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CHU PE. UNG DUNG TiCH PHAN

A. KIEN THUC CO BAN
1. Dién tich hinh phing

a) Dién tich hinh phing gi6i han béi d0 thi ham s6 y = f(x) lién tuc trén doan [a;b] , truc hoanh va hai

b
duong thiang x=a, x =b duoc xac dinh: S = _|'|f(x)|dx

(H)

y=f(x) ,,

y=0 8 = [| ()| dx
xX=a ud

x=b

b) Dién tich hinh phang gi¢i han bi @6 thi ham s y = f(x), y = g(x) lién tuc trén doan [a;b] va hai

b
dudng thing x=a, x=b dugc xac dinh: S = [|f(x)- g(x)|dx

YA

0

Chu y:

- Néu trén doan [a;b], ham s6 f(x) khong doi dau thi: [|f(x)|dx =

(C):y=f(x)
(€= 1,00

xX=a

x=b

S =[G~ f(x)dx

b b

f(x)dx

a

- Nam viing cach tinh tich phan ctia ham s6 c6 chira gia tri tuyét ddi
- Dién tich ctia hinh phang gii han boi cac dudng x = g(y), x =h(y) va hai dudong thing y=c,

d
y=d dugc xéc dinh: S = [|g(y)-h(y)|dy

2. Thé tich vat thé va thé tich khdi tron xoay

a) Thé tich vat thé:

Goi B 1a phan vat thé gi6i han boi hai mét phang vudng goc véi truc Ox tai cac diém a va b; S(x) 1a

dién tich thiét dién cta vat thé bi cit boi mit phing vudng goc véi truc Ox tai diém x, (a < x <b). Gia sir

S(x) 1a ham s6 lién tuc trén doan [a;b].
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V= fS(x)dx

b
Khi do, thé tich ciia vat thé B dugc xéc dinh: ¥ = | S(x)dx

b) Thé tich khéi tron xoay:
Thé tich khéi tron xoay duoc sinh ra khi quay hinh phiang gidi han béi cac duong y = f(x), truc hoanh

va hai duong thing x=a, x =b quanh truc Ox:

A
/ y=f(x)
! \ (€):y=f(x)
" / l'. (Ox):y=0 b
ol @ ljb;0§ =g Vx=nf[f(x)]2dx
I\\ E/:/_\l‘ki"' x=b

Chu y:
- Thé tich khéi tron xoay dugc sinh ra khi quay hinh phang gidi han bdi cac dudng x = g(»), truc
hoanh va hai duong thang y =c¢, y=d quanh truc Oy:

YA
‘D
(:’:_:—:-:'d- 77 (C):x=g(y)
X (Oy):x=0 4 2
\ _
‘. e V,= thc'[g(y)] dy
‘:—:':'.C,— N y= d
[3) X

- Thé tich khdi tron xoay dugc sinh ra khi quay hinh phang gii han boi cac duong y = f(x), y = g(x)

va hai dudng thang x = a, x =b quanh truc Ox:

V=] ol as
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CAU HOI TRAC NGHIEM
I- Cau héi tinh dién tich hinh phéng giéi han béi cac dwong:
Nhirng diém cin luu y:
Trwong hop 1. Cho hai ham sb f{x) va g(x) lién tuc trén doan [a; b]. Dién tich hinh phang gi6i han boi cac
b
dudng y = f(x), y=g(x), x=a, x=b la S = [|f(x)- g(x)|dx.

Phwong phap giai toan
+) Giai phuong trinh f(x) = g(x) (1)

+) Néu (1) v6 nghiém thi S =

J(f(x)-g(x))dx

+) Néu (1) c6 nghiém thudc .[a;b]. gid sir & thi

S= +

[(f@)-g(0))dx

J(f(x)-g(x))dx

Chi y: C6 thé 1ap bang xét ddu ham sd f(x) - g(x) trén doan [a; b] rdi dua vao bang xét dau dé tinh tich

phan.
Trwong hop 2. Cho hai ham sb f{x) va g(x) lién tuc trén doan [a; b]. Dién tich hinh phang gi6i han boi cac

ﬂ r r
dudng y = f(x), y=g(x) 1a § = [| f(x)- g(x)|dx . Trong d6 @, B langhiém nho nhat va 16n nhat ctia phuong
trinh f(x)=g(x) (a<a<p<b).

Phwong phap giai toan
Buoc 1. Giai phuong trinh f(x) = g(x) tim cac giatri «, .

B
Budc 2. Tinh S = [|f(x) - g(x)|dx nhu truong hop 1.

Cau 1. Cong thic tinh dién tich hinh phang gi¢i han boi hai d6 thi ham sé y = f(x), y = g(x) lién tuc trén
[@ ; b] vahai duong thing x=a, x=b (a<b) la:

A S=xf|f(x)-gx)|dx. B. S =[(f(x)-g(x))dx.
C. 8=["(f(x)=g(x))dx. D. S =[] f(x)- g(x)|dx.
Cau2. Dién tich S ctia hinh phang gi6i han boi d6 thi ham s y = £(x), lién tuc trén [a ; b] truc hoanh va
hai dudng thang x = a,x=b(a <b) cho bdi cong thirc:
b b b b
A S= _”f(x)}dx. B. S= J.f(x)dx. C.S= ﬂf‘f(x)‘dx. D. §= 7r_|.f2 (x)dx.

Cau 3. Dién tich hinh phéng gi6i han bdi cac duong y=x" +11x-6, y=6x>, x=0, x =2. (Pon vi dién

tich)
Al B.2 c.? p. &
3 2 3 23

Cau 4. Dién tich hinh phang giéi han béi y =x°, y = 4x 1a:
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Cau 5.

Cau 6.

Cau 7.

Cau 8.

Cau 10.

A.8 B.9 C.12 D. 13

Cho ham sd v = f(x) lién tuc va nhan gia tri khong am trén doan [a;b]. Di¢n tich hinh thang cong
gidi han bai db thi cia y = f(x), truc hoanh va hai duong thang x=a, x =b dugc tinh theo cong
thirc

A.S= j.f(x)dx. B. §= —jif(x)dx. C.S= —j.fZ(x)dx. D. §= j.fZ(x)dx.

Dién tich hinh phing duoc gidi han boi do thi ctia ham sé y = f(x) lién tuc trén doan [a;b], truc

hoanh va hai duong thing x=a, x =b duoc tinh theo cong thirc
b b b b
A.S = [|f(x)|dx. B. S = f(x)dx. C. 5= fx)[dx. D.S=zx | f(x)dx.

Dién tich hinh phing duoc gidi han béi do thi cac ham sé y = f(x), y = g(x) lién tuc trén doan
[a;b], truc hoanh va hai dudong théng x=a, x=>b dugc tinh theo cong thirc

A, S=[|f(x)-g)| dx. B. S = [[f (x)~ g(x)dx.

C.S = [| £ (x) - g(x)|dx. D. S=zf|f(x)-g(x) dx.

Cho db thi ham s§ y = f(x). Dién tich hinh phang (phan t6 ¢am trong hinh) la

A. S= }f(x)dx +j.f(x)dx B. §= j.f(x)dx
C.§= ]'zf(x)dx +j'f(x)dx D.S= Jqf(x)dx —j.f(x)dx

Dién tich hinh phing duoc giéi han bai d6 thi ham sé y = x° , truc hoanh va hai dudng thang x =1
,x=31a
A. 19 B. 18 C. 20 D. 21
Dién tich hinh phiang duoc gidi han boi d6 thi ham s y = Jx , truc hoanh va hai duong thang x =1
, x=41la

14 13 14

A 4 B. — C. — D. —
5 3 3
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Cau 11.

Cau 12.

Cau 13.

Cau 14.

Cau 15.

Cau 16.

Cau 17.

Cau 18.

Cau 19.

Dién tich hinh phing dugc giéi han béi dd thi ham sé y =</x , truc hoanh va hai dudng thing x =1

, x=8 la
A2 B2 c.® p. 2
2 4 7 8
Dién tich hinh phing dwoc gidi han boi dd thi ham s6 y =sinx , truc hoanh va hai duong thing
3z ..
x=x,x=—1a
Al B. 1 C.2 D. 3
2 2

Dién tich hinh phing duoc gidi han béi do thi ham sd y = tanx , truc hoanh va hai duong thing

T T

x=—,x=—1a

6 4
A. lnﬁ B. lnﬁ C. —lnﬁ D. —lnﬁ

3 3 3 3

Dién tich hinh phang dugc gidi han boi d6 thi ham s§ y = e**, truc hoanh va hai duong thang x = 0
,x=31a

6 6 6 6
A<l B L1 c &1 p <1

2 2 2 2 33 3 3

[DIEN TiCH HINH PHANG]
VAN DUNG THAP

Dién tich hinh phang duoc giéi han boi dd thi ham sb y = x* —3x? , truc hoanh va hai duong thing
x=1,x=41a
A2 B. 2! c® p. 2
4 4 4 2
Dién tich hinh phing dwoc gidi han bai dd thi ham sé y = x* —3x> =4, tryc hoanh va hai duong

thang x=0, x=3 1a

A 142 . 143 c. 144 p, 141
5 5 5 5
Dién tich hinh phang duoc gi6i han boi dd thi ham sé y = x_+; , truc hoanh va duong thang x =2
X+

la
A.3+2In2 B.3-In2 C.3-2In2 D.3+In2
Dién tich hinh phang dugc gidi han boi parabol y =2-x* va duong thang y=—x la
AL B.2 C.3 D. 2

2 4 2
Dién tich hinh phang duoc gi6i han boi d6 thi ham s y = cos2x , truc hoanh va hai dudng thing
x=0,x= z la
A. 2 B. 1 C.3 D. 4
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Cau 20.

Cau 21.

Cau 22.

Cau 23.

Cau 24.

Cau 25.

Cau 26.

Cau 27.

Cau 28.

Cau 29.

Dién tich hinh phang duoc giéi han bai db thi ham sé y = x* —3x>—4 , truc hoanh va hai dudng

thing x=0, x=3 la

A. 7 B. 73 C. 72 D. 14
5 5 5
Dién tich hinh phing dwgc gidi han boi dd thi ham sé y = x , truc hoanh va duong thang x =2
X+
la
A.3+2In2 B.3-In2 C.3-2In2 D. 3+In2
Dién tich hinh phang dugc gidi han boi parabol y =2—x* va dudng thang y=-x la
A2 B. - C.3 D. .

2 7 4 ‘ , / q
Dién tich hinh phang dugc gidi han bdi d6 thi ham s6 y = cos2x , truc hoanh va hai duong thang
x=0,x= z la

2
Al B. 2 C.3 D. 4

Dién tich hinh phing dwoc gioi han béi hai dd thi ham sé y=+x va y=3/x la

A L B. L c. - D. L
12 13 14 15
Dién tich hinh phang duoc gidi han boi hai d thi ham s& y =2x° —=3x*+1 va y=x’ —4x* +2x +1
la
A. 37 B. 37 C.3 D. 4
13 12
Dién tich hinh phang gidi han boi d6 thi ham sé y = —x? +4, dudng thang x =3, truc tung va truc
hoanh la
— B. 2 c.2 p. 2
3 3 3 3

Dién tich hinh phang giéi han boi dudng cong y=x’—4x, truc hoanh va hai duong thing

x=-3, x=41a

A 22 b, 203 el . 201
3 q 1 5 4
Dién tich hinh phang giéi han boi duong cong y = xIn x, truc hoanh va duong thang x=e
la
2 2 2 2
NI 1 B'e+1 c ¢ 1 D.e+1
2 2 4 4

Hinh phing (H) duoc giéi han boi db thi hai ham s6 y =x? +x-2, y = x+2 va hai dudng thing
x =-2; x=3. Dién tich cia (H) bang
87 87 87 87

A — B. — C. — D. —
5 4 3 5
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Cau 30.

Cau 31.

Cau 32.

Cau 33.

Cau 34.

Cau 35.

Cau 36.

Goi (H) 12 hinh phing dugc gidi han béi do thi hai ham sé y = (1 + ex)x, y=(1+e)x.Dién tich cta

(H) bang
Al B. &2 c. &2 p.

2 2 2 2

VAN DUNG CAP PO CAO

Hinh phang (H) dugc gi6i han boi d6 thi hai ham s y = ‘xz ~1|, y =|x|+5. Dién tich ctia (H) bang
Al B. 2 c. 0 p. 2

3 3 3 3
Hinh phang (H) dwoc gidi han boi do thi hai ham sb y = \xz —4x+3|, y=x+3. Dién tich cta (H)
béng
A 108 B 1 c. 1 p. 119

5 5 6 6

Dién tich hinh phang gi6i han boi (P):y = x*+3, tiép tuyén cua (P) tai diém c6 hoanh d6 x =2

va truc tung bang

A. 8 B. 4 C.2 D. 7
3 3 3
Dién tich hinh phang gii han boi d6 thi hai hAm sé y* -2y +x=0, x+y=0 1a
A2 B.2 .z p. 1
4 2 2 2
‘A ’ 3 2 ] I A . \ A 2 1 2 27 M
Dién tich hinh phang gi6i han boi cac @6 thi hamso y=x"; y = Ex ; y=— bang
X
A. 271In2 B. 271n3 C. 28In3 D. 291n3

Dién tich hinh phang trong hinh v& sau 1a
¥

44

f(x) = VX

>
W | oo
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Cau 37. Dién tich hinh phing nam trong goc phan tu thir nhat, giéi han boi cac duong thang y =8x,y =x
va dd thi hamsé y=x" 1 %. Khi d6 a +b bing

A. 68 B. 67 C. 66 D. 65

2
Cau 38. Dién tich hinh phang gi¢i han boi cac dudng thang y =1,y = x va do thi ham sé y = % trong mién

x>0,y<11a %.Khidé b- abing

A. 4 B. 2 C.3 D. 1
A A s s 2 e s | 2 -x, nOux<1 g 10 2 1 @
Cau 39. Dién tich hinh phang gidi han boi cac duong thang y = R va y=—x-x" la —.
x—2, nOu x>1 3 b
Khi d6 a +2b bang
A. 16 B. 15 C. 17 D. 18
— 2 p—
Céu 40. Hinh phang giéi han boi dd thi ham sé (C): y = Lf“ , tiém c4n xiém cua (C) va hai duong

thang x=0,x=a (a <0) c6 dién tich bang 5 Khi d6 a bang

A 1-¢€ B. 1+¢° C.142¢° D. 1-2¢°
I1-CAu héi tinh tinh thé tich vat tron xoay giéi han béi cac duwong:

Nhiing diém cin luu y:
. Tinh thé tich khdi tron xoay:
Trwong hgp 1. The tich khoi tron xoay do hinh phang gidi han bdi cac duong y = f(x), y =0, x = a va

b
x = b (a < b) quay quanh truc Ox1a V = ﬂf 2 (x)dx.
Truong hop 2. Thé tich khéi tron xoay do hinh phang gi6i han bdi cac duong y = f(x), y = g(x), x = a

b
va x = b (a < b) quay quanh truc Ox1a V = ﬁf|f2(x) — g*(x)| dx.

NHAN BIET — THONG HIEU
Ciau 41. Thé tich vat thé tron xoay khi quay hinh phing gi6i han bdi cac duong y = 4 ,y=0,x=1,x=4
X

quanh truc ox la:
A. br B. 6 C.12n D. 6x

Ciu 42. Cho hinh phang gii han bdi cac duong y =cos4x, Ox, x =0, x = % quay xung quanh tryc Ox.

Thé tich ctia khéi tron xoay tao thanh bang:
2 2
AL B. C. D.[ %),
2 16 16
Cau 43. Cho hinh phing gii han bdi cac dudng y = f(x), Ox, x = a, x = b quay xung quanh truc Ox.

I

Thé tich ctia khéi tron xoay tao thanh bang:
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Cau 44.

Cau 45.

Cau 46.

Cau 47.

Cau 48.

Cau 49.

Cau 50.

Cau 51.

Cau 52.

A. V:ﬂzif(x)dx. B. Vzﬂifz(x)dx. C. V=iﬂ2.f2(x)dx. D. szffz(x)dx.

Cho hinh phang gi6i han boi cac dudng y=./x—1 ; truc Ox va dudng thing x =3 quay xung
quanh truc Ox. Thé tich ctia khéi tron xoay tao thanh bang;

A. %n B. 3n C. 2n D.n

Cho hinh phang giéi han béi cac duong y =x>+1, y=0, x = 0, x =1 quay xung quanh truc Ox. Thé
tich ctia khdi tron xoay tao thanh bang:

A.79—7r B 237 C.S—ﬁ D. 9z

63 14 4
Cho hinh phing gi6i han bdi cac dudng y* = x, x =a, x=b (0 <a <b) quay xung quanh truc Ox.

Thé tich cta khéi tron xoay tao thanh bang:
A V=r J.b xdx. B. V= ﬂ'J.b\/;dx. C.V= ﬂjbxdx. D. V= ﬂzjb\/;dx.

Cho hinh phang gi6i han béi cac dudng y = —x* +2x, y = 0 quay xung quanh truc Ox. Thé tich cua
khdi tron xoay tao thanh bang:
4967 4 6471 D 167

A —— B. — C = C—
15 3 15 15

Cho hinh phang gi6i han béi cac duong y =+/1-x*, y=0 quay xung quanh truc Ox. Thé tich cua
khdi tron xoay tao thanh bang:
kY4 2 4

A 2E B. =~ c.z D. 2z
2 3 2 3

Thé tich khéi tron xoay trong khong gian Oxyz gi6i han béi hai mit phang x = 0; x = 7 va c6 thiét
dién cét boi mat phing vudng goc v6i Ox tai diém (x;0;0) bt ky 1a dudng tron ban kinh /sin x 1a:
A. V=2 B. V=nr C.V=4r. D. V=2r.

Cho hinh phang giéi han béi cac duong y =tanx, y=0, x =0, x :% quay xung quanh truc Ox.

Thé tich cta khéi tron xoay tao thanh bang:
A. V:ﬂ(\/g—%j B.V :n(\@—%j C. V:ﬂ(\/g—%j D.V :ﬁ(\/g—%j

Cho hinh phing gi¢i han boi cac duong y =1+ Jx,0x,x=0, x =4 quay xung quanh truc Ox. Thé
tich ctia khdi tron xoay tao thanh bang:

228 68 28 , 68

A. B. 7.— C. 71— D. -, —
3 3

VAN DUNG
Mot vat c6 kich thudce va hinh dang nhu hinh v€ dudi day. Pay 1a hinh tron gidi han bdi dudng tron
x* +y? =16 (ndm trong mit phang Oxy), cit vat boi cac mit phang vudng goc véi truc Ox ta duoc

thiét dién 13 hinh vudng. Thé tich cia vat thé la:
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Cau 53.

Cau 54.

Cau 55.

Cau 56.

Cau 57.

Cau 58.

4 ) 4 5 4 ) 4 4
A. L‘4(16—x )dx B. L‘4x dx C. _L47rx dx D. J:447r(16—x )dx
Cho hinh phiang D giéi han boi cac dudng y* =4x va duong thang x =4 . Thé tich cta khdi tron

xoay sinh ra khi D xoay quanh truc Ox la:

A. 32rn q B. 64n C. l6n D. 4n
Cho hinh phang giéi han boi cac duong y=Inx, y =0, x =2 quay xung quanh truc Ox. The tich

ctia khéi tron xoay tao thanh bang:
A.2In*2-41n2+2 B. 7(2In’2+4In2-2)
C. 7(2In’2-4In2+2) D. 7(2mn2-1)

Cho hinh phing giéi han bdi cac dudng y =a.x?, y =bx (a,b# 0) quay xung quanh truc Ox. Thé
tich ctia khdi tron xoay tao thanh bang:

3 5 5 5
A. V=7z.b—(%—§) B. V=7r.b— C. V=7Z'.b— D. V=7r.b—(l—lj

a 5q4° 3a3 a\3 5

Cho hinh phang gidi han boi cac duong y =v4-x*, y= %xz quay xung quanh truc Ox. Thé tich

ctia khéi tron xoay tao thanh bang:

241;\5 — 28?6 Cove 281;\5 — 242\5

Cho hinh phéng gi6i han boi cac duong y =3x, y=x, x=0, x =1 quay xung quanh truc Ox. Thé

A V=

tich cuia khdi tron xoay tao thanh bang:
8n 47 27

A V=—. B.V=—. C.V=—. D. V=mn
3 3 3

Goi (H) la hinh phang dugc tao béi hai dudng cong (C,):y=f(x), (C,):y=g(x), hai duong
thang x=a, x=b, a<b. Gia st rang (C,) va (C,) khong c6 diém chung trén [a,b] va thé tich

b
ciia khéi tron xoay sinh ra khi quay (H) quanh Ox 1a V = nJ.([f(X)]z _[g(x)]z)dx . Khi @6

(1): f(x)>g(x),Vxe[a,b]
(2): f(x) > g(x) 20,Vx e [a,b]
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Cau 59.

Cau 60.

Cau 61.

(3): 03f(x)<g(x),Vx e[a,b]

A

./

v

/

S6 nhéan dinh ding trong cac nhan dinh trén la:
A.0 B. 1 C.2 D.3

Cho hinh phing gi6i han boi cac dudng y =x+/lnx, y=0, x=e quay xung quanh truc Ox. Thé

tich ctia khdi tron xoay tao thanh bang:

»
>

4e* +1 B n4e3—1 \ n2e3+1 D n2e3—1
5 s LTS LS

A. .

Cho hinh phing gi¢i han béi cac dudng y = x* —6x> +9x, y =0 quay xung quanh truc Ox. Thé tich

ctia khéi tron xoay tao thanh bang:
7297 B. 27 C 2566087 D 77767
35 4 35 5

Mot vat co kich thude va hinh dang nhu hinh vé dudi day. P4y 1a hinh tron gio1 han béi duong tron
x? +y? =16 (nam trong mit phiang Oxy), cat vat boi cac mit phang vudng goc véi truc Ox ta dugc

thiét dién 1a tam giac déu. Thé tich cta vat thé la:

Y
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Cau 62.

Cau 63.

Cau 64.

Cau 65.

Cau 66.

Cau 67.

Cau 68.

Cau 69.

Cau 70.

Cau 71.

ayBEE g B0 oy 2By B

Cho hinh phéng gi6i han boi cac dudng y = 2x?, y* = 4x quay xung quanh truc Ox. Thé tich cua
khéi tron xoay tao thanh bang:
A V=37 B.V =27, cv=2 D.v=%

) 70 3 )

BAI TAP TONG HQP
( Chi c6 phan dap so)

Dién tich hinh phang gi6i han béi cac duong cong ax = y*;ay = x* (a> 0 cho trude) la:

3 3 3 3
A s=% B. =% C. Szzi D. S:4L

3 2 3 3

Dién tich hinh phang gii han bai d6 thi cua: y = x> —2x, truc Ox va 2 dudng thing x = 0,

x =2 la:

. 2 B. 4 C. - D. 0
3 3 3
Dién tich hinh phang giéi han boi Parabol y = —x? va duong thing y = -x - 2
L B. 2 c.? D. 1-42
2 2 2 2

Dién tich hinh phang giéi han bdi ba dudong: y = sinx, y = cosx vax =0

A 2+2 B. 22 +1 C. V2 D. 242-1

Dién tich hinh phang gii han boi hai parabol: y = %xz va y=3x- %xz 1a:

A7 B. 8 C.9 D. 6.

Dién tich giéi han béi 2 duong cong: (C)):y = f,(x) =x"+1;(C,):y = f,(x) =x* —2x va dudng
thang x =-1 va x = 2.

i 1 Bl

C. — D.
2 2 2

A7 B.

Dién tich hinh phang giéi han boi parabol: y=x*—2x+2 tiép tuyén véi parabol tai diém
M(3 ; 5) va truc tung
A7 B. 6 C.5 D. 9
Dién tich hinh phang gii han boi: y =x(x — 1)(x —2), y=0
1 1 1

A 1. B. — C. — D. -
2 4 3

Cho D 1a mién kin gi6i han béi cac duong y =1, y =2 — x va x = 0. Tinh dién tich ctia mién D
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Cau 72.

Cau 73.

Cau 74.

Cau 75.

Cau 76.

Al B. 1 C. 1 D. 1
4 2 8

Dién tich hinh phing gi6i han béi cac dudng: y=cosx, y=0, x=0, x = %
A 3 B. 1 C. 2 D. 1

2 2
Tinh thé tich vat thé giéi han boi mit sinh ra khi quay hinh phang gi6i han boi: y =2x—x*;y=0

quay quanh Ox.
Az B. 107 c. 1z p. 87
15 15 15 15

Thé tich vat thé tron xoay sinh ra khi quay hinh phing gi6i han boi duong y = x*;8x = y* quay
quanh tryuc Oy la:

21rx B 23 C 24 D. 487

15 15 15 5
Thé tich ctia khdi tron xoay sinh ra khi quay quanh truc Ox hinh phang giéi han boi truc Ox va

Parabol (C)y =ax—x’(a >0)la:

5
7[615 7[615 7[614 na

. C. .
30 20 5 10

Thé tich khéi tron xoay tao nén khi ta quay quanh truc Ox, hinh phiang S giéi han boi cac dudng:
y=xe,x=1Ly=00<x<1)la:

72'(62 +1) B 72'(62 —-1) C 72'(62 +1) D ”(e2 _1)

A. B. . .
4 4 2 12
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B. PAP AN VA HUONG DAN GIAI BAI TAP TRAC NGHIEM

I-PAP AN
123|456 |7|8|9([10[11[12|13|14[15]16/[17|18|19(20
D/A|B|A|lA|A|C|D|C|D|B|A|D|B|B|C|[C|D|B]|C

2112212312425 |26[27[28|29]30[31/32]33[34|35[36[37|38[39]40
CIAJA/A/B/D|/DI[D|]C|B|BJ]C|]A|B|]C|D|B|D|C]JA

41 142 143 4445|4647 148 1495051 [52|53[54[55]56]57]58]|359]|60
cC/|B/B|]C|B|]C|DID/D/DIB/AJA|[C|/D|/BJAJA|C]A

61 62163 |64]65|66|67|68[69|70|71[72]73|74|75]76

A/D|/A|/B|A|/D|B|C|[B|D|C|D|[C|A|D|B
I1 -HUONG DAN GIAI

Cau 1. Cong thic tinh dién tich hinh phiang gi¢i han boi hai d6 thi ham sé y = f(x), y = g(x) lién tuc trén

[@ ; b] vahaiduongthing x=a, x=b (a<b) la:
A S=xf'|f(x)-gx)|dx. B. S =["(f(x)-g(x)dx.

C. 8=["(f(x)-g(x))dx. D. S = [/ f(x)=g(x)|dx.
Cau2. Diéntich S ctia hinh phang gi6i han boi d6 thi ham s y = £(x), lién tuc trén [a ; b] truc hoanh va
hai dudng thang x =a,x=b(a <b) cho bdi cong thirc:
b b b b
A S= _”f(x)}dx. B. S= ff(x)dx. C.S= ﬂf‘f(x)‘dx. D. §= 7r_|.f2 (x)dx.

Cau 3. Dién tich hinh phéng gi6i han boi cac duong y=x’ +11x—-6, y=6x, x=0, x=2. (Pon vi dién

tich)
A2 B.2 2 D. 12
3 2 3 23

Huwéng din giai:
DPit A(x)=(x’ +11x=6)-6x" =x’ —6x> +11x-6
h(x)=0= x=1vx=2vx=3 (loai).

Béng xét ddu

S=-

4 2
=- x__2x3+11x - 6x
4 2

2
()63—6)62 +11x—6)dx+f(x3—6x2 +11x—6)dx
1
1 4 2 2
NSNS =S
. 4 2 1 2

Cau 4. Dién tich hinh phang giéi han béi y =x°, y = 4x 1a:

[ S
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A.8 B.9 C.12 D. 13
Huwéng din gidi:

0 2
4 4
Y (R ol Zox? || |=8.
4 4
-2 0
Vay § =8 (dvdt).

Chii y:Néu trong doan [a; yij ] phuong trinh f(x) = g(x) khong con nghiém nao nita thi ta c6 thé

TacHd X’ =d4x=>x=-2vx=0vx=2

} (x3 - 4x) dx E(f - 4x) dx

-2

=85= +

B B
dung cong thie [| £ (x)- g(x)|dx =|[[ f(x)- g(x)]dx

Cho ham sé y = f(x) lién tuc va nhan gia trj khong 4m trén doan [a;b]. Dién tich hinh thang cong
gidi han bai db thi cia y = f(x), truc hoanh va hai duong thang x=a, x =b dugc tinh theo cong
thirc

b b b b
A.S = f(x)dx. B. §=-[ f(x)dx. C.S=-[f*(x)dx. ~ D.S=[f*(x)dx.
Huéng din giai
b
Theo cong thire (SGK co ban) taco S = [ f(x)dx.

Dién tich hinh ph'fmg duoc gioi han boi dd thi ctia ham sb y = f(x) lién tyc trén doan [a;b], truc

hoanh va hai duong thing x=a, x =b duoc tinh theo cong thirc

A.S= f| £(x)|dx. B. S= ? F(x)dkx. C.S= f| f(x)dx. D.S= ;rf £ (x)dx.
“ “ Huéng din giﬁai “

Theo cong thirc (SGK co ban) taco S = f| f(x)|dx.

Dién tich hinh phing dwgc gidi han boi dd thi cac ham sd y = f(x), y = g(x) lién tuc trén doan

[a;b], truc hoanh va hai duong théng x=a, x=b dugc tinh theo cong thirc

A. S=[|f(x)-g)| dx. B. S = [[f (x)- g(x)]dx.

b b
C.S = [|f(x)- g(x)|dx. D. S=zf|f(x)- g(x)[ dx.
Huwéng din giai
b
Theo cong thire (SGK co ban) taco S = [|f(x)- g(x)|dx.

Cho db thi ham s& y = f(x). Dién tich hinh phing (phan t6 ddm trong hinh) 1a
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A. S= }f(x)dx +j.f(x)dx B. §= j.f(x)dx
C.S= :Igf(x)dx +j.f(x)dx D.S= }f(x)dx —j.f(x)dx

Huwéng din giai
0 1
Theo dinh nghia ta ¢6 S = | f(x)dx - f(x)dx
-2 0
Cau 9. Dién tich hinh phing dwoc gi6i han boi d6 thi ham s y = x* , truc hoanh va hai duong thang x =1
,x=31a
A. 19 B. 18 C. 20 D. 21
Huéng din giai
4 3

3 3
Tacé x* >0trén doan [1;3] nén S = Hx3‘dx =fx’dx = x? =20
1 1

1

Cau 10. Dién tich hinh phing dugc gi6i han boi @b thi ham sé y =+/x , truc hoanh va hai dudng thing x =1

, x=41la
A. 4 B. 4 C. B3 D. 14
5 3 3
Huéng din giai
4 4 2 3" 14
Ta co \/;ZOtréndoan [1;4] nén Sz_[\/;‘dx=_f\/;dx:§x2 —?
1 1 )

Cau 11. Dién tich hinh phing dugc gi6i han boi db thi ham sé y =</x , truc hoanh va hai dudng thing x =1
, x=8 la
A® B. 2 c® p. ¥
2 4 7 8
Huéng din giai

3 _83 _i .
\/;‘dx —_!'\/;dx— 4x3

8
Ta c6 /x >0trén doan [1;8] nén S:_"
1

Group: https://www.facebook.com/groups/tailieutieuhocvathcs/




HOC360.NET - TAI LIEU HQOC TAP MIEN PHi

Cau 12.

Cau 13.

Cau 14.

Cau 15.

Cau 16.

Dién tich hinh phing dugc gii han boi dd thi ham s6 y =sinx , truc hoanh va hai duong thing

3r .
x=x,x=—1a

Al B. C. 2 D. %

1

2
Huwéng din giai

3z 3z

.. . 3z | . 2 2 3z
Ta c6 sinx <0 trén doan l}r,; nén S = f |s1n x| dx =- f sin xdx =cos x|”2 =1
T V4

Dién tich hinh phing duogc giéi han boi d6 thi ham s y =tan x , truc hoanh va hai dudng thing

T Y/
g, x=—1a

V3 V6 V3

A. In— B. In— C. -In— D. -ln—
3 3 3

X =

Hudéng dan giai
V4 s

J6

4 4 T
Tacod tanx >0 trén doan {%,%} nén S = _|'|tan x| dx =j' tan xdx =—In(cos x)|;4, = _IHT
A W& 6
Dién tich hinh phang dugc gidi han boi d6 thi ham sé y = €**, truc hoanh va hai dudng thang x =0
,x=31a
6 6 6 6
A Sl B e 1 c. el p. &1
2 2 2 2 3 3 3 3
Hudéng dan giai

3 3
Tacd e** >0 trén doan [0;3] nén S = _”ezx dx =[ e*dx :%ezx
0 0

2 2
0
[DIEN TiCH HINH PHANG]

VAN DUNG THAP
Dién tich hinh phang duoc gidi han boi dd thi ham sb y = x* —3x? , truc hoanh va hai duong thiang
x=1,x=41a
A>3 B. 2! c ¥ p. 2
4 4 4 2

Huwéng din giai

£

Dién tich hinh phing dwgc gidi han bai dd thi ham sé y = x* —3x> — 4, tryc hoanh va hai duong

Tacod x’ -3x" =0< x =3 ¢€[l;4]
Khi d6 dién tich hinh phing 14

3

4
4
+ = + )C__x3

3

S = _ﬂx3 —3x2‘dx =
1

3
f (x* =3x7)dx
1

4
f(x3 —3x%)dx
3

1

thang x=0, x=3 1a

Group: https://www.facebook.com/groups/tailieutieuhocvathcs/




HOC360.NET - TAI LIEU HQOC TAP MIEN PHi

A2 B 1 c 124 p. 2
5 5 5 5
Huwéng din giai
Tacod x* -3x*-4=0<x=2¢€[0;3]
Khi d6 dién tich hinh phang 1a
j.(x“ —3x* —4)dx

2

+

S = ﬂx“ = 3x — 4ldx = ‘}(x“ —3x* —4)dx
0 0
2

x° X’ 3
——x’—4x ——x—4x
5 5

0 2

Céu 17. Dién tich hinh phing dugc gi6i han boi dd thi ham sé y = x_Jr; , truc hoanh va duong thang x =2
X+

48 96 144

+

la
A.3+2In2 B.3-In2 C.3-2In2 D.3+In2
Huwéng din giai

tlx+l1 < 1 2
Tacod x+1=0< x=—1nén §= x = _f(l——jdx =|(x~Inx+2]) ‘:3—21112
Slx+2 Y x+2 -1
Céu 18. Dién tich hinh phang dugc gi6i han boi parabol y =2-x* va dudng thang y=-x la
A. 7 B. 2 C.3 D. 2
2 4 2
Huwéng din giai
I4 2 x:—l \ 2
Tacdo 2—-x"=—x< va2-x 2>2-x,Vxe[-12]
X =
r 2 2\ 9
Nén §=[Q+x-x")de=|2x+—-—| ==
! 2 3, 2

Céu 19. Dién tich hinh phing duoc gidi han boi d6 thi ham sb y = cos2x , truc hoanh va hai duong thang
x=0,x= z la
A. 2 B. 1 C.3 D. 4
Hudéng din giai

Taco cos2x=0<>x="¢ 0;Z
4 2

T

Nén S = j'|cos 2x| dx = }cos 2xdx|+ j'cos 2xdx| = (% sin 2x)
0 0 z
4

S}

=1

il
+|| —sin2x
o 2

Céu 20. Dién tich hinh phiang dugc gi6i han boi do thi ham sé y = x* —3x* —4 , truc hoanh va hai dudng

FNIS

thang x=0, x=3 1a
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A. 7 B. 73 C. 72 D. 14
5 5 5

Huwéng din giai
Tacod x*-3x*-4=0< x=2¢€[0;3]
Khi d6 dién tich hinh phang 1a

S=}‘x4—3x2—4‘dx: +
0

5 5 3
Z_x-4x L -4x
5 5

2
Cau 21. Dién tich hinh phang dugc gidi han boi d6 thi ham so y = al +2
X+

2
.f (x* =3x* —4)dx
0

3
.f(x“ —3x> —4)dx
2

2

48 96 144

5 5

_l_

0

, truc hoanh va dudng thing x =2

la

A.3+2In2 B.3-1In2 C.3-2In2 D. 3+In2
Hudéng din giai

Tacd x+1=0< x=-1 nén

2 2 1
f(l— jdx
1 x+2

g x+1
Cau 22. Dién tich hinh phang dugc gidi han boi parabol y =2—x* va dudng thang y=-x la

x+2

dx =

(x—ln|x+2|)‘:‘=3—2ln2

-1

A, 2 B. 2 C.3 D. 7
2 4 ) >
Hudng dan giai
, 2 x:_l . 2
Taco 2-x" =—x& y va 2-x"2-x,Vxe[-1;2]
X =
f x X ’ 9
Nén S=[Q+x-x")de=|2x+—=—| ==
-1 2 3 . 2

Céu 23. Dién tich hinh phang duoc gidi han boi d6 thi ham sb y = cos2x , truc hoanh va hai duong thang

1
x=0,x=—1a

A. 1l B. 2 C.3 D. 4
Huwéng din giai
) T T
Ta cod cos2x:0<:>x=ze[0;—]

2
Nén

DN

=1

o 3en)
+|| —sin2x
o 2

CAu 24. Dién tich hinh phing dugc gioi han boi hai dd thi ham s y=+/x va y=3x la

FNIEN

S= j'|cos 2x| dx = }cos 2xdx|+ j'cos 2xdx| = (% sin 2xj
0 0 z
4
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AL B — c. L
12 13 14 15

Huwéng din giai
=0
Taco Vx =/x < {x
x=1
1

J;—i/;‘dxz

Cau25. Dién tich hinh phing dwoc gidi han boi hai dd thi ham s6 y=2x"-3x’+1 va

_ L
12

3

33

Nén Szj'
0

j(\/E —3/x)dx

0

y=x —4x*+2x+11a

A. 37 B. 37 C.3 D. 4
13 12
Huwéng din giai
x=-2
Tacod 2x’ -3x" +1=x"—4x" +2x+1< | x=0
x=1
1 0 1
Nén S = Hx3 +x2—2x‘dx= J.(x3 +x° = 2x)dx|+ J.(x3+x2 —2x)dx
-2 -2 0
0 1
xt X, xt X, 37
= =—+=—-x H =+ —=x | |=—=
4 3 4 3 J 12

Céu 26. Dién tich hinh phing gi6i han boi do thi ham sb y = —x* +4, dudng thing x =3, truc tung va tryc

hoanh la
A2 B, 32 c. 2 p. 2
3 3 3 3

Hudéng din giai
Xet pt —x*+4=0 trén doan [0;3] c6 nghiém x =2
2 3
Suyra §= ”—xz +4‘dx+”—x2 +4‘dx = ?
0 2

Céu 27. Dién tich hinh phing gi6i han boéi duong cong y=x’—4x, truc hoanh va hai duong thang

x=-3, x=41a
a2 b 20 ¢ b 21
3 4 5 4

Huwéng din giai
Xétpt x’ —4x =0 trén doan [-3;4] c6 nghiém x=-2; x=0; x=2

-2 0 2 4
Suyra S = ”x3 —4x‘a’x+_|.‘x3 —4)c‘dx+_”x3 —4x‘dx+”x3 —4x‘dx = %
3 2 0 2
Céu 28. Dién tich hinh phing gii han boi dudng cong y = xInx, truc hoanh va dudng thing xX=e
la
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2 2
e —1 B ¢ +1 c ¢ 1
2 2 4
Hwéng dan giai
Xét pt xInx =0 trén nira khoang (0; e] cod nghiém x=1

A.

e’ +1

Suyra S = _fxlnxdx:
1

Céau 29. Hinh phang (H) duoc gii han boi d6 thi hai ham sd y=x* +x-2,
x =-2; x=3. Dién tich cia (H) bang
87 87 87

A — B. — C. —
5 4 3

Huwéng din giai
Xét phuong trinh (x* +x-2)-(x+2)=0< x* -4=0< x=+2

; 2 87
Suyra S = sz—4‘dx+”x2—4‘dx:?
-2 2

e +1

y =x+2va hai duong théng

p. %
5

Céu 30. Goi (H) 13 hinh phang dugc gidi han bai d6 thi hai hamsé y = (1 + ex)x, y=(1+¢)x. Dién tich ctia

(H) bang
A e—1 B. e-2 e-2
2 2 2

Huwéng din giai

Xét pt (1+e")x—(1+e)x:0 conghiém x=0, x=1

1 x l F e—2
Suy ra SZ_E‘X(e—e )‘dx=fx(e—e )dx: >

0

VAN DUNG CAP PQ CAO
Céu 31. Hinh phang (H) dugc giéi han boi dd thi hai ham sé y = \xz -1
Al 5. 2 0
3 3 3

Huwéng din giai

Xétpt [x* ~1|=[x|+5 c6 nghi¢m x=-3, x =3

Suyra S = j;‘(‘xz - 1‘ - (|x| + 5))}a’x = 2:|j' ‘xz - 1‘ -(x+ 5)}dx

Bang xét dau x” -1 trén doan [0;3]

X 0 1 3
x* -1 - 0 +

_i'(—x2 —x—4)dx+_§.(x2 —x—6)dx

Cau 32. Hinh phing (H) dwoc gidi han boi db thi hai ham s y = \xz —4x+3

73

Viay §=2

béng

, V= |x| +5. Dién tich cua (H) bang

p. 2
3

, ¥=x+3. Dién tich cta (H)
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A 108 5 109 ¢ 10 b, 119
5 5 6 6

Huwéng din giai
Xétpt |x* —4x+3\ = x+3 conghiém x=0, x=5

Suyra S = _f( X +5x)dx+_|.(x —3x+6)dx+_f( X +5x)dx—1(;9

Céau 33. Dién tich hinh phing giéi han boi (P):y = x> +3, tiép tuyén cua (P) tai diém c6 hoanh d6 x =2
va truc tung bang

AL B.2

3

C.2 D.z
3 3

Huwéng din giai
PTTT cta (P) tai x=2 13 y=4x+3
=0
=2

(x——2x +4xj
3

Céu 34. Dién tich hinh phang gi¢i han boi do thi hai ham s6 1> -2y +x=0, x+y=0 la
A2 B. 2 c. ! p. U
4 2 2 2
Hudng dan giai

Xet pt (x +3) (4x+3) 0 x* —4x= 0@{

Suy ra S:j"(x2 —4x+4)‘dx:
0

j.(x —4x+4
0

Bién d6i vé ham s6 theo bién sd y 1a x=—y*+2y, x=—y

Xét pt tung do giao diém (- +2y)—(-») =0 co nghiém y=0, y=3

Vay S =ﬂ—y2 +3y\dy=}(—y2 +3y)dv =%

Cau 35. Dién tich hinh phang giéi han boi cac do thi ham sb y = x*; y = %x y= 27 bang
x

A. 27n2 B. 27In3 C. 28In3 D. 291n3

Huwéng din giai
2 2
Xét cac pthdgd ¥’ — X =0 = x=0x’ ~ 2L 20 = x =37 2L L 0= x=9
27 X 27 x
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Suy ra

3 2 9 2
Sz_f xz—x— x+_f ﬁ_x_ dx=27In3
0 27 SLx 27

Cau 36. Dién tich hinh phang trong hinh v& sau la
¥

4

flx) = vx

>
W | oo

C.Z D. —
3

Huwéng din giai

| r 5 10
, Nén S:f(y+2—y )dy:?
0

Ta co y2=y+2<:>{y

Cau 37. Dién tich hinh phing nam trong goc phan tu thir nhit, giéi han boi cac duong thang y =8x,y =x
va dd thi hamsé y=x" 1 %. Khi d6 a+b bing
A. 68 B. 67 C. 66 D. 65
Huwéng din giai
Ta co
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Cau 38.

8x—x=0=>x=08x-x"=0=> ;x—x3=0:>{x

L2004

e

flo) = 8

S BP0 PR R R SR SO R T

—
Il
e

104

=1
—

D R N e e R R

1 242 63
Nén S:I(Sx—x)dx+ j. (Sx—xS)dx=T
0

1

2
Dién tich hinh phang giéi han boi cac dudng thang y =1,y = x va dd thi ham sb y = x? trong mién

x>0,y<11a %.Khidé b- abing

A. 4 B. 2 C.3 D. 1
Huwéng dan giai
Ta co

2 2
x—1=0:>x=1;x—%z0:>xz0;l—%z0:>x:2
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M ——————————

1 2 2 2
Nén S:J.(x—x—Jd)H (l—x—jdxzé
o 4 1 4 6

A A s s 2 ae . 2 -x, nOux<l 10 2 1. @
Cau 39. Dién tich hinh phang gidi han boi cac duong thang y =

N va y=—x-x" la —.
x—2, nOu x>1 3 b
Khi d6 a +2b bang
A. 16 B. 15 C. 17 D. 18
Huwéng din giai
[Phwong phap tu luin]
Ta cod
mx—x2 =—x=>x=0

?x—x2 =x-2=>x=3

1 3
Nén S:J.(?x—xz +xjdx+_f(?x—x2 —x+2)dx:§

0 1

2
Céu 40. Hinh phéng gi6i han boi dd thi hamsé (C):y = Li“‘ , tiém can xiém cua (C) va hai duong

thing x =0,x=a (a <0) co dién tich bang 5 Khi d6 a bing

A l1-¢€ B. 1+¢€’ C.1+2¢° D. 1-2¢°
Hudéng din giai

[Phwong phap tw luan]

Tacod
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TCX :y=-x+3

. o1 a1 a
Nén S(a) = j (—E)dx = { (Ejdx =In|x~1[ =In(1-a)

Suyra In(l-a)=5<a=1-¢
II-Céu héi tinh tinh thé tich vat tron xoay giéi han béi cac dwong:

Nhirng diém cin luu y:
. Tinh thé tich kh(:')i tron xoay: i
Trwong hop 1. The tich khoi tron xoay do hinh phang gidi han bdi cac duong y = f(x), y =0, x = a va

b
x = b (a < b) quay quanh truc Ox1a V = ’Nf 2 (x)dx.

Trudng hop 2. Thé tich khdi tron xoay do hinh phing gidi han béi cac duong y = f(x), y = g(x), x = a

b
va x = b (a < b) quay quanh truc Ox1a V = ﬂf|f2(x) — g*(x)| dx.

NHAN BIET - THONG HIEU
Cau 41. Thé tich vat thé tron xoay khi quay hinh phang gii han boi cac duong y = 4 ,y=0,x=1,x=4
X
quanh truc ox la:

A. 6r B. 6 C. 12 D. 6z
Huwéng din giai

4
R o7 5 A \ A ’ \ 4
Theo cong thirc ta c6 thé tich cua khoi tron xoay can tinh la: V' = Jﬂ (—)dz = 127.
x
1

Ciu 42. Cho hinh phang gii han bdi cac duong y =cos4x, Ox, x =0, x = % quay xung quanh tryc Ox.

Thé tich ctia khéi tron xoay tao thanh bang:
2 2
AL B. L C. p. (%,
2 16 16
Hudéng din giai

NN

z
2

8
A , £ LA s ) As ooy X s \ T
Theo cong thirc ta c6 thé tich cua khoi tron xoay can tinh a: V' = .[ z.cos’ 4xdr = 16
0

Céu 43. Cho hinh phing gi6i han béi cac dudng y = f(x), Ox, x = a, x = b quay xung quanh truc Ox.

Thé tich ctia khéi tron xoay tao thanh bang:

b b b b
A V=7 j f(x)dx. B.V=rx j F(x)dx. C.V= j 2 fX(x)dx. D.V= j FA(x)d.
Hudéng din giai

b
Theo cong thirc ta c6 thé tich cuia khdi tron xoay can tinh 1a: ¥ = 7zJ- [ (x)dx.
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Cau 44.

Cau 45.

Cau 46.

Cau 47.

Cau 48.

Cho hinh phang gi6i han boi cac dudng y=./x—1 ; truc Ox va dudng thing x =3 quay xung

quanh tryc Ox. Thé tich cua khéi tron xoay tao thanh bang:

A. ETt B. 3n C. 2m D.n

2
Giao diém cua hai duong y =Vz —1va y=0 la A(1;0). Vay thé tich cua khdi tron xoay can tinh

3
la: Vzﬁj(x—l)dx=2ﬂ.
1

Cho hinh phing giéi han bai cac dudng y=x>+1, y=0, x =0, x =1 quay xung quanh tryc Ox. Thé

tich ctia khdi tron xoay tao thanh bang:

A.79—7r B 237 C.S—ﬁ D. 9z

63 14 4
Huwéng din giai
1
Theo cong thirc ta ¢ thé tich cua khdi tron xoay can tinh la: V = 7Z'j (X +1)dx = 237
0
Cho hinh phing gi6i han bdi cac dudng y* = x, x =a, x=b (0 < a < b) quay xung quanh truc Ox.

Thé tich cuia khéi tron xoay tao thanh bang:
A V=r J.j xdx. B. V= 72'J.:) Jxdvx. C.V= 7Z'J.: xdx. D. V= 72'2J.j Jxdvx.
Huwéng din giai
Voi xe[a;b]thi ¥ =x©y=\/;.
Theo cong thirc ta c6 thé tich cta khdi tron xoay can tinh 1a: V =7 Jj xdx.
Cho hinh phang gi6i han béi cac dudng y = —x* +2x, y =0 quay xung quanh truc Ox. Thé tich cua
khéi tron xoay tao thanh bang:
N B, 47 ¢ p, 162
15 3 15 15
Huwéng dan giai
Giao diém ciia hai dudong y* = —z° + 2z va y = 0 1a 0(0;0) va A(2;0). Theo cong thiic ta co thé

2
tich cta khdi tron xoay can tinh 1a: V =z I (—=x* +2x)’dx = 116—5”
0
Cho hinh phang gi6i han béi cac duong y=+/1-x*, y=0 quay xung quanh truc Ox. Thé tich cua
khdi tron xoay tao thanh bang:
A B. 2% C.
2 3
Hudéng din giai

N
O
I
3
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Cau 49.

Cau 50.

Cau 51.

Cau 52.

Giao diém ctia hai duong y = V1 —2° va y = 0 1a B(—1;0)va A(1;0). Theo cong thiic ta c6 thé
1
. . 4
tich ctia khoi tron xoay can tinh 1a: V = 7 j (1-x%)dx = Tﬁ
-1
Thé tich khéi tron xoay trong khong gian Oxyz gi6i han béi hai mit phang x = 0; x = 7 va c6 thiét
dién cét boi mat phing vudng goc v6i Ox tai diém (x;0;0) bt ky 1a duong tron ban kinh /sin x 1a:
A. V=2 B. V=n C.V=4r. D.V =2x.
Hudéng din giai
Khdi tron xoay trong dé bai c6 duoc bang cach quay hinh phang tao béi cac dudng
x=0; x =7m; y =+/sinx; Ox quay tryc Ox.

Theo cong thirc ta ¢ thé tich ctia khdi tron xoay can tinh 1a: V = 7 I sinxdx = 27.
0

Cho hinh phang giéi han béi cac duong y =tanx, y=0, x =0, x =% quay xung quanh truc Ox.

Thé tich ctia khéi tron xoay tao thanh bang:

A.V:ﬂ(\/g—%j B.Vzﬁ(\/g—%j C.V:yz(ﬁ—fj D.Vzﬂ(\/g—%j

3
Hudéng din giai

N

3
A , £ LA s ) 4 X o \ T
Theo cong thirc ta c6 thé tich ctia khoi tron xoay can tinh la: V' =7 I tan’Xdx = 7{\/5 —gj
0

Cho hinh phang gidi han boi cac duong y =1+ Jx , Ox, x =0, x =4 quay xung quanh truc Ox. Thé
tich ctia khdi tron xoay tao thanh bang:
: 28 B. 7Z.§ C. 7z§ D. ﬂz.g
3 3 3 3
Huwéng din giai

A 7

4
Theo cong thic ta c6 thé tich ctia khi tron xoay can tinh la: V = Iﬂ(l +z Ydx = 68?”
0
VAN DUNG
Mot vat co kich thude va hinh dang nhu hinh vé dudi day. Pay 1a hinh tron gidi han boi duong tron
x* +y* =16 (ndm trong mit phing Oxy), cit vt bdi cac mat phang vudng goc véi truc Ox ta duoc

thiét dién 1a hinh vudng. Thé tich cia vat thé la:
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Cau 53.

Cau 54.

—4;

J. 16 x> dx B. _[4 4x*dx C. .[4 4rx*dx D. I4 47r(l6—x2)dx
4 -4 -4

Huwéng din giai

Thiét dién ct truc Ox tai diém H c6 hoanh d¢ bing x thi canh ctia thiét dién bing 2.4/16 — 2° .

Vay thé tich cua vat thé bang V = I S(x)dx = I (16 X )dx.

Cho hinh phang D giéi han boi cac dudng y* =4x va duong thang x =4 . Thé tich cta khdi tron
xoay sinh ra khi D xoay quanh truc Ox la:

A. 32n B. 64n C. 16n D. 4n

Huwéng dan giai

Giao diém clia hai duong y* = 4z va z =4 1a D(4;-4) va E(4;4) . Phan phia trén Ox ctia duong
y* = 4z c6 phuong trinh y = 2\/; . Ttr hinh v& suy ra thé tich cua khdi tron xoay can tinh 1a:

4
V= Iﬂ.(?\/;)de = 327.
0

Cho hinh phing gi6i han béi cac dudng y=1Inx, y =0, x =2 quay xung quanh truc Ox. Thé tich
ctia khéi tron xoay tao thanh bang:
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Cau 55.

A. 2In*2-4In2+2 B. ;z(21n22+41n2—2)
C. 7(2In*2-4In2+2) D. 7(2ln2-1)

Huéng dan gidi 7 v ,
Toa d¢ giao diém cua hai duong y =Inz va y =0 la diem C(1;0). Vay thé tich cua khoi tron

2
xoay can tinh 1a: V = jﬂ.lm2 rdw = 7r(21n22—41n2+2).
1

Cho hinh phéng giéi han boi cac dudng y=a.x’, y =bx (a,b#0) quay xung quanh truc Ox. Thé
tich ctia khdi tron xoay tao thanh bang:

3 5 5 5
A. V=7z.b—(l—§) B.V=rt" cv=rtl D. V:ﬂ_b_(___j

a>\3 5q4° 3a° a

Huwéng din giai
2
Toa d¢ giao diém clia hai dudng y = az® va y = bz 1a cac diém 0(0;0) va A(é,b—) . Vay thé tich
a a
b b
" A \ A ’ N T 2 2 f 92 4 b5 1 1
cua khoi tron xoay can tinh la: V' = jﬂ.b rdr — jﬂ.(l ridr = ﬁ—g(g - g)
0 0 a
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Cau 56. Cho hinh phang gi6i han boi cac duong y =+4—x?, y = %xz quay xung quanh truc Ox. Thé tich

ctia khéi tron xoay tao thanh bang:

\. | /
\ .
@

: C. V= 28’;‘5 D. V= 24’;‘/5

A. V= B.V

24733 2813
5
Huwéng dan giai

Toa do giao diém ciia hai duong y = V4 —2° va y = %af 1a cac diém A(—\/g ;1) va B(\/g i1).

q , ‘ ¥ B 283
Vay thé tich ctia khoi tron xoay can tinh la: V = J‘ 7.(4—2%)dz - I 725 ridr = ﬂ'T
3 3

Céau 57. Cho hinh phang gi¢i han boi cac duong y =3x, y =x, x=0, x=1 quay xung quanh truc Ox. Thé

tich ctia khdi tron xoay tao thanh bang:

Av=2E B V=12 c.v=2% D.V=r

Huéng dan gidi 7

Toa d6 giao diém ctia duong = =1 voi y = = va y = 3z la cac diem C(1;1) va B(3;1). Toa do
giao diém ciia duong y = 3z véi y = z 1a O(0;0) . Vay thé tich ctia khdi tron xoay can tinh la:

1 1
V= Iﬂ.Qdex — I r.aidr = 7r§
0 0 3
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Cau 58.

Cau 59.

Goi (H) la hinh phang dugc tao béi hai dudng cong (C,):y=f(x), (C,):y=g(x), hai duong
thing x=a, x=b, a<b. Gia sir rang (C]) va (Cz) khong co6 diém chung trén [a,b] va thé tich

ctia khéi tron xoay sinh ra khi quay (H) quanh Ox 1a V = ni([f(x)]z _[g(x)]z)dx . Khi do
(D: f(x)>e(x),
(2): f(x)>e(x)
(3): 0<f(x)<g

Vx €|a,b]
>0,Vx €[a,b]
( ) ‘v’xe[a,b]

A

S4 nhan dinh ding trong cac nhan dinh trén la:
A.0 3 B. 1 C.2 D.3
Huwéng dan giai i
Tur gia thi€t ta suy ra c6 theé xdy ra mot trong hai truong hop:
(2): f(x) > g(x) >0,Vx e [a,b]
hodc (3):  0<f(x)<g(x),vxe[a,b].
Do d6 s6 nhan dinh dung 1 khong.

Cho hinh phing gi6i han boi cac dudng y =x+/lnx, y=0, x=e quay xung quanh truc Ox. Thé
tich ctia khdi tron xoay tao thanh bang:

4e’ +1 n4e3—1 7T2e3+1 n263—1
9 9 9 9

Hudéng din giai

A w

Toa d6 giao diém cua duong z =€ voi y =a2Vlnzx la diém C(3;3). Toa do giao diém cua duong
y=zVInz véi y =0 1a A(1;0). Vay thé tich ciia khéi tron xoay can tinh 1a:

e 3
Vz_[;z.ﬁlnxdxzﬂ 2e +1.
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Cau 60.

Cau 61.

Cau 62.

Cho hinh phang gi6i han béi cac dudng y = x* —6x* +9x, y =0 quay xung quanh truc Ox. Thé tich

ctia khi tron xoay tao thanh bang:

2566087 D 11767

35 5

2

A 127 B. =% C
35 4

Hudéng din giai

Toa d¢ giao diém ciia duong y = x* —6x* +9x v6i y = 0 1a cac diém C(e;e) va A(3;0). Vay thé

r \ 3 2
tich ctia khoi tron xoay can tinh la: V = _f 7z.(x3 — 62" + Qx) dx = ﬁ.%.
0

Mot vat co kich thude va hinh dang nhu hinh vé dudi day. P4y 1a hinh tron gio1 han béi duong tron
x* +y? =16 (nam trong mit phiang Oxy), cat vat boi cac mit phang vudng goc véi truc Ox ta dugc

thiét dién 13 tam gidc déu. Thé tich cua vat thé la:

o m }x
e N2 S LR Y -}

Hwéng din giai
Giao diém cua thiét dién va Ox 1a H. Pat OH = z suy ra canh cua thiét dién 1a 2416 — z° . Dién

J3

tich thiét dién tai H1a S(z) = T4(16 -2%).

256/3

3
Cho hinh phing gidi han boi cac duong y =2x?, y* =4x quay xung quanh truc Ox. Thé tich cua

4
Vay thé tich cia vit thé 1a V = [ V3(16 - 2)dz =
-4

khdi tron xoay tao thanh bang:
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_ 587 B.V=2 v=2Z '
5 70 3 5

Huéng din giai

Véi z [0;2] thi y° =42 < y =4z

AV

Toa d¢ giao diém ciia duong y =2x” véi ° = 4z 1a cac diém O(0;0) va A(1;2). Vay thé tich

1 1
ctia khi tron xoay can tinh 1a: V = _[ w.Azxdr — I Az dr = ﬂg

0 0
BAI TAP TONG HQP
( Chi c6 phan dap so)
Céu 63. Dién tich hinh phéng giéi han boi cac duong cong ax = y*;ay = x> (a > 0 cho trude) la:
3 3 3 3
A s=L B. s=% C. Szzi D. 5241
3 2 3 3

Cau 64. Dién tich hinh phing giéi han boi d6 thi cia: y = x> —2x, truc Ox va 2 dudng thing x = 0,

x =2 la:
A. 2 B. 4 C. - D. 0
3 3 3
Cau 65. Dién tich hinh phang giéi han boi Parabol y = —x* va duong thing y = -x - 2
L B. 2 c. 2 D. 1-42
2 2 2 2

CAu 66. Dién tich hinh phang gi6i han béi ba duong: y = sinx, y = cosx vax =0

A 2+42 B. 242 +1 C. V2 D. 242-1
Céu 67. Dién tich hinh phang giéi han béi hai parabol: y = %xz va y=3x- %xz la:

A7 B. 8 C.9 D. 6.

C4u 68. Dién tich gidi han boi 2 duong cong: (C)):y = f,(x)=x>+1;(C,): y = f,(x) =x* —2x va dudng

thang x =-1 va x = 2.
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Cau 69.

Cau 70.

Cau 71.

Cau 72.

Cau 73.

Cau 74.

Cau 75.

Cau 76.

i o B b, U
2 2 2

A7 B.

Dién tich hinh phing giéi han boi parabol: y=x?-2x+2 tiép tuyén véi parabol tai diém
M(3 ; 5) va truc tung

A7 B. 6 C.5 D. 9
Dién tich hinh phing gi6i han béi: y = x(x — 1)(x —2), y =0
A 1. B. 1 C. 1 D. 1
2 4 3
Cho D 1a mién kin gi6i han béi cac dudng y =1, y =2 —x va x = 0. Tinh dién tich ctia mién D
Al B. 1 C. 1 D. )
4 2 8
Dién tich hinh phing gi6i han béi cac dudng: y = cosx , y =0, x=0, x :%
A 3 B. 1 C. 2 D. 1
2 2
Tinh thé tich vat thé gi¢i han boi mit sinh ra khi quay hinh phang gi6i han boi: y =2x—x*;y=0
quay quanh Ox.
Az B. 107 c. Iz p. 87
15 15 15 15

Thé tich vat thé tron xoay sinh ra khi quay hinh phing gi6i han boi duong y = x*;8x = y* quay
quanh tryuc Oy la:

21z B 237 C 24 D. 487

15 15 15 5
Thé tich ctia khdi tron xoay sinh ra khi quay quanh truc Ox hinh phang gii han boi truc Ox va

Parabol (C)y =ax—x"(a > 0)la:

5
7za5 7za5 72'614 na

. C. .
30 20 5 10

Thé tich khéi tron xoay tao nén khi ta quay quanh truc Ox, hinh phiang S gi¢i han boi cac dudng:
y=xe,x=1Ly=00<x<1)la:

(& +1) L @ =D) o m(@+D) b 7l

A. B. . .
4 4 2 12
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