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PAP AN
1B 2A 3C 4A 5C 6A 7D 8C 9B 10B
11A 12D 13D 14A 15B 16B 17B 18B 19A 20D
21B 22B 23B 24B 25D 26C 27A 28A 29C 30D
31A 32C 33A 34A 35B 36B 37B 38B 39B 40A
41A 2A 43C 44C 45D 46B 47C 48B 49D 50D
GIAI CHI TIET

Cau 1. Pap an B
A saivi f(x) phaila ham s 1¢
C sai vi tim d6i xtmg phdi 1a 7 (m;n)
D sai vi theo nhu cau 1 van ton tai truong hop 1 '(x) =0 nhung x = x, lai khong phai la diém cyc tri
Cau 2. PDap 4n A
Giai:
: —X

y -
V4 —x?

Str dung may tinh Casio ta tinh dugc y"(o) = _?1 <0 . Suy ra ham s6 dat cy dai tai x=0.

;V'=0x=0

Nhu vay ham s6 khong c6 cuc tiéu.
Cau 3. Pap an C

Nhic lai kién thirc: Phuong trinh tiép tuyén tai diém M (x,;y,) cta dd thi ham s6 (C) cho truéc 1a
Y=Y (x=20) + vy (*)
Suy ra hé s6 goc ctia phuong trinh tiép tuyén la V) = 6x* —12x=6(x—1) —6>-6

Hé s6 goc tiép tuyén ctia dd thi (C):y=2x"—6x’ +3 dat nhd nhat1a —6 khi x=1

Thay vao (*) ta dugc phuong trinh tiép tuyén can tim.

Cau 4. Dap an A

Cac ham sb 1;4

Cau 5. bap an C

Vi may tinh khong c6 chirc ning tim dao ham cip 2 ma chi tim dugc dao ham cdp 1 nén ta phai tim

dugc dao ham cap 1 cua ham so6 da cho.

Group: https://www.facebook.com/groups/tailieutieuhocvathcs/




HOC360.NET - TAI LIEU HQOC TAP MIEN PHi

Co f'(x)4.sin’ xcosx —4cos’ xsinx , suy ra f'(%j=0

. d . .
Bam may tinh d—(4.s1n3 xcosx —4cos’ xsin x)
x

xX=

ta dugc f"(%) =4

INIE

Vay gia tri can tim 1a 1.
Cau 6. DPap an A
Luu ¥ bai todn bdt tim tong GTLN va GTNN chir khéng phdi tong gid tri cuee tiéu va gid tri cuee dai,
can chii y diéu nay dé tranh sai sét khéng ddang co.
Gidi: Taco y'=3x"+6x—-9
Phuong trinh y'=0< 3x>-6x-9=0< {x =3 [_5;2]
x=le [—5; 2]
Tinh céac gia tri Vis) = 30; Vs = 62; Yoy = 30; Yoy = 37
So sanh céc gia tri ta suy ra GTLN 1a 62 va GTNN 1a 30
Tong can tim 13 92.
Cau7.Pap an D
Dbi véi dang toan nay, thi sinh rat d& “hoang loan” khi gap phai vi ham sé dé cho kha dai va phuc
tap. Tuy nhién néu dé ¥, ta c6 thé thay rang |x2 - x1| bang mot gia tri nao do theo bién a , do do ta co
thé thir gié tri ctia a sau d6 tim |x, —x,| r0i tim mdi lién hé giita hai gia tri phu hop véi dap 4n nao.
Nén thtr nhiéu hon 2 gia trj ctia a dé tinh chinh x4c cao hon.
Véia=1= y=2x"-9x" +12x+2.Khid6 y'=6x"—18x+12;y'=0< x=2vx=1 =|r,—x|=1
Nhu vay dap an chi ¢6 thé 1a B hodc D.
Véi a=2=y=2x"-15x>+36x+2.Khidd y'=6x>-30x+36;y'=0=>x=2vx=3
= |x2 - x1| — |/
Vay dap an D la chinh xéc.
Cau 8. Dap an C
Tap xac dinh D=R

y'20VxeR
y'<0VxeR

(*)

Cé y'=3(m—3)x"> —4mx . Ham sb da cho khong c6 cuc tri khi {

Néu m=3= y'=-12x co tap gia tri |a R= khong thoa man.

Néu m #3= y' thoa mén diéu kién (*) khi va chi khi —4mx=0 Vxe R=>m=0
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Thir lai thiy gia tri m =0 thoa man.

Cau 9. bap an B

Tacod y'=x"+2(m—2)x+2m+3.Ké bang bién thién thi ta thay dé ham sb nghich bién da cho
nghich bién trén [0;3] thi phuong trinh '=0 phai c6 2 nghiém phén biét théa man x, S0<3<x,

xx,<0 ;
Suy ra {(x, —3)(x, —3)<0. Ap dung vi-et giai ta dugc m < _7 . Do d6 chon dap 4an B
A>0

Cau 10. Pap an B
Hudng di: Chuyén ham da cho vé bién 13 cos” x
f(x)=sin*x.cos’x = (1 —cos’ x)2 .(0052 .x)3

Pit cos’ x =1 e[0;1]= f(x)=g(¢)=(1-¢)’ . Suyra g'(t)=—£2.(1-1)+3* (1-1)" .

Phuong trinh g'(1)=0 < (1-1)[ 2t +3(1-1)|=0 < £ (1-1)(3-51)=0 < | 1=1€[0;1] .

Tinh gia tri g(¢) tai ¢ = O;l;% ta dugc GTLN cua ham s6 la 3110 285

Cau 11. Pap an A

Dé d6 thi (C, ) nhéan I(1;0) lam tm d6i xtmg thi I(1;0) phai 1a trung diém cua hai diém cuc tri.
Suy ra ham s6 dé cho dat cyec tri tai 2 diém c6 tong bang 2 (Vi hoanh d6 diém I 1a 1)

Co y'=-3x"+6mx;y'=0=x=0vx=2m =0+2m=2>m=1

Cau 12. Pap an D

T

ER

Gia tri can tim 1a log, (

Cau 13. Pap an D

Diéu kién a #1
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5 L . | Ya-1) 2/a-1
3
1

Ta c6 thé viét lai (a—1)3 <(a-1)3 < < =
(a7 sla-lft @ s

>0

Ja—-1

sSaz>?

<3{(a—1)2 2a—1©{(a—1)(a—2)20

a>1 a>1

Két hop diéu kién suyra a>2 .

Sai 1Am thwong giip: Khéng dé y dén diéu kién >0 khi bién doi twong dwong.

Ja—1

Chu 14. D4p 4n A.

bat 3" =1>0 suyra 3r* -10+3<0 <:>(3t—1)(t—3)£0<:>%£t£3 ©3'<3 <3 o -1<x<1

Cau 15. Pap an B.

St dung cong thirc tinh dao ham (u")=nu""u' suyra y'= [(ln 7x);}'= %.(ln 7x)%4 (In7x)
1 1 7 7

s JIn* 7x X 5x3In* 7x

Cau 16. Dap an B

1 1
Tt phuong trinh da cho ta suy ra: log, x.log, x —log, x — %' 0 o log; x(log3 x—1- J =0

log, 3 log, 3
log, x=0
X x=1
< log, x(log, x—log,3—log,5)=0 < log x.log,—=0 < x
15 log3E=0 x=15

Vay dép an B 1a dép an chinh xac

Nhan xét: Sir dung chire ndng SHIFT SOLVE ciia mdy tinh ta c6 thé dé dang tim ta nghiém x =1 do
d6 ¢6 thé loai luén 2 déap én A va C.

Cau 17. Pap an B

x 3 x A3
Ap dung BBT C6 si ta co: f(x):%+§—xz31/22'22x =2J4=4 . Dy “=" xay ra khi

2 2

2 2
Cau 18. Pap an B
Cau 19. Pap an A

S22 == x=2
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O dang bai toan tim dao ham, ngoai cach dat but ra nhap va tinh dao ham thi ta ciing co thé thir truc
tiép bang may tinh. Cach thir 1a ta s& tinh gia tri ciia f'(x) tai 4 dép 4n va gid tri dao ham f(x) tai
cung mot gia tri. Vidu tai gia tri x =1

, X+ —X
Bém may tinh i(e © j

. cho két qua —0,724061661
dx\ e —e™

x=
Tinh gié tri tai cac dap an:

Dapan A f'(1)=-0,724061661
Dap 4an B f'(1)=0,4920509139
bép an C f'(l) =3,08616127
bapanD f'(1)=-0,9050770762
Cau 20. Pap an D

Diéu kién x & (0;+%)\ {%}

Phuong trinh 2Inx+In(2x~1)" =0 < 2Inx+2In[2x—1|=0< In(x2x~1|)=1In1

xe(O;lj
2

x(1—2x)=1

e x2x-l=le e x=1

1
xX>—=
2

x(2x-1)=1

Nhdn xét: O bdi todn nay viéc chuyén ln(2x — 1)2 = 21n|2x — 1| néu bi nham thanh

(2x — 1)2 =2In (2x — 1) khong gdy anh hwong t6i két qua. Tuy nhién & mét sé bai todn twong tu,
trong viéc phd binh phwong & logarit ching ta can chii ¥ la can c6 dau gid tri tuyét déi dé tranh sai
lam khéng dding cé.

Cau 21. Dap 4n B

Ttr dit kién dé bai ta dé dang suy ra s6 thoc ¢ 6 thirn s& 1a 2" hat.

2% 1

64
Tong s thoc dcacola §=) 2" =1+2+27+..+2% = =2%—1 hat
1

Luu y rang so chir s cia mot s6 chinh la gia tri nguyén nho nhat 16n hon log cua so6 do.
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Sir dung may tinh ta tinh dugc log(2* —1) ~19,26591972 nén sb théc 1a mot s6 ¢6 20 chit sb.
Cau 22. Pap an B
Néu v6i phuong thire thi ty luan, day c6 thé 1a cau gay khé dé véi nhiéu thi sinh, tuy nhién véi
phuong thirc thi tric nghiém ta c6 thé don gian thtr timg dap an dé c6 duoc két qua nhanh nht.
Cau 23. Pap an B

Dbi véi bai toan nay, chiing ta sir dung phuong phap nguyén ham timg phan.

Uu=x du =dx
bat dx = sin x
dv = > y=tanx =
Ccos” x COS X

d(cosx)

—_

sin xdx

=(xtanx)|3 +

COS X COS X

O |y
O m— 0 | N

/4
Ap dung cong thuc tich phan timg phan ta c6: I = (xtan x) 3—
0

o Wy

r r
< I =(xtanx)|3 +In(cosx)|3 - 2
0

0 V3

Suyraa=—;b=-In2.

L
NG

Tong a+b :L—ln2z—0,1157969114

NG

Luu ¥ khai niém phan nguyén cta x 1a s6 nguyén 16n nhat khong vuot qua x, vy dap an dung 1a dap
an B.

Nhan xét: Bai todn trén doi hoi kha nang bién doi ciia thi sinh va nhdc lai kién thirc vé khdi niém
phan nguyén, sé ¢6 thi sinh khi di thi da tim ra két qua phdn tich nhung ling ting trong viéc lya
chon ddp dn vi khong nhé ré khdi niém phan nguyén.

Cau 24. Pap an B

Cau 25. Pap an D

xe(—oo;l]u[3;+oo)
xP—4x+3=x+3 {x:S
o

{ xe(1;3) x=0

X’ —4x+3=-x-3

Phuong trinh hoanh d6 giao diém: ‘xz —4x+ 3‘ =x+3

:>S=j”x2 —4x+3-x-3ld =1277
0
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Cau 26. Pap an C
4 A \ 5 2 3 \ 2 3 .x4
Ta c6 ha nguyén ham cia f(x)=2x"+x"-4 Ia jf(x)dngx +T—4x+C

4 3
Vi F(O) =0 nén C s& nhan gia tri 0, nguyén ham can tim la F(x) = %+27x_4x

Sai lam thwong gap: Thi sinh doc khong ki dé bai nham lan chon dao ham cia ham da cho déan dén

lwa chon dap an A.
Cau 27.Pap an A

D& dang tim duoc phuong trinh tiép tuyén ctia d6 thi ham s6 y = x* +1 tai diém A 1a: y =2x

1
Dién tich hinh phang can tim 1a § = ”xz +1- 2x‘ dx = %
0

Cau 28. Pap an A

Cau 29. Pap an C

Chu ¥ rang hai sé dugc goi 1a d6i ciia nhau néu téng ciia chiing bang 0, do d6 sb di cua sé phirc
z=2+5i phaila -2-5i

Sai lam _thwong gdp: nham lan giita s6 doi va sé phire lién hop.

Cau 30. Pap an D

Viéc str dung may tinh Casio trong bai toan ndy duy nhat chi c6 thé & budc thu lai dap an. Dé giai
quyét bai toan ching ta can giai phuong trinh di cho theo phwong phap “co dién:

bat z =a+bi(a;b € R). Phuong trinh da cho tuong duong: 3z+i(z—2)=7-6i
< 3(a+bi)+i(2bi)=7-6i < 3a—2b+3bi=7-6i
3a-2b=7 a=1
& &
3b=—6  |b=-2
Suy ra mb dun s6 phitc z 1a |z| = V1* +2° =5
Cau 31. DPap an A.

Ngoai cach bién doi thong thuong 1a dit z = a+bi(a;b € R) sau d6 bién doi twong duong, ta cling

c6 thé thir cac dép an bang cach chon mot diém trén mdi duong roi sau d6 1dy sé phic z ma diém do
biéu dién thay vao dé bai kiém tra lai.

Cau32.Pap an C

Ta c6 toa dd céac diém lan luot 1a A(-1;3); B(-3;-2); C(4;1)
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Tiép theo ta tinh cac vecto tao thanh tir 3 diém trén: AB = (-2;-5); AC = (5;-2); BC = (7;3)

D& dang thiy ring AB.AC =0 va AB= AC =22 +5* =29

Do d6 tam gidc ABC vudng can tai A

Cau 33. Pap an A

Bién ddi ta dugc két qua sau w=2>-2z+3=(3-i) ~2(3-i)+3=5-4i
Vay phan 4o cua sb phirc w 1a -4

Cau 34. Dap an A.

3 5. 3 5,

Str dung chtrc ndng tim nghiém trén may tinh ta tinh dugc z, = — + 51, Z, g

=———=i

Tuy nhién may tinh khong thé tinh dugc liy thira bac bon ctia mot sb phitc nén ta s& phai tinh 1an

luot.
2 2
L, (=B s 11 53, s Le (11 53 ) 23 533,
Tacd z; =| —+=i| =———1 =z z(zl) = ———i| =—+—1i
2 2 2 2 2 2 2 2
Tuong tu thi z; :?—¥i32f+zg =23

Cau 35. Pap an B
goi O la tdm hinh vuéng ABCD

a3 a2

= SO L (4BCD);50="==3;04=08=0C=0D=="~.

Goc giita mit bén va mit phing day 1a:

(84;(ABCD)) =(54;04) =S40

tan SAO = 30§ \/E = SAO =tan™" \ﬁ
0OA 2 2

Cau 36. Dap an B
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Cau37.Pap an D

Coi nhu khéi 1ap phuong c6 canh bang 1. D, &

Dé giai bai toan nay, ta phai xac dinh dung thiét dién cat boi . B’

mit phang (DIC") ‘/,.--"

Lay M la trung diém AB thi IM la duong trung binh tam giac
ABB’ nén IM //AB'/ /DC"

Suy ra bén diem 7,M,C'D cung thudc mot mét phing (C'ID)

Thiét dién cdt boi mit phang (DIC") 1a tir gide C'DMI
Phan c6 thé tich nhé hon 14 khéi da dién C'IBMDC
Dé thuan tién tinh toan ta chia khéi trén thanh 2 phan 1a t&r dién IMBD va hinh chép DIBCC’.

1 11 11,1 1
V.. =—IBS,,, =—.—IBDAMB=—.—.1.—=—
IMBD 3 BDM 3 2 6 2 2 24
1 1 1 . 1 1/(1 1
V) sce =§.DC.S,BCC, =§.DC.E.(IB+CC ).BC :5'1'5'(71)'1’1
2, Lo R s , \ 1 1 7
Suy ra thé tich khoi c6 thé tichnho honla V, =V, .  +V, poc. =—+—+—
24 4 24
Thé tich phan 16n hon 1a ¥, =V y =1el Y
p ! ABCDA'B'C'D' n 24 24

Vaytilécantim1a V, : ¥, =7:17

Nhan xét: Pdy la mét bai todn khd khé doi héi kha nang dung hinh va xdc dinh diém phi hop ciia
thi sinh. Cé mét sé ban xdc dinh dung thiét dién nhung gap kho khan trong viéc tinh thé tich cdc
phan vi chwa chia dwoc khoi thé tich thanh cdc hinh nhé hon dé tinh cho phii hop.

Cau 38. Pap an B

Vi day 1a cac khéi tir dién nén ta c6 thé ap dung cong thirc tinh ti 16

thé tich; Luww _ AM AN AD 11, 1
Visen AB AC AD 2 2 4
Cau 39. Pap an B
Cau 40. Pap an A
A s 1 a’
Dién tich tam giac ABC: S ;. = E.CA.CB =5
B> 3rall 2 .y A s \ 1 az 613
Ge(A'B'C')= A, 45cy) =2a - Suy ra the tich can tim 1a V' = 5.7.2a =3
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Cau41.Pap an A
Goi I 14 trung diém ctia AB thi OI 1 AB;SI 1 AB;OI =2

J3

AO = 84.cos SAO = SA.T

Lai co
Al = SA.cos SAI = %
Tu dodtacd ﬂ = L Mat khac
A0 3

izcosIAO:sinIAOzﬁzi:OAzx/g
AO 3 04

Ma s4=_24 :ﬁ.%:zﬁ

cos30 \/_
Dién tich xung quanh can tinh la: S, =mOAS4= 473
Nhan xét: Piém mdu chét ciia bdi todn nam & viéc ldy thém diém I
Cau 42. Pap an A

Hinh nén sinh bdi mot tam gidc déu canh a khi quay quanh mot dudng cao thi s€ c6 chi€u cao bang

chidu cao cua tam giac do, tirc 1a 4 = #; dudng kinh bang canh tam gidc = 2r=a < r= % .
3
Thé tich cia khéi non dé 1a ¥ = -z, h =2 3
3 24
3
Goi R 14 ban kinh khéi ciu c6 cing thé tich v&i khéi non trén thi ta co V = %mﬁ =4 Zf

\ 5 3 2_.3
= R} =-a3f @R=#:> Dién tich khdi cau 1a S = 47R? = 47d> 1162 == 72/5

Cau 43. Pap an C

Goi H (1+2t;2t;~1+¢) 1a hinh chiéu ciia M trén d — MH =(1+26;2t+1;1-4)
Ma MHau; =0 (2t+1).2+(2t+1).2+(1-4).1=0 <9 =0<1=0 = MH =(1;1;-4)

Vay khoang céch tir M dén d 1a MH =1 +1> +4*> =18 =342
Ciu 44. P4p 4n C.
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x=0
Phuong trinh truc Oy 1a: { y =¢ ¢6 vecto phap tuyén u =(0;1;0)
z=0

Goi M (0;£;0) 1a hinh chiéu ctia I trén Oy = IM =(-3;t-3;4)
IMu=0=t=3=IM =(-3;0;4)= IM =5

Bén kinh mit cau chinh 1a khoang cach tir I ¢én Oy hay IM
Cau45.Pap an D

Mit cdu (8): x>+ > +2° —2x+4y+62 =0 (x—1) +(y+2)" +(z+3)" =14
Suy ra mit cau (S) ¢6 tAim 1(1,-2;-3)

. 41-2.(-2)+3.(-3)+1
Khoang cach tir I dén (or):4x—2y+3z+1=0 la d:‘ (2)+3.(3) ‘:0
47 +2% 43

Vay mit cau (S) khong tiép xtc voi («); () diqualva (@) cit (S) theo mot dudng tron

Cau 46. Dap an B

Goi diem M (3t+1;3—#,2—3¢) thudc d va 1a giao diém cua d va («)

M (3t+1;3-1,2-3t)e(a) = 2(3t+1)+(3—1)+(2-31)+5=0 < t=—6

Suy ra M (—17;9;20)

Cau47.Pap an C

Nhan thiy rang néu MC vubng goc v6i (ABC) thi MC s& vudng goc véi cac dudng ndm trong mit
phing (ABC). Tur d6 ta s& c6 2 phuong trinh la CM .AB = 0;CM.AC =0

Goi M (0;b;¢) = CM = (=3;b;c—4)

Dé dang tinh duoc 4B = (-1 2;0);Rw =(2; 0;4);C—M.Z§ =0;CM.AC =0

b_—3
3.1+2b=0 Ty 311
= = =>M|0,——;—
—32+4(c-4)=0 11 272
c=—
2

Cau 48. Pap an B

Hai mit phang song song véi nhau khi vecto phap tuyén cta ching ti 1& v6i nhau.
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Hai mit phang di cho déu da biét hé s cua z nén ta c6 thé d& dang tinh ti 1& cta 2 vecto phéap tuyén

lak=—0-_>
3

Do dé: m=2.(-2)=—41="C =3 & (L,m)=(3-4)

Cau49.Pap an D

Taco ua =(2;41);n, =(L11) = uan, 20 . Vay (d) cit (P), loai dap an A va C

Thir hai gia trj diém M & hai dap an B va D ta thdy dép an D théa méin yéu cau dé bai..

Cau 50. Pap an D

Tur phuong trinh mét cdu (§):x* + )% +z° —2x—2z =0 ta suy ra dugc mit cdu c6 tim

1(1;0;1);R=+2

Nhan thiy hai ménh dé I va ITI d6i nhau, ca hai ménh d€ déu lién quan dén gié tri m dé () cét (S).
|4 + m|

Dé (a) cit (S) theo mt duong tron thi khoang cach d phai nhé hon ban kinh mét cau la

Khoang cach tir M dén mit phang («):4x+3y+mz=0 la d =

2
Revmo L p e A e S0_(mea) 50 o —8me 3450

V& +3 +m’ m’® +25
Do d6 voi moi gia tri clia m ta déu co: (o) cit ()
Vay ca hai ménh dé 1 va III déu sai

Sai lam thwong gdp: Déi khi chiing ta lam dung qud nhiéu phirong phdp loai bé ddp dn, & bai todn

nay hai ménh dé I va I doi nhau nén ta dé bi “lam twong” rang I trong hai ddp dn ding.
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