HOC360.NET - TAI LIEU HQOC TAP MIEN PHi

DE THI THU THPT QUOC GIA NAM 2017 - Pé 2
Mon: TOAN

Thoi gian lam bai: 90 phut, khéng ké thoi gian phdt dé

Caul:Chohamsé y = x’ + 3x + (m +2)x + m + 3.Goi A(m); B(m) lan lwot lag gia tri nhé nhat, gia tri lon

nhat cha ham s6 trén [l —-2m;2m —3] Xac dinh trung binh cdng cta A(m) va B(m) ?

3
A.6 B.3 C. — D.1
2

Cau 2: Cho ham s0 y = f(x) ddng bié trén (0;2). Khang dinh nao sau day ding ?

A. Ham s6 y = 2f(2x + 1) d6ng bién trén (0;1)

. X y
B.Hamsoy = f(E) dong bién trén (1,5)

g , 1
C. Him s8 y = f(2x) + 1 déng bién trén (5;1)

D. Hdm s6 y = f(x?) déng bién trén (0;2)

sinx N
c6 bao nhiéu tiém can ?

Cau3:HamsOy =
X

A.2 B.1 C.3 D.0
Cau 4: D6 thicta haihams6 y = 3 - P —x +1va y = x’+ 3x — 2 tiép xtc véi nhau tai diém nao?

A. (1;1) B. (1;2) C.(1;-1) D. (0;0)

3.,
trén [0;2]

Cau 5: Tim gid tri nho nhat va Idn nhat cia hamsdy =
X —

A. miny =-3; maxy =7
B. miny = 3; maxy =7
C. Khdng ton tai gid tri nhd nhat; maxy =7

D. Khéng ton tai gia tri I&n nhat va nhé nhat cia ham sé

. mx—2 e N
Cau6: Timmdénhamsdy = dong bién trén tung khoang xac dinh?
X+m
A.m>1 B.m=1 C.m<1 D. Vm e R
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Cau 7: Ham s6 nao sau day khéng cd tiém can?

5 2
1
A.y=\/X2+l B.y=\/3X2-|—X—\/3X2 C.y=x D.y=w

2x°
Cau 8: Tinh dao ham clia ham s6 y =log, (log3 (log4 X)) trén tap xac dinh?
. 1 : 1
A y'= B.y'= C.
log, x.1og,(log,x)In2.In3.In4 x.log, x.log,(log,x)In2.In3.In4

1 1 \l X

y = D. y =
x.In2.In3.In4 In2.In3.1n4

C3u 9: Ham s6 y = x° + 4x3- 2017 c6 bao nhiéu nghiém thyuc ?

A.5 B.4 C.1 D.3

Céau 10: (Hoang mac Sahara) Theo két qua cia mét trung tdm nghién clru vé mirc dé sa mac hda cla hoang mac
Sahara cho biét mirc d6 sa mac hda clia hoang mac 1a mét ham phu thudc theo nhiét d6 méi trudong:

AS = (t2 - 2t — 1).672t+3 .Gia sr nhiét d6 moi trudng dao dong tir 0°C dén 50°C. Hoi nhiét d6 nao khién muirc
do sa mac héa 1&n nhat ?

A.3° B. 1° C.2° D. 0°

Cau 11: Tim tap xac dinh ctia ham s6 f(x) =\/10g2 (X + 1) + logll2 (3 —X)

A.[1;3) B. (-1;3) C. (-1;1] D. [-1;3)
R . x> —2x
Cau 12: Giai phuong trinh: log,| ——— | =1
X+2

A.x=-1 B.x=6 C.x=-1vax=6 D. VO nghiém

Cau 13: Tinh t6ng cac nghiém cua phuong trinh: log, (logzl x4 3log, x + 7} =2

2 2
1 1 1
A.4 B.4+— C. — D.4——
NG NG 7
n ] . In(x*+1)
Cau 14: Tinh dao ham cuaham s6 y = —
X
4 4 In(x*+1) 4 3nx‘+1)
A. 7 B. Y C. — D. 7 — -
X +1 X X X +1 X
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. (2 , 2 3
Cau 15: Tinh a+b+c biét do thi ham séy = (gj di qua cac diém (0,a); (b;g); (C,‘E)

A.3 B.2 C.1 D.0

Cau 16: Trong cac ham s6 sau, ham sé nao nghich bién trén R:

vre(5) ()

e VxZ+1-x X
Cy=|— D.yz( 9—2@)

3

Cau 17: D6 thihamsé y = 3" cdt dudng thangy = 2x +1 tai may diém phan biét?
A. 1l B. 2 C.3 D.4

log, (x - 1) <1
Cau 18: Tap nghiém clta hé bat phuong trinh 1a:
log, (x + 1) +log,, (2X) <2

1
A (—;3 B. (1;3 C.(0;1 D. (0,3
(17 ] (1;3] (0;1) (0,3]

Cau 19: Cholog,3 =a; log.4 =b; log,7 = ¢ .Tinh log,175 theo a,b,c?

2 ¢ a+b+c 2 C 2 2 2
A —+— B. —— C. +— D.—+—+—
ab 2 2 a+b 2 a b c

Cau 20: M6t cay tre sau mdi ndm nd cao hon 5% so véi nam trude. Gia st khi né séng dugc 3 ndm thi né cao 3,7m.
Hoi 5 ndm nita thi né cao bao nhiéu m? (lam tron dén sé thap phan thi hai)

A. 4,05m B. 4,06m C. 4,09 D. 4,08

Cau 21: Tim cac khang dinh dang trong cac khdng dinh sau:

1. Cho F(x)la mét nguyén ham cda f(x) thi mdt nguyén ham cla 2016f<x2) 1 201613()(2 ) +2017.
2. J.f(x)g(x)dx :If(x)dxjg(x)dx

1 2
3. Jf(x)dxj.g(x)dxzaqf(x)dx) +C

4. Cho F(x) Ia mdt nguyén ham cta f(x) thi ho cac nguyén ham cta nd 1a cF(x)?

A.1,4 B.2,3 C.3 D. Khéng co
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y =3x’

Cau 22: Goi S la dién tich gidi han bdi cac d‘u‘dng:{ .Tim m dé dién tich S=4?

y =mx

A. m=6 B. m=-6 C.m=*16 D. Khéng tén tai m

: 1 , :
Cau 23: Cho hinh phang (S) duoc gidi han bdi dudng X = —; y=1; y-4 va truc Oy. Dé xéc dinh thé tich vat tron xoay
y

khi cho (S) quay quanh truc Oy; mot hoc sinh da lam nhu sau:

4

1 ’ V4 3z
. V=rx I—dy ||.V:—[—j n. V=—
Ly Y| 4
Héi hoc sinh d3 lam sai tir bwdc nao
A. Khong co B. | C. 1 D. lll
2
’ X 1 B
Cau 24: Gia sir mot nguyén ham cla ham sé f(X) = + > codang AVI— x> + . Hay
Vi k(1445 L+x
tinh A+B?
8 8
A. — B.-— C.2 D.-2
3 3
1
Cau 25: Tim m dé J(mx + l)exdx =e?
0
1
A.0 B.-1 C. — D.1
2

4
Cau 26: Cho f(x) = 2x; g(x) =2~ 3. Tinh tich phan: _Mf(x) +g(x)] + |f(x) — g(x)| Jdx ?
1

104
A. 30 B. 24 C.-30 D. T
1 2_
Cau 27: Tinh tich phan IX4 1dx?
X +1
1 [6-2 1 (6+2
A. In B. In
22 (6442 272 l6-+2
1. (6++2 V2 (6442
C.—In D. In
2 l6-+2 2 (6-42
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2017

Cau 28: Tinh tich phan I = I 11’1(X+\/1+X2)dx?
2017
A. 1l B.0 C. 2017 D.-2017

Cau 29: Trén mat phang Oxy tim biéu dién s6 phirc z thda man : ‘Z— Zi‘ = ‘(1 + i)Z‘ ?
A. Hinh tron tam 1(0;-2) ban kinh 2+/2 B. Hinh tron tam 1(0;2) ban kinh 2+/2
C. Budng tron tam 1(0;-2) ban kinh 2\/5 D. Budng tron tam 1(0;2) ban kinh 2\/5
Cau 30: Tim s6 phirc z thda man : (Z —3i)(1 + 2i) +1=31

A.1+31 B.1-31 c.l+4 D. 1-41

“a 2 2 ~ ’ .« A Z N A ~
Cau 31: Tim phan ao cua sb phurc x biét: la mot s6 thuce?

z+1
A. 1l B.0 C.-1 D.2

Céau 32: Cac cap s6 phirc khéng la hai phan sé lién hop cha nhau la:

A.x+§+l;;+y+l B.X;;;y C.X—§;§—y—l D. _L,L
y+i y+1
Cau 33: Tim modun cla s phtrc z biét: (‘Z‘ + 1)2 ~ (Za 4 4b)(2b _ 43)1 ?
(a+2b)(b—2a)1
A.2 B.1 C.0 D.3
Cau 34: Tim s8 phirc z bigt: (2 +3i)(z +2i—1) = (2i+1)z?
A.-3+4i B.3—4i C.3+4i D. -3—-4i

Cau 35: Trén mat phang Oxy tim biéu dién s6 phirc z thda man: 1 < ‘Z - Zi‘ <2?

A. Hinh tron tam 1(0;2) ban kinh 2.
B. Hinh tron tam 1(0;2) ban kinh 1.
C. Hinh tron tdm 1(0;2) ban kinh 2 trir di phan trong hinh tron tdm 1(0;2) bén kinh 1.

D. Hinh tron tam 1(0;2) ban kinh 2 trir di hinh tron tam 1(0;2) ban kinh 1.

Cau 36: Giai phuong trinh trén tap s6 phtc: z* + 27 +1=07?

—1-+f3i 14431 1-/3i 1++/3i
z, = 1z, = 1z, = 32, =

! 2 : 2 ! 2 2
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B N I EE |

! 2 2 2

I B ERE ]

V4
! 2 ! 2

B. z

D. Phuong trinh v6 nghiém

Cau 37: Cho hinh lang tru dirng ABC.A’B’C’ c6 ddy la tam gidc can v&i AB=AC=a, géc BAC=120°, canh bén BB’ = a. Goi
| 13 trung diém clia CC’. Tinh cosin clia géc gitta hai m&t phang (ABC) va (AB'l)?

\F [3 [7 \F
A.cosa=,|— B. cosa=,|— C. cosa= ,|— D. cosa = ,[—
5 10 10 2

Cau 38: Cho m6t hinh try cé do dai truc 00’ :2\/7 . ABCD Ia hinh vudng canh bang 8 cé cac dinh ndm trén hai
dudng tron day sao cho tdm cda hinh vudng |a trung diém doan OO’. Tinh thé tich lang tru?

A. 2577 B. 5077 C. ?72’ 7 D. 5077/2

Cau 39: Chp ldng tru ABC.A’B’C’ c6 ddy |a tam gidc ABC vudng can tai A, BC = 2a, AA’ vudng géc véi mat phang (ABC).
Goc gitra (AB’C’) va (BB’C’) bang 60° . Tinh thé tich Ing tru ABC.A’B’C’

3
a2 2 B. 3a°/2 c. a’\2 D. 2°\/6

3

Cau 40: Cho hinh chop S.ABCD cé SC L (ABCD), ddy ABCD I3 hinh thoi cé canh bang a\/g va ZABC =120°SC .

Biét rang gdc gitra hai mat phang (SAB) va (ABCD) bang 45°. Tinh theo a thé tich khdi chop S.ABCD.

J3a? 3./3a° J3a? 3./3a°
2

B. C. D.
12 4 4

A.

Cau 41: Cho hinh chop S.ABCD cé day ABCD I3 hinh vudng. M3 bén SAB |3 tam giac can tai S, mat phang (SAB) vudng
gdc va&i ddy, mat phang (SCD) tao véi day goc 60° va cach duong thang AB mot khodng 13 a. Tinh thé tich khdi chop
theo a?

8a’ 2a’ 4a’ 6a’
. — B. — C. — D. —
9 9 9 9
Cau 42: Hinh chop S.ABC c6 BC = 2a, ddy ABC la tam gidc vudng tai C, SAB |a tam gidc vudng can tai S va ndm trong

mat phang vudng gdc vdi mat day. Goi | 13 trung diém canh AB. Biét mat bén (SAC) hop vé&i day (ABC) mot géc 60°.
Tinh thé tich khéi chop SABC?

a’\/6 2a°\3 2a°\/6 2a°\2

B. C. D.
3 3 3 3

A.
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Cau 43: Cho hinh chop t gidc déu S.ABCD c6 canh day bang a, goc gilta canh bén va muyt day bang
@(0° < ¢ <90%) . Tinh thé tich khi chép S.ABCD theo a, @ ?

NG 2 V2,

2 3 3 3
A. —a tan B. —a tan C. —a tan D. —a tan
3 ¢ 2 ¢ 6 4 12 14

Cau 44: Trong khdng gian vdi hé toa dd Oxyz cho hai dudng thang

x=1+t
x—=2y+z-4=0
A A, i y =2+t
x+2y-2z+4=0
z=1+2t

Viét phuwong trinh mat phang (P) chira dwong thang A; va song song véi dwong thang A; ?

A.(P): 2x—z=0 B.(P): 2x—z+1=0
c.(P): 2x-y=0 D. (P): 2y—z=0
. x+3ky—-z+2=0 i .
Cau 45: Trong khong gian Oxyz cho duwong thang dk Tim k dé duong thang di vuodng goc vai
kx-y+z+1=0
méat phang (P):Xx -2y —2z2+5=07
A. k=0 B. k=1 C. k=2 D. k=3
. N y 9 x-1_y+3 2z-3 .
Cau 46: Trong khong gian Oxyz cho duwdng thang d : N = > = va mat phang

(P) : 2x+y—2z+9=0.Goi A la giao diém cla dudng thing d vd mit phang (P), biét A di qua A va vudng géc voi
d?

X = X = X = X = —t
A A:qy=-1 B.A:qy=-1 C.A:qy=1 D. A:<y=-1
z=4+t z=—4+t z=4+t z=4+t
X =-3+2t
Cau 47: Trong khong gian Oxyz cho diém A(—4; —2;4)vé duongthang d:<y=1—t .Viét phuongtrinh
z=-1+4t

duong thang A di qua diém A, cit va vudng géc véi duong thang d?

x+4 y+2 z-4 x+4 y+2 z-4

A. (A): B. (A):
(&) 3 2 1 (&) 3 2 -1
C.(A):x—4:y—2:z+4 D'(A):x+4:y+2:z—4
3 2 -1 -3 2 -1
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Cau 48: Trong khdng gian vdi hé toa dd Oxyz cho ba dwong thang:

X=t
) X y=2 z . x+1 y-1 z+1
dl' y:4—t ,d2.T:_—3:_—3,d3. 5 = 2 = 1
z=—1+2t

Viét phuwong trinh dudng thang , biét cit ba dudng thang di;d»;ds Ian lwot tai cac diém A;B;C sao cho AB=BC?

cX_y-2_z X_y-2_z
1 1

1 1 -1

AX_¥-2_z L X_y+2_
1 -1 1

Cau 49: Trong khéng gian Oxyz cho ba diém A(2;0;1), B(1;0;0), C(1;1;1) va m&t phang (P): X + y+z—2 =0. Viét
phuong trinh mét cau di qua ba diém A, B, C va cé tdm thudc mat phang (P)?

A (x=1) +y +(z-1)" =1 B. (x—2) +y +(z-1)" =9
C(x=1) +y +(z+1) =4 D. (x=2) +y* +(z-1) =1
Cau 50: Trong khong gian véi hé toa dd Oxyz, cho dudng thang (d) : xI4 ~ yT—2 :il va mat phang (P):

X+2y—2z+10=0. Tim toa do giao diém A cla dudng thing (d) va mat phang (P). Viét phuong trinh mat phang
(Q) chira dwong thang (d) dong thoi vudng géc véi (P)?

A.(Q): 4x -y+z-14=0 B.(Q): 4x —-y-z—-14=0
c.(Q): 4x—y+z-4=0 D.(Q): 4x+y+z-14=0
Pap an

1-A 6-D 11-A 16-B 21-C 26-D 31-B 36-A 41-A 46-A
2-C 7-C 12-C 17-B 22-C 27-A 32-D 37-B 42-C 47-B
3-B 8-B 13-B 18-A 23-B 28-B 33-B 38-B 43-C 48-C
4-B 9-C 14-D 19-A 24-B 29-C 34-B 39-C 44-A 49-A
5-D 10-A 15-C 20-D 25-D 30-C 35-D 40-D 45-B 50-A
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HU'GNG DAN GIAI CHI TIET
Cau 1:
Phén tich : Bai todn nay s& rat khd néu ct theo 16i dudng cii. Tuy nhién chi can tinh y mét chit ta s& thiy ngay!

DAy 13 ham bac ba nén ré rang diém udn la tdm déi x(rng. mién dang xét 1a ddi xirng thi hai diém I&n nhat va nhé nhéat
cla ham s6 sé ddi xirng v&i nhau qua diém uén. (Tham khao hinh v&).

Do d¢, ta co:
y=x"+ 3x’+(m+2)x +m+3
=y = 3x? 4+ 6x + (m+2) =>y”’ = 6x +06y” DEéthay:

2

y=0x = -1 =y =3
(1-2m) +(2m —3) = -2 => Yo T Yo _ 20 _ 3
2 2
Vay dap an duang la B.
Nhén xét: Déi khi bai toan chi can chit tinh té cé thé khién viéc tinh todn phirc tap thanh don gian rat nhiéu !!!
Cau 2:

Pap an dung la C.

Cau 3:
sinx 1
Taco: 0<|—|<L|—
X X
) . |sinx . sinx
Ma lim|—| =0 = lim|——|=0= lim =0
X—>00 X X—>00 X X—>00 X

=>Pudng thang y = 0 13 tiém can ngang clia d6 thj ham s&
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: Sl ~ by ~ ~ 7 -n n s
Lruy: lim =1 nén ham s6 khéng cé tiém can dirng.

x>0 X
Vay d6 thi ham s6 cé duy nhat 1 tiém can ngang va |a duong thang y=0
Pap an dung la B.

Cau 4:

P6 thiclahaihamsdy = 3x’— x> — x +1vay = x’ + 3x - 2ti€p xtic véi nhau khi:

3x'— x*—x +1=x"+ 3x-2
{(3){3— x>—x +1)'= (x> + 3x-2)'
2= x* - dx 4320 (x=1*(2x+3)=0
Ox* - 2x -1=3x"+3 (x=1)(6x+4)=0
&Sx -1 =0x =1
Vay db thi cia 2 ham s8 tiép xdc nhau tai diém (1;2)
PapandunglaB

Nhan xét: Bai toan nay doi hoi ta can phai ndm dugc didu kién dé 2 ham s6 f(x) va g(x) ti€p xtc nhau dé 13 hé phuong

. {f(X) =gx)
trinh ' , o nghiém.
f(x)'=g(x)
Caubs
. .. 2Xx+3
Do lim = +00 va lim =—
x-»" x—1 -1~ x—1

=>Trén doan [0;2] ham s6 khéng cé gia tri l&n nhat.
Pap an dung la D.

Sai [am thuong gdp: Rat nhiéu ban khong dé y rang trén doan [0;2] cé diém x=1 bj gidn doan ma s& tinh ludn dao ham
va ra dao ham déng bién nén miny=y(0)=-3 va maxy=y(2)=7.T&r 6 chon ngay dap an A.

Cau 6:
*D: R\ {—m}

Ta co:
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~ AN \ ~ m n S - n ~ 2 ’ .
vay Vm € R thihamséy = lubn déng bién trén tirng khoan xac dinh.

X+m
Vay dap an dung la D.
Cau7:
Pap andunglaC.

Cau 8: Ta co:

o (log,(log,x)) _ (log, x) _ 1
log,(log,x)In2 log, x.log,(log,x)In2.In3  x.log, x.log,(log,x)In2.In3.In4

PapandunglaB

Sai ldm thwéng gdp: Ham s6 trong biéu thirc logarit 1a khd cong kénh. Néu khong thudc cong thirc dao ham cua logarit
co ban va tinh todn can than s& rat nhiéu ban ra sai két qua.

Cau 9:

Dé thay sé khong |a nghiém cla phuong trinh

xet £(x) = x*+ 4x’ —2017trén (0;+eo)

f (x) = 5x*+ 12x> > OVx e (O;+oo)

=>f(x) dong bién trén (0;+oo)

=>Phuong trinh f(x)=0 c6 t6i da 1 nghiém trén (0;+eo)

Lai c6 f(1) =—2012 va f(5)=1608
= £(1).£(5)<0

=> Phuong trinh f(x) = 0 c6 nghiém trén (1;5) . Vay nén phuong trinh X° + 4x° —2017 =0 ¢ ddng mét nghiém. Pap
andunglaC

Cau 10:

Gia sty f(t):AS = (tz_ 2t — 1)‘6—2”3

f(t) = (2t = 2)e™ - 2( = 2t - 1)
f(t) = (-2¢ +6t).e™"

£'(t) :o@—2t2+6t=0@ﬁ:3

Ta thdy max f(t) = f(3) = 0,10
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Papandungla A
Cau 11:

Xx+1>0
biéu kién: <3-x>0
log, (X+1)+log1/2 (3—x) >0

-1<x<3
=
log, (x +1)—log, (3-x)>0

-1<x<3 -1<x<3
x+1 ¢3 x+1
log2 >1
3—x
—-1<x<3 —-1<x<3
Xx+1>3- x x>1
S 1<x<3

Vay tap xac dinh cdia ham so

0 = \/log, (x +1) +log,, (3-x) 12 [1:3)
Papandungla A

2 7 N, v 1 v
Nhan xét: O bat phuong trinh log, (X + 1) +log, , (3 - X) > (0 ching ta nén dwa vé logarit co s6 5 thi ham s8 s&

nghich bién va néu khéng dé y s& rat nhiéu ban bj nham két qua sang dép an C.

Cau 12:
Xx+2#0
Diéu kién: < 2 _ *
X° —2x >0( )
X+2
Tacd
2 N 2 _
log, X~ —2x 1 X 2x_3
X+2 X+2

=x’-2x=3(x+2)<=x*-5x-6=0
<:>(x+1)(x—6)=0

x+1=0 x=-1
= =
x—6=0 X=6
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Thr lai v&i diéu kién (*) ta thay ca x=-1 va x=6 déu théa man.
Vay nghiém cta phuong trinh lax=-1vax=6
PapandunglaC

Nhan xét: Khi lam bai thi trdc nghiém ching ta khong nén giai diéu kién xac dinh clia phwong trinh nhu thé s& mat thoi
gian ma ching ta nén gidi nhanh ra nghiém réi dung mady tinh thr lai véi diéu kién. Nhu vay sé tiét kiém duwoc nhiéu thoi
gian hon.

Cau 13:
x+1>0
Bigu kign: 10g21 xﬁ +3log, x+7>0
2 2
Ta co:

log{logzl x? +3log, x+7j:2 < log? x"? +3log, x+7=9

2 2 2 2

< 2log? x +3log, x—2:0<:>(210g1 X—lj[logl x+2J:O
2 2 2 2
2log, x-1=0
2
log, x+2=0

2

1
log, x=— _
1 9 X =
o 2 = 2
log, x =-2 X =4

2

. . . 1 .
Kiém tra lai diéu kién trén ta thdy X = — va x=4 déu thdéa man

NG

1 . 1
Vay X = T va x=4 |3 nghiém phuwong trinh. Téng hai nghiém 13 4 + —
2

2
PapandunglaB

Sai lam thudng gap: Khi gid bai toan nay nhiéu ban thuwong giai ca diéu kién xac dinh cda phuong trinh. Diéu d6 khéng
can thiét va gdy mat nhiéu thoi gian. Ching ta nén giai ra nghiém sau dé thir lai diéu kién s& nhanh hon.

Cau 14:
Ta cé:
4’ x* =3x* In(x*+1) 4 4 4
x4l _4x —3(x +1)ln(x +1) 4 _31n(x4+1)
d x° x* <x4 + 1) x*+1 x*

Pap an dung la D.
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Sai [am thuorng gdp: Bai todn nay 1a dao ham clia ham hop néu ban nao khéng ndm chic cong thirc dao ham clia cac
ham co ban sé& rat dé din dén tinh todn ham vi ham s& cling kha cong kénh.

Cau 15:

§ 2
D6 thiham s6y = (%J di qua cac diém (O,a); (b;g); (C;%) nén taco

R

b
=(%) =<b=1 =a+b+c=1+1-1=1

2

3
3_(2)
2 3

Pap an dung la C.

c=-1

Cau 16:

Ta thay ham s6 a* dong bién khi a>1
. . T
M dé thy ~-> 1 va VO-2414 =7 -2 >1

X

=>Ham s6 yz(%j va yz( 9—2\/1_4) dong bién

e Vx2+1-x X s
Lai 6 y:(—j :[——1Jln—>o
3 x> +1 3

=>Loai cac ddp 4n A,C,D

Dép an dung la B.

Nhén xét: D€ Iam nhanh dugc dang baog nay can phai thudc diéu kién déng bién nghich bién cta cdc ham s6 co ban.
Cau 17:

Hoanh d6 giao diém cla ham s6 y =3* va dudng thang y = 2x +1 |1a nghiém cla phuong trinh:

F=2x + 13 -2x-1 =0

xét f(x) =3"- 2x-1 =0trenR f (x) = 3*In3-2

2 ,
Do phuong trinh f(x) = 0 ¢ 1 nghiém la X = log, (ﬁj nén phuong trinh f(x)=0 cé tdi da 2 nghiém.
n
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Ma lai cé f(0) = f(1) = 0 nén x=0 va x=1 la 2 nghiém cta phuong trinh f(x) =0
Do dé déthihamsé y = 3" cdtduongthang y = 2X + 1tai2 diém phan biét
Pap an dung la B.

Nhan xét : V&i nhitng loai bai todn héi vé s6 nghiém cla phuong trinh thi bd dé sau duwoc dp dung rat hiéu qua dé 1a :
Né&u phuong trinh f(x) = 0 cé nghiém thi phuong trinh f(x) = s& c6 khéng qué n+1 nghiém.

Cau 18:
x—1>0
pidukién: < x+1>0<=0<x<1
2x>0
Ta cé:
log,(x—-1)<1 x—1<2
=
log, (x+1)+log, (2x) <2 log, (x +1)—log,(2x) <2
3
<
x<3 1 x<3 «<3 x<3
& &
log{x—i_ j<2 X+1<9 x+1<18x x>ix
2X 2X 17

<Z>L<XS3
17

. 1
Vay tap nghiém cla hé bat phuwong trinh 13 S= (ﬁ;?)}
Pdp andingla A
Cau 19:
Tacé: log,175 = log,5°.7 = 2log,5+log,7

Lai co:
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1 1 2
log,3 = =—=log,9=2log,3=—
C

log,7 ¢
1
= log, 7 = ==
log,9 2
log.4 b
log.2=—23—=—
s 2 >

= log 3 =1og,2.log,3 = %
= log;9=2log,3=ab

1
= log,5=—
B9 ab

2
Do d6 : log, 175 = 21og, 5+ log, 7 = —+—
ab 2

Papandungla A

Nhan xét: Bai toan nay doi hoi ching ta phai thudc cac cong thirc bién ddi co ban ciia ham logarit va can phai bién déi
cac biéu thirc d6 that linh hoat.

Cau 20:

Goi x (mét) 13 chiéu cao cla cay tre. Sau 1 ndm chiéu cao cla cay tre la:

x+0,05x = x(1+0,05)(m)

Sau 2 n3m chiéu cao clia cay tre fa: x (1+0,05) +x(1+0,05).0,05 = x(1+0,05)" (m)
Sau 3 ndm chigu cao clia cay tre fa: x(1+0,05)” +x(1+0,05)".0,05=x(1+0,05)’ (m)
Do sau 3 ndm chiéu cao clia cay tre Ia: x(1+0,05)’ =3,7

=> Sau 5 n3m chiéu cao cla cy tre Ia: x(1+0,05)’ =3,7(1+0,05)’ = 4,08(m)

Pap andungla D

Nhan xét: Néu khong doc ki dé bai do 1a két qua lam tron dén chi thap phan th hai thi rdt nhiéu ban s& chon ngay dap
anC.

Cau 21:
Dé thay cac khang dinh 1 va 4 1a sai. Bay gi® ta sé kiém tra cac khang dinh 2 va 3

. 1
Khang dinh 2: Thay f(x) = x va g(x) = —
X
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Khi d6 If(x)g(x)dx = Ildx = ln‘x‘ +c
X

Va
_ LU (5 SR e U N O . S .4
jf(x)g(x)dx-fxdxszdX—(z+aJ(X +ﬂj_ 2+ 5 X+aﬁ
A Y X ﬂxz a ~ 2 . \ .
RO rang ——+———+a,8 * ln‘x‘+c nén khang dinh 2 la sai.
2 2 X

Khang dinh 3: Gia st F(x) |a nguyén ham cla

f(x) = F(x) = j f(x)dx
= [(F00[ f0dx)dx = [f() Fx)dx = [F(x) d(F(x))

= F*(x)— j Fx)d(F(x))+c = F*(x) - j f(x) F(x)dx+ ¢

= 2j(f(x)jf(x)dx)dx —F(x)+c= (jf(x)dx)2 tc

1 2
= [ (o[ fx) dx)dx :E(If(x)dx) te

=>Khang dinh 3 dung

PapandunglaC

Nhan xét: Day |a mot trong nhitng cdu khé doi hoi hoc sinh phai hiéu that k§ kién thirc vé nguyén ham clia ham sé.

Cau 22:

x=0
Xét phurong trinh 3x2 = mx < m
X=—

3

=3x*
Xét m>0 khi dé dién tich gidi han béi cac dwong: y
y =mx

S= ‘3){2 - mx}dx =

(mx—3x2)dx:(mTX2—x3j

Oty |3
Sty | B

3
—S=4e2 _4eom=6
54
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=3x’
Xét m<0 khi d6 dién tich gidi han béi cac duong: y la:
y = mx
= 0
0 3 2 3
mx m
S= HSX —mx}dx—f(mx—3x2)dx: % =——
o 7 2 m 54
3 3
3
=S=4< =4 m=-6
Vay m =16

Pap an dung la C.

Sai lam thudrng gap: Rat nhiéu ban khdng dé y sé chi xét 1 trudng hop m>0 hodc m<0 nén sé& bj thiéu nghiém vé s& chon
ddp an A hoac B.

Cau 23:
4 2
Hoc sinh dé sai ngay budc I. Stra dung phai Ia:VzﬁI — dy
y

Vay dap an dang la B.

Cau 24:

Véi F(x) = AV1—x° +

B th
1+\/;

B
2 2
Fi(x) = A.—-3x O Ux 3A X -B 1

241-x’ (1+\/;)2_ 2 —x3 (1+\/_)

Lai co:
—3A x> -B 1 S 1

R A N TTI E

= ]23 =403 :>A+B:?
— =1 B=-2
2

PapandunglaB

Cau 25: Taco
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1 1 1
(mx + l)exdx = _([(mx + l)dx(ex) = (mx + l)eX ‘10 —m_([exd(mx + 1) = (mx + 1)eX ‘10 — m_([exdx

o'—..—

1 1
:[(mx+1)ex]o —[mexl) =(m+1)e—1—me+m:e+m—l
Pap an dung la D.
Cau 26: Tacod

I= j(‘f(x) + g(x)‘ + ‘f(x) - g(x)‘)dx = j(‘xz +2Xx — 3‘ + ‘—xz +2X + 3‘)dx

Do X* +2x —3>0Vx €[1;4]
x> +2x+3>0Vx [1;3]

—x* +2x -3 < 0Vx €[3;4]

4 3 4

::>I=_[(X2 +2X—3)dx+_[(—x2 +2x+3)dx+_[(x2 —2x—3)dx

1 1 3
3 4 3 3 3 4
23k | 4| X +3x || 4] =X -3x
3 1 3 1 3 3

PapandunglaD

Sai [am thwong gip: O bai toan tich phan biéu thirc trong dau trj tuyét déi nay ta can phai xét khoang dé biéu thirc
trong dau trj tuyét déi I&n hon 0 hay nhé hon — dé pha dau tri tuyét déi ra. Vi thé cé rat nhiéu ban sai & budc xét khoang
nay nén s& dé ra két qua sai nhu cac phuong an A,B,C

:27+E+Z:E
3 3 3

Cau 27:Taco

11 !
5 _
:IX4_1dX=I X gx
X 1 1/2X2+L2
X
512
t=X+i \I_.Z[ du | 1 ln\/z—u|
! 5/2112_2 2\/5 \/§+U‘ )

L (V2-5/2V2+2) 1 (6-42
22

[=— 1 )
2 N V245/2 V22 612

Pép an dunglacau A

Cau 28:
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2017

I= J ln(x+m)dx

-2017
0

-2017

2017

= j 1n(x+m)dx+ I ln(x+m)dx

= Tln((—x)+m)d( X)+ (x+\/E)

2017

. I ln( X+\/E)dx+ I ln(x+ 1+x> )

-2017
2017

0
2017

0

0
2017

= Iln(—x+m)dx+ I ln(x+\/K)

0

- j ln[(—x+m)(x+m)}dx =0

Vay dap andungla B

Cau 29: D3t z=a+bi; (a;b € R)

Taco: |z —2i|=|(1+i)z]

& la+(b-2)i| = |(1+1i)(a+ bi)

& [a+(b-2)i| =[a—b+(a+ )i

& \Ja> +(b-2)> =+/(a—b)> +(a+ b’
< a’+b’—4ab+4 =2a*+2b’
<a’+b’+4b=4

<a’+(b+2)° =8

=>T4p biéu dién cac diém M théa man dé bai I3 dwdng tron tam 1(0;-2) ban kinh 2\/5

PapandunglaC

Sai Iam thuong gédp: Néu khong dé y ki sé rat nhiéu ban bi nham |1an gitra dap én A va dap an C

Cau 30: D3t z=a+bi; (a;b € R)

Tacs: (z—3i)(1+2i)+1 = 3i

& (a+bi-3i)(1+2i)+1=3i & (a—2b+7)+(2a+b-3)i =3i
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a-2b+7=0 a=1
= =
2a+b-3=3 b=4

Vay z=1+41

PapandunglaC
Cau 31: Dat z=a+bi; (a;b € R)
Ta cé:

Z_1__a_1+bi_[a—1+bﬂ[a+1—bﬂ

z+1 a+1+bi (a+1)* +b?
Do z-1 13 s6 thuec nén %z()@bzo
z+1 (a+1)"+b

PapandunglaB
Cau 32: S&r dung cong thirc a+ b = a + b ta thdy ngay cac cap (x + y + ;x +y +1 )va lién hop véi nhau
Bay gid ta s& kiém tra ddp an Bva D

Ta thay néu z; va z; 1a 2 s6 phirc lién hop thi ‘Zl‘ = ‘Zz‘

Ta co: |_ |:_‘X‘ | ;| ‘X‘
41 fy+if fy+1] \y+1\ ]
RO rang:
‘y+1‘ ly+i|= Sy S P N
y+1| |y+1
:LLKhongllenhdp
y+1 y+1

Pap dandungla D

Nhan xét: Cé nhiéu cach dé kiém tra 2 s6 phirc lién hop. Tuy tirng biéu thirc khac nhau dé 1am cho hiéu qua. Vidu & cdp

XY;XY ta hoan toan cé thé dat phan thuc phan do cla céc s6 phirc x, y sau dé nhan ra. Tuy nhién néu ap dung cach nay

X X
vao cgp =——;—— thi rat mat nhiéu thoi gian tinh toén.
y+1 y+1

Cau 33: Taco:
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(12 +1)2 = (2a+4b)(2b—4a)i
(a+2b)+(b-2a)i
(22 +4b)(2b—4a)i| _|(2a+4b)(2b—4a)il

=|(lzl+1)2= [(a+2b)+(b—2a)i| |(a+2b)+(b-2a)i
\/(2a+4b (2b—4a)
=zl +1
= e ey
= (1) \=m=2
Jsa? +5b
= (1) +|4-2=0
= (|4-1)(j+2) =0

=|z-1=0&7=1
PapandanglaB
Cau 34: D3t z=a+bi; (a;b € R)
Taco (2+3i)(z+2i—-1)=(2i+1)z
& (2+3i) a-1+(b+2)i|=(2i+1)(a+bi)
< (2a-3b-7)+(3a+2b+1)i=a—2b+(2a+b)i

2a—3b-7=a-2b a—-b=7 a=3
= = =
3a+2b+1=2a+b a+b=-1 b=-4
Vay z=3-4i
PapandunglaB
Cau 35: Dit z=a+bi; (a;b € R)
Ta co

Tap biéu dién s6 phirc z thda man 1a hinh tron tam 1(0;2) ban kinh (0;2) trir di phan trong ctia hinh tron tdm 1(0;2) ban
kinh 1

Pap andungla D
Sai Iam thuong gép: Nhiéu ban sé dé bj nham gitta dap an Cva D

Cau36:Tacd z' +z° +1=0
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<:>(22+Z+1)(22-z+1) zj+z+11=00
Z7 -z + 1=

Xét phuwong trinh: z° + z + 1 =0 (1)

Tac6 A=1 — 4= -3 = 3i°

=>Phuong trinh (1) c6 2 nghiém la: z, =

e B LE
2 T

? 2

Xét phuong trinhz*-z + 1=0 (2)
1-+/31 1++/31
=>Phuong trinh (2) ¢6 2 nghiém la: Z, = \/_ VZ, = \/_

2 ! 2
e N L E T
2 T ' -

2 2 . 2 2

B ETI SV
B S

Vay phuong trinh c6 4 nghiém la: z, =
Papandungla A
Cau 37: Ta co: BC =a\/§ . Ap dung dinh ly Pytago trong tam giac vuéng ACI, ABB’, B'Cl:

J13 & ¢

N ,
SuyraAl=——a,AB = \/Ea ,Bl=——-a
2 2 X
o~ Y
Do d6 Al + AB2 = B|? .
A' il
Vay tam gidc AB'l vudng tai A g
1 - 410, J3
S, =<~ALAB =~—a’,S,, =-"a
2 4 4 o I TR P (.
Goi o |a géc gilra hai mat phang (ABC) va (AB'l). Tam giac ABC | hinh chiéu vuong goc
cla tam gidc AB'l.
A

J10 J3 3

Suyra: S ..cosa@=S,,. < ——.coSax=—<Ccosa =, |—
B T g 4 10

PapandunglaB

Cau 38: Gidslir: A,B €(0)vaC,D €(0)

Goi H,K,J Ian lwot 1a trung diém cac doan thang AB, CD, 00’
ViIO=+7#4=1H nén O= H

Theo tinh chat cta hinh tru ta cé ngay: OIH va OHA 13 céc tam gidc vudng lan lugt tao O va H.
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Tam gi4c vudng OIH ¢6 : OH =+/IH> —OI° =3
Tam gi4c vudng OHA ¢6: r = OA =+ OH? + HA® =5

Vay thé tich hinhtrula: V=Bh =7z.r’*.h = 72'.52.2\/7 = SOﬁ(dvtt)
Vay dap andungla B

Cau39:TrAké Al 1. BC =1 13 trung diém BC

= Al L (BCCB)= AI L B'C (1)

Tr1ké IM L B'C (2)
Tr(1)va(2) =>B'C LJAM) =>B'CLAM (3)

Tir (2), (3) => gdc giita (AB'C) va (B'CB) bang géc gitra IM va
AM=AMI=60°(do tam gidc AMI vudng tai l)

Tacod AI=1BC=a;IM:L0:i
2 tan60° /3
AIMC ~ ABBC = M _ 1€ g IMBC
BB' B'C IC

1 1
—B'C<BB'=—+B'B*+4a
NE) B

< 3B'B2=B'B+4a2 < B'B=a?2

< BB'= B'C

o ‘&‘N

1 1
Siapc = EAI.BC = 5a.2a =a’
_ _ 53
Ve awe —av2a=a\2
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Vay ddp anduanglaC
Cau40:Ké SK | AB thi:

CK L AB = ((SAB);(ABCD)) = (SK;CK) = £ SKC = 45°
ZABC =120 = ZCBK =60" = CBsin60° = %a

= SC =CK.tan45° = %a(l)

2
S, \ap = AB.BC.sin120° = 3*/252‘ )
1 33’
Tr(1)va(2) = VS.ABCD =—SC. SABCD = T

Vay ddp andangla D
Cau 41: Goi H,I I1an lvot |a trung diém AB va CD.
Do tam gidc SAB can tai Snén: SH 1. AB ma (SAB) L (ABCD)do dé:
SH 1 (ABCD)= SH 1. CD,IH 1 CD
Do dé: CD L (SHI), k¢ HK 1 SI,CD | HK
Do dé tacé: HK L (SCD) = HK =d(h,(SCD)) = d(AB,(SCD)) =a
IH L CD
CD L (SHI)=<SI L CD
CD = (SCD) N (ABCD)
= ((SCD),(ABCD)) = (HI,SI) = SHI = 60°
HK 2
sin60° /3

Trong tam giac HIS c6 SH = HI.tan 60° = 2a

Trong tam giac HKI c6 HI = =BC

4a°

Dién tich ABCD la: S, ., = BC® = Y
o X 1 8a’
Thé tich clia S.ABCD la: Vg SH.S , pop =—

LABCD —
3

Vaydap andungla A

Cau 42: Do SAB vudng can tai S cé Sl 1a trung tuyén nén SI L AB:
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(SAB) L (ABC)
AB = (SAB) N (ABC) = SI | (ABC)
AB L SI c (SAB)

Goi K 13 trung diém doan AC thi IK| |[BC nén IK L AB
Taconcd, AC L SI dodé AC 1L SK

Suy ra, goc gilta hai mat phang (SAC) va (ABC) la SKI=60°

1
Ta c6 SI = IK.tanSKI = E.BC. tan 60° = a+/3

va AB=2SI =2a+/3 = AC =+ AB? —BC? =2a2

Vi ac = %SABC.SI :% % AC.BCSI
=< L 222003 =2 *F

Vay dap andunglaC
Cau 43: Goi giao diém clia AC va BD la 0 thi: SO L (ABCD) = ZSAO =¢

OM 1L AB

= Z((SAB),(ABCD)) = ZSMO
SM L AB

Goi trung diém cGa ABla M thi:{

a
Tam gidc OAB vudng can tai O nén: OM = E; >

1

Do d6: Vg zpc = 3 =S 5c

SO =
Vay ddp anduangla C

Cau 44:

Phuong trinh mdt phang (P) chira dudng thing A, ¢6 dang:
Ot(x—2y+z—4)+ﬂ(x+2y—22+4)20(0:2+,B2 ;tO)
a(x—2y+z-4)+b(x+2y—2z+4)=0(a’ +b* #0)
< (a+b)x—(2a-2b)y+(a—2b)z—4a+4b=0
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_ w, =(L12) 1A
Vay np:(a+b;—2a+2b;a—2b)Tacé: {uz ( ) !
M2(1;2;1)€A2

;;2 =0 {a -b=0
PIA " =
{M2(1;2;1) ¢ (P) M, ¢ (P)

Vay (P): 2x—z =0
Vayddp anduangla A
n, = (1;3k;—1)

—_

Cau 45: Ta c6 cip vecto phap tuyén cla hai mit phang xac dinh dy la:
nz = (k,—l,l)

Vecto phdap tuyén cuda (P) la: n= (I;-1;-2)

Pudng thang di cé vecto chi phuong la: u= [nT,nj]=(3k -I;-k-1;—-1- 3k2) #OVk

k-1 —k-1_—-1-3Kk>

Nentacs: d, L(P)<ulln < = ekl

Vay gid tri k can tim |3 k=1. Vay dép &n dung la B.
Caude:Vi Aed= A(l-t;-3+243+1)
Lai co:
AeP)2(0-0)+(-3+2)-2B3+1)+9=0<=t=1
VayA(0;-1;4)
M3t phang (P) cé vecto phép tuyén n= (2;1;-2)

Puong thang d cé vecto chi phuong u = (—1;2;1)

‘{Ac(P)

v = 1 =[n,ua]=(5:0:5
IAJ_d [n,ua ]=( )

X=t
Phuong trinh tham s6 cdia A: <y =—1
z=4+t

Vay dap an dang la A.

Cau 47: budng thang d cé vecto chi phuong u = (2;—1;4)
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Bed < B(-3+2t1-t;—1+4t)= AB=(1+2t:3—t;-5+41)
ABlde ABu=0<21+20)-G-0)+4(-5+40)=0=t=1

x+4 y+2 z-4

= AB=(3:2;-1)= (A) : 1

Vay dap andungla B
Cau 48:
Xét ba diém A;B;S [an lwot ndm trén ba duwong thang di;dx;ds. Ta cé:

A(t; 4—t; —=1+2t); B(u; 2-3u; —3u ); C(=145v; 1+2v; —1+v)

t+(-1+5v)=2u
A,B,C thang hang va AB=BC<> B la trung diém cla AC: <> <4 —t+(1+2v)=2.(2—3u)
—14+2t+(-1+v)=2(-3u)
Gidhétréntaduwoc: t=1, u=0; v=0
suyra A(1;3;1); B(0;2;0); C(-1L;1;-1)

s : , X _y-2 z
Puong thang A di qua A;B;C cé phuong trinh: T = T = T

Vay dap anduang la C.
Cau 49:

. Le(P)
I(x;y;z) la tdm mat cau can tim <
IA=IB=IC

Ta cé:
IA> =(x=2) +y° +(z—1)
IB>=x-1)’+y +7°
IC* = (x— 1)2 +(y —1)2 +(z— 1)2

X+y+z—-2=0 X+y+z=2
Suy ra hé phuong trinh: < IA* = IB? S 9x+y=2 <©x=y=1z=0

IB? =IC? y+z=1
R=IA=1=>Phuong trinh mit cau la: (x—1)> +y* +(z—1)* =1

Vay dap an 1a A
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Cau 50:

+ Toa d6 giao diém A cda (d) va (P) 1a nghiém cta hé phuong trinh:

x—4_y—2_i_ X=2
1 3 11 Tely=—4do A4L-D
x+2y—-2z+10=0 z7=2

+ Duong thang (d) cé vecto chi phuong u= (1;3;-1)

+ M3t phang (P) cé vecto phap tuyén n= (1;2;-2)

+ Mat phang (Q) qua A cé vecto phap tuyén I_iQ = [ﬁ,ﬁ] =(—4;1;-1)
+ Mét phdng (Q) qua A cé vecto phap tuyén I_iQ =(—4;1;-1) la:

(Q):4x—y+z=0

Vay dép an dang la A.
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