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III. CAU HOI VAN DUNG CAO

CAu 45. Cho ham s§ y = —> 1 ¢ d6 thi (C) va gbc toa do O. Goi A 1a tiép tuyén cua (C), biét
X+

A cét truc hoanh, truc tung lan luot tai hai diém phén biét 4, B va tam giac OAB can. Phuong
trinh A la

A y=x+4. B. y=x+1. C.y=x-4. D. y=x.

Huwéng din giai

Tacod y'= )2 >0,Vx #—1.Goi M (x,;,) latiép diém cua tiép tuyén can lap.
x+1

Tam gidc OAB can tai O nén OA4 = OB, suy ra

\ 1 Xy =
"(x,)=+1—22 5y (x)=lc——=1| "’ .
() et E

e Véi x,=0= y, =0 (Loaido M (0;0)=0).
e Véi x, =—2 = y, =2, suy ra phuong trinh tiép tuyén A: y =x+4.

Cau 46. Cho ham s6 y = —x* —x* +6 ¢ d6 thi (C). Tiép tuyén cua dd thi (C) cit cac truc Ox,
Oy lan luot tai hai diém 4, B sao cho OB = 3604 c6 phuong trinh 13

A‘{y=—36x+58‘ B.{y:—36x—86.

y =36x+58 y =36x—86

C‘{x—36y—4=0. D. {x—36y+14:0.
x+36y—-4=0 x+36y+14=0

Huéng din giai
OB

Do — =36 = y'(x,) = +36.
OA v (xy)

e Vbi y(x,)=-36<—4x’ —2x,=-36 < 4x, +2x,-36=0 < x, =2
= 3, = ¥(2) =—14. Suy ra tiép tuyén y = -36x + 58.
e Véi y(x,)=36<—4x’ —2x, =36 < 4x, +2x,+36=0 < x, =2

= 3, =¥(-2)=—14. Suy ra tiép tuyén y = 36x + 58.

Cu 47. Cho ham s y =~ c6 db thi 1a (C). Goi diém M (x,5y,) v6i x, > -1 la diém

2 (x + l)
thudc (C ) , biét tiép tuyén cua (C )tai diém M cét truc hoanh, truc tung lan luot tai hai diém phéan
biét A, Bva tam giac OAB c6 trong tim G ndm trén duong thang d : 4x + y = 0. Hoi gid tri cla
x, + 2y, bang bao nhiéu ?



AL B. . c?2 D. -2,
2 2 2 2
Huwéng din giai
e Goi M xo;xo—_1 e (C)1a diém can tim.
2(x, +1)
e Goi A tiép tuyén ctia (C) tai M ta c6 phuong trinh.
, x, —1 1 x,—1
Ay=f(x)x—-x)+—"—-y="—-(x—x,)+———
‘ O 2(x, + 1) (x, +1Y O 2(x, + 1)

2 _ 2 3
Goi A=ANOx = 4 —M;O vi B=ANOy =B 0;_x0 2x, 21 _
2 2(x, +1)

Khi d6 A tao véi hai truc toa 4o A OAB c6 trong tam la:

G _xé—ZxO—l.xg—Zxo—l
6 T 6(x, +1)° )

» s —2x, -1 xg—2x,-1
Do G € dudng thang: 4x+y=0:>—4.x° i e R

6 6(x, +1°
<::>4=;2 (vi A, B khong trung O nén x; —2x,—1#0)
(x, +1)

1 1

X0+1:5 xo :_E
= = .
1 3

x0+1=—5 xo :_E

e Vii x, =—%:>M(—%;—%).
e Vii x, =—%:M(—%;%).

1 3 7
Chon M(——;—>)=>x,+2y, =——.
0 ( > 2) 0T 4o )

Ciu 48. Cho ham s6 y=x*—2mx*+m (1), m 1a tham s6 thwc. Ki hiéu (C) 1a d6 thi
ham s6 (1); d 1a tiép tuyén ctia (C) tai diém c6 hoanh d6 bang 1. Tim m d& khoang cach

tir diém B G 1) dén duong thang d dat gia tri 16n nhat.

A m=1. B. m=-1. C.m=2. D.m=-2.
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Huwéng din giai
e Ae(Cm) nén A(L;1-m). y'=4x" —4mx = y'(1)=4—4m.

e Phuong trinh tiép tuyén cua (Cm) tai A: y—1+m=y'(1).(x-1)

< (4—4m)x-y-3(1-m)=0.
-1
16(1-m) +1

e Khid6 d(B;A)= <1,Dau ‘=" xdyra < khi m=1.

e Do d6 d(B;A) 16n nhat bang 1 khi va chi khi m=1.

CAu 49. Cho ham sé y = 2X+3

- o6 dd thi 1a (C). C6 bao nhiéu_tiép tuyén cua do thi (C) tai
X+

nhing diém thudc do thi co khoang cach dén duong thang d, : 3x +4y —2 =0 bang 2.

A. 4. B.3. C.2. D. 0.
Huwéng din giai
o Giast M(xy;y,)e(C) = y, = 2% +3

x, +1

C>|3x0+4y0—2|

e Ta co: d(M,d )=2
(#.4)) N3+ 4

=2 <3x,+4y,-12=0 hoac

3x,+4y, +8=0.

e Véi 3x0+4y0—12=0<:>3x0+4(2x°+3j—12=0c> 1 1 11
Xo +1 X :_:MZ (E,X)

2x, +3 x":_S:M{_S;B
e Vi 3x,+4y,+8=0 <:>3x0+4( 0 ]+8=0 =
x,+1 4

Suy ra c6 4 tiép tuyén.

Cau 50. Cho ham sé y = 2%

c6 d6 thi la (C). Goi /1a giao diém hai tiém c4n cia (C). Tim
x pa—

diém M thuge (C)cé hoanh d¢ 16n hon 1 sao cho tiép tuyén cia (C)tai M vudng goc véi

dudng thang M .
A.M(2;3). B.M(3;§j. C.M(4;Zj. D.M (5;3).

Huwéng din giai
Phwong phap ty lugn.



2a—1

Giao diém ciia hai tiém can1a/ (1;2) . Goi M (a;b)e(C)=b=

J(a>1) .

a—1
. . X L, . \ 2a—1
e Phuong trinh tiép tuyén cua (C)tai M1a y=———(x—a)+ :
(a-1) a—1
e Phuong trinh duong thang MT : y:( 7 (x=1)+2.
a_
e Tiép tuyén tai M vudng goc véi MI nén ta co:
1 1 a=0=b=1
- > >=-1< .
(a-1) (a-1) a=2=b=3

Vay diém can tim 1a M (2;3).
[Phwong phap tric nghiém)]

Goi M (x,3v,)€(C), diém M thoa yéu cdu bai toan c6 hoanh d¢ duoc tinh nhu sau:

Xy =1 =4 2.(~1) = 1L(-1)] < x,~1=#1 <:{

Cau 51. Cho ham s y = — ! ¢6 @6 thi la (C), duong thing d: y=x+m. Vi moi m ta

x p—
ludn c6 d cit (C) tai 2 diém phan biét 4, B. Goi k., k, lan luot 14 hé sb goc cua cac tiép tuyén

voi (C)tai 4,B.Tim m dé téng k, +k, dat gié tri 16n nhét.
A. . m=-1. B.m=-2. C.m=3. D. m=-5.
Huéng din giai

e Phuong trinh hoanh d¢ giao diém cua d va (C):

1

—x+1 X#F =

=x+m 2
2x—1

g(x)=2x2 +2mx—-m—1=0 (*)

e Theo dinh li Viet ta c6: x, +x, = —m;x,x, = %_1 Giast: A(x;,).B(x,5,).

-1
Taco y'=—.
) g (2x-1)’

D AN S

(2x,-1Y "7 (2x,-1)
1 1 A(x} +x3)—4(x, +x,)+2

Qx-D° Q5D [4yx -2 ) 1]

=—(4m* +8m+6)=—4(m+1) -2< -2

e Tiép tuyén cia (C) tai 4 va B c6 hé sb goc la: k, =—

=k +k, =k +k, =—
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e Diu"="xayra<> m=-1.
Vay: k, +k, dat GTLN bang -2 khi m =—1.

Céu 52. Cho ham sé y = x+2

T3 (1).Viét phuong trinh tiép tuyén cta dd thi ham sé (1), biét
X+

tiép tuyén d6 cat truc hoanh, tryc tung lan lugt tai hai diém phan biét 4, B va tam giac OAB can
tai géc toadd O.
A y=—x-2. B. y=—x C.y=—x+2. D. y=—x+1.
Huéng din giai
[Phwong phap tu luan]

e Goi M(x,;y,) la toa dd cia tiép diém = y'(xo):_—1<0.

(2x, + 3)2
e AOAB can tai O nén tiép tuyén A song song véi duong thing y = —x (vi tiép tuyén

. , -1 x,=-1=y,=1
c6 hé so gbc am). Nghia la: y (xo)=W=—l = ) .
x0+ x0=_ :>y0=

o Viix,=-Ly,=1=A y—l1=—(x+1) <y =—x (loai).
o Véix,=-25,=0=>A: y-0=—(x+2) < y=—x—2 (nhén).

Vay phuong trinh tiép tuyén cn tim la: y = —x—2.

[Phwong phap tric nghiém]
e Tam gidc OAB can tai gbc toa dd O néntacé OA=0B=>n=1.

acx; +2bcx, +bd #0=>2x; +8x, +6 20 < x, = —1;x, # 3.

=-1(L
cx0+d=i,/n.|ad—bc|:2x0+3=i L-1| < Yo ( )

x, =—-2(N)

o V6ix,=-2y,=0=A: y-0=—(x+2)< y=-x—2 (nhin).

Céu 53. Cho ham s6 y = 2x—_11,(C). Lap phuong trinh tiép tuyén cta d6 thi (C) sao cho tiép
x p—

tuyén ndy cét cac truc Ox,Oy lan luot tai cac diém A4 va B thoa man OA =408 .

NERIE ERIE
A. 4 4 B. 4 4

113 113
yp=—"x+— y=——x+—

47 4 47 2



y=——x+— y=——x+=

C. 42 D. 4 2
__ 1.3 __ 1. B
YETRTY YT

Huwéng din giai
e Gia sir tiép tuyén d cua (C)tai M(x,;5,) €(C) cit Oxtai A, Oytai B sao cho
04 =408B.

e Do tam gidc OABvuong tai O nén tan 4 = % :% = Hé s6 goc cua d bang i

hodc —l.
4
A A r 5 \ ! 1 1 1
e Hésogoccuadla y'(x))=———F5<0=>——5=—-
x, —1) (x, —1) 4
3
xy =—1 :J’ozz
o
5
X, =3 :>yo:5
y——l(x+1)+— y=—lx+§
o Khi dé c6 2 tiép tuyén thoa mén 1: ‘1‘ Lo ‘1‘ f3
=——(x-3)+—= =——Xx+—
y=-4(-3) YT

Céu 54. Cho ham s8 y = Ll c6 db thi (C). Goi A 1a tiép tuyén tai diém M (x;,) (v6i
x p—

X, >0) thuge d@ thi (C). Dé khoang cach tir tam ddi xtmg / ctia dd thi (C) dén tiép tuyén A la

16n nhét thi tung d6 cta diém M gin gia tri nao nhat ?

AZ B. 7. c.”. D. .
2 2 2 2

Hwéng din giai

[Phwong phap tw luén]

e Tacod: y' = -1 ~5 1(L1).
(x-1)

e Goi M(xo;ilj €(C),(x, #1). Phuong trinh tiép tuyén tai M c6 dang:
X, —

1 %o 2 2

Ary=— (x—x,)+ S x+(x,-1)"y—x,=0.

(X, _1)2 x,—1
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e« d(I,A)= 2l _ 2 <22
1+ (5 -1)° J L (o) 2

e Diu "=" xay ra khi va chi khi:

1
(’Co_l)2

[Phwong phap tric nghiém)|

Xy =2=y,=2(N)

x,=0 (L)

:x—12<:>x_1=1<:>
0 0

0:2(N)

% =0 ()

Taco IM L A= cx,+d ==%,[|lad - bc :>x0—1— +-1 <:{

7 2 _1 h . 4 r L I3
Cau 55. Cho ham s0 y = al " c6 do thi (C ) Bi¢ct khoang cach tir /(—1;2) dén ti€p tuyén cua
X+

(C) tai M 1a16n nhét thi tung do ctia di€ém M ndm & goc phan tu thi hai gan gid tri nao nhét ?

A e. B. 2e. C. 3e. D. 4e.
Huéng din giai
[Phwong phap tw luin]
o Taco: y' = 3 >

(x+1)

. 2x0 —1 R e X . N

e Goi M| x,; | €(C),(x, #—1). Phuong trinh ti¢p tuyen tai M la:

X, +

3 2x,—1 5 5
= X—Xx,)+ < 3x—(x,+1)" y+2x, —2x,—1=0.
Y (x0+1)2( 0) X +1 (x,+D7y 0 0

6|x, +1

o d(LA)= o+l _ 6 <% .

JOo+(x, +1)’ \/( il)z+(xo+l)2 J24o
%o

e Dau "=" xdy ra khi va chi khi:

x,=-1+\3 =y, =2-3(L)
X, =—l—\/§:>y0 =2+\/§(N)'

9
(3 +1)°

= (x, +1)* & (x, +1)° —3@[

[Phwong phap tric nghi¢m]

Taco IM LA= cx,+d = |ad bc|:>x0+1 12+1]



X, =—1+3=y=2-3(L)
X, =—l—«/§:>y=2+«/§(N).

<~

Cén 56. Cho ham 56 y = 2 _23 c6 @6 thi (C). Biét tiép tuyén tai M cua (C) cat hai tiém can

cia (C) tai 4, B saocho 4B ngén nhit. Khi d6 do dai 16n nhit cia vecto OM gan gi tri no
nhét ?
A. 4. B. 5. C.e6. D. 7.

Huwéng din giai
[Phwong phap tu lun]

. 2x, -3 2 .
. GQ1M(x0; %o 2je(C),(xO::&2).Phuo’ngtrinhtlép tuyén tai M c6 dang:
X, —
Aymo— (x—x)+2+
R

. 2 . 2
e Giao diém ctia A véi tiém can dung la: A(Z; 2+ j \
X, —
e Giao diém ciia A véi tiém cén ngang 1a: B(2x0 —2;2) .
e Tacod: AB’ = 4{()60 -2y’ +ﬁ} >8. Déu "=" xay rakhi (x,-2)" =
X, —2

x,=3=>y,=3=O0M (3;3)= |OM|=3V2(N

(% _2)2

x, =12y, =1=OM (L1) =|0M|=+2 )

[Phwong phap tric nghiém]
e AB ngin nhat suy ra khoang cich tir / dén tiép tuyén A tai M ngin nhat

Xue
= IM LA=> cx, +d =*\|ad —bc| = x,, -2= |—4+3|©LM:1:yM:1
:‘O—M‘z%ﬁ-

Céu 57. Cho ham s8 y == _f c6 db thi (C). Phuong trinh tiép tuyén A cta do thi ham sé (C)
X+

tao v6i hai dudng tiém can mot tam gidc c6 ban kinh dudng tron ndi tiép 16n nhét. Khi do

=3=y, =3

khoang cach tir tam ddi ximg cia d6 thi (C) dén A bang ?
A 6. B. 24/6 . C. 243. D. 3.
Huwéng din giai
[Phwong phap tw lun]

-2
e Goi M(xo;xo
X, +1

JE(C),(XO #-1), I(-1;1). Phuong trinh tiép tuyén tai M c6

X, —2
dang: Aty=—"=(x— 0)+
(x0+ ) 0+1
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) .2 .. -5
e Giao diém cua A véi tiém cén ding la: A(—l; %o 1].
x, +

e Giao diém clia A véi tiém cén ngang 1a: B(2x, +11).

6 ,
e Ta cb: IA:|—1,[B:2|xo+1|:>[A.[B:12. Ban kinh duong tron ngoai tiép
X, +

AIABla: S, = pr

=r

p  IA+IB+IC 44 1B+ 142 +1B>  2IAIB +2.141B

S,y I4IB 14.IB g 1A.IB 2.

=143 = y,=1-3
e Suyra Vmax=2\/3_’—\/6<:>IA=IB<:>|xO—l|2=3<:> Xu +\/_:>yo \/_
xM=—1—\/§3y0=1+\/§
o T (EB) = ]G,
[Phuwong phap tric nghiém)|
o /A=IB= AIAB vudngcantai I = IM LA.

X, =—1+\/?_>:yM =1-3

° CxM+d=i |ad—bC|:>)CM+1=i |1+2|<:>|: 1 \/’3_,: 1+\/§
X, =—1- Yu =

= [1]=5

Cau 58. Cho ham sé y = 20+l
x_

c6 do thi (C ) Goi [ 1a giao diém cua hai tiém cén. Tiép tuyén
A cua (C ) cit 2 tiém cantai 4 va B sao cho chu vi tam giac /4B dat gi tri nho nhat. Khoang
céch 16n nhét tir gbe toa 4o dén tiép tuyén A gan gid tri nao nhat ?

A.S. B. 4. C.3. D. 6.

Hwéng din giai
[Phwong phap tu luin]

e Goi M(0;2+ 3
X

0~

J €(C),(x, #1). Phuong trinh tiép tuyén tai M c6 dang:

A:y=_—32(x—x0)+2+ 3

(x,-1) x, -1

. ez . 6
e Giao diém ctia A véi tiém can dung la: A[l; 2+ J .
Xy —

e Giao diém ciia A véi tiém c4n ngang 1a: B(2x0 -1 2) .



1 1 6
L4 Ta Cé. SA]AB =5]A.[B=5.|x _1|
0

e AIABvudng tai I c¢6 dién tich khéng ddi = chu vi AZ4B dat gia trj nho nhét khi
X, =1+ NG}
X, =1- B .

o Voi x, =1+ \/?7 thi phuong trinh tiép tuyén 1a

-2|x0—1|=2.3=6.

IA=1IB @L=2|x0—1|:
[ 1]

3+243
o).

A:y=—x+3+2\/§:d(O,A)=

e Vdi x,=1-+/3 thi phuong trinh tiép tuyén 1a

3+23
Aiy=—x+3-2J3=d(0,A)=——F———(L).

[Phwong phap tric nghiém)|

xM:1+\/§:y=2+\/§

Xy, =l—\/§:>y=2—\/§

e IA=IB=cx, +d=%|ad-bd| = x, -1=%|2-1| &

34243
o).

2x—1

=d(0,A)=

Cau 59. Cho ham s y =

c6 @6 thi (C). Goi I la giao diém cua hai dudng tiém can. Tiép

tuyén A cua (C ) tai M ct cac duong tiém can tai 4 va B sao cho duong tron ngoai tiép tam
gidc IAB c6 dién tich nho nhét. Khi d6 tiép tuyén A cia (C) tao véi hai truc toa d6 mot tam

gi4c c6 dién tich 16n nhat thudc khoang nao ?

A. (27;28). B. (28; 29). C. (26;27). D. (29; 30).
Hwéng din giai
[Phwong phap tu luin]
. ZXO -1 . e Je . ’
e Goi M| x,; 5 |€ (C),(x, #2). Phuong trinh ti€p tuyén tai M c6 dang:
X, —
Ary=-— 3 2(x—xo)+2x°_1.
(x,—2) Xy —2
2 .. 2 2
e Giao diém cuia A véi tiém can dung la: A(2; %o +2 J
X, —

Giao diém ciia A véi tiém can ngang la: B(2x,-2; 2).
X, +xp, =2+2x,—2=2x,

Xét 2%, 42

2x, -1 = M la trung diém cua A4B.
YatVp =

5 =2y,

+2=2.
X, —2 X, —

AIAB vudng tai I nén M 1a tim dudng tron ngoai tiép tam giac I4B.
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2
:»S—nRZ—nIMZ—n[(xo—z)%(z’“‘)‘zl—zj]_ﬂ[m—z)u ? }267:

Xo — (x,—2)*

. = 3+2=y,= J3+2

o Déu "=" xdy ra khi (x0—2)2=ﬁ@{x° Bra=y= B2
Xo — Xp,=—3+2=y,=—/3+2

o Vi x, = \/§+2:A:y=—x+2\/§+4 cat 2 truc toa do tai

E(0; 243 +4),F(23+4,0) =, =%0E.OF=14+8«/§z27,8564
o Voéi x,=— 3+2:>A:y=—x—2\/§+4 cit 2 truc toa do tai

E(0; ~23+4),F(-23+4; 0) :>SOEF=%OE.OF=14—8\/§zO,1435
[Phwong phap tric nghiém)|
o IM 1énnhit < IM L A= cx,+d =+ \[jad —bc|= x, -2 =£,[[4+1].

= B & B . Gidi trong tu nhu trén.

Xo=—3+2=y,=—3+2



