Goi C la diém trén d va H 1a hinh chiéu vuong 5
goc clia C trén duong thang 4B .

D 1 A 5 A A H

Vi S, :EAB-CH:\/H .CH nén S,,. nho nhat

khi CH nho nhite CH 1a doan vudng goc

chung cua 2 dudng thing 4B va d.

Tacé C(1;0;2)=AC=+29.

C

Cau48. Trong khong gian véi h¢ truc toa do Oxyz, cho

diém A(10;2;1) va dudng thang d :xT_I:%: 23_1 . Goi (P) la mat phang di qua

diém 4, song song voi dudng thang d sao cho khoang cach gilta d va (P) 16n
nhat. Khoang cach tur diém M (-1;2;3) dén mp(P) la
L p.76v790 c 213 p 3V
15 790 13 29
Huwoéng din gidi:

(P) la mat phang di qua diém 4 va song song véi d
dudng thiang d nén (P) chtra duong thang &' di
qua diém 4 va song song v6i duong thang d .

Goi H la hinh chiéu cua 4 trén 4, K la hinh
chiéu cia A trén (P). 4 ]4 J’

Ta c6 d(d,(P))=HK < AH ( AH khong doi)

= GTLN cua d(d, (P))1a 4H P

= d(d,(P)) 16n nhat khi AH vudng goc véi (P).

Khi d6, néu goi () la mt phang chira 4 va d thi (P) vudng goc véi ().
= =| t4,n0 |=(98;14;-70)

9743

15
Cau49. Trong khong gian voi hé truc toa dd Oxyz, cho diém A(2;5;3) va duong thang

=(P):7x+y—52-77=0=d (M (P))

g Xty Z;2 . Goi (P) la mat phang chita duong thang d sao cho khoang

2 1
cachtir 4 dén (P) l6n nhat. Tinh khoang cach tir diém M (1,2;-1) dén mat phang
(P).
A8 B.3J2. c. YL D2
18 18 3
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Huwoéng din gidi: ,

Goi H la hinh chiéu cua 4 trén 4 ; K la hinh
chiéu cta 4 trén (P).

Ta c6 d(4,(P))=4K < 4H (Khong doi)

= GTLN cua d(d, (P)) 1a 4H

= d(4,(P)) 16n nhatkhi K=H. K ij d
Tacd H(3;1;4), (P) qua H va L AH

:>(P):x—4y+z—3=0 =
A 11v18
Vay d(M,(P))=———.

Cau50. Trong khong gian vdi hé truc toa d§ Oxyz, cho mat phéng (P):x+y—z+2=0 va

x=1+t x=3-¢
haidu’(‘)’ngthéng d:y=t s d' R y=1+1".
z=2+2t z=1-2¢

Biét ring c6 2 dudng thang co cac dic diém: song song voi (P); cat d,d’ va tao

v6i d gbc 30°. Tinh cosin goc tao boi hai dudng thing do.

1 1 2 1
A —. B.—. C. = D.—.
NG V2 3 2
Huwoéng din gidi:

Goi A la duong thang can tim, n, 12 VTPT ctia mit phang (P).

Goi M (1+t;;,2+2¢) 1a giao diém ctia A va d; M'(3-151+¢31-2¢") 1a giao diém
cua A vad'

Tacd: MM'(2—1 —t;1+¢ —t;—1-21 —21)

M ¢(P) E—
MM' /! (P)e _ot'=-2=MM'(4-1;-1-1,3-2t)
MM Ln,
Ta co cos300=cos(MM',ﬁd)<:>£= |_6t+9| o r=4
2 367 -108t+156 | 1=-1

x=5 x=t
Viy, ¢6 2 dudng thing thoa man 13 A, :{y=4+7 ;A, 4 y=—1.
z=10+¢ z=t

Khi do, cos(Al,A2)=%.

Causl. Trong khong gian voi hé truc toa d0 Oxyz,cho 3 diém
A(1;051); B(3;-2;0);C(1;2;-2) . Goi (P) lamat phfmg diqua 4 sao cho téng khoang
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= d(B.,(P))+d(C,(P))=BB'+CC'=2II.

cach tir B va Cdén (P) 16n nhat bict rang (P)khong cit doan BC. Khi d6, diem
nao sau day thudc mat phéng(P) ?

A. G(-2;0;3). B. F(3;0;-2). C. E(;3;1). D. H(0;3;1).
Huwoéng din gidi:

Goi 7 1a trung diém doan BC; cac diém
B',C’,I' lan luot 1a hinh chiéu ctua B,C,I trén
(P).

Ta c6 tir gidc BCC'B' 1a hinh thang va 11'la
duong trung binh.

Ma 1I' < 14 (v6i 14 khong doi)
Do vdy, d(B,(P))+d(C,(P)) 16n nhat khi

I'=4
= (P) diqua 4 va vudng goc 14 v6i 1(2;0,-1).

= (P):—x+2z-1=0= E(1;3;1) (P).

Cau 52.

Cau 53.

Trong khong gian véi hé truc toa d0 Oxyz,cho cac diém
A(1;0,0), B(0;5;0),C(0;0;¢) trong d6 b,c dwong va mit phang (P):y—z+1=0. Biét
ring mp(ABC) vudng gbc v6i mp(P) va d(O,(ABC)):%, ménh dé nao sau day
ding?
Ab+c=1. B.2b+c =1. C.b-3c=1. D.3b+c=3.
Huwoéng din gidi:
Ta c6 phuong trinh mp( 4BC) 1a %+%+E =1

C

(4BC)L(P) =~ =0=b=c()
C

LI I DU VR By
3 1 1 3 b c
1+?+—2
C

Ta 6 d(0,(4BC))=

Tir (1) va (2) :>bzc=%:>b+c:l.

Trong khong gian vo1 hé truc toa dd Oxyz, cho 3 diém A(1;2;3);B(0;1;1);C(1;0;—2)

Diém Me(P):x+y+z+2=0sao cho gia tri cta biéu thirc 7 =MA* +2MB* +3MC’
nho nhat. Khi d6, diém M céach (0):2x—y—2z+3=0 mot khodng bing
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2J5 p 1ot

121 B.24. c.2>. iy
54 3 54
Huéng dén gidi:
Goi M(x;y;z). Tacod T =6x"+6)” +62° —8x—8y+6z+31

s B RCHI

ST =6MI* +122 i 1(3;3;_1j
6 3737 2

— T nho nhét khi M7 nho nhat = M 13 hinh chiéu vuoéng goc cta 7 trén (P)

:>M(—i;—i;—E j
18 18 9
BAI TAP TONG HQP

Cau54. Cho mit phang (a):x+y-2z-1=0;(f):5x+2y +11z-3=0. Goc gitta mit
phang («)va mit phang (4) bang
A. 120°. B. 30°. C.150°. D.60°.

Cau55. Trong khong gian véi hé truc toa d Oxyz, cho mit phang (P) c6 phuong trinh
x +y-3=0. Piém H(2; 1; 2) 1a hinh chiéu vudng goc ctia goc toa o O trén mot
mat phang (Q). Goc gitra hai mat phang (P) va (Q) bang
A.45°. B. 30°. C.60°. D. 120°.

Cau 56. Cho vecto H . v

T4 a B A . - -y
=1 (u v) Ny Gocgilra vectovva vecto u — v bang:

A. 60°. B. 30°. C.90°. D.45°.
Caus7. Trong khong gian v6i hé truc toa dd Oxyz, cho dudng thing
d:x—3:y+1:z—1,A: 2x =3y -3z+9=0
x—2y+z+3=0

5 5 1 . Goc gitta duong thiang d va

duong thang A bang
A.90°. B. 30°. C.0°. D. 180°.
Ccaus8. Trong khong gian véi hé truc toa dd Oxyz, cho mat phang

(a):2x —y —2z—-10=0; duong théng d:x1—1:1—2y2z+3

. Goc gitrta duong
thang d va mit phang () bang
A. 30°. B.ooe. C. 60°. D.45°.

Cau59. Trong khong gian v6i hé truc toa do Oxyz, phuong trinh cic dudng thing qua
A(3; — 1;1), nam trong (P): x-y+z-5=0va hop véi duong thangd:

y=2

= :g mot goc 45° 1a

X
1 2
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x=3+1t x=3+3t
A Ac:iy=-1+t,teR, A :{y=-1-21, teR.

z=1 z=1->5¢
x=3+2¢ x=3+15¢

B. A :{y=-1+42t,teR A, :{y=-1+38t, teR.
z=1 z=1+ 23¢
x=3+1¢ x=3+15¢

C.A:qy=-1+1,teR Aj:iy=-1-8t, reR.
z=1 z=1-23¢
x=3—-1 x=3+15¢

D.A:{y=-1-1t,teR A:<y=-1-8t, teR.
z=1+1¢ z=1-23¢

Cau 60. Cho hinh 1ap phuong ABCD.A'B'C'D' ¢ canh bang 1. Goi M, N, P lan luot 13
trung diém cac canh A'B', BC, DD'. Goc giitta dudng thang AC’ va mit phang

(MNP) la
A. 30°. B. 120°. C. 60°. D.90°.
Cau 61. Trong khong gian vai hé truc toa dd Oxyz, g0i(P) 1a mit phang chira dudng thang

x=1+2¢

d:{y=2~-t va tao voi truc Ox goc co s6 do 16n nhat.Khi do, khoang cach tu
z =23t

diém 4(1;-4;2) dén mp(P)la
12+/35

A2 B4, c. 200, p. 25

Cau 62. Trong khong gian véi hé truc toa d0 Oxyz, cho diém M (2;1,-12),N( 3;0;2). Goi
(P) 1a mat phéang di qua M,N va tao voi mit phang (0):2x+2y—3z+4=0 goc cd
s6 do nho nhat. Diém A(3;1;0) cach mp(P) mot khoang 1a

A3 B2 c.Js D,
13 11 2 J22

Cau 63. Trong khong gian véi hé truc toa dd Oxyz,cho (P):x+y—z-7=0 va hai duong
x—1 _ y—1 _ Z—Z;A2 :x—2 _ y-3 _ z+4 -

1 1 2 3 -5
Goi M 1a diém thudc duong théng A,, M c6 toa do la cac ) duong, M céch
déu A, va (P). Khoang cach tir diém M dén mp(P) la

thang A, :

A.243. B. 2. C.7. D. Z.
NE)
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Cau 64. Trong khong gian véi hé truc toa do Oxyz,cho 2 diém A(1;-4;3);B(1,0;5) va

x=-3t
duong thang d:{y=3+2:.Goi C 1a diém trén duong thang d sao cho dién tich
z=-2

tam gidc 4BC nho nhét. Khoang cach gitta diém C va gdc toa do O 1a
A. 6. B. 14. C. J14. D. 6.
Cau 65. Trong khong gian voi hé truc toa dd Oxyz, cho diém A(2;5;3) va duong thang

d: xz_l :%: Z;z_G(_)i (P) la mat phéng di qua diém 4, song song voi duong

thang d sao cho khoang cach gitta d va (P) lon nhat. Khoang cach tir diém
B(2;0,-3) dén mp(P) 1a
A T2 N2 C. . p. I8
3 3 18
Cau 66. Trong khong gian véi hé truc toa dd Oxyz, cho diém A(4;-3;2) va duong thang

x=4+3t
d:4y=2+2t. Goi (P) la mat phang chira dudng thang 4 sao cho khoang cach
z=—2—t
tlr 4 dén (P) 16n nhat. Tinh khoang cch tir diém B(-2;1;-3) dén mit phang (P)
do.
A.243. B.2. C.o. D. 38.

Cau67. Trong khong gian voi hé truc toa d0 Oxz,cho 3 diém
A(;1,-2);B(-1;2;1);C(-3; 4, 1). Goi (P) 1a mat phéng di qua 4 sao cho téng
khoang cich tir B va C dén (P) 16n nhét biét rang (P) khong cit doan BC. Khi
d6, diém nao sau day thudc mit phang (P)?

A. F(-1;2;0). B. E(2;-2;1). C.G(21-3). D. H(1;-3;1).

Cau68. Trong khong gian vo1 hé truc toa ddoOxyz, cho cac diém
A(a;0;0),B(0;2;0),C(0;0;¢) trong d6 a,c dwong va mat phéng (P):2x—z+3=0.

Biét rang mp(4BC) vudng goc v6i mp(P) va d(O,(ABC)):i , ménh dé nao sau

J21
day dung?
A.a+4c=3. B. a+2c=5. C.a—c=l. D.4a-c=3.
Cau69. Trong khong gian vo1 hé¢ truc toa dd Oxyz, cho 3 diém
A(-2; 23 3);B(1; -1;3);C(3; 1;-1). Diém Me(P):x+2z-8=0 sao cho gia trj cla

Trung tAm Luyén thi AMAX — Ha Dong Fanpage: https://www.facebook.com/luyenthiamax/
Hotline: 0902196677




biéu thac T=2MA+MB*+3MC* nhd nhit. Khi d6, diém M cach
(0):—x+2y—2z-6=0 mdt khoang bang

A2 B.2. c.t D. 4.
3 3
Cau 70. Tinh khoang cach tir diém H(3; — 1;— 6) dén mit phang («): x+y—z+1=0.
A. % B.9. C. 35. D. 3.
Ccau71. Tinh khoang cach giita hai mit phing song song (P): 2x+y+2z=0 va (Q)
2x+y+2z4+7=0.
AL B.7. c.l D.2.
9 3
Cau72. Khoang cach tr diém K(1;2;3) dén mit phing (Oxz) bang
A. 2. B. 1. C.3. D. 4.
Cau73. Tinh khoang cach gilta mat phang (a): 2x+y+2z+4=0 va duong thing d:
x=1+5¢
y=2-2¢ .
z=—4t
A S B. 0. c.? D. 4.
3 3
Cau74. Khoang cach tir giao diém A4 ctia mat phang (R):x+y+z-3=0 voi truc Oz dén
mit phing (a): 2x+y+2z+1=0 bang
AL, B.2. c.? D. 0.
3 3 3
Cau75. Cho hai mit phing (P):x+y+2z-1=0, (0):2x+y+z=0 va duong thing d:
x=1-3¢
y=2+t.
z=—-1+¢
Goi d(d,(P)), d(d,(0)), d((P),(0))lan luot 1a khoang cach gitra duong thing d va
(P), d va (0), (P) va (Q). Trong cac ménh dé sau, tim ménh dé sai:
6
A.d(d,(P))=0. B-d(d,(Q))=§- C.d(P),(0)=0.  D. d(d.,(0))=0.
Cau76. Khoang cach tir diém C(-2;1;0) dén mat phang (Oyz) va dén duong thing A:
x=1+t¢
y=4+t lanluotla 4, va d,. Chon khang dinh diing trong cac khang dinh sau:
z=6+2t
B. d >d, B.d =d,. C. d =o. D. d,=1.
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Cau77. Khoang cach tir diém B(1;1;1)dén mat phang (P) bang 1. Chon khing dinh
dungtrong cac khing dinh sau:
A.(P)2x +y-2z +6 = 0. B.(P):x+y+z-3=0.
B.(P):2x +y + 2z -2 = 0. D.(P):x +y +z - 3= 0.

Cau78. Trong khong gian Oxyzcho mat phéng(a) 2x—y+2z+1=0 va mat phang
(f):2x—y+2z+5=0. Tap hop céc diém M cach déu mit phang (a)va (p) la
A 2x—y+2z+3=0. B.2x-y-2z+3=0.
C.2x-y+2z-3=0. D.2x+y+2z+3=0.

Cau79. Trong khong gian Oxyz cho mit phang (a):x—2y+2z+1=0 va mat phang
(f):2x—y+2z+1=0. Tap hop céc diém cach déu mat phang (a) va (p) la

‘{x—y+2:O ' B{x—y+2=0
3x+3y+4z+4=0 3x-3y+4z+4=0

x—-y+2=0 D x+y+2=0
13x-3y+4z+4=0 13x—3y+4z+4=0
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