZSMNP 'Suy ra SBCD = ZSMNP .
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x*+y° =4.20°

Tu do, VABCDziVAMNP .Détx:A—M,y:A—N,z:ﬂ.Tacé Y +z2 =421,
m m m ) ) )
X' +z° =411
x* =160
suy ra yz:1440:%xyz:1440:>VABCD:iVAMNP:%Om}
2> =324

(AM, AN, AP d6i mdt vudng goc nén v, :éAM.AN.AP)

14 =l—‘€\/(a2 +B =)@ —b + ) (=a’ +b +c)

Cau50. Cho hinh chép ttr gidc S.4BCD c6 day 1a vudng; mat bén (S4B) 1a tam giac déu

va nam trong mit phiang vudng goc véi day. Biét khoang cach tir diém 4 dén

mit phang (SCD)bang Nj“ . Tinh thé tich ¥ cua khdi chop S.4BCD

1 o) 3
A.V=§a3. B. V=4, C.V=§a3. D.V:%.

Huéng din giai
Goi H 14 trung diém AB, suy ra
SH 14 chiéu cao khéi chop da
cho.
Ki hi¢u x la d6 dai canh day.

Ta co SH:gx va

V3

Vi op == x
S.ABCD
6

Ké HK 1 CD (K eCD);

Ké HL 1 SK (L e SK).

Suy ra HL 1 (SCD) va
d(A,(SCD)) = d(H,(SCD))

HS-HK 21

=HL = =
VHS* +HK* T
Theo gt, gx: 3\/7% =x=a3 . Suyra Ve isen :gf :g(aﬁf :%cf

Cau51. Cho t dién S.4BC, Mva N 1a cac diém thudc cac canh S4 va SB sao cho
MA=28M, SN =2NB, («)la mit phang qua MN va song song v6i SC. Ki hiéu
(H,)Va (H,) 1a cac khéi da dién cé dugc khi chia khdi tir dién S.4BC boi mat
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phéng (@), trong d6, (H,)chtra diém s, (H,) chtra diém 4; V. vav, lan luot 1a

thé tich cua (H,) va (H,). Tinh ti s6 ;

2

A2 B.> c.2 D.
5 4 4

Huoéng dén giai
Ki hiéu ¥ 1la thé tich khoi tir dién S4ABC.
Goi P, O lan luot 1a giao diém cua (a) véi cac duong théng BC, AC.
Ta c6 NP/MQ//SC . Khi chia khéi (#,)boi mit phiang (ONC), ta dugc hai khoi
chop N.SMOCva N.QPC.

Ta co: VN,SMQC _ d(N,(SAC)) ] SSMQC
d(B,(SAC)) S,

(SR

7

B.ASC
d(N,(SAC)) _ NS _ 2,
d(B,(SAC)) BS 3’

S o :(AMJZ =ﬂ:> ST

AS ) 9 T S,

2l
Ssc y

Suyra Ve £2.5_10
Vi isc 39 27
Vigre _ d(N,(QPC)) Sopc

Vi e d(S,(ABC)) S0

4

=t —=— =—=5V, =4V, =
V VB,ASC VS.ABC 27 27 9 Vl + VZ 9

Cau52. Cho hinh chép S.4BC c¢6 chin dudng cao ndm trong tam giac ABC; cic mit
phéng (SAB), (SAC) va (SBC) cung tao v&i mat phéng (ABC) cac goc bé‘mg nhau.
Biét 4B=25, BC=17, AC =26; duong thang SB tao voi mit day mot goc bang
45°. Tinh thé tich ¥ ctia khéi chop S.4BC.
A.V =408. B.7 =680. C.v =578. D.7V =600.
Huéng din giai

1 VN.SMQC +VN.QPC . 10+ 2 4:> " 4 5
2
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Goi J1a chan duong cao cua hinh chop
S.ABC; H, K va L 1an luot 13 hinh chiéu
cuaJtrén cac canh AB, BC va CA. Suy
ra, SH7, SLJ va SkJ lan luot 1a goc
tao bo1 mat phéng (ABC) vOé1 cac mat
phang (SA4B), (SBC) va (SAC). Theo
gia thiét, ta c6 SHJ =SLJ =Sk, suy ra
cac tam gidc vuong SJH,SJL va SJK
bang nhau. T d6, JH =JL=JK . Ma J
nam trong tam giac 4BC nén J 1a tim
duong tron ndi tiép tam gidc ABC.
Ap dung cong thic Hé-rong, ta tinh
duoc dién tich S ctua tam gidc ABC 1a
S =204.
Ki hi¢u p la ntra chu vi tam giac
ABC, r 1a ban kinh duong tron ndi
tiép ctia ABC. Ta cb r= By 204 _
p 34
bat x=BH=BL,y=CL=CK,
z=AH = AK .

6.

x+y=17
Ta c6 h¢ phuong trinh < x+z=25.
y+z=26

Giai ra duoc (x;y;z) =(8;9;17)

JB=~JJH* + BH* =6’ +8 =10.
Ta c6 '9BJ = ($B! (4BC)) = 45°, suy ra SJB 1a tam gidc vudng cén tai J.

SJ=JB=10.

Thé tich ¥ cta khéi chop S.ABC 14 v = %SJ.SABC =680
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