Cau 54. Cho mat phéng (@):x+y-27-1=0;(B):5x+2y+11z-3=0. GoOc gitra mat
phang («)va mit phang (g) bang
A. 120°. B. 30°. C.150°. D. 60°.

Cau55. Trong khong gian véi hé truc toa d6 Oxyz, cho mit phang (P) c6 phuong trinh
x +y-3=0. Piém H(2; 1; 2) 1a hinh chiéu vudng goc ciia gbc toa 6 O trén mot
mat phang (Q). Goc giira hai mat phang (P) va (Q) bang
A.45°. B. 30°. C.60°. D. 120°.

Cau 56. Cho vecto H =72

;‘ =1 (;, \7) = % Gocgitra vectov va vecto u — v bang:
A. 60°. B. 30°. C.90°. D.45°.

Caus7. Trong khong gian v6i hé truc toa dd Oxyz, cho dudng thing
d:x—3:y+l:z—1,A:{2x—3y—3z+9=0

9 5 1 x=2y+z+3=0

duong thang A bang
A.90°. B. 30°. C.0e. D. 180°.

Ccaus8. Trong khong gian véi hé truc toa dd Oxyz, cho miat phang

. Goc gitta duong thiang d va

I 1-y z+3
2

(a):2x —y-27-10=0; duong thang d4:= 1_ . Géc gitrta duong
thang d va mit phang () bang
A. 30°. B.ooe. C. 60°. D.45°.

Cau59. Trong khong gian v6i hé truc toa dd Oxyz, phuong trinh cic duong thing qua
A(3; — 1;1), nam trong (P): x—y+z-5=0va hop véi duong thangd:

_2 A J4 \

Ty =z mot goc 45° 1a

1 2 2
x=3+1t x=3+3t

A A:iy=-l+t,teR A :{y=-1-2t, teR.
z=1 z=1->5¢
x=3+2t x=3+15¢

B. A :{y=-1+2t,teR, A :{y=—1+38, teR.
z=1 z=1+ 23t
x=3+1¢ x=3+15¢

C.A:qy=-1+1t,teR A:qyy=-1-8t, teR
z=1 z=1-23¢
x=3-1 x=3+15¢

D.A:{y=-1-1t,1eR A:{y=-1-8, teR.
z=1+1¢ z=1-23¢
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Cau 60. Cho hinh 1ap phuong ABCD.A'B'C'D' ¢6 canh bang 1. Goi M, N, P lan luot 1a
trung diém cac canh A'B', BC, DD'. Goc giita duong thang AC’ va miat phang

(MNP) la
A. 30°. B. 120°. C. 60°. D.9oe°.
Cau 61. Trong khong gian vai hé truc toa dd Oxyz, g0i(P) 1a mit phang chira dudng thang
x=1+2¢
d:{y=2-t va tao voi truc Ox gbéc cbd s6 do 16n nhat.Khi do, khoang cach tur
z =3t

diém 4(1;-4;2) dén mp(P)la
A3 B4 c. 206 p. 26
35 3 9 q 3
Cau 62. Trong khong gian voi hé truc toa d§ Oxyz, cho diém M (2;1;-12),N(3;0;2). Goi
(P) 1a mat phang di qua M,N va tao voi mit phang (0):2x+2y—-3z+4=0 goc cd
56 do nho nhat. Diém 4(3;1;0) cdch mp(P) mot khoang 14

A3 B2 c.Js D,
13 11 2 J22

Cau 63. Trong khong gian véi hé truc toa dd Oxyz,cho (P):x+y—z-7=0 va hai duong
x=1 y-1 z-2 = x-2 y-3 z+4

thén A ;A
& & 1 1 1 72 3 -5

Goi M 1a diém thudc duong théng A,, M c6 toa do la cac s6 duong, M céch
déu A, va (P). Khoang cach tir diém M dén mp(P) la

A.243. B. 2. C.7. D. ~.
3
Cau 64. Trong khong gian véi hé truc toa do Oxyz,cho 2 diém A(1;-4;3);B(1;0;5) va
x=-3t
duong thang d:{y=3+2¢.Goi C la diém trén duong thang 4 sao cho dién tich
z=-2

tam gidc 4BC nho nhét. Khoang cach gitta diém C va gdc toa do O 1a
A. 6. B. 14. C. 14, D. 6.
Cau 65. Trong khong gian voi hé truc toa dd Oxyz, cho diém A(2;5;3) va duong thang

d: x2—1 :%: Zgz_G(_)i (P) la mat phéng di qua diém 4, song song voi duong

thang ¢ sao cho khoang cach gitta d va (P) lon nhat. Khoang cach tir diém

B(2;0,-3) dén mp(P) 1a
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Cau 66.

Cau 67.

Cau 68.

Cau 69.

Cau 70.

Cau 71.

Cau 72.

Trung tim Luyén thi AMAX — Ha Pong
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Trong khong gian v6i hé truc toa dd Oxyz, cho diém A(4;-3;2) va duong thang

A % . % C.7. p. Vi

x=4+3t
d:y=2+2¢. Goi (P) la mat phang chira dudong thang 4 sao cho khoang cach
z=-2-¢
tr 4 dén (P) 16n nhat. Tinh khoang cach tur diém B(-2;1;-3) dén mat phéng (P)
do.
A.243. B.2. C.o. D. 3s.
Trong khong gian v61 hé truc toa d0 Oxyz,cho 3 diém
A(1;1,-2);B(=1;2;1);C(-3; 4 1). Goi (P) 1a mit phang di qua 4 sao cho tong
khoang cach tir B va C dén (P) 16n nhat biét rang (P) khong cit doan BC. Khi
d6, diém nao sau day thuéc mit phang (P)?

A. F(-1;2;0). B. E(2;-2;1). C.G(21;-3). D. H(1;-3;1).

Trong khong gian v61 hé truc toa d0Oxyz, cho cac diém
A(a;0;0),B(0;2;0),C(0;0;¢) trong 6 a,c dwong va mat phéng (P):2x-z+3=0.

Biét rang mp(A4BC) vudng goc v6i mp(P) va d(O,(ABC)):i , ménh dé nao sau

J21
day dung?
A.a+4c=3. B. a+2c=5. C.a—c=l. D.4qg-c=3.
Trong khong gian vo1 h¢ truc toa dd Oxyz, cho 3 diém
A(-2; 23 3);B(1; -1;3);C(3; 1; -1). Diém M e(P):x+2z-8=0 sao cho gia tri clia
biéu thirc 7=2MA+MB*+3MC* nhé nhat. Khi d6, diém M cich
(0):=x+2y-2z-6=0 mot khoang bang

A2 B.2. c.t D. 4.
3 3
Tinh khoang cach tu diém H(3; — 1;— 6) dén mit phang (a): x+y-z+1=0.
. % B.O. C. 33, D. 3.

Tinh khoang cach gitra hai mit phang song song (P): 2x+y+2z=0 va (Q)
2x+y+2z+7=0.

AL B.7. c. L. D. 2.
9 3

Khoang cach tu diém K(1;2;3) dén mit phang (Oxz) bang
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A. 2. B. 1. C.3. D. 4.
Cau73. Tinh khoang cach gira mat phang («): 2x+y+2z+4=0 va duong thang d:

x=1+5¢
y=2-2t.
z=—4t
A S B. 0. c D. 4.
3 3

Cau 74. Khoang cach tu giao diém 4 cua mit phiang (R):x+y+z-3=0 voi truc Oz dén
mit phang (a): 2x+y+2z+1=0 bang

AL B. 2. c D. 0.
3 3 3
Cau 75. Cho hai mat pha‘ing (P):x+y+2z-1=0, (0):2x+y+z=0 va dud’ng tha'ing d:
x=1-3¢
y=2+t.
z=—1+t¢

Goi d(d,(P)), d(d,(0)), d((P),(0))lan luot la khoang cach gitra dwong thang d va
(P), d va (Q), (P) va (Q). Trong cac ménh dé sau, tim ménh dé sai:

A.d(d,(P))=0. B.d(d,(Q))=§. C.4d((P),(Q))=0. D. d(d,(Q))=0.
Cau76. Khoang cach tu diém C(-2;1;0) dén mit phang (Oyz) va dén duong thiang A:
x=1+t
y=4+¢ lanluotla d, va d,. Chon khang dinh dung trong cac khang dinh sau:
z=6+2t
A. d >d, B. d =d,. C.d =0. D. 4,=1.

Cau77. Khoang cach tu diém B(;1;1)dén mit phang (P) bang 1. Chon khang dinh
dungtrong cac khang dinh sau:
A.(P):2x +y—-2z +6 = 0. B.(P:x+y+z-3=0.
B.(P):2x +y + 2z -2 = 0. D.(P):x +y +z - 3= 0.

Cau78. Trong khong gian Oxyzcho mat phéng(a):Zx— y+2z+1=0 va mat phang
(B):2x—y+2z+5=0. Tap hop céc diém M cach déu mit phang (a)va (p) la
A 2x—y+2z+3=0. B.2x-y-2z+3=0.
C.2x-y+2z-3=0. D.2x+y+2z+3=0.

Cau79. Trong khong gian Oxyz cho mit phang (a):x—2y+2z+1=0 va mat phang
(f):2x—y+2z+1=0. Tap hop cac diém cach déu mit phang (a) va (p) 1a
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Al
c|

x-y+2=0

3x+3y+4z+4=0

x—y+2=0
3x—=3y+4z+4=0
C. PAP AN VA HUONG DAN GIAI BAI TAP TRAC NGHIEM
I-DAP AN 8.5

x-y+2=0
13x=3y+4z+4=0
D-x+y+2=0 .
3x-3y+4z+4=0
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II -HUONG DAN GIAI

Caul. Trong khong gian Oxyz, khoang cach tu diém A(1; 25 2) dén miat phang (a):
x+2y-2z-4=0 bang:
A3, B.1. c.b . L.
3 3
Hwong din giai
(A, (a)) = lx,+2.y,- 2ZA—4|
JIP+27+(=2)°
Ccau2. Tinh khoang cach giira hai mit phang song song («): 2x—y-2z-4=0 va (f):
2x—y—-2z+2=0.
A2, B. 6. c. .2
3 3
Huwong dan giai
Khoang cach giﬁ’a hai mit phang song song bang khoang cach tir mot diém bat
ky ctia mit phang nay dén mat phang kia.
Ta lay diém H(2; 0; 0) thudc (@). Khi do
22-1.0-2.0+2
d((@).(B) = d (11.3)) =2 '—
V221 +(22)
Cau3. Khoang cach tir diém M (3;2;1) dén mat phiang (P): Ax+Cz+D=0, AC.D#0.
Chon khang dinh dingtrong cac khang dinh sau:
A. d(M.(P) 34+C+D| B. d(M (P))_|A+2B+3C+D|
A +C o J&+B+C
C. d(M.(P))= 34+ c| D. d(M.(P)) - 34+C+D|
VA2 + ¢ o O
Caud. Tinh khoang cach gitra mit phang (a): 2x—y-2z-4=0 va duong thing d:
x=1+¢
y=2+4t .
z=—1
AL B. 2 C.0. D.2.
3 3
Hwéng din giai
Puong thang d song song voi mit phang ().
Khoang cach gitra duong thing va mit phing song song bang khoang cach tur
mdt diém bét ky cua duong thiang dén mat phang.
Ta lay diém H (1; 2; 0) thudc duong thang d. Khi do:
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2.1-1.2-2.0-4

dd,(a))=d(H,(a)) = N =3

cau5. Khoang cach tir diém A(2; 4;3) dén miat phang (a): 2x+y+2z+1=0 va (B):
x=0 lan luot1a d(4,(a)), d(4,(B)). Chon khing dinh diing trong cac khing dinh
sau:

A. d(A(a))=3.d(4,(B)). B. d(4,(a))>d(4,(B)).
C. d(A,(a)) = d(A,(ﬂ)). D. Z.d(A,(a)) = d(A,(ﬂ)).
Hwéng din giai
2x,+y,+2.z,+1 X
(A( )) | A2YA12 2/; | d(A,(,B)):%:Z
Két ludn: d(4,(8))=2d(4,(a)).

Cau6. Tim toa d6 diém Mtrén truc Oy sao cho khoang cach tir diém M dén mit phing
(P): 2x—y+3z—4=0 nho nhat?

A. M (0;2;0). B. M (0;4;0). C. M (0;-4;0). D. M(O;%;Oj .
Hwéng din giai

Khoang cach tir M dén (P) nho nhét khi M thudc (P). Nén M la giao diém cua
truc Oy v6i mat phang (P). Thay x = 0, z = 0 vao phuong trinh (P) ta dugc y = -
4. Vay M(0;-4;0).

Cach giai khac

Tinh khoang cach tir diém M trong cac dap an dén mat phang (P) sau d6 so sanh
chon dap an.

Ccau7. Khoang cach tir diém M (—4;-5;6) dén mit phing (Oxy), (Oyz) lan luot bang:
A.6vad4. B.6va5. C.5va4. D. 4 va 6.
Hwéng din giai
d(M,(Oxp))=|z,|=6; d(M,(Oyz)) =x, | = 4.

Ccau8. Tinh khoang cach tur diém A(xy3 Yo3 2y) dén mat phang (P): Ax + By + Cz + D =0,
vOi 4.B.C.D # 0. Chon khing dinh dangtrong cac khang dinh sau:

A. d(A,(P))= Ax, + By, +Cz,. B.d(4,(P))= _|x, + By, + Ca,
JA+ B+
C. a(4py)= j;":gf’ +D), D.d(4,(P))= |Ax32fi°;izg )

Cau9. Tinh khoang cach tir diém B(X43¥:20) dén mat phang (P): y + 1 = 0. Chon khang
dinh diingtrong cac khang dinh sau:
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Cau 10.

1
Ay, B. . c. bl D[y, +1.

2
Khoang cach tir diém €(-2; 0;0) dén mit phang (Oxy) bang:
A. 0. B.2. C. 1. D. \2.
Huwong dan giai
Diém C thudc mit phang (Oxy) nén 4 (C,(0xp))=0

Cau 11. Khoang cach tir diém M (1;2;0) dén mat phang (Oxy), (Oyz), (Oxz). Chon khang
dinh saitrong cac khang dinh sau:
A. d(M,(Oxz)):Z. B. d(M,(Oyz)):l.
C. d(M,(Oxy))=1. D. d(M,(0xz))>d(M,(Oyz)).
Cau 12. Khoang cach tir diém A(x,;y,;2, ) dén mat phang (P): 4x + By + Cz + D = 0, Voi
D # 0 bang 0 khi va chi khi:
A. Ax,+ By, +Cz, #-D. B. 4¢(P).
C Ax,+ By, +Cz, =-D. D. Ax,+By,+Cz,.= 0.
Cau 13. Khoang cach tir diém o dén mit phing (Q) bang 1. Chon khing dinh dingtrong
cac khang dinh sau:
A (Q):x+y+z-3=0. B.(Q):2x +y + 2z -3 =0.
C.(Q)2x +y-2z+6=0. D.(Q):x +y +z - 3= 0.
Huwong dan giai
Dung cong thirc khoang cach tr | diém dén mat phang, sau do tinh khoang cach
14n luot trong mdi truong hop va chon dap an ding.
x=1+t¢
Cau 14. Khoang cach tir diém H (1;0;3) dén duong thang d,:{y=2¢ , re R va mit phang
z=3+t¢
(P):z-3=0 lan luot 1a d(H,d) va d(H,(P)). Chon khing dinh dangtrong cac
khang dinh sau:
Ad(H,d)>d(H,(P)). B. d(H,(P))>d(H.d,).
C. d(H.d))=6d(H,(P)). D. d(H,(P))=1.
Hwéng din giai
Vi H thudc duong thing d,va H thudc mat phing (P) nén khoang cach tir diém
H dén duong thang d, bang 0 va khoang cach tir diém H dén mit phang (P) bang
0.
X=2+t
cau15. Tinh khoang cach tir diém E (1;1;3) dén duong thang d:{y=4+3¢ , re R bang:
z=-2-5¢
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1 4 5
AE. B. N C. N
Huwong dan giai
+ Goi (P) la mit phang di qua E va vudng goc voi (P). Viét phuong trinh (P)

+ Goi H la giao diém cua duong thing d va (P). Tim toa do H
+ Tinh d6 dai EH.
Khoang cach tir diém E (1;1;3) dén duong thing d bang EH.
Cach giai khac:
Vi E thudc duong thing d nén khoang cach tir diém E (1;1;3) dén duong thing d
bang 0.
Cau16. Cho vecto ;(—2; -2; O); ;(\/5; J2; 2). Goc giita vecto u va vecto v bang:

D.0

A.135°. B. 45°. C. 60°. D. 150°.
Huéng dén gidi

. = uy 2:2-2:2 420 R
Ta cod cos(u, v) = #u V# = \/7 \/7; ; = —T = (u, v) =135°.
2
2?2 + (<2)? \/(JE) +(J§) +22
xX=2+t x=1-1

Cau17. Cho hai duong thang di:iy=—l+tvady:qy=2 . Goc giira hai duong thang

d] va dz la:

A30°. B. 120°. C. 150°. D.60°.

Huéng din giai

Goi u; u, 1an luot 13 vecto chi phuong cta dudng thing di; ds.
u=(1 1; 0); , = (=1 0; 1)

—_—

Lll.Ll2

_
w1 1+1

.Ll2

cos(ul, “2)‘ =

Ap dung cong thire ta c6 cos(d,.d, ) =

1
>

u

= (d,.d,) =60°.

Cau18. Cho dudng thing 4: % = Lz :§ va mit phang (P): 5x + 11y + 2z — 4 = 0. Goc gitta

duong thang A va mat phang (P) la:

A.60°. B. -30°. C.30°. D. -60°.

Huéng din gidi

Goi ;t; n 1an luot 14 vecto chi phuong, phap tuyén cua dudng thing A va mait

phang (P). u=(1;-2:1);n=(5112)
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Ap dung cong thirc ta co

L ‘Ztﬁ‘ 15-112+12] |
COS(U n) = —

HH \/52+112+22\/12+22+12 2

sin(A,(P)) =

= (4,(P)) =30,
Cau19. Cho mit phang (a):2x—y+2z-1=0;(B):x+2y-2z-3=0. Cosin goc giira
mat phing () va mit phang (8) bang:
4 4 4 4
A.— B. —. C.—. D. ——.
9 9 33 3\3
Huéng din giai
Goi a, Z,; 1an luot 1a vecto phap tuyén cua mat phang (a) va (8).
Taco n, (2~ 1;2); n,(1; 2 ~2).

Ap dung cong thirc:

n,.n, 2.1-1.2-22] 4
H NS SN R S S

cmmnum—kmm n)| =

Cau20. Cho mat phang (P):3x + 4y + 5z + 2 =0 va dudng thang d 1a giao tuyén cua hai
mat phang (a):x -2y +1=0;(B): x—2z-3=0. Goi ¢ 1a gbc giita dudng thing
d va mit phang (P). Khi do:
A.60°. B. 45°. C. 30°. D. 90°.
Huéng din giai

Puong thang d c¢6 phuong trinh: {y =%+t ,teR . Suy ra VICP cua d la

1,2 1;1)
ﬁ;z‘ 23+1.4+1 NG

Ta co sin(d,(P))

cos(ud, )

‘ H‘ \/22+12+12\/32+42+52 2
= (d,(P)) = 60°.
Cau2l. Cho mit phang (a):3x —2y+2z-5=0. Piém A(1; — 2; 2). C6 bao nhiéu mit
phang di qua A4 va tao v&i mit phang () mot goc 45°.
A. V6 s6. B. 1. C.2. D. 4.
Huéng din giai
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