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HAI MAT PHANG VUONG GOC. GOC GI’A HAI MAT PHANG
1. Binh nghia

> Goc gilra hai mat phéng (a) va () 1a goc gitra hai dwong thang 1an lwot vudng goc voi hai mét
phang dé.
> Néu hai mat phéng doé song song hodc triing nhau thi géc gitra ching bang 0 .

2. phwong phap tinh géc gitra hai mét phang cat nhau

@

%  Phwong phap 1: Dyng hai dwong thdng a, b 1an lwot vudng goc véi hai mét phéng (a) va (B).
Khi 66, goc gitra hai mét phang (a) va () I ((«).(8)) =(a). Tinh géc (a.b).

«  Phwong phap 2:

> Xac dinh giao tuyén ¢ cta hai mat phang (&) va (5).

> Dung hai dwdng thang a, b 1an lwot ndm trong hai mat phang va cling vuéng géc véi giao tuyén
c tai motdiém trén c. Khi 66: ((«).(8)) =(ab).
Hay ta xac dinh méat phéng phu () vudng géc voi giao tuyén ¢ ma (a)(y)=a, (B)N(y)=b.

Suy ra ((7),(\,8)) = (cz\b) .

< Phwong phap 3: (trwong hop dac biét)

> Néu cé mot doan thang ndi hai diém 4, B (A e(a),B e(ﬁ)) ma AB L () thiqua 4 hoac B ta
dwng dwdng thang vudng géc véi giao tuyén ¢ cla hai mét phang tai A . Khi d6
((@).(8))= 41B.
Vidu 1. Cho hinh chép t& giac déu S.ABCD canh day ABCD bang a va SA=SB=SC=SD=a. Tinh
cosin goc giauwx hai mat phéng (S4B) va (S4D).
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Vi du 2.

B oL
2 3

Lo giai

A.

A=
W | —

Chon B.

Goi I la trung diém S4. Do tam giac SAD va SAB déu nén

BI 1 S4
DI 1 §4
Ap dung dinh ly cosin cho tam giac BID ta co:

2 2
ﬁa + —3a —(a 2)2
— IB*+ID*-BD* |\ 2 2

cos BID =
2IB.ID

= ((54B).(54D))|=(BI.DI).
(51.D1)

Vay cos((m) = %

Cho hinh chép S.ABCD cé day ABCD la nira luc giac déu ndi tiép dwdng tron dwdng kinh
AB =2a, SA vuéng géc v&i (ABCD) va SA = a~/3 . Tinh géc gitra hai mat phéng (SBC) va
(SCD).

A. arccos%. B. arccos?s. C. arccosﬂ. D. arccosﬂ.

Nhan xét: Theo dinh nghia géc gitra hai mat phang ta di xac dinh hai dwong thang 1an luot
vudng goc vai hai mat phang (SBC) va (SCD).

Lo giai

Chon A.

Vi ABCD la nta lyc giac déu nén AD=DC=CB=a.
Dung dwdng thang di qua 4 va vudng goc voi (SCD).

Trong mat phdng (ABCD) dung AH L CD tai H = CD L(SAH).
Trong mé&t phéng (S4H ) dung AP 1L.SH = CD 1. AP = AP 1 (SCD).
Dyng duong théng di qua A va vudng goc véi (SBC).

Trong mat phang (SAC) dyng AQ L SC.
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Vi du 3.

BC 1 AC

= BC 1 (SAC) = BC L 4Q.
BC 154

Laico AQ L BC vi {

Vay A0 L (SBC).
Suy ra goc gitra hai mat phang (SBC) va (SCD) 1a goc gitra hai dwdng thang 1an lwot vuong
goc véi hai mat phang 4y 1a AP va AQ.

2
- Tatinh géc PAQ, c6 AH =~ AD*> —HD’ = ‘/az—% :#

1 1 1
- —— = ap= V3
AP*  AS®  AH J5
Tam giac SAC vudng cantai 4 = AQ = S2C 0\2/6 .
AAPQ vubng tai P = cos@ —% \/— @ = arccos@

Cho hinh chop S.ABC c6 day ABC la tam giac vudng céan v6i BA=BC=a, SA L(ABC),
SA=a.Goi E,F lan lwot | trung diém cla cac canh AB, AC . Tinh cosin géc gitra hai mét
phang (SEF) va (SBC).

3 5 c 1

3
A. . . . . . D. —.
V10 J10 V10 210
Nh4n xét: Giao tuyén cla hai mat phang (SEF) va (SBC) la dwong thdng St diqua S va
song song v&i EF va BC nén ta xac dinh hai dwong thang qua S va 1an lwot ndm trong hai
mét phéng (SEF) va (SBC) va cung vudng goc voi St (ta di chirng minh hai dwong thang do
la SE va SB).
Loi gidi
Chon A.

t

Group: https://www.facebook.com/groups/tailieutieuhocvathcs/




HOC360.NET - TAI LIEU HQOC TAP MIEN PHi

EF c (SEF)
Vi < BC = (SBC) = giao tuyén ctia (SEF) va (SBC) la duwong thang qua S, song song véi
EF//BC
BC,la St.
{BC L AB (gt)

= BC 1 (S4B) = BC L SB hay St L SB.
BC 154 (vi S4L1(4BC))

Twong tw EF L (SAE) = EF L SE ma EF //St = St L SE .

Vay SB va SE cung diqua S va cung vudng goc véi St nén goc gitra hai mat phang (SEF) va
(SBC) béng géc gitra hai dwong théng SB va SE .

Ta tinh goc @

CO SE =~/SA® + AE? =a25; SB =S4+ AB*> =aJ2: BE =

a

5
2 2 2

Theo dinh |i cosin ta c6: cos BSE = SE” +5B§ BE = S = BSE = arccosi.

2.SE.SB Jio J10

Vidu 4. Cho hinh chép S.ABC c6 day ABC latam giac vuong cantai B, SA=a va SA L (A4BC),
AB = BC =a . Tinh géc gitra hai mat phéng (S4AC) va (SBC).

A. 45°. B. 30°. C. 60°. D. 90°.
Nhan xét: Ta ap dung phwong phap 3 - trwdng hop dac biét.

Loi giai
Chon C.

Ta c6 (SAC)(SBC)=5C.
Goi F latrung diém AC = BF L (SAC).

Dung BK 1 SC tai K = SC L (BKF) = ((SAC),(SBC)) = (KB,KF) = BKF

aﬁa
ACFK ~ACSA—TK 3 g _FCS4_ 5 = a
FC SC SC a3 6
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Vi du 5.

a2
ABFK vubng tai F :tan@?:%:%:\/g :>Z?K77=60°=(W).
J6

Cho hinh chép S.ABCD cé day ABCD la nira luc giac déu ndi tiép dwdng tron dwdng kinh
AB =2a, SA vuéng goc v6i (ABCD) va SA= a~/3 . Tinh tan clia géc gitra hai mat phéng

(S4D) va (SBC).

A 14, B. . c. 5. D. 7.
J7
Loi giai
Chon D.
S

Goi J=ADNBC, ABCD la nlra luc gidc déu nén AD=DC=CB=a, Al=IB=a.
BD 1. SA
BD 1 AD

Vi vay theo trworng hop déc biét ta chi can dwng DE L SI véi E€SI .
Khi d6, SI L (BED) = ((SAD),(SSBC)| = (EB,ED) = BED, (VIABED vuong taiD)

(SAD)N(SBC)=SI = i = BD L (SAD)=BD LSI.

AAIB Géu nén BD =3

SI=+SA”> + A =a\J7

Hai tam giac vudng SAI va DEI ddng dang nén:%:EjDE:& .
SA SI J7

ABDE vuéng tai D :tanﬁ):%:ﬁ A

Vi du 6: Cho tam gidc ABC vudng can tai A c6 AB=a, trén dwong thang 4 vudng goc v&i (ABC)

tai diém Ata lay mot diém D. Tinh goc gitra hai mat phang(ABC) va(DBC), trong truong hop
(DBC) 1a tam gidc déu.
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A. arccos% B. arccos?3 C. arccosT3 D. arccos—3

Pap An: B

Goiy la goc gitka hai mat phang(ABC) va(DBC).
Theo cong thire dién tich hinh chiéu cla da giac, ta co: S

aasc = Sappc-COSY
2
Ma:S, .. — - DB.DC.sin60" :1a\/5.a\/§.£: @3
2 2 2 2
N 1 1,
Mat khac:s, ,,. = EAB.AC =3
SAABC — \/5

3
= COSp = —:><p:arccos?

3

ADBC

Vi Du 7: Cho lang tru d*ng OAB.O'A'B' ¢6 cac day la cac tam giac vudng céan
OA=0B=ua,AA'=aV2 . Goi M,P lan lwot 1a trung diém cac canhOA, AA'. Tinh dién tich thiét dién
khi cat lang tru b&i (B'MP)?

a*~/15 5a*/15 5a*/15 a*~/15
A. B.—— c.— D.——
1242 1242 642 642
Pap An: C
Lo giai
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R

Goi R la giao diém cla MP va 0O' , Q la giao diém clia B'R VGiOB.
0Q RO 1

Thiét dién la t gidc MPB'Q, ta co: —% = =~ =~ = 0Q=2 .
O'B RO 3 3

Tl gidc AMQB 1a hinh chiéu vudng goc cla tir giac PMQB' trén mat phang (OAB) nén:

S N 5 AMQB

PMQB" COosp
VGi ¢ 1a goc tao bai hai mat phang(OAB) va(MPB'Q) .

Ta co:S, 05 = Sous — Some :Ea _Eﬂ :Eﬂ
.. |MQ _LOH
Ha OH L MQ, ta c6: | = MQ L (OHR)
MQ 1 OR
Vay:o=0HR (OHR nhon)
a
Ta Cé:cosgozcosaI_-IT{: OH _ OH = V13 = V2
RH  JOH? +OR? \/(12+112 J15
13 2
A 522415
Vay'SPMQB’ = s
1242

Vi du 8: Cho lang tru d'ng ABC.A'B'C'cd ddy ABC la mot tam giac can voi
AB=AC=a,BAC=120°, canh bén BB'=a. Goi I la trung diém CC'. Chirng minh rang
tam giac AB'Ivudng & A. Tinh cosin clia goc gitka hai mat phéng (ABC) va (AB'I).
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