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Pap an
1-B 6-A 11-A 16-A 21-A 26-A 31-A 36-A 41-C 46-B
2-D 7-B 12-B 17-D 22-A 27-A 32-C 37-B 42-D 47-A
3-C 8-B 13-C 18-C 23-D 28-B 33-B 38-B 43-A 48-C
4-B 9-A 14-C 19-B 24-A 29-C 34-A 39-C 44-B 49-C
5-C 10-D 15-C 20-B 25-A 30-C 35-A 40-A 45-A 50-B

HUGONG DAN GIAI CHI TIET

Cau 1: Pap an B.

Phén tich: Ta nhan thay dé bai kha phirc tap va rac t6i, tuy nhién ta cé thé nhan thay nhuw sau. Do P, Q 13 hai
diém phan biét va cach déu hai diém A(-3;4), B(3;-2), nén P, Q ndm trén dudng trung tryc clia doan thang AB.
Khi d6 ta s& viét dugc phuong trinh dudng thang P, Q cho viéc tham s6 hda P, Q tré nén d& phtrc tap hon, lic
nay khi tham s héa P, Q ta s& cé hai &n la hai hoanh d6 cda P, Q (véi hai hoanh d6 la hai nghiém cla phuon
trinh hoanh dé giao diém). Khi da tham sé hda dwoc PQ réi ra thay dé cho dién tich t&r gidc APBQ do dé ta di tim
mai lién hé gilra toa do hai diém P, Q va dién tich t& gidc. Ta nhan thay ngay ti gidc ¢ hai dwong chéo vudng

gac, tirc 13 S=AB.PQ do vay két hop véi dinh li Viet ta s& tim dwgc m.

Lovi gidi chi tiét nhw sau:

Ta viét dwoc phwong trinh PQ: qua 1(0;1) 1a trung diém cla AB va cé vtpt |3 AB , khido
PQ: x—y+1=0.
Xét phuong trinh hoanh dé giao diém gitra dwong thang PQ va d6 thi (Cr):

mx +2

" =x+leomx+2=x>-1 (véi x#1).
X —

o x? —mx —3=0(*)

. . . A>
DEé dudng thang PQ cat (C) tai hai diém phan biét khac 1 téc 1a { o m#-2

Khi d6: P(x;x; +1);Q(x4; X, +1) = PQ =1/2(x, — X;)*

Tacé: S=24< 372.4/2(x;—x,)* =24

& (X, +X%,)? —4x,x, =16

Ap dung Viet véi phuong trinh (*) ta duoc
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) m
m-+12m-16=0< oSm=2
m=-2

Phdn tich sai ldm: Nhiéu déc gia quén diéu kién dé hai nghiém khac -2 nén dén cudi chon ludn A 1a sai. Hay luén
nh& diéu kién dé mau sé khac 0.

Cau2:PapanD

Phén tich: Ta thay do d@ bai lién quan dén hai duwdng tiém can do d6 ta s& tim nhanh cac dudng tiém can bang
cdch nhdm nhanah ma t6i d3 gli gidi thiéu cho quy doc gid & cac dé trudce va ta duwoc: D6 thi ham sé cd tiém can

3
ngang y=2 va tiém can ding x=1. Gia s&r M(xo;Yo), khi do M(X0;2+ lj.
Xg —

Khoang céch tir M dén tiém cin dirng sé 13 |x0 —1|. Khoang cach tlr M dén tiém can ngang sé 13

lvo—2| oo Khi d6 |x —1|+ﬁ:4 & |xo ~1I —4Jx¢ —1|+3=0. Nhan théy s6 diém M théa man
X0~ X0~
xg—1]=1
phu thudc vao s nghiém cla phuong trinh nay. BAm may tinh ta thay | 1| 3 Vay s& cd 4 nghiém thoa
XO — 1| =

man, ttc 1a bén diém M.
Cau 3: bap anC.
Phdn tich: Ta xét thay phuwong trinh y’=4x3-12x=0 luén cé ba nghiém phan biét do d6 A ding, B ding do ham sé

da thirc luén xac dinh va lién tuc trén R.

Tiép theo dén nhan xét C thi ta nhé lai bang dang d6 thi ham s6 ma t6i da nhac nhiéu lan cho quy ddc giad & cac
dé truwdc, vdi ham trung phuwong bac bén cd hé sd a=1>0 va phuong trinh y’=0 ¢6 ba nghiém phan biét thi d6 thi
ham s6 cé dang chi* W (day chi 1a meo nhd chir khéng phai d6 thi cé dang ddng 1a chit W), tire 1a c6 hai diém
cyc tiéu va mét diém cuc dai. Vay C sai.

Cau4:PapanB

Phdn tich: Ta c6 dé ham s8 dong bién trén khodng cé d6 dai khdng nhé hon 1 tire |a ta can di xét tirng truong
hop hé s& a=m+1 |&n hon hay nhé hon khéng, tir dé tim cac khoang don diéu, va xét phuong trinh y’=0 tir d6
tim ra m&i lién hé gitta hoanh d6 cla cac diém cuc tri ciia d6 thi ham s8 vdi cac khodng don diéu.

Trudc tién: y’:3(m+1)x2—6(m+1)x+2m
Véim=-1y'= —2<0loai.

Véi m>—1.Khidéohé a=m+1> 0tilcla d6 thi ham s8 hodc khdng cé cuc tri, tire 13 ludn ddng bién trén R,
hodc 13 d6 thj ham s8 cé dang chit N, khi dé ham s6 ludn c6 khodng déng bién cé dd dai lén hon 1 (théa man).

Véi m < —1, thi yéu ciu cla bai todn s& trd thanh y’=0 cé hai nghiém phan biét thda man |x1 —x2| >1. Li gidi
diéu nay 1a do a=m+1<0, Itc nay néu y’=0 vd nghiém thi khéng théa man yéu cau dé bai, nén phuong trinh y’=0
phai ludn cé hai nghiém phan biét x3; x,, tirc 1a Itc ndy ham s6 s& ddng bién trén (xi; x2). <> phuong trinh y’=0

ludn cé hai nghiém xi; x> thda man |X1 —X2| >1.
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3 >0
A'=9m+12 —6m(m+1y>0 | FImMED> <-
5 _8—m>0 = < & m<-9

K&t hop véi TH2 thi m € (~00;—9] U (=1;+00).

Phdn tich sai ldm: Nhiéu doc giad s& quén trudng hop m> -1 va sé chon C.

Cau 5: bap anC.
Phdn tich: Ta lan luot xét tirng ménh dé mét:

Ta c6 f'(x) d6i dau qua Xo, tirc 1a xo 1a diém cuc tri cda ham s6, va

Néu f'(x) <0 v&i moi X (a;xo) va f'(x) >0 véimoi x € (xo;b) thi ham sd f(x) dat cuc tiéu tai diém xo.
Néu f'(x) >0 v&i moi X € (a; XO) va f'(x) <0 v&i moi X € (xo;b) thi ham sé f(x) dat cwc dai tai diém xo.
Vay A, B dung.

V@i Cta co rd rang véi hamsé y = \sz , ham s& dat cuc tiéu tai x=0 nhung khéng cé dao ham tai x=0, do d6 C

sai.

Cau 6: Pap anA.

Phén tich: _\
B

D\_/ c
D&t AB=x (0<x<2R). Tacé BC = V4R? —=x? . Khidé S=xN4R? —x? . Ap dung bdt Cauchy cho hai s8 dwong

2 2
[[2 2 +4R - . [
tacé xA/4R? — x> 2%=2R2. D4u bang xay ra khi x = 4R? —x?> & x=R2.Tucla

a=b=R2.
Cau7:PapanB

Phén tich: Tacé D =R\ {—2; 1}
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. x+1 o X +1 , . o s s .
lim ————=-0vad lim ———— =+00. Do d6 x= -2 va x=1 13 hai tiém can ding cla d6 thj ham s6

x>2" X2 +x =2 x>t X +x-2
(C). Tlr day ta c6 thé loai A va D.

1 1
. x+1 . X X2 A A s e i s VN . N 5
lim =1lim =0= y =0 Iatiém can ngang cta do thi ham s6. Ma y=0 |a truc hoanh cla
x—>,0X +x-2 l_i_l_l
X X2

dd thj ham sé, do d6 B dung.

Phén tich sai ldm: Nhiéu doc gia khong phan biét dwoc phuong trinh cla truc tung va truc hoanh dan dén sai,
néu khéng nhd, hay thir vé truc toa do ra khi d6 ban sé xac dinh dwoc mét cach rd rang phuong trinh cla céc
truc toa do.

Cau8:bapanB
Phdn tich: Pay chi 1a cdch héi khac cla dang bai tim m dé ham sé déng bién trén tirng khoang xac dinh,

(x-1)°

Tacoy'= dé ham s6 dong bién trén tirng khoang xac dinh thi =m-1>0 <> m< -1

Cau9:bapanA

Phén tich: D = [—l;l] , khi d6 dé tim GTLN, GTNN cla ham sé trén tap xac dinh thi ta tim cac gid tri |am cho y’=0
va y’ khéng xac dinh, sau d6 so sdnh céc gia tri cla ham s6 tai cac diém d6 vdi nhau va véi diém dau muat dé két
luan GTLN, GTNN.

. L P R PPN R |
Taco Mm{f(_ﬁj’f(ﬁj’f( l)af(l)} 5

RN R PN B |

=>M-m=1
Cau 10: PdpanA

Phén tich: V& lai hinh vé thi ta c6 hinh v& don gian héa nhu sau:
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A
B
60
40
x 120 -x
P C

Thuc chat bai toan tré thanh tim x dé AC+BC nho nhat.

Theo dinh ly Pytago tacé AC = \/602 +x° ;

BC = /(120 - x2) +40% = /x2 —240x +16000

Khi d6 £(x) = AC+BC = v/x2 +3600 + /x> — 240x +16000 . Ta can tim Min £(x).
(0:12)

X x—-120

+
Jx2 +3600  Vx2 —240x +16000

biéu thirc f(x) va &n |SHIFT||SLOVE| va chon mét s& nam trong khoang (0;120) dé& do nghiém, nhu t6i nhap 2
may nhanh chéng hién nghiém la 72.

Taco f'(x)= ; khi bAm mdy tinh nham bang cach nhap vao man hinh

B4m may tinh s dung nut TABLE ta nhan thay phuong trinh ¢ duy nhat mot nghiém nay do f'(x) chi d6i dau
qua 72. Khi d6 ta cé BBT sau:

X 0 72 120
f'(x) - 0 +
Min

Vay tlr dé ta co thé két luan CP=72.

Caull:PdpanA

Phdn tich: Ta thdy tat ca cic phuwong an déu lién quan dén cuc tri, do vay trwdc tién ta xét phuong trinh
6x> —6(2m+1)x +6m(m+1)=0

o x2-C2m+D)x+m(m+1)=0

A=Q2m+1)?-m@m+1)=3m?+3m+1>0
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Phuong trinh luon cé hai nghiém phan biét xi; x2
VéiA: Taco |x2 —x1| =le(x +x2)2 —4x,x, =1
< (2m+1)? —4m(m+1) =1

Vay dap an A dung,

Cau12:PapanB

Phdn tich: Do dé bai yéu ciu tim tdng cac nghiém cla phuong trinh nén diéu kién x # {O; 2}

2
X
< log (X—Z)(—D =log, 1
3[ x> —3x+3 :

X
x? —2x =x° -3x+3
) < X

x(x—2)
x? —3x+3

x(x—2)

3 =l
X“—=3x+3

< log; = %log3 l<

2X —X

3

5 1
=x"-3x+3 3
2

Cau13:PdpanC

Phdn tich: Ta c6 thé dung may tinh dé thir tirtng ddp 4n mot, tuy nhién tdi gidi thiéu cac phan tich nhdm nhu
sau:

log; 40 = log; (23.5) =3logy2+log;5=3a+b

V@i bai todn nay nham con nhanh hon bdm may tinh nén h3y rén luyén tu duy dé cé thé tiét kiém thai gian khi
can thiét.

Cau14:PapancC

u u'v=v'u
Phén tich: Ta c6 cong thirc (—j' =——>—va (e")=u'e"
v A%
Khi d6 ap dung vao day ta duoc:
et —e " |, (e"—e ) (e +e T )—(e"—e )" +e ) (e"+e " )2 —(e* —e7¥)? B 4 Cau
et +e " (eX +e7%)? (eX +e7)? (eX +e7%)?

15:Pap anC

Phén tich: & day c6 hai didu kién dé& ham sd xac dinh, d6 13 didu kién dé loganepe ton tai va didu kién dé cin
thirc ton tai.
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1 O<x<e
hx#-1 o< x#ze < |
B X>e
[lnx>—1 x>e !
< _
Inx<-2 x>e2

Phén tich sai Idm: Nhidu déc gid quén diéu kién x>0. Tir d6 chon D 13 sai.

Nhiéu doc gia lai quén diéu kién Inx # —1. Nén chi y ¢6 d0 cac diéu kién.
Caul6:PapanA

Phén tich: Ta co

((X3 +X)ln(x2 +1))' :(x3 +X)'.ln(x2 +1)+(X3 +X).ln(x2 +1)'
= Bx2+1).In(x2 +1)+ (x> + ><).22—"1 = 3x2 +1).In(x2 +1)+2x>
X“ +

Cau17:PadpanD
Phén tich: x > —-2;x # —1

Ta nhan thay c6 thé dua vé bién chung d6 1a logs(x +2), do dé ta bién d6i nhu sau:

pt < logs(x +2)+2m.%.10g(x+2) 3=16

2

< logz(x+2)+ 6=0

logs(x+2)
bat t =logs(x +2) khi dé phuong trinh trd thanh:

t+4Tm—l6:O© t2 —16t+4m = 0(*) (do x+2#1 nén t+0)

Mbi t cho ta mot nghiém x> -2; x# 1. Hon nita x> -1 <> x+2>1 <> t>0. V4y bai todn tré thanh tim m dé phuong
trinh (*) c6 hai nghiém duong.

A=64—4m >0
= S=16>0 << 0<m<l16
P=4m>0
Vay c6 15 gid tri ca m théa man.

Cau 18:PbdpanC
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Phdn tich: Ta Ian luot di xét tirtng ménh dé mot, ta thay ham sd c6 tap xac dinh D=R. | dung.
y'=— " (x-2)+e " =0 3-x)=0=x=3
Ta thay f'(x) d6i dau tir dwong sang 4m qua x=3 nén ham sé dat cuc dai tai x=3. Il sai

Dé&n day ta khong can xét d&n ménh dé Ill nita ma van cé thé két luan dwoc ddp an C. Do tat ca cac phuong an
con laidé co Il.

Cau 19: Pap anB
Phén tich: O bai toan nay ta sé di tim nghiém cla b4t phuong trinh theo m

2X+1

B4t phuong trinh <> log, ( +6)+x>m

& log, (2*1

+6)+log, 2% >log, 2™
o222 16y >2m 222X 4625 > 2™
pat 2° =t(t >1) (do x>0). Khi d6 bat phwong trinh tré thanh:

2t% + 6t > 2™ Xét ham s6 £(x) =2t2 + 6t trén (I;40) 6 f'(x) =4t+6=0< t 2_76¢(1;+oo)

Ta c6 BBT sau:

t 1 +00
) "
poss
f(t /
8

Dé bat phuong trinh thda man x>0 véi moi mthi 2™ <8 < m <3
Cau 20: Pap an B
Phdn tich: dk x+5

2x+2
B4t phuong trinh <> 3 5-x > 32(x713)

2X+2

R

>2(x—13)
V@ix<5thi 2x +2>2(x—13)(5—x)

<:>2X+2+2(X—13)(5—X)ZO<:>2(x2—18x+65)+2x+220
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>11
<:>2X2—34X+13220<:>{X

x<6
K&t hop vdi x<5 thi cd 4 nghiém nguyén duong théa man.

V@i x>5thi 2x +2<2(x—13)(5—x)

& 2x* -34x+132<0 = 6<x <11

K&t hop véi x>5 thi cd 6 nghiém nguyén duong théa man.
K&t ludn: Cé 10 nghiém nguyén duong théa man.
Cau21:PapanA

Phén tich: Do dé d3 cho cong thirc téng quat va cd dir kién 13 sau hai thang s6 tai khodn hoat dong la 108 160
ngudi. Do d6 thay vao cong thirc téng quat ta sé tim dwoc A. Khi dé

A(1+0.04)*=108160 <> A=100000.
Khi dé céng viéc cla ta chi la tim x sao cho 100000(1+0.04)% = 194790

194790
100000

< x =10g1,0.04) ~17 hay 1 ndm 5 thang.

Cau22:PapanA

Phdn tich: Nhin thoat qua thi th3y bai todn kha 1a cong kénh, tuy nhién day lai |a mot bai todn kha 1a don gidn

dya trén tinh chat sau cla logarit: log, b= véi 0<a#0<b=1

log, a
Vay thuc chat khidé A =log 2+log 3+log 4+...+log 2016

Dén déy ta nh¢ dén tinh chat sau cla logarit: log x +log y =log Xy védia,b,xy théa man diéu kién ton tai clia

logarit.
Vay A =log (2.3.4...2016)=log (1.2.3.4....2016)=log 2016!=log x =1

Cau23:PapanD

Phén tich: Ta thy r& bai todn ndy ta khéng thé dung phuwong phép thir tirng dap an duoc vi dé bai yéu cau phai
tim x1+2x,, do vay ta phai giai tirng budc mot bai todn nay.

Diéu kién: x€(0;+)
Do & VP |a logarit co sé 2, do vay ta sé bién d6i logarit & VT vé logarit co s6 2.

Phuong trinh

& %.logg x=log,(WVx+1-1) & %.log% x —log, x.log, (¥Vx+1-1)=0
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log, x=0

1
< log x(—log x —log (x/x+1—1)j:0<:>
2™ ? log, Vx = log, (Vx+1-1)

x=1
=

VX +1=x+1(%)

() R== X +142Vx =x +1< x =0 (ma x>0 loai)

Vay phuong trinh c6 mét nghiém.

Cau 25:PapanA

Phdn tich: Ta c6 f(x) 1a nguyén ham cGa ham sé g(x), tire 1a f'(x) =g(x).
V@i l: £'(x)=(tan’x+1)’ = 2.tan x

Vé‘ill:f‘(x):( 22 j':2(1+tan2X)'=2.2.tanx:4tanx

COS X

Véilll: £(x) = (tan®+1)' = 2 tan x
Cau 24:PapanD
Phdn tich:

V&i ménh dé A: Ta cé:

x? +6x+1}_ (2x +6)(2x—3)-2(x* +6x+1) 2x? —6x 20

f(X):F'(X):( 1% —3 (2X—3)2 (2)(—3)2

60 :(xz +1oj,: 2x(2x-3)-2(x> +10) _ 2x> ~6x-20
2x -3 (2x-3) (2x-3)°

Vay A dung.

V&i ménh dé B ta co:

f(x)=F’(x) = (5+2sin?x)’=2.2.(sin x)’.sin x= 2.2.cos x.sin s = 2sin 2x

G’(x) = (1-cos 2x)’= (2sin? x -1)’=2.sin 2x

Vay B dung.

f(x)=<G(x>)‘=(M)':%
X" —ZX+

Day |a ménh dé dung
Vay ta chon D.

Cau 26: Papan A
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DAy 13 bai todn kha triru twong va khé tudng tugng, cé thé coi day la bai todn dat diém tuyét ddi trong dé nay,
trudce khi lam bai todn nay tdi xin cung cap cho quy ddc gid mot kién thirc da hoc & phan Il, Bai 3, chuwong Il
(trang 117) sach gido khoa gidi tich co ban nhu sau:

b
Ta thira nhan cong thirc: V = jS(x)dx (*)

a
Trong d6 S(x) |a dién tich cda thiét dién cha vat thé V. Thiét dién nay vudng goc vdi truc Ox

tai x € [a;b] vdi a, b 1a cac can (ng v&i hai mét phang song song va vudng géc vai truc Ox,

giéi han vatthé v,

Viéc nam gilt virng cong thirc (*) gitp quy doc gia cé thé tinh dugc thé tich cla vat thé ma dé bai d3 yéu cau, cu
thé nhu sau:

Ta s& gan hé truc toa do6 Oxyz vao vat thé nay, tic |a ta s& di tinh thé tich vat thé V gidi han béi hai mat tru: x? +
y? =a?vax?+ 22 =a? (a>0)

Hinh v& trén md td mot phan tam thi nhat cla vat thé nay, véi mdi x€[0;a] , thiét dién cla vat thé (vudng

goc vai truc Ox) tai x la mot hinh vudng cé canh y = \/az —X2 (chinh 14 phan gach chéo trong hinh v&). Do
dé dién tich thiét dién s& la:

S(x) —Ja?=x2 a2 —x? —a2—x? xe [0;a].
Khi d6 ap dung cdng thirc (*) thi thé tich vat thé can tim sé bang:

21_16&13

0 3

X

a a 3
V:SjS(x)dc :8[(a2 —Xz)dx:S(azx— j
0 0 3

Cau27:PapanA
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Phdn tich: Do dién tich hinh phang d3 duoc thé hién rd trén hinh nén ta xac dinh dwoc can rd rang, do vay ta
xac dinh duoc:

2
) S . \ ~ by X
Day la dién tich hinh phang dugc gidi han bdi d6 thiham s6 y = 4—|X| va parabol y :7.

2 2 0 2 2 o) 2 3
S=[|4-x-=- dx+ [| 4-x - dx = PREESEL VR | N R S
) 2 4 2 2 6 o 2 6

Cau 28: Pap anB
il

0 14 14 28

-2 3 3 3

3
Phén tich: Ta cé dién tich hinh phang dugc tinh bang cong thire: S = J. tan xdx
0

T n
3 sinx SI | T
:j dxz—j d(cosx) =—In|cos x||3
[ COSX [ COSX 0
I8 1
=—In|cos— +1n|cosO|:—1n—:1n2
3 2

T

[
COS X

O'—)UJ\F]

3
Thé tich vat thé tron xoay dugc tinh bdi cong thire: V = ch tan?2 xdx =mx
0

T
:n(tanx—x)gzn tan* =T tan0+0 |= \/3—E
3 3 3

0

Cau 29:bapancC

Phdn tich: Ta sé tim phan tich d6 theo m tlr d6 tinh m nhu sau:

Inm Inm

/ exeizdx -l %:m o= I

0 0
=Inle™™ —2‘—ln‘eo —2‘:ln|m—2|—ln1 :ln|m—2|

) m-2=2 m=4
Khi dé 1n|m—2|:1n2© =
2-m=2 m=0
Phén tich sai Idm: Chu y nhiéu ddc giad quén diéu kién cha In m xac dinh tirc 1d m>0 nén khéng loai m=0 va
chon A 13 sai. Dap an phaila C.

Group: https://www.facebook.com/groups/tailieutieuhocvathcs/




HOC360.NET - TAI LIEU HQOC TAP MIEN PHi

Cau30:PdpanC

Phdn tich: Theo dinh nghia sach gido khoa ta cé:

Gia st s6 phirc z = a + bi duoc biéu dién bai diém M(a;b) trén mat phang toa do.

Do dai vecto OM duwoc goi la mé dun cla s6 phire z va ki hiéu 13 |Z|

Véy|z| :‘m‘zxﬁaz +b% .

Tur day ta suy ra A, B dung. Vay dap anla C.
Cau3l:PdpanA

Cach 1: S& dung mdy tinh fx-570VN PLUS.
Nhap biéu thirc trén vao, luu v:

+ D& biéu dién md dun s6 phirc ta nhap SHIFT Abs

+ D& bidu didn z trén may tinh cAm tay ta 4n SHIFT 2(CMPLX) méay s& hién nhu sau:

1: ara CiCOnds
SiHEe 4 ra+bi

Chon 2: Conjg la biéu dién s& phurc lién hop cla s6 phirc.

Vay biéu dién biéu thirc nhu sau:

g CMPLE. Math A |
|1.'='=2- lZ 1+351 ] Dm‘ui IIF
; 141

+ [H] mgn
_‘ l:'t'l«.l =) ‘ :;{ l I

1
i
§
|
1
]
{
|

Sau d6 CALC roi nhap tirng gid tri vao: Thir vao ta duoc A 1a dap én do két qua bang 0, may hién nhu sau:

CHPLE Math A

1H—i1+31]ﬂ0n49ib
141
1
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Céch 2: Nhan thay & day mau sé dang & dang s6 phirc, do dé ching ta sé van lién hop dé bai toan tré nén
don gian hon.

Goi z=a+bi(a,beR).Taco:

e | p| o o dbr 20y
1+i 1+1
- [-a—4b+(b—2a)i](1-1) =a+b%> < —3a-3b+(5b—a)i =2(a’ +b?)

2

S5b—a=0
< 2 1.2
—3a-3b=2(a"+b")

[a=b=0

a=>5b a:_fé

= {26b2 +9b=0 " _296
" 26

Vay ta chon A,
Cau32:PapanA
Phén tich: Vi z dang con rat phirc tap, ddc biét 1a dwdi mau do dé ching ta nghi ra viéc lam don gidn né vé

dang chudn z=a+bi(a,be R) sau d6tim dugc 7 va thay vao biéu thirc z.z

Tach 7o 1~ _(-m)(1-m? -2mi) —m(1-m?)+2m+i(l-m? +2m?)
I-m(m-2i)  (1-m?)*+4m’ (1+m?)?
_m+m?)+i(l+m?)  m L
(1+m?)? 1+m?  1+m?
~z=—0 Al
1+m? 1+m?
Nhw vay:
_ _ 2
2= mz+12=_l(m—2)c> 21 :_l(m—Z)
2 (m” +1) 2 m?>+1 2

<:>m3—2m2+m:0©{ B
m-=

Cau 33:PapanB

Phdn tich:

Group: https://www.facebook.com/groups/tailieutieuhocvathcs/




HOC360.NET - TAI LIEU HQOC TAP MIEN PHi

Céch 1: Ta c6 thé tir cac diém biéu dién ma suy ra dwoc s6 phirc z nhu sau:

PhuonganAla z=1

PhuonganBla z=1+1

PhuonganCla z=-1-1

PhuonganDla z=—1

Vay tuong ty nhu Cau 32, ta s& nhap biéu thirc va CALC dé chon dap an. Tir d6 ta cling chon dugc B
Cach 2: Cach lam théng thuong:

Goi z=a+bi(a,b e R). Khi d6 phueng trinh d3 cho tré thanh:

a—bi 6+71
a+bi— - =

143 5
oasbioBZONAZ3D 6T o 10bi—at3b+i(b+3a) =12+ 14i

10

. ) 9a+3b=12 a=1
<9%a+3b+i(llb+3a)=12+14i < =
1lb+3a=14 b=1

=z=1+1

Cau34:PapanA

Phén tich: Baitoan nay thyc chat 13 dya trén kién thire “Biéu dién hinh hoc s8 phirc”. Ta thay néu dit
z) =X, +yji (X;;;y; € R). Khi d6 diém M(x,,;y;) la diém biéu dién s6 phirc z; thoa man:

x1+ 3+ v2| = iy =3, 2] =

1 : o
o xP+(y-V2)% = - U ra tap hop céc diém M biéu dién 212 duomg tron (C) c6 tam 1(0;+/2) va ban

1
kinh R =—.
2
Khi d6 néu N 1a diém biéu dién clia s6 phirc z; thi viec tim GTNN cda |Z1 —22| [a viéc tim GTNN cla MN.
Theo déthi z, =iz = -y, +xi= N(—yl;xl) |3 diém biéu dién z,. Ta nhan thay rd rang
OM.ON = X1y +x1y;=0= x12 + y12 . D& nhan thay OM:ON:\/xl2 + ylz

Ta co hinh vé sau:
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W

Do OMN la tam giac vudng can tai O nén MN=0M+/2 , do d6 d& MN nho nhat thi OM nhd nhat. D& thay, OM

. . 1
nhé nhat khi M=M’ (M’ |a giao diém cuta Ol véi duong tron nhu hinh vé). Tic 13 M(O;\/——Ej . Khi dé

MN=OM\/§:(\/__%j\/§=2_%

Cau35:PapanD

Ta c6 hinh v& sau dé quy doc giad ¢ thé hinh dung rd hon.

1
Ll
i
1
1
T
b
r
¥
3
[
L}
]
]
1
]
i
F

Ta nhén thay: khi nhin vao hinh vé thi ré rang dudng ndi tdm chinh la dwdng trung binh cla tam giac c6 day
la dudng chéo clia mat bén nhu trong hinh vé&. Do vay d6 dai dwong chéo chinh bang hai lan d6 dai cla

dudng ndi tdm d3 cho, tirc 3 6\/5 . Mé&t khac do dai dudng chéo bang \/E [an d6 dai cha canh hinh lap
phuong, do d6 do dai canh hinh 1ap phuwong cé d6 dai : 6. Khi d6 V = 63 = 216.

Cau36:PapanA

Phén tich: Ta c6
1
Vasco = Vmasc + Vimasp = g(dl + d2 )21 =216
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Cau37:PapanB

Phdn tich: Ta thay khi quay quanh truc SO s& tao nén mot khdi tru nam trong khéi chép. Khi dé thiét dién
qua truc cla hinh tru la hinh chit nhadt MNPQ. Ta cé hinh sau:

S
Ta c6 SO=h; OA=R. Khi d6 dat OlI=MN=x
Theo dinh li Thales ta c6
Q I M _
Mzﬂ: IM = OASI _ R.(h—x) .
OA SO SO h

A : , R?
P O N Thé tich khéitru V = tIM2.IH = nhz x(h—x)?

2x+2(h—x)T

Ap dung bt déng thirc Cauchy ta cé: 2x(h — x)2 < [ 2

4R ’h

Vay V<
Y 27

, h h
.D4u “=" xay ra khi x =§ hay MN :E

Cau38:PbapanB
Phdn tich: Ta c6 hinh vé dudi day

Ag ik

Theo nhu dé bai dit kién thi ta cé thé dé dang tinh duoc thé tich
B’ cta khdi lang tru tam gidc déu ban dau, tir d6 suy ra thé tich cla
khdi ti dién AB’BC. DE tinh dwoc khoang céch tir B dén (AB’C) thuc
chét 13 tim chiéu cao cua t& dién, dén day bai todn sé duogc giai
quyét néu quy déc gid tim duoc dién tich tam gidc AB’C.

Y Vi dé bai cho di kién ((A’BC), (ABC))=60°, nén ta s& di xac dinh géc
. nay bang cach goi H 1a trung diém ctia BC. Tam giac ABC déu nén

; % AH L BC (1).

s C AAL(ABC)=AALBC(2)

H Tir (1) va (2) =BC L A’'H =((A’BC), (ABC)) = A’HA = 60°

B , 3a
=A’A = AH.tan 60°=7

3a azx/g B 3a3\/§

1 a3\/§

Va Vpiapc = gV = lGc nay ta cd thé loai Cva D.
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Dé thay dién tich tam gidc AB’C c6 thé dwoc do B’AC can tai B’ ¢

2
B'A=B'C=,[a’ +(3§j =#;AC=a

Dé tinh dwoc chiéu cao ké tir B’ clia tam gidc ¢ do dai la a\/g

2 3V
a3 — d(B;(AB'C)) = —Basc _ 33

= Sacp = 4
AB'C

Cau39:PbdpanC

Phén tich:

Nhan xét hinh thang ABCD can va AB=2AD =2BC = 2CD =2a nén ACB =
ADB =90°

M3t phang qua A vudng géc vdi SB tai M nén AMB = 90°. Ta cé BC L
ACva BC L SAnén BC_ (SAC)

Do d6 AN L BCva AN L SB nén AN _L (SBC)
=AN _L BN, hay ANB = 90°

Ta cling c6 AP L. SBva AP L BD nén AP L (SBD) =AP | BP, hay APB =
90°

Ta th3y cac diém C,D,M,N déu nhin AB dudi mot géc vudng. Néu da
nam chac duoc 161 gidi & cac dé trudce thi & dé nay, khong kho dé quy
ddc gid nhan ra AB chinh 1a dudng kinh cda khéi cau. Do vay d=AB=2a

Chu y: Nhiéu doc gia theo théi quen d3 di tim ban kinh chi khéng phai duwdng kinh dan dén chon sai dap an.
Cau40: PapanA

Phdn tich: Hinh chép SABCD la hinh chép ti gidc déu cé AB=SA=a , nén khéi nén ngoai ti€p hinh chép cé bén

2 _(&]2 _aV2

2 2
aﬁjaﬁ V2

va chiéu cao SO =

a
kinh day r =

1
Khi d6: Vo ==T.
o3 ( 2 2 12

Caudl:bapancC

Loi gidi: DAy 1a bai todn co 10i gidi kha don gian nhu sau:

, a . .
Hinh tru ngoai ti€p hinh [ap phuong da cho cé ban kinh dédy r = va chiéu cao bang a.
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2 3
av?2 ma
:”Vtrf“(Tj STy

Cau42:PapanD
Phén tich: Gia st ban kinh clia mdi qua béng ban 1a r thi khi d6 hdp dung bong ban sé& cé kich thudc 1a 2r x 2r

x 6r. Khi do tong thé tich cta ba qua bdéng ban sé |a 3.§.n.r3 =dnr’,

Thé tich clia hop sé 1a 2r.2r.6r = 2417 Vay phan khéng gian con tréng trong hop sé la:

207>

V)= 24r° —4mr® = 20mr? s& chiém 3

100% ~ 83,3%.
247r

Cau43:PapanA
Phén tich: Ta cé thé tich phan nuwédc dang lén chinh bang thé tich cda vién bi ném vao. Do vay ta cé:

Thé tich nuéc ban dau:
h
Vl = Tfhz (R ——j,
3
Khi dé thé tich nuwéc sau khi ném vién bi vao thé tich sé 1a
4 h) 4
V, =V, +§nr3 = 1th? (R—§j+§nr3(l)

Theo dé bai ta coé:
“Bd vao trong chau mot vién bi hinh cau bang kim loai thi mat nwéc dang I&n vira pht kin vién bi”.

Do vy thé tich sau kh bd vién bi vao dugc tinh bang cong thirc:

V, = m.(2r)? (R —%j 2)
T (1) va (2) ta c6 phuong trinh: th? (R —%) +§nr3 = 4nr? (R —%)

& 4r° —4Rr? +h? (R —%) 0.

Khi d6 thay cac gid tri ma dé d3 cho vao phuong trinh bAm may tinh gidi ta dugc r ~1.019450 (chon A).
Bam mady tinh ta thay cé 2 nghiém, tuy nhién viéc ban kinh cla vién bi xap xi bdng chau nuéc |a diéu vé i (
~9.90486).

Cau44:bapanB
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Phén tich: Ta c6 dudng thang can tim vudng gdc véi mat phang (P) d3 cho phuong trinh do dé vtcp cla
duwong thang can tim cung phuong véi vtpt clia mat phang. Khi dé két hop véi dir kien duong thang di qua
x=1 y-4 z+7

)

A(a;4; -7) thi ta duoc phuong trinh:

2 2

Cau45:bapanA

Phén tich: Ta khong cé cong thirc tinh khoang cach tir mot diém dén mot dudng thang do vay ta s& tham s6
héa toa d6 diém H Ia hinh chiéu cla diém | 1&n dudng thang d, tir d6 tinh khodng céch gitra hai diém | va H.
Do chi ¢ mot phuwong trinh nén ta sé viét phuong trinh tham s8 clia dwong thang d tir d6 ta cé phuong
trinh mot bién.

X=t
Tacd6d:qy=—-1-t
z=2-t

= H(t;—-1-t;2—t) < [H=(t-1;—t—4;—t —3)

Do IH L d néntacé phuwongtrinh:t—1+t+4+t—-3=0 < t=-2.Khidé fﬁz(—Z;—?a;—l)

= IH=1(-2)2 +(=3)* + (-1)* =14

Cau 44: bap anB

Phdén tich: Do (B) || (ct) nén khodng cach tir (B) dén (o) bang khoang cach tir mot diém trén (B) dén (o).
Ma (B) chira dudng thang d do d6 M(2;8;4) e d = M € (B). Do dé:

_ p2-28-4+35 9

d .
PR+ ()? V4

Chu y: Nhiéu doc gia di lam lan lvot d6 13 viét phuong trinh mét phang (B) ra roi bat dau tinh, tuy nhién d6
1a cach 1am vong, nén chi y dé cé dugc cach lam nhanh nhat khi lam tréc nghiém.

Cau47:PapanA

Phén tich: Truéc tién ta di tim toa d6 truc tdm H(x,y,z) cha tam gidc ABC. Khi d6 ta sé& 1ap hé phuwong trinh
ba an v&i ba dit kién sau:

AHBC=0 —X+3y—-z=-5
BH.AC=0 & {2x+4y—2z=4 :H(ll;—%; j

[Xﬁ,m]ﬁzo 2x +4y+10z=16

Group: https://www.facebook.com/groups/tailieutieuhocvathcs/




HOC360.NET - TAI LIEU HQOC TAP MIEN PHi

Xx+2y+z-3=0

Do A:(P)Q(Q) nén A{zx_y_z+3:()

Giao tuyén A di qua M(0;0;3) va cé vtcp u= (1;,-3;5).

17 1 . =1 P
(a) qua H(?,—g,lj va vtpt n—[u,MH} =(7;19;10)

= (a):7x+19y+10z-30=0.
Cau48:bapancC
Phdn tich:

Céach 1: lam thong thudng: V&i dé bai dang nay cho khd nhiéu dit kién thi ra s& chon phuong phap dat vtpt
clia mit phing (P) 1a n = (a; b;c), (a2 + b +¢? > 0) 1a VTPT cta (P).

Khidé (P):a(x—4)+b(y—-3)+c(z-4)=0

2b+2c¢

Vi (P)||A nénnp Ln, .Suyra —3a+2b+2c=0<a= (1)

Theo dé ta c6 (P) ti€p xuc véi mat cau (S) nén:

—3a—-b-
at Py =R 222074 5 )
\/a2 +b2 +c2
2a+2c¢

2
Tir (1) va (2) ta cé (b+c¢)? :( j +b% +c? < 2b% =5bc+2¢2 =0 (3)

b=S
S 2b-c)(b-20)=0<=| 2
b=2c

V@i b=2c, chon b=2, c=1 =c=2, khi dé (P): 2x+2y+z—18 =0 (khéng thda man vi chra A).
. c
V&i b =—, chon c=2=b=1,

(P) = 2x+y+2z-19=0 (Théa man).

Cach 2: thir tirng dap dn mot.
Chu y: Nhiéu doc gia khong loai trudng hop trén nén dan dén chon B.

Cau49:bapancC
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Phdn tich: Ta Ian luot di phan tich tirng budc mot.
O budc 1: Ta thay tit ca cac toa do déu duoc tinh dang.

O budc 2: Ta thay biéu thirc tinh tich cé huéng dung, ta cé thé kim tra viéc nay bing cach bam may tinh toi
d3 gidi thiéu & cac dé trudec.

Vi bidu thire tinh tich hdn tap ta kiém tra lai nhu sau:

[A—B;A—CJ.A—D:—3.1+0.10+(m+2).1=m—1

#m+5. Do dé budc 2 sai, Chon C.

Cau50: Pap anB

Phdn tich: Ta c6 goi I(a;b;c) l1a tdm mét cau ngoai tié€p t&r dién ABCD khi dé
IA=IB=IC=ID=R

(21—2)2 +b2+c? =R?

a2 +(b-22+c2 =R’

a’ +b? +(c—2)2 =R?

(a—2)2+(b=2)> +(c—2)> =R?

—4a+4=-4b+4
—4b+4=—-4c+4
(a—2)% +(b=2)2 +(c=2)? =(a—-2)> +b> +¢?
a=b=c
= 5 5 2<:>a:b:c=l
3(a-2)"=(a—-2)"+2a

Khidé R =+/3(1-2)> =/3.
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