Trung tim Luyén thi Amax — 39 LK 6A Lang Viét Ki¢u Chau Au
CAC BAI TOAN VE TAM GIAC PONG DANG

A. Kién thic:
* Tam giac dong dang:
a) truong hop thir nht: (c.c.c)

AABC » A'B'C’ o 2D _ AC _ BC
A'B' AIC' B'CV

b) trudng hop thir nhét: (c.g.c)

AABC » A’B’'C’ « AB _ AC .
A'B' AICI

~
— '

>)

c. Truong hop ddng dang tht ba (g.g)
AABC = A’B’C’ & A=A'; B=B'
AH; A’H’13 hai dudng cao twong tmg thi: % — k (Ti s ddng dang); Sasc _ 2

B. Bai tap ap dung
Bai 1:
Cho AABC ¢c6B=2C, AB=8 cm, BC =10 cm.

a)Tinh AC

b)Néu ba canh ctia tam giac trén 13 ba s6 ty nhién lién tiép thi mdi

canh la bao nhiéu? A
Giai

Céch 1: E
Trén tia ddi ctia tia BA 14y diém E sao cho:BD = BC

AACD « AABC (g.g) = %:% :
— AC? = AB. AD =AB.(AB + BD) = AB(AB + BC) b
=8(10+8)=144 = AC=12cm

Céch 2:
V& tia phan giac BE ciia ABC = AABE « AACB
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+
AB_AE_BE_AE¥BE_AC __ .\~ AB(AB+CB) = 8(8 + 10) = 144
AC AB CB AB+CB AB+CB

= AC=12cm
b) Goi AC=b, AB=4a, BC=cthitirciduatacob’>=a(a+c)(l)

Vib>anéncothéb=a+ 1 hoicb=a+2

+Néub=a+1thi(a+ 1)y =a’+ac o2a+1=ac oalc-2)=1
=a=1;b=2;c=3(loai)

+Néub=a+2thi a(c—4)=4

- Véia=1 thic=8 (loai)

- Véia=2 thic =6 (loai)

-voia=4thic=6;b=5

Vaya=4;b=5;¢c=6

Bai 2:

A

Cho A ABC can tai A, duong phan giac BD; tinh BD
biét BC =5 cm; AC =20 cm
Giai
TacoC—D—B—C:l:CD=4cm vaBC=5cm D

AD AC 4
Bai toan trd vé bai 1

B C

Bai 3:
Cho AABC can tai A va O 1a trung diém cua BC. Mot diém O di dong trén AB,

2

ldy diém E trén AC sao cho CE = %IE) . Chirng minh rang

a) ADBO==AOCE

b) ADOE == ADBO«AOCE

¢) DO, EO lan luot 12 phéan giac cua cac gbc BDE, CED

d) khoang cach tir O dén doan ED khéng d6i khi D di dong trén AB
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Giai
OB’ CE OB _,

= — =—"vaB=C (gt) = ADBO=AOCE
BD OB BD

a) Tu CE=

b) Tir cAu a suy ra Os=E, (1)
Vi B, O ,C thiang hang nén 0Os + DOE +EOC =180° (2)

trong tam giac EOC thi E. + C+EOC=180" (3)

Tu (1), (2), (3) suyra DOE=B=C

ADOE va ADBO ¢6 22 = %E (py ADBOAOCE)
DB OC

va 29 _ OF by 0c=0B)va DOE=B=¢
DB OB

nén ADOE ¢« ADBO«AOCE

¢) Tir cAu b suy ra D, = D, = DO 14 phén gi4c ctia cac goc BDE

Cung tir ciu b suy ra E, = E. EO 1a phan giac cua cac goc CED

¢) Goi OH, OI 14 khoang cach tir O dén DE, CE thi OH = OI, ma O ¢ dinh nén
OH khong d6i = OI khong d6i khi D di dong trén AB

Bai 4: (P& HSG huyén Loc ha — nam 2007 — 2008)

Cho AABC cén tai A, c6 BC =2a, M 1a trung diém BC, iy D, E thudc AB, AC
sao cho DME = B

a) Chting minh tich BD. CE khong doi

b)Chirmg minh DM 14 tia phan gi4c cia BDE

¢) Tinh chu vi cia AAED néu A ABC la tam giac déu

Giai

a) Ta co6 DMC = DME + CME = B + BDM, ma DME = B(gt)

nén CME = BDM, két hop voi B=C (AABC can tai A)

suy ra ABDM < ACME (g.g)

= BD _BM_ gp CE=BM. CM=a khong dbi
CM CE
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DM _ BD N DM _ BD
ME CM ME BM

b) ABDM « ACME =

(do BM = CM)= ADME = ADBM (c.g.c) = MDE = BMD hay

DM 4 tia phan giac clia BDE

¢) ching minh twong tu ta c6 EM 1a tia phéan giac cua DEC | .
ké MH LCE ,MI L DE, MK 1 DB thi MH=MI=MK = A

DKM = ADIM

=DK =DI = AEIM = AEHM = EI=EH

Chu vi AAED la Pogp = AD + DE + EA = AK +AH =2AH (Vi AH = AK)
A ABC 1a tam giac déu nén suy ra A CME cung 1a tam giac déu CH = MTC :%

= AH=1,5a = Py,gpp=2AH=2.1,5a=3a

Bai 5:

Cho tam gidc ABC, trung tuyén AM. Qua diém D thudc canh

BC, v& duong thang song song véi AM, cat AB, AC tai E va F K A
a) chimg minh DE + DF khong d6i khi D di dong trén BC
b) Qua A v& dudng thang song song voi BC, cat FE tai K.
Chung minh rang K 14 trung diém ciia FE

Giai

B C
a)DE// AM = 22 = BD o 5p_ BD v (1)
AM BM BM

DE/AM = P2E _ D ppn D v =L am )
AM CM CM BM

Tu (1) va (2) suy ra

DE+DF= 3P anm+ 2 am = [B2 4 D) avi= BE AM=2aM khong déi
BM BM BM BM BM

b) AK // BC suy ra AFKA = AAMC (g.g) = 1= = KA 3y

AM CM

%:KA:> EK KA 3EK= KA :EK_KAZEK_KA
ED BD ED+EK BD+KA KD BD+DM AM BM AM CM

)
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(Vi CM = BM)

FK EK .2
Tu (1)va(2 —=— =FK=EKhayKlat diém cua FE
u (1) va(2) suyra = ay K 1a trung diém cua

Bai 6: (P& HSG huyén Thach ha nim 2003 — 2004)

Cho hinh thoi ABCD canh a ¢6 A = 60", mdt dudng thing bat ky qua C cit tia
ddi cua cac tia BA, DA tai M, N

a) Chirng minh rang tich BM. DN c6 gia tri khong doi

b) Goi K 1a giao diém ctia BN va DM. Tinh s6 do ctia goc BKD

Giai M
a) BC // AN = MB _ M, !
BA CN
CM AD &
D//AM === =2" (2 B
CD// =N - DN () 1K
Tu (1) va (2) suy ra
MB AD
T = ﬁ:>MB.DN=BA.AD=a.a=a2 A D N

b) AMBD vaABDN c¢6 MBD = BDN = 120°

MB _MB_CM _ AD_ BD
BD BA CN DN DN

CD =DA) = AMBD «= ABDN

(Do ABCD 1a hinh thoi c6 A =60°nén AB = BC =

Suy ra M = Bi. AMBD vaABKD c6 BDM = BDK va M = B nén

BKD = MBD = 120"

Bai 7:

Cho hinh binh hanh ABCD c6 dudng chéo 16n AC, tia Dx cat SC, AB, BC lan
luot tai I, M, N. V& CE vuong goc voi AB, CF vudng goc véi AD, BG vudng

goc voi AC. Goi K 1a diém d6i xtmg véi D qua 1. -
. s A
Chtrng minh rang /N
a) IM. IN = ID*
D/ AN
by KM _ DM }
KN DN M

\\\
,\\\
\
al
0
/w
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¢) AB. AE + AD. AF = AC?

Giai

a) T AD //CM = M _ L ()
ID Al

TaCD// AN = S0 (9
Al IN

\ \ IM_ ID 2
Tu (1 2 —= — hay ID"=IM. IN
u (1) va(2) suyra DN ay

DM_CM_ DM _ CM __ DM _CM
MB  MN+DM MB+CM DN (B

b) Ta co 3)

T ID=IK va ID*=IM. IN suyra IK*=IM. IN
IK IN IK-IM IN -IK KM KN KM M
= = = = = = =

= b
M IK M IK M IK KN IK

KM _IM_CM_CM
KN ID AD CB

KM DM
Tir (3) va (4 kM _ DM
u (3) va (4) suy ra N DN
. AE  AC B
©) Tacd AAGB = AAEC = 1= = T ABAE=ACAG = AB. AE = AG(AG
+CG) (5)
ACGB = AAFC = 28 = €6 _CG i cg = AD)
AC CB AD

—AF . AD=AC. CG = AF . AD = (AG + CG) .CG (6)

Cong (5) va (6) vé theo vé ta co: AB. AE + AF. AD = (AG + CG) .AG + (AG +
CG) .CG

< AB. AE + AF. AD = AG* +2.AG.CG + CG* = (AG + CG)* = AC?

Vay: AB. AE+ AD. AF = AC?

Bai tap vé nha

Bai |

Cho Hinh binh hanh ABCD, mét dudng thang cat AB, AD, AC lan luot tai E, F,
G

Fanpage : https://www.facebook.com/luyenthiamax/
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Chtrng minh: AB ,AD _AC
AE AF AG

HD: Ké DM // FE, BN // FE (M, N thudc AC)

Bai 2:

Qua dinh C caa hinh binh hanh ABCD, ké dudng thang cit BD, AB, AD ¢ E,
G,F

ching minh:
a)DE2 = fE pg?
EG

b) CE* =FE. GE

(Goi y: Xét cac tam giac DFE va BCE, DEC va BEG)

Bai 3

Cho tam giac ABC vuéng tai A, dudng cao AH, trung tuyén BM, phan gidc CD
cit nhau tai mot diém. Chiémg minh rang

a) S0 CM AD _,
HC MA BD

b) BH = AC

Fanpage : https://www.facebook.com/luyenthiamax/




