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Pap an

1-A 2-C 3-A 4-A 5-C 6-A 7-C 8-C 9-C 10-D

11-B 12-C 13-D 14-D 15-A 16-D 17-D 18-D 19-A 20-B

21-C 22-A 23-C 24-D 25-A 26-A 27-C 28-A 29-A 30-A

31-C 32-A 33-B 34-A 35-B 36-B 37-A 38-A 39-C 40-D

41-C 42-D 43-A 44-A 45-A 46-D 47-B 48-C 49-A 50-A

LO1 GIAI CHI TIET
Cau 1: Pap an A
- D6 thi ham s8 di qua diém (O;l) nén loai C.
- D6 thi ham s8 di qua diém (1;0) nén loai B, D.
Cau 2: Pap an C
Tap xac dinh: D=R\ {3;—2}

L X+2 ) X+2 Y 1 T U
Ta c6: lim ———— = +oo, lim — = lim =—1 nén d6 thj ham s sé cé mét dwdng tiém can
>3 X°—=x—-6 x22 X" —X—-6 x-2x-3
diéngla x =3
T X+2 X
Va lim ——= 0 nén do thj ham s6 c6 mot duong tiém can ngangla y=0

X—)ioox _X_6
Cau 3: Pap an A

x—1 x—1 1
= = = TCD:x=2va TCN:y=0
Y x> =3x+2 (X—l)(x—2) X—2_> X v Y

Cau 4: Pap an A

Cac em lap bang bién thién dé quan sat va két luan ddp an dung
Lwu y: Dau cla y’ khdng d6i khi qua nghiém kép.

Cau 5: Pap an C

. . —4 4
- PT dwdng thang di qua 2 diém cuc tri: y :?x _E(A)

- d:4mx+3y=3<:>y=—4me+l;A//d—>—4Tm=—g<:>m:1
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Cau 6: Pap an A
D3&i vGi bai todn nay cdc em nén lap bang bién thién xét tdng thé cac ddp an A, B, C, D dé c6 thé chon ra dap
an dung.

Cau 7: Pap an C

B 2x* —7x+6

Phuong trinh hoanh d giao diém x> —2x 5
X_

(x #* 2)

@(x—l)(x—3):0<:>x:lvx=3 suy ra cac tung d6 giao diémla y=—1vy=3

Cau 8: Pap an C

y=x'—6x"+6x+2016=>y'=3x"-12x+6

Vi ti€p tuyé&n can tim song song v&i dudng thang y = -3x + 2016, goi M(xo;yo) la tiép diém khi dé6 ta co:
3x§ -12x,+6=-3 < x, =1V x, =3 suyracécti€p tuyén clia d6 thj ham s la:
y =-3x+2020 va y =-3x+2007

Cau 9: Pap an C

—x’+3x-m+1=0< —x’ +3x =m—1(*)

! ’ . y=-x+3x (C)
S6 nghiém cta (*) chinh 1a s6 giao diém cla
y=m=-1(d)
BBT (C):
X —o0 -1 1 +00
y - 0 + 0 -

y+oo\>z/2'\_oo>

m< -1

m-1>2 m>3
m-1<-2

Cau 10: Pap an D

y:%XB —(m+1)x’ +m(m+2)x+2016 = y'=x’-2(m+1)x +m(m+2)

y'=0& { B 5" Lic nay ham s6 d6ng bién trén cic khoang (—oo;m),(m+ 2;+oo)
X=m-+
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m+2<3<mc<l
m+2>7<m25

Vay ham s6 déng bién trén khodng (3;7) = {
Cau 11: Pap an B

Tacé: f(t)=15t"—t’

£'(t)=30t-3t* =—3(t-5)" +75<75

Suy ra f'(t)max =75<t=5

Cau 12: Pap an C

pigu kien x > 0;log, x > 0;log, (log, x) >0 suyra x >2

Khi d6 log, (log, (log, x))=1<>x=2"=>a=2" = log,a=9
Cau 13: Pap an D

Taco: 2 =22 +6=m

bat 2" =a.pé phuong trinh c6 dung ba nghiém thi phuong trinh c6 mot nghiém x* =0, mot nghiém
2
x">0.

Tirc la mot nghiém a =1 va mot nghiém a > 2

Khido1-4.1+6=me<m=3
Véi m =3 thi phuong trinh: <> 25 —42° +3=0< (2*2 —1)(2x2 —3) —0 (théa man)

Cau 14: Pap an D

! 1-3x>0 x<l
Bat phuong trinh da cho twong duong Rt 3&0<x<—
1-3x<1 >0

Cau 15: Pap an A

Ta c6 thé nhan thay dap 4n A dung, dap an B va C sai do thiéu diéu kién co sé a nén so sanh nhuw vay |a sai.
Con ddp 4n D, ro rang A dung khong sai, do vay dap an D ciing sai.

Cau 16: Pap an D

Phuong trinh da cho twong duong

2m+(2m+1)[3_2\/§j( +(3+\BJX <0(1). pat t:[“*BJX >0 ta duoc:

2 2
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2m+(2m+1)%+t <0 f(t) =t’+2mt+2m+1< 0(2) . B4t phuong trinh (1) nghiém dung Vx <0

nén bat phuong trinh (2) cé nghiém 0 <t <1, suy ra phuong trinh f(t) =0 c6 2 nghiém t,,t, thda

f(t)<0 {2m+1£0
<~

t,<0<l1l<t, <
f(1<0) 4m+2<0

m<-0,5
m<0,5

1
.Vady m< _E théa man.
Cau 17: Pap an D
1 X —X 2xX X X
E(a +a )=1<:>a -2a"+1=0<=a" " =1<x=0
Cau 18: Pap an D
Dob>l=a>b>I>c<o0<a-b<a—-c< 1<b*® <b*™ nénAva B sai
Doa>b>c=a-c>b-c>0<b"*>b"°>1 nénCsai
Mia>b>c=a-b>0>c-b=b*">1>b""
Cau 19: Pap an A

* 0" 197 =23 5 3% 43 =23@(3X+3-")2 =253 437 =5

C5+3° 437 545 5

=3 =3 1-5 2

*

Cau 20: Pap an B
Phuong trinh twong duong: 5 x4 1=5" 42 -2x
Xét ham s6 f(‘[):5t+t:>f'(t):5t In5+1>0 Vx € R= ham sé dong bién.

Taco: 5¥ " +xP +1=57 +2-2x & f(x*+1)=f(2-2x) & x* +1=2-2x

x1=—1+\/§ 1

SxPH2x-1=0 =

Cau 21: Pap an C

Lwong cacbon 14 con lai trong mau gb 13 65% nén ta co:

P(t)= 100.(0,5)ﬁ =65< (o,s)ﬁ =0,65
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1 _t t
Log co s& — hai vé ta dugc: log, (0,5)5750 =log, 0,65 < ——=1og, 0,65
B0 g;( ) 51 5750 oL

< t=5750log, 0,65~3574 nam

2
Cau 22: Pap an A
Cacyéutd 1, 2, 3 sai:

aX
-1 dung phaila J-axdx:I—+C
na

=lln|ax+b|+C

-2 dung phaila J~(ax+b) -

2

-3 ddng phai la j(ax+b)dx:a%+bx+c

Cau 23: Pap an C

€ 1
J1+E?d}<

SrdungMTCT L 2

[Fi Bath &

Cau 24: Pap an D

n 6
J-x3 sinx.dx =7’ —67 nén k=6 suyra Idx:S
0 1

Cau 25: Pap an A
pit t=Vx*+1 =t = x> +1 = tdt = xdx
3
(\/x2 +1)

3
:>jxx/x2+1dx:Itzdtzt—+C=—+C
3 3

Cau 26: Pap an A
Vi tich phan khéng phuc thudc vao bién ma chi phu thudc vao ham va can |3y tich phan nén:

j-f(z)derj‘f(x)dx =if(y)dy:jf(z)d2=15

1
Cau 27: Pap an C

Chu y rang véi moi X € (oc;ﬁ),f1 (x)—f2 (x) #0.Vif (x) va f, (x) dé lién tuc trén khoang
(oc;B),f1 (x)—f2 (x) gilt nguyén dau. Néu f, (x)—f2 (X) >0 thita cé:
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(561 o

o

Néu f, (x)—f,(x) <0 thitacé:

j"fl (X)_fz (X)‘dx = _li(f] (X)—f2 (x))dx =

o

B
Vay trong moi trwdng hop ta déu co: .Hfl (X) —f, (X)‘ dx =

S[(f1 (x)—f2 (x))dx

o

(5, ()1, () s

o

Tuong ty nhu thé déi vsoi 2 tich phan con lai. vi vay, hai céng thire (1) va (2) 1a nhu nhau.

Cau 28: Dap an A

|

t=0(s) >V, =10m/s :

—8={(-2t+10)dt = 25(m)

V=0 2t+10=0 < t=5(s) 4

Cau 29: Pap an A

Taco z=(3+2i) =—9+46i =7 =946

Phan thuc va phan 3o 1an luot 1a —9; 46

Cau 30: Pap an A

Goi z=a+bi, vdi a,beR.Tacé: (1+22)(3+4i)+5+6i:0

< (2a+1+2bi)(3+4i)+5+6i=0< (6a—8b+8)+(8a+6b+10)i=0

32

6a—8b+8=0 A=7s 321, 7 1.

P = >z7z=——+—1=>W=1l4+z2=——+—1

8a+6b+10=0 | _ 1 25 25 25 25
25

Cau 31: Pap an C
Z=(1+2i)(4-3i)=10+5i=>z=10=5i

Vay diém biéu di&n s6 phtrc z trén mat phang phirc cé toa do 1a (10; —5)

Cau 32: Pap an A

Goi z:a+bi(a,beR):Z:a—bi

Theo gt ta c6: (2—i)(1+i)+2:4—2i<:,>a+3+(1—b)i:4—i
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a+3=4 a=1
& &

I-b=-2 b=3
=z=1+31

Suyra: |Z|=\/12+32 :\/ﬁ

Cau 33: Pap an B

1 i 1 1 1 l 1 3
Taco: 1-|—(<[I+—|L1+|-|=1- _1+ <1+ Matkhac|z|>2<:> < suyra—<P<— Suy
z z z |Z| z |Z| |Z| 2 2
ra gia tri I&n nhat va gia tri nhé nhat 13 E E . Vay tong gia tri I&n nhat va gia tri nho nhat cla biéu thic P la
2.
Cau 34: Dap an A
Goi z, =a, +b,;z, =a, +b,i,(a,,b,,a,,b, e R)
Gia thiét:
Jai+b? = Ja2+b? =13 2(aja, +bb,)=-24

=
Ja—a, P (b-b,f =5v2  |[J(a,a,)’ #(b,=b,)" = Jal +b] +a% +bi ~2(a, +bb,) =512

=a,a, +bb, =-12

Vay |z, +2,] :\/(al ~a,) +(b,~b,)" =v13+13-24 =42

Cau 35: Pap an B

Ké SH L (ABC). Buding thang AH cit BC tai l.

Do S.ABC la hinh chép tam gidc déu nén H 13 trong tdm cda AABC. Do dé

A s

AI=% AH—i SAH 60° suyra SH=a. Vay
1 a’\3
Vsasc = ESH'SAABC T
Cau 36: Pap an B
3
V=LSHS, 0 = 1.*“/_ _aV3
3 3 6
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Cau 37: Dap an A

Goi | 1a trung diém cla CD

= Ol L CD = (SOI) L CD = (SOI) L (SCD)

Ké OK,GH L SI= OK L (SCD),GH L (SCD)

a3

:>d( =0K, ma OK=%GH:>OK:T

0,(SCD))

2 2 3
SO = O£ OK 2 :a\/g'véy VSABCD:a \/5
\ OI> - OK 2 ' 6

Cau 38: Pap an A

V3 _3a’

4 4

V=A'AS,,. =a/3.

Cau 39: Pap an C
AD//(SBC)
SB = (SBC)

oH- |1 _a\/ﬁ_)d(AD’SB):zaf:a\/E

\/ 1 R 1 14
OK? 08§’

7

Cau 40: Pap an D

—d(AD,SB)=d(AD,(SBC))=2d(0,(SBC)) =

2.0H
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V, =V, Vv
it { 1 SABKN Vi _ o
Vz = VNBCDIK Vz

la\/gz \/63
—a"'=—a

* V., =—.
SABCD = 3T 6
1 1 SO 1av6 1 J6
* VN.BMC = NH'SABMC = 'T'SABMC ZET E.a.2a :EaS
* A A N A 2 .z MK 2
Nhan thay K [a trong tam cua tam giac SMC — _N = E
« Vb :MD' MI .MK:l l%:l
Vyuey MC MB MN 223 6
5 56 5 5V6
_>V2:VM.CBN_VM.DIKZE MCBN_6 E ~ T
76
\/g 3 5\/6 3 7\/6 3 \/1 72 a 7
>Vi=Vopep—Vo=—a ———a =——-a >—= =
6 72 72 v, 5J€a3 5
72

Cau 41: Pap an C
Goi H 13 hinh chiéu vuéng gbc cla O trén (P) thi

* H 1a tdm cha dudng tron giao tuyén (P) va (S).

, R
Ban kinh cCia dwdng tron giao tuyén: r = HA = OA.cos60° = 5

2 2
, R R
Suy ra dién tich dudng tron giao tuyén: mr’ = n(zj = n4
Cau42: Pap an D
. . NN a2
Theo dé suy ra duwong sinh 1 =a , va dudng tron ddy cé ban kinh r = T Khi
2 2
2
d6 S, = 2 , dién tich ddy S = =+
2 2
ma’ (\/§+1)
Véy Stp :#.
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Cau 43: Dap an A

(d): x_zl = y3—1 = 2:12 suyra u, = (2;-3:1)

Cau 44: Dap an A

Goi N(X;O;O) trén xX'Ox. Ta c6 AN’ = BN?

& (x=2) +(1) +(=1)" =(x-3)" +(2)" +1* & x =4 = N(4;0;0)

Cau 45: Pap an A

| 13 trung diém cla doan thang AB nén I(2; 2;0) . Goi K(a;b;c) suy ra IK = (a—2;b—2;c) , mat phang
(oc) c6 vecto phap tuyén la: n—:(3;2;—1)

Theo dé IKJ_( )<:>IK van cung phuong @%:bzz—%(l)ﬁa lai co

3a+2b—-c+4
OK =d oAat+bi+¢f —| a ¢ | Tl‘r(l)vé (2)tasuyra
(K(w)) J14

; 14]x +1| 1
V14x* +4x+8=——— < x=——
J14 4

vay k[ -L.L.3
4’274

Cau 46: Pap an D

1-4+5(-2)-14
J1+1+25 3\/_

Cau 47: Pap an B

=33

d(M,P)=

Tacé: AB= (2;4;2),@ b (4;2;2),% = (2;—2;—4), suyra AB=AC=BC= 2\/6 , suy ra tam giac ABC
déu.

.Pata=u

_ SA* =SB’ a+2b+c-5=0
Goi S(a,b,c) taco SA=SB=SC <

SA? =S(? < 2a+b-c-7=0

= S(u;4-u;u-3).Taco ABAAC =(-12;12;-12),AS(u-1;5-u;u-3)

Tacd Vg e :6@%[EAK6.A§]=6©|u—3|=1@{

Vay S(4;O;l) hoac S(2;2;—1)
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Cau 48: Pap an C
Vecto chi phuwong clia (D) A= (2,m,m—2)
Vecto phap tuyén cla (P) ‘n= (1,3,2)

(D)L(P)@Evé n cung phuong: 2 = 5

w|B

Cau 49: Pap an A

Goi |, R [An luot 13 tAm va ban kinh cda mat cau (S). Tacd: 1 e (d)

= I(1+3t;-1+t;t) = Al =(3t;t;t—1). (S) ti€p xic vdi (P) va A nén ta co:

t=0
|5t+3| )
R=Al=d, ="——"=37C-24t=0&| 24
(1(P)) t=2"
37

Do mat cau (S) c6 ban kinh nhé nhat nén ta chon t=0, suy ra I(l;—l;O),R =1
Vay (S):(X—l)2 +(y+1)2 +z° =1

Cau 50: Pap an A

Vecto phap tuyén clia mit phang (B) 12x+y+3z-19=0 la n= (2;1;3)

Pudng thang vudng géc véi mat phang (B) la dudng thing nhan n 13 vecto chi phuong. K&t hop véi di qua
x-1 y+1 z-2
1 3

diém M(l;—l;Z) ta c6 phuong trinh chinh tac ca dudng thang can tim la:
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