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, PHEP TINH TIEN

A. Ly thuyét
1. Dinh nghia
Trong mat phang cho vecto v . Phép bién hinh bién mbi diém A thanh diém M’ sao cho
MM’ =v dwoc goi la phép tinh tién theo vecto v .

e Phép tinh tién theo vecto v ki hiéu la: 7. , v dwoc goi la vecto tinh tién.

o Tact: L.(M)=M'< MM =v

e Phép tinh tién theo vecto — khéng chinh Ia phép ddng nhét.
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2. Tinh chat:
Tinh chét 1: Néu phép tinh tién bién hai diém M, N thanh hai diém M', N’ thi M'N'=MN ,
tlr d6 suyra M'N'=MN .
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Tinh chat 2:
Phép tinh tién bién dwéng thang thanh dwéng thang song song hodc tring véi né,
bién doan thang thanh doan thang bang no, bién mét tam giac thanh mét tam giac
béng nd, dwéng tron thanh dwéng tron cé cling ban kinh.

STUDY TIP

Phép tinh tién bién ba diém thdng hang thanh ba diém thang hang va khéng lam thay dbi thi

tw ba diém do.

3. Biéu thirc toa do:
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Trong mat phéng toa d6 Oxy cho vecto v=(a;b),M (x;y). Khi d6 phép tinh tién theo vecto

;:T;(M):M'(x';y') cé biéu thire toa do: {

x'=x+a

y'=y+b

B. CAC DANG TOAN VE PHEP TINH TIEN

DANG 1. CAC BAI TOAN KHAI THAC DINH NGHIA, TINH CHAT VA UNG DUNG CUA
PHEP TINH TIEN

Phwong phap:

Vidy 1:

Vi dy 2:

Vi du 3:

Vi du 4:

S dung dinh nghia hoéc tinh chét ctia phép tinh tién.

Xac dinh anh clia mét diém, mét hinh qua phép tinh tién.
Tim qui tich diém théng qua phép tinh tién.

U’ng dung phép tinh tién vao cac bai toan hinh hoc khac ...
Két luan nao sau day la sai?

A.T.(4)=B< AB=u B. 7,(A)=B

C. T(B)=B C. T, _(M)=N < AB=2MN
Loi giai:

PapanD

Tacod 7, (M)=N < MN =24B . Vay D sai.

STUDY TIP

Binh nghta phép tinh tién: T, (M)=M'< MM' =7 .
Giastr T.(M)=M"T.(N)=N'". Ménh dé nao sau day sai?

A. M'N'=MN. B. MM '=NN'

C.MM'=NN". D. MNM'N' Ia hinh binh hanh.
Loi gidi:

PapanD

Theo tinh chét ctia mét phép tinh tién thi cac dap an A, B, C la dung.
MNM ' N'khong theo th ty cac dinh cua hinh binh hanh nén D sai.
Cho hai dwong thang d, va d, cat nhau. C6 bao nhiéu phép tinh tién bién d, thanh d,
A. Khong. B. M6t. C. Hai. D. Vo sb.
Papan A

Loi gidi:
Do phép tinh tién bién moét dwdng thang thanh dwong thang song song hodc trung
vGi N6 nén khéng co phép tinh tién nao bién d,thanh d, .
Cho hinh vuéng ABCD tam [ . Goi M, N lan lwot |a trung diém 4D, DC . Phép tinh tién
theo vecto' nao sau day bién tam giac 4AMI thanh INC
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A B
M /;{,;,- 1
N
A. AM . B. IN. C. AC. D. MN.
Loi gii:

PapanD
Ta cé MN = Al = IC = T, (AAMI) = AINC
Vidu 5: Cho hinh binh hanh ABCD tam I . Két luan nao sau day la sai?

A.T_(D)=C. B. T (B)=A4. C.T.(I)=C. D.T.(I)=B.
Loi giai:
PapanD
B G
A D

Taco I (I)=1'<1I'=ID < I'=D . Vay D sai
Vidu 6: Trong cac déi twong: con ca (hinh A), con bwédm (hinh B), con méo (hinh C), con ngua
(hinh D), ‘|h n
..‘P..'\. . L

Loi gii:

PapanD
Trong hinh D dbi twong con ngwa nay 1a anh cliia con ngwa kia qua mét phép tinh
tien theo mét huwéng xac dinh.

Vidu 7: Cho dwong tron (C)co tam O va duong kinh 4B . Goi A la tiép tuyén cia (C) tai diém

A . Phép tinh tién theo vecto AB bién A thanh:
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A. Buong kinh clia dwong tron (C) song song véi A
B. Tiép tuyén cta (C) tai diém B.
C. Tiép tuyén clia (C) song song v&i 4B .

D. Puwdng thdng song song v&i Ava di qua O
Loi giai:
Dap an B.
A © A

)
\__/

Theo tinh chat 2 clia phép tinh tién nén T (A)=A"= A"//A, A" 1a tiép tuyén cia

duong tron (C) tai diém B.
Vidu 8: Cho haidiém B,C cb dinh trén duong tron (O,R) va A thay doi trén dwdng tron do, BD

la dwong kinh. Khi d6 quy tich trec tdm H clia AABC la:
A. Poan thang noi tr 4 t&i chan dwong cao thudéc BC clia AABC.
B. Cung tron cia dwong tron dwdng kinh BC.

C. Buong tron tam O’ ban kinh R 1a énh clia (O,R) qua T, .
D. Budng tron tam O', ban kinh R la &nh clia (O,R) qua T..
Loi giai:
DPap an D.
A

0
B \/ C
Ké duwdng kinh BD = ADCH la hinh binh hanh(Vi 4D//CH va AH//DC cung
vubéng goc v&i mét dwong thang)
= AH =DC =T, (4)=H .
Vay H thudc dwong tron tdm O', ban kinh R 1a anh cla (O,R) qua 7.
Vidu 9: Cho hinh binh hanh ABCD, hai diém A,B cb dinh, tam I di ddng trén dwdng tron (C)

Khi d6 quy tich trung diém M cha canh DC':
A. 1a dwong tron (C') 1a &nh cua (C) qua T, K la trung diém cla BC.

B. 1a dwong tron (C') la anh cua (C) qua T, K la trung diém cla 4B .

C. la dwong thdng BD.
D. la dwdng tron tdm 7 ban kinh ID .
Loi giai:
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Dap an B.

Goi K la trung diém ctia 4B = K cb dinh.
Taco T, (I)=M =M (C")=T((C)).
DANG 2. XAC BINH ANH CUA MOT DIEM HOAC MOT HINH QUA PHEP TINH TIEN
BANG PHU'ONG PHAP TOA PO
Phwong phap
1. Xdc dinh anh ctia mét diém qua phép tinh tién
- St dung biéu thirc toa do.
2. Xdc dinh énh A' cua dwong thang A qua phép tinh tién theo vécto v .
Cdch 1. Chon hai diém A4, B phan biét trén A, xac dinh anh 4', B’ twong &rng. Pwdng thang
A’ can tim la dwdng thang qua hai dnh 4, B'.

Cdch 2. An dung tinh chat phép tinh tién bién dwéng thang thanh dwdng thang cuing phuong
vOi no.

Cach 3. Str dung quy tich.

Véimoi M (x;y)eA, T,(M)=M'(x;y") thi M'eA'.
x=x'—a

y=y'-b

X' =x+a

, ) thé x,y va phuong trinh A ta duwoc
y=y+

Tl biéu thire toa do { ta dwoc {

phwong trinh A'.

3. Xdc dinh anh caa mét hinh 76 (dwdng tron, elip, parabol...)

- St dung quy tich: V&i moi diém M (x;y) thudc hinh 6, T, (M)=M'(x';y") thi M’ thudc
anh 6’ cla hinh 76.

- Vé&i dwdng tron: ap dung tinh chat phép tinh tién bién dwéng tron thanh dwdng tron cé cung
ban kinh hoac str dung quy tich.

Vidu 1. Trong mat phang toa dd Oxy, cho diém A(3;-3). Tim toa d6 diém 4’ la &nh cla 4 qua
phép tinh tién theo vécto v =(-1;3).
A. 4'(2-6). B. 4/(2:0). C. 4'(4,0). D. 4/(-2;0).
Loi gidi:
Dap an B.

= 4'(2;0).

_ =, =2
Tacod T,(d)=A'(x,y,) o A4 =7 @{x‘* Tt @{x/‘

Ve=VitYs Yy =0
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Vi dy 2.

Vi du 3.

Vidu 4.

Vi du 5.

STUDY TIP
X' =x+a

!

Biéu thirc toa dd cla phép tinh tién: {
y=y+b

Trong mat phang toa d6 Oxy , cho diém M'(—4;2), biét M’ 1a &nh clia M qua phép tinh
tién theo vécto v =(1;—5). Tim toa do diém M .
A. M(-35). B. M(3;7). C. M(-57). D. M(-5-3).
Loi gidi:
Pap an C.
Taco: T,(M)=M'(x,;y, ) & MM =v
X, =X, —X X, =X, — X X, =5
<:>{V M M@{M M V@{M = M (-57).
Vs =V~ Vu Yu =V =Ys  Wu =71
Trong mat phang toa do Oxy, cho diém M (—5;2) va diém M'(-3;2) la &nh cau M qua
phép tinh tién theo vécto v . Tim toa dd vécto v .
A. ¥ =(-2;0). B. v=(0:2). C. ¥ =(-10). D. ¥=(2:0).
Lo gidi:
DPap an D.
a X. =X, —X x, =2
Taco: T,(M)=M'(x,;y, ) < MM =V <:>{ s <:>{ T =9=(2,0).
Vi =Vu—Yu (=0
Trong mat phéng toa d6 Oxy , cho hai diém M (0;2), N (-2;1) va vécto v =(1;2). O. Phép
tinh tién theo vécto v bién M, N thanh hai diém M', N’ twong (rng. Tinh d6 dai M'N'.

A. MN'=45. B. MN'=7. C. MN'=1. D. MN'=3.
Loi gidi:
Pap an A.
T.(M)=M'
Tacéd +(M) :MN:MN’:\/(—2—0)2+(1—2)2=\E.
T,(N)=N'
STUDY TIP

Phép tinh tién bao toan khoang cach gitra hai diém

Trong mét phang toa d6 Oxy , cho AABC biét 4(2;4), B(5;1), C(—1;-2). Phép tinh tién

theo vécto BC bién AABC thanh AA'B'C’ twong ng cac diém. Toa do trong tdm G’ cla

AA'B'C' la:

A. G'(~4-2). B. G'(4;2). C. G'(4-2). D. G'(~4;4).

Loi gidi:

Pap an A.

Ta c6 toa d6 trong tdm A4BC 1a G(2;1); BC =(-6;-3).

Xgr = Xg + Xgs {x6,=_4
&

Yo =Yo T Vge Yo =2

T

BC

(G)=G'(x43¥0 ) < GG =BC @{

STUDY TIP ]
Phép tinh tién bién trong tdm G clia AABC thanh trong tdm G’ ciia AA'B'C’
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Vidu 6.

Vidu 7.

Trong mat phang toa dd Oxy , tim phwong trinh dwon thadng A’ la dnh clia dwdng thang
A:x+2y—1=0 qua phép tinh tién theo vécto v =(1;-1).
A A:x+2y=0. B. A:x+2y-3=0. C. A":x+2y+1=0. D.
A':x+2y+2=0.
Loi giai:
Pap an A.
Cach 1:
Chon A(1,0)eA=T,(A4)=4'(2;-1)eA.
Chon B(-L;1)eA=T,(B)=B'(0;0)eA".
= dwdng thang A’ chinh 1a duéng thdng 4'B'.
Puong thang A’ qua 4'(2;-1) va cd mot vécto phap tuyén 7 =(1;2) coé phwong
trinh 1a:A":1(x-2)+2(y+1)=0<= x+2y =0.
STUDYTIP )
Hai dwdng thang cung phwong thi cé hai vécto phap tuyén cung phwong.
Cach 2.
T,(A)=A"= A", A |a hai dwdng thang cung phwong nén A’ cé dang x+2y+m=0.
Chon A(L,0)eA=T,(A4)=4'(2-1)eA'=>m=0.
Vay phuwong trinh A":x+2y=0.
Cach 3: Str dung quy tich
Lay M (x,;,)eA < x, +2y, —-1=0 (1).
Ta cé E(M)zM'(x';y')eA'@{x,_xM + @{XM =t
Y=yl Yy =y +1
Thay vao (1) ta dwoc (x'—1)+2(y'+1)-1=0 < x'+2)'=0.
Vay A":x+2y=0.
Nhan xét: Doc gia st dung cdch 3 t6 ra cd tinh tw duy cao hon, nhanh hon va ap
dung cho nhiéu loai hinh khac nhau.
Trong mét phang toa dd Oxy, tim phwong trinh dwdng tron (C') la anh cau dwdng tron

(C):x*+y* —2x+4y—1=0 qua T, voi v =(1;2).

A. (x+2)2+y2:\/g. B. (x—2)2+y2=6.

C. X’ +y"—2x-5=0. D. 2x° +2)y° —8x+4=0.
Loi giai:

Dap an B.

Cach 1: Theo tinh chét cha phép tinh tién bién dwéng tron thanh dwéng tron co
cung ban kinh.

Ta c6: dudng tron (C) c6 tam 1(1;-2), ban kinh R=+/6.

Suyra: T.(1)=1'(2;0).

Vay dwong tron (C')co tam 1'(2;0), ban kinh R =R=+/6 c6 phwong trinh:

Group: https://www.facebook.com/groups/tailieutieuhocvathcs/




HOC360.NET - TAI LIEU HQOC TAP MIEN PHi

Vidu 8.

Vidu 9.

(36—2)2+y2 =6.
Cach 2: St&r dung quy tich:
Goi M(x;y)e(C)=>TL(M)=M'(x;y")

{x’:x+1 {xzx'—l
: ! @ !

y=y+2 |y=y-2

Thé x, y vao phwong trinh dwong tron (C), ta co:
(x'=1)" +(y'=2) —2(x'~1)+4(y' -2)-1=0 (') +(»') —4x'-2=0
Vay (C"):(x-2)"+y* =6.
Study Tip
Phwong trinh duong tron (x—a)’ +(y—b)’ = R* ¢6 tam I(a;b) ban kinh R.
Phwong trinh dwong tron x*+)* —2ax—2by+c=0 c6 tdm I(a;b) ban kinh

R=~a*+b" —c.
Cho vecto v=(a;h) sao cho khi tinh tién dd thi y = f(x)=x"+3x+1 theo vecto v ta
nhan duoc d6 thi ham sé y = g(x)=x"-3x’ +6x—1.Tinh P=a+b.
A. P=3. B.P=-1. C. P=2. D. P=-3.
Loi giai:
Pap an A.
Tw gia thiét ta co: g(x)zf(x—a)+b<:>x3—3x2+6x—1:[(x—a)3+3(x—a)+1}+b

<:>x3—3x2+6x—l=x3—3ax2+3(a2+1)x—a3—3a+l+b

s . 1
Dong nhat thirc ta dwoc: {a =>P=a+b=3.

Study Tip ) .
Dong nhat thirc clia 2 da thirc < cac hé so clia cac da thirc twong (rng bang nhau.
Trong mat phang toa dd Oxy, cho hai diém A(-52), C(-L0). Biét
B=T.(4), C=T.(B). Tim toa d¢ clia vecto u+v dé co thé thwe hién phép tinh tién T. .
bién diém A4 thanh diém C.
A. (-6;2). B.(2;—4). C. (4-2). D. (42).
Loi giai:
Dap an C.
Taco: I.(4)=B < AB=u
T.(B)=C< BC=v
Ma AC=AB+BC=u+v
Do dé: T. . (4)=C o AC=u+v=(4-2).

Study Tip
Ta co6 so do tong quat:
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Vi dy 10.

Vidu 11.

Vidu 12.

T- -

uty

Trong mat phéng toa do Oxy , cho hinh binh hanh OABC véi diém A(-2;1), diém B thudc
dwong thdng A:2x—y—5=0. Tim quy tich dinh C?
A. La dwong thang cé phwong trinh 2x—y—-10=0.
B. La dwong thdng c6 phuong trinh x+2y-7=0 .
C. La dwong thang cé phwong trinh 2x—y+7=0.
D. La dwdng tron cé phwong trinh x* + )" —2x+y=0.
Pap an A.
Loi giai:
Vi O4BC hinh binh hanh nén I (B)=C
Vay quy tich diém C la dwéng thdng A' song song v&i A. Ta tim dugc phwong
trinh A':2x-y-10=0.

Trong mat phang toa do Oxy , cho dwéng thdng d:3x+ y—9=0. Tim phép tinh tién theo
véc to v co gid song song v&i Oy bién d thanh d' diqua A(1;1)
A. v=(05) . B. v=(1;-5) . C. v=(2-3). D. v=(0;-5).
Pap an D.

Loi gidi:

Véc to v cd gia song song voi Oy = v=(0;k),k =0
x'=x

Goi M(x;y)ed=>T. (M)=M"'(x"y') <

M () ed =1, 0) M (i) o {170
Thé vao phuong trinh d = d':3x'+ y~k-9=0 ma d' diqua A(L;1) nén k=-5.
Vi du 12: Trong méat phang toa ddOxy, cho hai dwong thdng d:2x—-3y+3=0 va
d:2x—-3y—-5=0.Tim toa dd v ¢6 phwong vudng goc v&i d va T bién dworng thang d
thanh d'.

A v= _—6,i . B.v= _—1,3 . C.v= _—16,_—24 . D.v= E,_—M .
13 13 1313 13 13 13 13
Dap an D.
Loi giai:

- i x=x'-a

Goi v=(a;b), ta co T;(M)=M'(x';y')ed':>{ -
y=ry-

Thé vao phuong trinh dwéng thdng d: 2x'-3y'-2a+3b+3=0
Tw gia thiét suy ra —2a+3b+3=-5<-2a+3b=-8 (1)

Véc to' chi phwong cta d 1a u=(3;2). Do u Lv=uv=0<3a+2b=0 (2)
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Gidi hé (1) va (2) ta dugc a=0;p= "2
13713

C. BAI TAP REN LUYEN KY NANG o - ]
DANG 1. CAC BAI TOAN KHAI THAC BINH NGHIA, TINH CHAT VA UNG DUNG CUA
PHEP TINH TIEN

Cau 1:

Cau 10:

Cau 11:

Cau 12:

Cau 13:

C6 bao nhiéu phép tinh tién bién dwéng thdng thanh chinh né?

A 0. B.1. C.2. D. V6 sb.

C6 bao nhiéu phép tinh tién bién dwdng tron thanh chinh né?

A. 0. B.1. C.2. D. Vo6 sé.

C6 bao nhiéu phép tinh tién bién hinh vudng thanh chinh né?

A 0. B.1. C.2. D. V6 sb.

Phép tinh tién khéng bao toan yéu té nao sau day?

A. Khoang céach gitra hai diém. B. Thi tw ba diém thadng hang.

C. Toa do cla diém. D. Dién tich.

V6i hai diém A4, B phan biétva T.(A4)=A', T.(B)= B’ v6i v 0. Ménh dé nao sau day
dung?

A AB =v. B.A'B = AB. C. AB=v. D.A'B'+ AB=0.

Cho hai dwdng thang d, va d, song song v&i nhau. C6 bao nhiéu phép tinh tién theo vecto
v#0 bién d, thanh d,?

A 0. B.1. C.2. D. V6 sb.
Cho hinh binh hanh ABCD. Phép tinh tién 7. . bién diém A thanh diém nao?
A. 4’ dbi xtrng v&i A qua C. B. 4’ dbi xtrng v&i D qua C.
C. O la giao diém ctia AC qua BD. D. C.

Cho tam giac ABC c6 trong tam G, T (G)=M . Ménh dé nao la ding?

A. M 14 trung diém BC.

B. M trung voi 4.

C. M la dinh th& tw cta hinh binh hanh BGCM .

D. M la dinh th& tw ctda hinh binh hanh BCGM .

Cho luc giac déu ABCDEF tam O. Tim anh cia AAOF qua phép tinh tién theo vecto

AB.

A.AAOB . B. ABOC. C. ACDO. D. ADEO.
Cho hinh binh hanh ABCD tam [ . Két luan nao sau day sai?

A. T (A)=B. B. T;(B)=4. C.T.(I)=B. D. 7. (I)=C.

Cho hinh vudng ABCD tam I . Goi M, N lan lwot |a trung diém clia 4D, DC . Phép tinh
tién theo vecto nao sau day bién AAMI thanh AMDN ?

A. AM . B. NI . C.AC. D.MN .

Cho hinh binh hanh ABCD. C6 bao nhiéu phép tinh tién bién dworng thang AB thanh
duwong thang CD va bién duwong thdng AD thanh dwong thdng BC ?

A 0. B.1. C.2. D. V6 sb.

Cho duong tron (O) va hai diém 4, B. Mot diém M thay dbi trén dudng tron (O). Tim

quy tich diém M’ sao cho MM+ MA = MB.
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Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cau 19:

A(0)=T4((0).  B.(0)=T((0). © (0)=T;((0). .
(0)=T,,((0)).

Cho v giac 16i ABCD c6 AB = BC=CD =a, BAD =75° va ADC =45° Tinh d6 dai 4D

;L\.a\/2+\/§. B. a\/g. C. a\/2+\/§. D. a\/g.

Cho t& gidc ABCD c6 AB=6+3, CD=12, 4=60°, B=150°, D =90°. Tinh d dai BC

Ad. B.S. C. 6. D. 2.

Trén doan AD cb dinh dwng hinh binh hanh ABCD sao cho % = % Tim quy tich dinh

C.
A. Duwong tron tdm 4, ban kinh la AB\3. B. Puwdng tron tdm A4, ban kinh la 4AC

C. Budng tron tdm A4, ban kinh la 4D. D. Buwdng tron tdm A4, ban kinh la
AD\2 .

Cho hai duwong tron c6 ban kinh R cét nhau tai M, N . Budng trung trwc ciia MN cét cac
dwong tron tai A va B sao cho A4, B nam cung moét phia véi MN . Tinh P = MN* + AB’

A.P=2R>. B. P=3R". C. P=4R". D. P=6R".

Cho hai dwérng tron cé ban kinh R tiép xic ngoai véi nhau tai K . Trén dwdng tron nay lay
diém A, trén dwong tron kia 14y diém B sao cho AKB =90°. D6 dai AB bang bao nhiéu?
A.R. B. RV2. C. R\3. D. 2R.

T& dinh B cta hinh binh hanh ABCD ké cac dwdong cao BK va BH clGa ndé biét
KH =3, BD =5. Khoang cach tv B dén trwc tam H, cla tam giac BKH c6 gia trj bang

bao nhiéu?
A.4 . B.5 . C.6. D.4,5.

DANG 2. XAC DINH ANH CUA MOT DIEM HOAC HINH QUA PHEP TINH TIEN BANG
PHUONG PHAP TOA DO

Cau 1:

Céu 3:

Trong méat phang toa do Oxy, tim toa d6 diém M’ la anh cia diém M (1;2) qua
phép tinh tién theo vecto v=(3;1).

A M'(4-2) . B. M'(42). C. M'(2:1). D. M'(4-1).
Trong mét phéng toa dd Oxy, cho vecto v=(2;1)va diém A4(4;5). Hi 4 la &nh cla
diém nao sau day qua phép tinh tién theo vecto v.

A.(L6) . B.(2:4). C.(47). D.(6;6).

Trong mat phang toa do Oxy, cho diém A(2;2), B(4;6) va T.(4)=B . Tim vecto

V.

A.(L2) . B.(2:4). C.(42). D.(-2;—4).
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Cau7:

Céu 8:

Cau 9:

Céau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Trong mé&t phang toa d6 Oxy, biét diém M'(-3;0) la anh cua diém M (1;-2) qua T
va diém M"(2;3) la anh ctia M' qua T.. Tim toa do vecto' u +v.

A.(L5) . B.(—2;-2). C.(,-1). D.(-15).

Trong mét phéng toa d60xy, cho cac diém A',B' lan lwot |a &nh cla cac diém
A(2;3),B(1;1) qua phép tinh tién theo vecto v =(3;1). Tinh do dai vecto 4'B'.

A.2. B3 c.5. D.V2.

Trong méat phdng toa d& Oxy, cho tam giac ABC c¢6 cac diém
A(3;0),B(-2;4),C(-4;5) . G la trong tam tam giac ABC va phép tinh tién theo
vecto' u =0 bién diém 4 thanh G . Tim toa d6 G’ biét G'=T.(G).

A.G'(-5;6) . B.G'(5:6). C.G'(31). D. G'(~1;3).
Trong m&t phang toa d6 Oxy, cho dwéng thdng A:x+5y—1=0 va vecto v=(4;2).

Khi d6 anh ctia dwdng thdng A qua phép tinh tién theo vecto v 1a
A.x+5y-15=0 . B. x+5y+15=0. C. x+5y+6=0. D. x-5y+7=0

Trong mé&t phang toa dd Oxy, cho v=(-4;2) va dwong thdng A":2x+y—-5=0. Hai
A’ la @nh cla dwdng thdng A nao sau day qua T.

AA2x+y+5=0. B.A:2x+y-9=0. C. A:2x+y-15=0. D.
A:2x+y-11=0.

2 . =1+2t >
Trong mat phang tgoa déOxy, cho duwdng thang A:{x . va dudng thang

A':x+2y-1=0.Tim toa d vecto v biét T. (A)=A".

A7 =(0;-1) . B. v =(0;2). c. v=(01). D. v =(-L1).
Trong mat phang toa dd Oxy, tim phuwong trinh dwdng tron (C') Ia anh cta dwong
tron (C):x” +»” —4x—2y+1=0 qua phép tinh tién theo v=(1;3).
A(C):(x=3) +(y-4)=2. B. (C'):(x=3) +(y-4)
C. (C"):(x+3) +(y+4) =4. D. (C"):(x+3) +(y-4)
Trong mat phang toa dd Oxy, cho v=(3;-1) va dwdng tron (C):(x—4)2 +y° =16 .

Il
~ B

Anh cta (C) qua phép tinh tién T. la

A (x=1) +(y-1) =16 . B. (x+1)" +(y+1) =16.

C. (x=7) +(y+1)" =16. D. (x+7) +(y-1)" =16.

Trong mé&t phéng toa dd Oxy, cho v=(1;-2) va duong cong (C):2x* +4y° =1 . Anh
clia (C) qua phép tin tién T 13

A.2x° +4)" +4x+16y-17=0 . B. 2x° +4)° —4x+16y+17=0.

C. 2x* +4y" —4x—-16y+17=0. D. 2x° +4y" —4x-16y-7=0.
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Cau 16:

Cau 17:

Céau 18:

Cau 19:

Cau 20:

Cau 21:

2 2

Trong mat phang toa do Oxy, cho eIip(E):f—6+%:1 va véc to v=(2;1). Anh cla

(E) qua phép tin tién T, la:

PPN IES o (5 02000,

S}
S}

2 2
C. (E):%J?:l. D. (E):x1;2+yT_1=1.

Trong mét phang toa do Oxy, v&i a,a,b 1a nhitng sb cho truwdc, xét phép bién hinh

. . oz . . i '=x.cosa— y.sing +
F bién moi diém M (x; y) thanh diém M'(x"y') trong do: {x 7. g ¢
y'=xsina+ y.cosa+b
. Cho hai diém M (x;»,), N(x,;¥,), 90oi M',N' lan lwotla anh cia M,N qua phép

bién hinh F . Khi d6 khoang cach d gitta M' va N' bang:
A.d=\/(x2—xl)2+(y2—yl)2 . B. d:\/(x2+x1)2+(y2+y1)2.
C. d:\/(x2+x1)2+(y2—yl)2 . D. d=\/(xz—xl)2+(y2+yl)2 i

2
x—m theo véc
x—1

Cho véc to' v=(a;b) sao cho khi phép tinh tién @ thi y = f(x)=

2

to v ta nhan db thi ham s6 y = g(x)=— . Khi do tich ab b&ng:
X+

A 1. B.5. C.6. D. 4.
Trong mét phdng toa ddOxy, cho v=(-21) va dwong thdng d:2x-3y+3=0,

d,:2x-3y—5=0. Tim toa & w=(a;b) c6 phwong vudng géc véi dweng thdng d
dé d, 1a anh clia d qua phép tinh tién 7-. Khi d6 a+b bang:
AL B. 1 c. =% D. 2.

13 . 13 ] 13 13 y
Trong mat phang toa dd Oxy, cho phép bién hinh F xac dinh nhw sau: V&i moi
diém M (x;y) ta c6 diém M'=F(M) sao cho M'(x';y") théa man: x'=x+2;
y'=y—3.Ménh dé nao sau day dung:

A. F 1a phép tinh tién theo v=(2;3) . B. F la phép tinh tién theo v=(-2;3).

C. F la phép tinh tién theo v=(2;-3). D. F la phép tinh tién theo v =(-2;-3)

Trong méat phang toa do Oxy, cho hai diém 4(1;6); B(-1;—4). Goi C,D lan lwot la

anh cia 4,8 qua phép tinh tién theo v=(1;5). K&t luan nao sau day la dung:

A. ABCD la hinh vuéng. B. ABCD la hinh binh hanh.
C. 4BDC la hinh binh hanh. D. 4,B,C,D thang hang.
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Cau 22: Trong mat phang toa ddOxy, cho dwdng thadng cé phwong trinh d:y=2, va hai

diém A(1;3); B(3;-4).Léy M trén d, N trén truc hoanh sao cho MN vudng goc
v&i d va AM +MN + NB nhd nhat. Tim toa dd M, N ?

A.M(§;2J,N[§;Oj ) B. M(Z;2J,N(Z;OJ.

5 5 5 5

C. M(§;2J,N(§;Oj. D. M(2;2J,N(2;Oj.
5 5 5 5

HU'ONG DAN GIAI CHI TIET ) o Y, |
DANG 1: CAC BAI TOAN KHAI THAC BINH NGHIA, TINH CHAT VA CAC UNG DUNG
CUA PHEP TINH TIEN

Cau 1:

Cau7.

Cau 8.

Cau 9.

Pap an D.

Khi véc to v clia phép tinh tién T. c6 gia song song hodc trung véi duwdng thang da
cho thi s& c6 vo sb phép tinh tién bién dworng thang thanh chinh né.

Pap an B.

Khi v=0: Dwong tron (C) co tam I thi T. bién dwdng tron (C) thanh chinh no.
Pap an B.

Khi v=0 c6 mdt phép tinh tién bién hinh vuéng thanh chinh né.

Pap an C.

Khi toa do cla véc to tinh tién v=0.

Pap an B.

Ta chi ra dwoc ABB'A' 1a hinh binh hanh = 4'B'= 4B

Pap an D.

Chéng han lay batky Aed,, Bed, = T_.(d,) thanh d, nén c6 vo s phép tinh tién
théa man.

Pap an D.

Taco AB+AD=AC=T_(A)=C.

Pap 4n C.

—_—
M

Taco T._(G)=M < AG = GM = BGCM 14 hinh binh hanh.

Pap an B.
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B
Tacb {T_(0)=C=T_(AAOF)=ABCO .
0)

Cau 10. Pap an D.
Taco T (1)=A nén dap an D sai.

Cau 11. bap an A.

D o

Tir hinh vé ta co T_ (AAMI):AMDN.

B, o C
A/ D/

T_(AB)=CD v6i AB,CD la cac doan thang.

BC

Cau 12. Pap an B.

T hinh vé ta co

T (AB) =CD, v&i AD,BC |a doan thang nén cé moét phép tinh tién thda man.

Cau 13. bap an A.
Taco: MM’+MA=MBc>MM’=MB—MA=AB<:>TE(M)=M’.
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Vay tap hop diém M’ Ia anh clia dwong tron (0) qua T .

Cau 14. Pap an C.

Cau 15.

Xét T_(A)=A.

Khi d6 CA'=BA =CD = ACA'D cantai C.
— A'CD =60° = ACA'D déu.

— ADA=15" va AA'=BC=CD=AD=a
— AAD =150

Do d6 AD* =2A'A> —2A'A? cos AA'D = 2a* ++3d® (ap dung dinh |i cosin).

— AD = a2 +/3 .

Pap an C.

Xét TB_C(A) — M = ABCM la hinh binh hanh.

— BCM =30° = BCD =60° va MCD =30

Tacd MD* =MC? +DC? -2MC.DC.cos30° =36 = MD =6

MD :%CD va MC=MD+J3 = AMDC la niva tam giac du.
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— DMC =90° = MDA = 30°

Vay MDA = MAD = MAB =30° = AAMD can tai M = BC = MA= MD =6 .

Cau16. bapanD. =
Chon hé truc vé chiéu duwong nhw hinh vé.

C6 dinh D(1;0). V&i B(x;y)= C(x+1;y)

T gia thiét AC.AB = AD.BD
<:>,/(x+1)2+y2.\/m:,/(x—l)2+y2
<:>(x2+y2)(x2+y2+2x)=1—2x
@(xz+y2+1)(x2+y2+2x)—x2—y2—2x=1—2x
@(x2+y2+1)(x2+y2+2x—1):0 (do x* +y* +1>0).
X4y +2x-1=0a (x+1) +y* =2 ().

Suy ra quy tich B la dwdng tron tam [ , ban kinh \/5 (I 1a diém dbi xirng clia D qua A
)
Taco T-. (B) =C

BC

Vay qu tich ciia C 1a duong tron tam A , ban kinh AD~/2 .

Cau 17. Pap an C.
Gia sl trung truc MN cét (01) tai A , cat (02) tai B (O, & gitra A,B)
(Ban doc ty vé hinh)
Thurc hién phép trinh tién theo vecto 0,0, duong tron (02) bién thanh dwdng tron (01) :

vivay B biénthanh A , M bién trhanh M, , N biénthanh N, .
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MNNM, la hinh binh hanh noi tép nén 1& hinh chi* nhat. Vay
MN’+M M* = MN’> + AB* =4R’ .

Cau 18. bap an D.
(Ban doc ty vé hinh).
S dung phép tinh tién theo vecto 0,0, thi K bién thanh C, KA thanh CB. Vi vay
AB=2R .

Cau 19. bap an A.

A
K D

Thwc hién phép tinh tién theo vecto @ taco:

K biénthanh D , H, biénthanh H , B bién thanh P

Ta co APHK vudng tai H va KH=3,KP=BD =5 nén
PH=\[25-9=4= BH, =PH=4.

DANG 2. XAC DINH ANH CUA MQT BIEM HOAC MOT HINH QUA PHEP TINH TIEN
BANG PHU'ONG PHAP TOA PO.

Cau1. bDap anB.

Cau 3. Dap anB.

3 , ~ )CAZ)C+X§ X=2
Theo biéu thirc toa d6 = &
Va=Y+Y; y=4
Cau 6. Dap an B.

o x=x,—x, x-=2
Tacod < =X
Y-=yp =Y, |y, =4

Cau7. DPapanA.
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Cau 8.

Céau 9.

Cau 10.

Cau 11.

Cau 12.

Cau 13.

Cau 14.

Cau 15.

- — — —_—

Tacod u=MM', v=M'M" S u+v=MM"=(15).

Pap an C.
I (4)-a

Ta co :>A'B’:AB:\/§.
1. (5)-5

Pap an A.
Ta tim duoc G(-13)= u=AG =(~43)

T

AG

(G)=G'=AG=GG = G'(-5:6) .

Pap an A.

Anh clia A co dang x+5y+c=0 (A
Chon A(1;0)eA:T.(A)=A'(x;y) e A'= A'(5:2) thé vao A':5+10+c=0=c=—15
=>A:x+5y-15=0 .

Pap an D.

xX'=x-

.z .z \ 4 R
biém M (x;y)e A bién thanh M (x;y')eA” = thay x',y’ vao
y=y+2
A":2x+y—11=0 .

Pap an C.
Chon A(l;—l)eA

Thir ddp an C = T.(A)=A'= A’(1;0)e A’ (thda man)

Pap an B.
DPuwdng tron (C) co tam 1(2;1) ,bankinh R=2

Taco I'=T,(I)=1'(3:4) = (C'): (x=3) +(y-4) =4 .

bap an C.
Puong tron (c) co tam 1(4;0) ,bankinh R=4

Taco T.(1)=1'(7:-1)
Vay dwong tron anh la (C') : (x—7)2 +(y+1)2 =16

Pap an B.
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Cau 16.

Cau 17.

Cau 18.

Cau 19.

Sk dung quy tich diém M(x;y)e(C) : T(M):M'(x';y')e(C')

v

:{x’:x-ﬂ :{x:x'—l Thay vao (C) ta dwoc dap an B.

yi=y-2 (y=y+2

Pap an A.

St dung quy tich diém : T;(M):M'(x’;y') véi moi diém M(x;y)e(E):{x:x:_j
y=y -

Thay vao (E) ta dwgrc dap an A.

Pap an A.
. xl' =x,.cosa—y, .sina+a xz' =Xx,.cosa —y,.sina+a
Ta co
! . ’ .
y, =x,.sina—y,.cosa+b y, =X,.sina—y,.cosa+b

2 2
= M'N'= \/(xz' —xl') +(y2' —yl')
2

_ ’ ’2 2 ’ !2.2 ' r2.2 ' ' 2
=4/lXx, —x, | cos"a+|y, —y, | sin"a+|x, —x | sin"a+|y, -y, | cos"«

:\/(x2 —xl)z +(y2 —yl)2 :d:\/(xz—xl)2+(y2—yl)z .
Pap an C.
Tacéd g(x):f(x—a)+b

x2 :(x—a)z—(x—a)—i-l_'_b
x+1 x—a-1
x2 x2+(—2a+b—1)x+a2—ab+a—b+1

x+1= x—a-1

<

<

= a:_2:>a.b:6 .
b=-3

Pap an C.

DPudng thang d cé vecto phap tuyén la 22(2;—3) :>w:(2m;—3m)
T.(M)=M'(2m;1-3m) ,v6i M ed

T-(d)=d'=d' codang 2x-3y+pB=0

Vid quaM =4m-3+9m+ =0 f=3-13m.

=d :2x-3y+3-13m=0
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x _ (1 24
beé allEd':>3—13m:—5<:>m=i =>w= —6;—— :>a+b:—ﬁ.
13 13 13 13

Cau 20. Pap an C.

: "=x+
That véy theo biéu thirc toa dd cta 7. (M)=M" 1"~ "=
Y y=y+b

Cau 21. bap an D.
T;(A):C:>C(2;11)
T;(B):D:>D(O;1)

AB=(-2-10), CD =(-2;-10), BC =(3;15)

AD =(—1;—5):>R‘=—3E, AB=CD = A,B,C,D thang hang.

Cau 22. bap an B. ] ,
Cach 1: Th&r cac toa dd6 M,N ta dwoc két qud AM + MN + NB nhd nhat voi

Med,NeOx va MN 1d.
Céach 2:

Goi Hed,,Ked, saocho HK 1 d, .
Goi T la phép tinh tién theo vecto HK
Goi A =T_(A),ABNd,=N,Med, véi MN Ld,
HK
AM + MN + NB nhé nhat < AM + NB nhd nhat (MN khoéng déi)
AM +NB=AN +NB>AB
Dau "=" xayrakhi N=ABNd,

Léy A, ) diém N can tim la giao diém clia A B va truc hoanh.

0)= AN =(x,~1-1),AB=(2-5)

(11
Goi N(x,;

e -1 -1 7 7 7
Vi AN va AB cung phwong nén x02 =—5:>x0 =§:N(E;0Jvé M(—;ZJ.
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