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OA+OB+0C =04"+0B'+0C"
Bai 13. Cho lu giac déu ABCDEF c6 tam la O . CMR :
a) OA+0B+0C+0OD+0OE+OF=0; b) OA+OC+OE =0
¢) AB+AO+AF =AD d) MA +MC+ME = MB+MD +MF (Mtlyy)
Bai 14. Cho tam giac ABC ; vé bén ngoai cac hinh binh hanh ABIF ; BCPQ ; CARS
Chitng minh rding: RF + IQ + PS =0
Bai 15. Cho tam giac ABC ndi ti€p trong dudng tron tam O, truc tam H , vé dudng kinh AD
a) Chiing minh ring HB + HC = HD
b) Goi H’ 13 d&i xttng ctia H qua O .Chitng minh ring HA + HB + HC = HH'
Bai 16. Cho bén ®iOm M,N,P,Q bEt kx .CM ¢, c ®"2ng thgc sau:
a)@+ﬁ+m=@ b)ﬁ+W=QTD+@ c)m+@=@+ﬁv
Bai 17. Cho s,u ®iOm A,B,C,D,E,F . CMR:

—_— — — — — —_— s —

a)AD + BE +CF = AE + BF +CD b) 4B + CD=AD +CB
Bai 18. Cho t( giac ABCD bat ky . Chifrng minh :

a) AD+DC+CB+BA=0 b)@—ﬂ):@—@

Bai 19. Cho tam giac ABC ¢ trung tuyén AM va G la trong tém .

a) So sanh do dai, hudng cla hai vectd GA va GM

b) Chltng minh : GA+GB+GC =0

Tiét 3+4: LUYEN TAP GIAI TOAN VE HAM SO

Bai 1. Tim tap xac dinh ctia ham s6

1. y=2X—1 ? y_5x2—4x—10 3. y= 2x+2 4. y=Jx+1+/5-3x
1-x ' x*+4x-5 (x+1)(x~-3)

5.y x+1 6. y= 3x V6 x 7. y= 5-2x g _x+‘/2x—1
x=2 x4 (2= 3x)V1-6x YT T o

9. y= xz_\/_x lo.y:vx—1+v4—x 11, y=/5x+3 + 2 12. y= 2 +Vx+2
1-x (x=2)(x-3) V3-x Jx+l ¥’ -4

13.y:\/2x+1_\/3_4x 14.y: 1 1 1+x 16-y: 3

x 1] ] e+ 1= [x+2)
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|x|-3 |x|+4
Ll’ x>0
s N X+
Bai 2:Cho ham s0 y = f(x) =1 |
””11, ~1<x<0
x_

a) Tim tap xac dinh cia ham s6 y = f(x).  b) Tinh f(0), f(2),f(-3),f(-1).

Bai 3. Tim m d& cac ham s6 sau xac dinh Vx e R.:

x+1 2x+1 2 _
R L 2 y= 2 S
X _m+6 mx +4 x2+2mx+4

Bai 4:Cho ham s6 y = J5-x +/2x+3a .Dinh a dé tap xac dinh clia ham s6 1a doan ¢é dd dai bang 2 don vi .

2
Bai 5: Chohams6 y = f(x) =+/a+2—x + —————". Xac dinh a dé tap xac dinh clia ham s& ch{ra doan |—1;1{.
Nx—=2a+3 [ ]
Bai 6: Xac dinh ham s6 y = f'(x) biét: a) f(x+1)=x"+2x+2 b) f(x+lj:x2 +L2
X X
II. Tinh don diéu cia ham so:
Cho ham s6 y = f'(x) xac dinh trén K.
Ham s6 goi la dong bién ( tang) trén Knéu Vx ,x, € K,x, < x, = f(x,) < f(x,).
Ham s6 goi la nghich bién ( giam ) trén K néu Vx,,x, € K,x, <x, = f(x,) > f(x,).
Bai 7:Xét tinh don diéu clia ham s0 :
a) y=2x+5; y=-3x+2; y=—%x+10 trén R
b)y=f(x)=x"-2x+5; y=2tL y=vx"+3; y= 23
x=3 x +1

2 A 2 N 1 3x n n

c) y=~2x tren(0;+00); y=x—-2x" trén Z;+OO ;Y= tren(—oo;l); y= tren(—1;+oo)
X — X+

I11. Tinh chan lé cta ham sé:

Cho ham s0 y = f(x) vGi tap xac dinh D.
e a VxeD=-xeD L A2 e
+ f(x) la ham s6 chan trén D < { ¥ e *e + f(x) la ham s6 |é trén
S(=x)=f(x)
{‘v’x eD=>-xeD
D&

J(=x)==f(x)

Bai 8.Xét tinh chan I& cla ham sb sau:
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1. y=f(x)=x*+1. |2, y=f(x)=3x"-4x"+3]3. y=f(x)=4x’-3x.|4 y=f(x)=2x+1

5. y=f(x)=x"—-1. | 6. y=f(x)=x"+x+10. _ _2 8. y=f(x):x2—2|x|+2.
7. yv=f(x) o
X 10. y:f(x):x|x|. x”+1 12. y=f(x)=|1—2x|—|2x+1|.

9. y=f(=

) 11y:f(X):W

13. y= f(x)=+/1-x*.| 14 y= f(x)=+/x+5. 15. y=+/l+x++1—x. | 16. y=10 ;—L<x<1.

Tiét 5: VECTO VA CAC PHEP TOAN TREN VECTO'
A. Ly thuyét cg ban:

vecto va cac phép toan:
% Cac quy tac can nhd:

+ Quy tic 3 diém : Cho A, B,Ctly y, ta €6 : AB¥BC =AC
+ Quy t&c hinh binh hanh.: N&u ABCD I3 hinh binh hanh thi AB+ AD = AC
+ Quy tac vé hiéu vecto : Cho O,B,C tuy y ta ¢ : OB—0C=CB
& Cho keR, k.a 13 1 vects dugc xac dinh:
*N&u k>0thi k.a cing hudng véi a : k < 0thi k.a ngugc hudng véi a
* Do daivectd k.a béng |k|.‘21‘
< Tinh ché&t trung diém, trong tdm.V3i M bat ky: + I 1a trung diém cua doan thang AB, thi:
MA+ MB=2MI
+ G la trong tam AABC
thi: MA + MB + MC=3MG
< Diéu kién can va dia d& A, B, C thang hang la cd s6 k sao cho AB = k.E(k #0).
< Dinh Ii: cho trudc hai vectd a,b khdng cling phuang. V& moi vectd x bao gid cling tim dugc mét

cap so thuc

m, n duy nhét sao cho: x =ma+nb

B. Bai tap:
I.Dang toan: ch(ing minh mét dang thirc vecta.
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Mot s6 phuang phap chinh:
+ Bién ddi v& nay vé vé kia.
+ Bién déi tuong ducng dang thlc can chlrng minh thanh mdt déng thirc ma ta biét Ia ding.
+ Bién ddi mét ding thirc ding c6 san thanh déng thirc can chiing minh.( st dung cac quy téc 3 diém, tinh
ché&t trung diém, trong tdm, quy tac hinh binh hanh.. trong qué trinh bién déi ).
Bai 1: cho séu diém A, B, C, D, E, F bat ki chfng minh:
a)AB+CD = AD +CB b)AB—CD = AC—BD ¢)AD+BA—BC—ED+EC =0

—_— — —— = ———

d)AD + BE + CF = AE + BF + CD ¢)AE—FB+CD = AD—-EB+CF

Bai 2: cho hinh binh hanh ABCD tam O. Chirng minh rang:
a)AB+ AD+CA=0 b)DO-OC=CB ¢)DA-DB=0D-0C d)AD+0OB-0C=0

e)MA+MC =MD +MC (M la diémtiyy). /)OA+OB+OC+0D=0

TU két qua cau f) chiing minh: g)MA + MB + MC + MD =4MO (M la diém tly y ).

Bai 3: Cho t(r gidc ABCD. Goi I, J Ian luct la trung diém AC va BD. Goi E |a trung diém IJ. CMR:
a) EA+EB+EC+ED=0. b) MA+MB+MC+MD=4ME (Véi M tly y).
€)21J = AD+CB = AB+CD

Bai 4:Cho tam giac ABC. Lan lugt 1y cac diém M, N, P trén AB, BC, CA sao cho:

1 1 1 —

AM =§AB;BN=§BC;CP=§CA.. Chdng minh rang: AN + BP+CM =0

Bai 5: cho 2 tam gidc 4,B,C, va 4;B,C, ¢ trong tam G,,G,.

cmr: A\A, + BB, +C,C, =G,G, tir do cho biét diéu kién can va du d€ hai tam giac cd ciing trong tam.

Bai 6: cho tam giac ABC. Goi K la di€ém déi x(rng clia B qua trong tdm G. Chiing minh:
a)AK %7@%@ b)CK =_§@+A—c’)

Bai 7: cho hinh binh hanh ABCD va A'B'C’'D’ c6 chung dinh A. Chirng Minh:
a) CC'= BB'+DD'
b) hai tam giac BC'D va B'CD’ c6 cung trong tam.

I1. Dang toan: Chitng Minh vecto tng ( vecto hiéu ) khéng déi. Tinh dd dai clia vecto téng ( vecto hiéu).



