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(*) & sin? 2x + cos? 2x = cos? 4x & l—zsm2 4x =1-sin’ 4x < sin?4x=0.

sin2x=0

< sindx=0< 2sin2xcosx=0<
cosx=0(L)

@x:k%(keZ).

Két hop diéu kién = nghiém ctia phuong trinh (1) 14 x = k%(k e’Z)
Vay s6 diém biéu dién can tim 13 4.
Lueu y: O bai ndy didu kién bai toan c6 thé gop thanh x — 2 + kg(k € 7)

Bai tap rén luyén ky nang
Phwong trinh lwgng giac co ban

Cau 1. Phuong trinh sin(x+10%) =% (0° <x <180) c6 nghi¢m la:

A. x=30" va x=150° B. x=20° va x=140°
C. x=40" va x=160° D. x=30° va x=140°

Ciu 2. S6 nghiém cua phuong trinh v2cos(x +%) =1 vo10<x <27 la:
A. 0 B. 1 C.2 D.3

Cau 3. Phuong trinh sin(5x +%) =m—2c¢06 nghiém khi:

A. me[l;3] B. me[-1;1] C.meR D. me(1;3)
Cau 4. Phuong trinh tan(3x+60°) = m’ c6 nghi¢m khi:

A. me[-11] B. m[0;1] C. meR D. med
Cau 5. Phuong trinh c6 nghiém tan(x-1)=21a:

A. x=—l+arctan(2)+kz(k € Z) B. x=1+arctan(2)+kn(k e Z)

C. x=arctan(2) + k27(k € Z) D. x =1+arctan(2) + k%(k eZ)

Ciu 6. Tdng cac nghiém cua phuong trinhtanx =1 trén khoang (0;10) 1a:

Group: https://www.facebook.com/groups/tailieutieuhocvathcs/




HOC360.NET - TAI LIEU HQOC TAP MIEN PHi

Cau 7.

Cau 8.

Cau 9.

Cau 10.

Cau 11.

Cau 12.

Cau 13.

Cau 14.

Cau 15.
Cau 16.

Cau 17.

Cau 18.

157 RY/4 T

A, — B. — C. — D. 87
4 2 2
Phuong trinh ndo sau day twong duong véi phuong trinh cosx=07?
A. sinx =1 B. sinx =-1 C. tanx =0 D. cotx=0

Phuong trinh cos(x + %) = sin% Co6 cac nghiém dang x=a+k2zva x=—p+k2x
(0<a; B<x)Khi d6 o+ B bang

A. 0 B. - X c.® p. 2%

6 3 3
Phuong trinh cos2x = —cos(x+%) c6 bao nhiéu nghiém thudc (0;107)
A. 14 B. 15 C.16 D. 17

Nghiém 4m 16n nhét ctia phuong trinh cotx = tan(g—%)

A B.-Z c.- ¥~ D. 0
3 3 3
Trong cac phuong trinh sau, phuong trinh nao vé nghiém?
A. tanx =99 B. cot2018x =2017
C. sin2x = 3 D. cos(2x —1) = &
4 2 3

Mot s6 phwong trinh lwong giic thwong gip
S6 nghiém cta phuong trinh 2sin x—~/3 =0 Trén doan [0;27]

A. 1l B. 2 C.3 D.4
Phuong trinh mtanx—+/3 =0 C6 nghiém khi
A.m#0. meR C.—lsﬁﬂ D.—1<£<l

m m

C6 bao nhiéu gia tri nguyén ciia m dé phuong trinh 2cos’ x+m—1=0 C6 nghiém?

Al B. 2 C.3 D. V6 sb
Tong cac nghiém cta phuong trinh 2sin(x+20°)—1=0 trén khoang (0°,180°)
A. 210° B. 200° C. 170° D. 140°

Phuong trinh sinx —3cosx=0 c6 nghiém dang x=arccotm+kx,k € Z thi gid tri m la:
1 1

A.m=— B. m=3 C.m=-3 D. m=——
3 3
Téng 2 nghiém duong lién tiép nho nhét ciia phuong trinh: 2sin® x+7sinx—4=014:
A x=Z B. 2~ c . 57
6 3 6 6
anx —+/3

Nghiém cta phuong trinh ¢
2cosx+1
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A.S={%+kﬂ,keZ} B.S={%+(2k+l)ﬂ,ke2}
C. S:{£+k27z,keZ} D. S:{£+k£,keZ}
3 302
Cau 19. Nghi¢m cua phuong trinh 2 tan” x + " -3 la:
A.x=krn,kel. B. x:(2k+l)7r,keZ.
C.x=k3r kel. D.xzk%,keZ.

A . . 1 . s g:R Y A \ \
Cau 20: Phuong trinh cos’x —sin® x = gcoszbc c6 bao nhiéu diém biéu diém trén duong tron

lugng giac?
A. 3. B. 4. C. 8. D. 6.
Céu 21: C6 bao nhiéu gi tri nguyén ctia m dé phuong trinh sin®x+(m? ~3)sinx+m* -4 ¢6
. . ~ |37
hai nghiém thudc {T;Zn) ?
A. 1. B. 2. C. Vb sb. D. Khong c6 m .

Céu 22: Gia trj ctia m dé phuong trinh cos2x —(2m+1)cosx+m+1=0 c6 nghi¢m trén (%37”)

1a me[a;b) thi a+b la:
A. 0. B. 1. C.1. D. 2.

Cau 23: Phuong trinh cos'x +sin* x + cos(x — %) sin (3x — %) —% =0 c6 tong 2 nghiém am 16n

nhét lién tiép la:

A -Z B. -7. c.-Z. . -Z.
2 2 2
Céu 24: Phuong trinh sin® x+cos’x +3sinxcosx—m+2=0 c6 nghi¢m khi m e[a;b] thi tich ab
bang:
A2 B.2. c. 2 p. 2.
4 2 16 4

Cau 25: Phuong trinh tanx+2cotx—3=0 c6 cac nghiém dang x =%+k27z va x=arctanm+kr;

k eZ thi:

A. m=1. B. m=2. C.m=

N | —

Cau 26: Cho cac phuong trinh sau:.

(1) 2sinx—+/5=0.
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Cau 27:

Cau 28:

Cau 29:

Cau 30:

Cau 31:

Cau 32:

(2) sin® 2x+5c0s2x—7=0.
(3) sin® 3x +cos’3x = % .
Trong cac phuong trinh trén, phuong trinh nao vo6 nghiém
A. Chi phuong trinh (1) v0 nghiém. B. Chi phuong trinh (2) v6 nghiém.
C. Chi phuong trinh (3) v6 nghiém. D. Ca 3 phuong trinh vo nghiém.
Phwong trinh bic nhét déi véi sinx, cosx.
Phuong trinh sinx+mcosx =10 ¢6 nghiém khi:
mz23 m>3 m=3
A. . B. . C. . D. 3<m<3.
m< -3 m< -3 m< -3
Phuong trinh sinx++/3cosx=1 ¢ cac nghiém dang x=a+k27 va x=p+k2x, kel
VOl -z <a, f <~z thi a.p la:

r’ r’ r’ r’

A ——. B. —. C.—. D. —.
6 2 12 12

Phuong trinh cos2x +sin x = /3 (cos x —sin 2x) ¢ c4c nghiém la:

T 27 T
xX=—+k— X=——+kr
A. 183 3 (ke). B. ' (keZ).
x=—Z_k2r x=—Zik2x
L 12
x=tkrn x=2+korx
c.| 1?2 (kez)p.| 12 (keZ).
x=2kn x=—Zikor
L 4 4

Phuong trinh sin x + cos x.sin x +v/3cos3x = 2 (c0s4x +sin’ x) c6 tong hai nghiém duong
nho nhat lién tiép 1a:

AL B. =~ c.Z. D.
42 42 3

DN

2
Phuong trinh (sin§+cos§j ++/3cosx=2 cd nghiém duong nho nhat 1a a va nghiém
am 16n nhat 1a b thi a+5 1a:

A 7. B. Z. c. X p.-Z.
2 3 3

Phuong trinh ding cip béc hai.

S6 diém biéu dién nghiém ctia phuong trinh cos’x —/3sin 2x =1+sin’ x trén dudng
tron lugng giac la:

A. 2. B. 1. C. 3. D. 4.
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Cau 33: Cho phuong trinh 2cos’x +5sin xcos x+6sin’ x—m—1=0 (1) s0 gia trj m e Z d¢ phuong
trinh (1) c6 nghiém la:
A.S. B. 6. C.7. D. 8.

Cau 34: Phuong trinh sin x +cos x—4sin’ x = 0 twong dwong voi phuong trinh:
A. tanx=-1. B. sinx—cosx=0. C.2cos’x—1=0. D. \2sinx—-1=0.

CAu 35: Phuong trinh /3 sin x+cosx = c6 bao nhiéu nghi¢m trén (0;27) ?

cosx
A. 2. B. 3. C. 4. D. 5.

Ciu 36: SO gia tri nguyén ctia m dé phuong trinh 2sin® x —sin xcos x — meos’x =1 c6 nghiém
trén {—1;5} la:
474

A. 1. B. 2. C.3. D. 4.
Phuong trinh doi xirng va ciac phwong trinh lwgng giac khong mau mue.
Ciu 37: Phuong trinh sinx+cosx+~2sin2x=0 ¢ sd diém biéu dién trén duong tron lugng
giac la:
A. 1. B. 2. C.3. D. 4.

Ciu 38: C6 bao nhiéu gia tri nguyén ciia m dé phuong trinh sin 2x ++2 sin(x—%j -m—1¢co

nghiém?
A. 1. B. 2. C. 3. D. 4.
Cau 39: Cho phuong trinh cot x—tan x =sin x + cos x. Khi ddt #=sinx—cosx thi:
A 1=1-42. B.1=2-1. C.1=0. D.1=-1-42.
Cau 40: Phuong trinh tanx+cotx=¢ c6 nghi¢m khi:
=2 t>2
A. . B. . C. VreR. D. te[—2;2].
t<-2 t<-2

Ciu 41: Cho phuong trinh 3tan’ x +4tanx+4cotx+3cot’ x+2 =0 (1). Dat tanx+cotx=¢ v0i
t € (—o0;—2]U[2;+00) thi phuong trinh (1) twong duong véi phuong trinh:
A 32 +4t+2=0.  B. -3 +4t-4=0. C.3+4t-4=0. D.3 —4t-4=0.
Mot s6 phwong trinh lwong giac khac.

Cau 42: Phuong trinh cosx+cos3x+2cos5x=0 cO cac nghiém la x = %+ kr va

1 e .
x:iEarccosm+k7z. Gia tri cua m la:

1+4/17 1+4/17 c m_il+\/ﬁ

+
A.m= . B. m= . . D.m:&.
8 16 8 16

Céu 43: S6 diém biéu dién nghiém ctia phuong trinh sin3x—sinx+sin2x =0 trén dudng tron
luong giac la:
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Cau 44:

Cau 45:

Cau 46:

Cau 47:

Cau 48:

Cau 49:

Cau 50:

Cau 51:

Cau 52:

A. 2. B. 3. C. 4. D. 5.

Phuong trinh sin* x + cos* (x + %) :% c6 bao nghiéu nghi¢m trén (27;37)?

A. 1. B. 2. C. 3. D. 4.
Phuong trinh cos® x.cos3x +sin’ x.cos 3x =sin’ 4x ¢6 bao nhiéu nghi¢m trén [0;27]?
A. 1. B. 24. C. 12. D. 2.

Phuong trinh cos x. cos%.cos%— sin x. sing.sin% = % co tich cac nghiém trén (-7;0)

la:
2 2 2 2
A -Z B. = e D. -2
8 8 72 32
Phuong trinh sin5x.cos3x =sin7x.cos 5x ¢6 tap nghiém la:
xzkg [x=kn
A. (kEZ) B. T ﬂ(kEZ)
T E CTRAET
20 10 20 10
x=%+k1£ x=kZ
C. O (kez). D. 2 (kez)
A T .7
xX=—+k— x=—+k—
L 20 10 L 20 5

Phuong trinh ,1 + !
sinx . ( 3z
s x— 7

j = 4sin (%r—xj c6 tong 3 nghiém am lién tiép 16n

nhét 1a:

A -Z. B. 2~ c. 7. p. 7.
2 8 8 4

S6 nghiém cta phuong trinh sin® x - cos® x = % trén [0;27] la:

A. 0. B. Vo s0. C.2. D. 4.

Phuong trinh tan® x+2sin® x—2tan x—2+/2sinx+2 =0 c6 bao nhiéu nghiém trén (0;27)
?
A. 1.

Phuong trinh sin (__Ej % i (—+—j c6 bao nhiéu nghi¢m trén (0;27)?

B. 2. C.3. D. 4.

A. 1. B. 2. C.3. D. 4.

Phuong trinh V2 (sinx—2cosx)=2-sin2x c6 tdp nghiém la:

A. S:{i%+k27z,keZ}. B. S= {+3T”+k27z keZ}
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C.S={i37ﬂ-+kﬂ',k€Z}. D.S={57ﬂ+k27r,keZ}.
A \ cos2x . 2 1. L A \
Cau 53: Phuong trinh cotx-1= +sin’ x——sin2x ¢O cac nghiém la:
1+ tan x 2
r r
A.x=2+k27r(keZ). B.x=2+k7r(keZ).
C.x=2+1Z (kez). D.x=Z s k27 (keZ).
4 "2 4
Céu 54: Phuong trinh cotx— tan x + 4sin 2x =— > c6 bao nhiéu nghiém trén (0;27)?
S1N 2ZX
A. 2. B. 4. C.6. D. 5.

CAu 55: Phuong trinh 2sin” 2x+sin7x—1=sinx dua vé phuong trinh tich dugc phuong trinh
tuong duong la:

A. cos4x(1-sin3x)=0. B. 2cos4x(1—sin3x)=0.
C. cos4x(1+sin3x)=0. D. cos2x(I1+sin3x)=0.
Céau 56: Phuong trinh 2sinx(1+cos2x)+sin2x=1+2cosx la phuong trinh hé qua cua phuong
trinh:
A. cos2x=0. B. 2cosx—-1=0. C.sin2x+1=0. D. sin2x-1=0.
Céu 57: Phuong trinh 6sinx—2cos’ x =552ir;():% c6 s0 nghiém trén (0;27) la:
A. 0. B. 2. C. 4. D. 6.
Céu 58: Phuong trinh sin4x =tanx c6 nghiém dang x=kz va x=xmarccosn+kz (keZ) thi
m+n bang:
A.m+n:73. B.m+n:—§. C.m+n:_1;\/§. D.m+n:_l_2\/§.

cos’x—cos’ x—1
cos® x
A. 32. B. 33. C. 34. D. 35.

Phuong trinh lwgng gidc chira tham sb.
Cau 60: Phuong trinh (2sinx+1)(sinx—m)=0 (m la tham s6) c6 nghiém trén (0;z) khi:

Cau 59: Phuong trinh cos2x—tan’ x =

c6 bao nhiéu nghiém trén [1;70]?

A. VmeR. B. med. C. me(0;1]. D. me(0;1).
Céu 61: C6 bao nhiéu gia tri nguyén 4m 16n hon —10 cua m dé phuong trinh

(2cosx—1)(2cos2x+2cosx—m)=3-4sin’ x co hai nghiém thudc [—%,%} ?

A. 7. B. 6. C.2. D. 3.
Ciu 62: Cic gia tri clia m e[a;b] dé phuong trinh cos2x+sin’> x+3cosx—m =5 c6 nghiém thi:
A.a+b=2. B. a+b=12. C. ab=-8. D. ab=8.
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Cau 63:

Cau 64:

Cau 65:

Cho phuong trinh msinx+(m+1)cosx = ™ S6 cac gia tri nguyén duong ciia m nho
COS X

hon 10 dé phuong trinh c6 nghiém la:

A. 8. B. 9. C. 10. D. 7.

Phuong trinh cos2x+(2m+1)sinx—m—1=0 c6 nghiém trén (—%;7[ khi tat ca cac gia

tri thda man:
A.med. B. meR. C. me[-11]. D. me(-11).
C6 bao nhiéu gia tri nguyén ctia m nho hon 2018 dé phuong trinh

+3tan’ x +tan x + cot x =m ¢O nghiém ?

sin’ x

A. 2000. B. 2001. C. 2010. D. 2011.
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Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Cau 6:

HUONG DAN GIAI CHI TIET
Phwong trinh lwgng giac co ban

bap an B.

sin(x+10"):%<:>sin(x+10"):sin30"

x+10° =30° +k360° x =20 +£k360°
& & (kez)
x+10° =180 —30” + £360° x =140 + k360°
. =20°
Ma xe(07180°)=| " .
x =140°
Pap an C.
1 x+ X =" kon x=k2x
cos(x+£j:—<:>cos(x+£j:cos£<:> 4 4 & e (keZ).
4) 2 4 4 V4 V4 xX=——+k2x
X+—=——+k2r 2
4 4
Biéu dién trén dudng trong luong giac:
y A
0 x

Vay c6 2 ho nghi¢m thudc [0;27].
Dap an A.

Phuong trinh sin(5x+%j:m—2 c6 nghiém khi |m-2|<le-1<m-2<1e1<m<3.
Dap an C.

Phuong trinh tan (x+60°)=m® c6 nghiém khi meR.

Dap an B.

Phuong trinh tan(x—1)=2< x—1=ractan2+kz < x=1+ractan2+kz (k€Z).
Pap an A.

tanx:l©x2%+k7r (keZ)

Ma xe(O;lO)c>0<£+k7z<10c>—l<k<£—l
4 4 T 4
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Cau 7:

Cau 8:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

Do keZ= ke{0;1;2} <3 nghiém e(0;10) 14 x, =%, X, =24z, x, =%+27z

4
157
=X X, X, =—.
Pap an D.
Taco cotx=0<cosx=0
bap an D.
xX+—=—"+k2x x=k2rm
cos(x+—j:sln—<:>cos(x+—}=cos—<:> & 217 (keZ)
T x=——+k27
+—=——+k2r
a=0 )
Vay 27,:>a+ﬂ=—?”.
3
Pap an B.
Vs /4 Vs
cos2x:—cos(x+5j<:>cos2x:cos[7z—(x+5ﬂ @costzcos(E—xj
T T 27
2x=——x+k27 xX=—+k—
2 3 T 27
= = Sx=—+k— A
Vd Vs 6 3 Y
2x=—5+x+k27z x=——+k27x
(Chu ¥ gop nghiém trén duong tron lugng giac) / /6

Ta co: 0<x<107zc>0<%+k2%<107r<:>—%<k<¥

-
N

Ma ke Z = ke{0;1;2;3;...;14}
Vay co 15 gid tri k= c6 15 nghiém <(0;107).
Pap an A.

cotx:tan(g—%jccotx:cot(n—gjcxz7r—§+k7z<:>x:(k+1)27ﬂ Vol keZ.

Vay nghiém 4m 16n nhét 13 x = —ZT” :
Pap an D.
Vi 2 >1.
3
Mot s6 phwong trinh lweng gidc thwong gip
Dap an B.
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T
NG x=§+k27z
2sinx—3 =0 sinx =" < (keZ)
2 2r
xX=—+k2r
3
Vay phuong trinh c6 2 nghiém thudc [0;27] 1a ng va xzzTﬂ.

Cau 13: Pap an A.
+ V6&i m=0: Phuong trinh < —/3 =0 (vd nghiém) = m =0 khong thoa man.
+ V61 m#0: Phuong trinh < tanx = g xac dinh v61 moi gia tri g eR.
Cau 14: Pap an C.
2cos’ x+m—1=0 c6 nghi€ém < cos” x = I=mes nghiém

1-m

<0< Kl 0l-mL2<-1<m<l1

Vay co 3 gia tri m nguyén thda man.
Cau 15: Pap an D.
. 0 . oy 1 . 0 . 0
Zs1n(x+20 )—1:0<:>s1n(x+20 )=—c>sm(x+20 )=sm30
2
x+20° =30° + £360° x=10°+k360°
=S =S (keZ)
x+20° =180° —30° + k360° x=130" +k360°
Vy tong cac nghiém trén (0°;180° ) 1a: 10°+130° =140".
Cau 16: Pap an B.
sinx—3cosx=0<3cosx=sinx < cotx=3< x=arccot3+kr, keZ.
Vay m=3.
Cau 17: Pap an A.

s
. xX=—+k27
sinx =

1
2sin’ x+7sinx—4=0< 5 = s (keZ).
sinx=—4(W\7) x:?ﬂ+k27z

Viy tong 2 nghiém duong lién tiép nho nhat 1a: %+5?7[ =r.
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Cau 18:

Cau 19:

=

Y ‘A COSX # ——
biéu kién: 2
cosx#0

bap an C
2cosx+1 |
! :
W
i

Phuong trinh <:>tanx:x/§<:>x:%+k7r(keZ) A

L/
Két hop diéu kién suy ra nghiém cta phuong trinh ﬁ
x=2+k2r (keZ) 2
3 7
P/

AR
N

la

Dap an B.

Diéu kién: cosx¢0<:>x¢%+k7r (keZ).

2 — —
—=tan” x = > 1

CoOS X COS X

Ta co: 1+tan’ x =

Phuong trinh <:>2( 12 —1j+ 3 L1380, 12 B0

cos” x cos” x cos” x COS X
! =-—1
- cosx=—1(TM
o | COSX = ( )<:>x:7r+k27z(keZ).
1 cosx=-2 (/)
COS X 2

Cau 20: Pap an C.

. 13 . . 13
cos® x —sin’® x = gcos2 2x & (cos2 x—sin’ x)(cos4 x +sin” x.cos’ x +cos’ x) =—cos’ 2x

cos2x [(sin2 X+ cos’ x) —sin? x.cos? x} = gcos2 2x < cos Zx(l —lsin2 2xj —%cos2 2x=0
[cos2x=0

l—l(l—cos2 2x)—2cos2x =0
4 8

Ccos2x = 0 cos2x=0

=
| 2cos’ 2x—13cos2x+6 =0 cos2x =—
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Cau 21: Pap an D. L'

Cau 22.

Cau 23.

Cau 24.

sin? +( 2 3)sin +m’-4=0 sinx=-1
x+(m? - x+m’—4=
sinx = 4—m? Q 2n
>
X

+ Vi sinx=—1<:>x=—%+k27z (kez)

co 1 nghiém xz%re[%ﬂﬂ)

+ Phuong trinh c6 2 nghi€ém e [%;27;) < sinx=m’—-4 ¢6 1 nghiém e [%;27;) khac

RY/4

2
Pap an B.
COSXx = l
2

cos2x—(2m+1)cosx+m+1=0 <:>2coszx—(2m+1)cosx+m=0 =
cosx=m

xe [%37”} = cosx e[-1;0) = cosx =% khong c6 nghiém thoa man [%%) )

\ . ‘A ~ 3
Phuong trinh c6 nghiém trén (%TEJ S -1<m<0=a+b=1.
Dap an D.

cos* x+sin* x+ cos| x= = |.sin| 3x -~ —§=O
4 4) 2
. 5 . 1| . V4 . 3

< 1-2sin” x.cos” x+—| sin| 4x—— |+sin2x |—-—=0
2 2 2

< 2—sin® 2x —cosdx +sin2x—3=0
<2 —sin’ 2x—(1—2sin22x)+sin2x—3=0
& sin? 2x+sin2x—2=0
= S%nzx:_z(vn)d2x=£+k27zc>x=£+k7r(keZ).
sin2x =1 2 4

Vay tong hai nghiém 4m 16n nhét 1a —377[—%1 = —57”.
bap an C.

sin® x + cos’ x + 3sinx.cosx —m+2=0
<:>1—%sin22x+%sin2x—m+2=0 (™)

< 4m=-3sin’ 2x + 6sin2x +12
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bit 1 =sin2x,re[-1;1]. Xét f(¢)=-3¢>+6:+12 trén [-1;1].

i -1 : 1

Suy ra (*) c6 nghiém c>3£4m£15c>%£m£%5.

75
Vay ab=—.
ay 16

Cau25. Pap an B.
Piéu kién {Smx #0
cosx#0
Phuong trinh < tanx + -3=0<tan’ x—3tanx+2=0
tan x
tanx =1 =Tk
e A
- x=arctan2 + kx
Vay m=2.
Cau26. DPap an D.
Phwong trinh bac nhat doi véi sin x,cosx
Cau27. Dap an A.
Phuong trinh c6 nghiém 1° + m* >10 < m’ 29@[2?33.
Cau28. Pap an C.
. ) T 1
sinx + 3cosx=1<:>sm(x+—j=5
2= or | x=-Zikon
= 3.6 IS 6 (kez).
T Sz T
x+—="—+k2rx x=—+k2x
3 6 2
2
T T T
Saf=-—"=-".
p 6 2 12
Cau29. Pap an A.

Ccos2x+sinx = \/g(cosx —sin 2x)

< sinx—+/3cosx =—(\/§sin2x+c0s2x)

J3 1 j

1 . 3 )
<& —sinx———cosx =—| —sin2x +—cos2x
2 2 2 2

T . . T . . T
@cos;smx—smgcosxz— cosgsm2x+51ngcos2x

. T . T
< sin| x—— |=—sin| 2x+—
[ 3) [ 6)
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. T . T
< sin| x—— |=sin| 2x——
( 3) ( 6)

PRI, P p w=Z kX
PN 3 6 PN 18 3 (keZ)
RY/4

x—£=7r+2x+£+k27r x=——-k2rx
3 6 2

Cau30. Pap an C.

sin x + cos x.sin 2x + \/§COS3X = 2(cos4x+ sin’ x)
= (l—Zsin2 x)sinx+cosx.sin2x+\/§cos3x: 2cosdx.

< sin x.cos2x + cos x.sin 2x + \/gcos 3x=2cos4x

= sin3x+\/50053x =2cos4x

1 .
<& —sin3x + —300s3x =cosdx
2 2
= sin%sin 3x+ coszcos 3x =cosdx
= cos[3x —%) =cos4x

4x=3x-Zviox x=—2 ykox
= 672_ =
4x=-3x+—+k2rx XxX=—+k—
6 42

Hai nghi¢m duong lién tiép nho nhét 12 x =~ x, =f_;’ x4y, =

Cau3l. DPap an C.

2
sin£+cos£ ++/3cosx=2
2 2

<:>1+25in§.cos%+ 3cosx=2

. . T 1
< sinx + 3cosx=1c>sm(x+§j=5

xt2=Zykor |x=-Z1kon
(keZ)
T
X+—=—+k2x X=—+k2rx

3 6 2

Nghiém duong nho nhét 1a %, nghiém 4m 16n nhat 13 —%.

Vay a+b=%.

Phuwong trinh ding cap béc 2.
Cau 32. Dap an D.
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cos’ x —+/3sin2x =1+sin’ x(1) &> sin’ x + 243 sin x.cos x —cos> x = —1
- V01 cosx=0=sin’x=1= (1) = 1=-1 vO li.

- Vi cosx=0 chia ca hai vé cho cos*x ta dugc:
(1)@tanzx+2\/§tanx—1=—(1+tan2x) & 2tan’ x+24/3t=0

_ x=krx
@[tanx‘o [ 7 (keZ)

tanx=—\/§<:> x=——+krx

Vay s diém biéu dién nghiém trén duong tron lugng giac 13 4.
Cau 33. Pap an C.
2cos’ x+5sinx.cosx+cos’x—m—1=0

. 1—cos2x
< 2cos’ x—1+5sinx.cosx+6————=m

= cos2x+§sin2x+3—3cos2x=m <:>§sin2x—2cos2x=m—3

Phuong trinh ¢6 nghiém < Gj +(=2) 2(m-3)

<::>(m—3)2 Sﬂ<:>|m—3|SE
4 2

Ma meZ=me {0;1;2;3;4;5;6} .
Vay c6 7 gia tri m thda man.
Cau 34. Dap an B.
Phuong trinh sinx + cosx —4sin’ x=0(*)
-V&i cosx=0=>sinx =+1 khong théa man phuong trinh.
Vi cosx#0, chia ca hai vé clia phuong trinh cho cos’x ta dugc

(*)<:> tanx(1+tan2 x)+1+tan2x—4tan3x=0

& 3tan’ x—tan’ x —tanx—1=0
Stanx=1<sinx—cosx=0
Cau35. Chon dap an B.
biéu kién cosx 0
Phuong trinh < 3tanx+1=1+tan’ x < tan’ x—~/3tanx =0

= tanx =0 = x:[:z” (keZ)
tanx:\/g x:§+k7r ’

Vay s6 nghiém trén (0;27) 1a 3.
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WA
L

Cau36. Pap an C.

Cau 37.

2sin’ x —sinx.cos x —mcos’ x =1(1)
Trén _ﬁ;ﬁ = cosx#0
474
(1)< 2tan’ x —tanx —m=tan’ x +1<> m = tan” x — tan x — 1
bat tanxzt:te[—l;l]Vxe{—%;%}

Yéu ciu bai toan tim m dé phuong trinh m= £ (r)=¢ —t-1 ¢6 nghiém trén [-1;1]

¢

M [1 - L
f \’-%/

= Phuong trinh (1) c¢6 nghiém @me[—%;l :

Vay c6 3 gia tri nguyén cua » théa man.

Phwong trinh ddi xing va cac phwong trinh lwong giac khong miu muec.
Dap an C.

sinx +cosx ++/2sin2x=0(1)

& sinx+cosx+2\/§sinx.cosx=0
bat t=sinx+cosx=\/§sin(x+%j:>te[_\/§;\/§] )

t* =1+ 2sinx.cos x = 2sin x.cosx = £ —1:>(1)<Z>t+\/§(t2 —1) =0

1

t=—
o2t +t-2=0=|" o

t==2
+ Vi tzL:> 2sin(x-|—£j=L<::>sin(x-|—£j=l
2 4) 2 4) 2
x+ =" |x=-Zikon
o 40 & (kez)
x+—=?+k2 x=—+k2m

+Véi t=-2 :>\/Esin(wr%j:—\/i@sin[x+%}=—lc>x+%:—§+k27r
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<:>x=—3Tﬂ+k27r(keZ).

Vay c6 3 diém biéu dién cac nghiém.
Cau 38. Dap an D.

sin2x+ﬁsin(x—%}—m—1:0 & 2sinx.cosx+sinx—cosx—m—1=0

bat t=sinx—cosx=ﬁsin[x—%}:ﬂe[—ﬁ;ﬁ} .

2sinx.cosx =—t* +1

Phuong trinh < m=—¢+¢(*) c6 nghi¢m trén [—v2:72 |
Xét ham sb f(r)=—¢ +¢ trén [—\E;ﬁ]

b

- 4}

V2

W e B3]

/
|22 ™~ J2-2

Phuong trinh (*¥) c6 nghiém < me {—ﬁ - 2;ﬂ

Vay cac gia tri me {-3:-2;-1,0} thoa man.
Cau 39. Dap an A.

sinx#0

Diéu kién ox#kZ(kel).
cosx#0 2

. cosx sinx
Phuong trinh & —= -

SiInx COSXx

=sinx+Ccosx

<> cos’ x —sin” x = sin x.cos x(sin x + cos x)
< (sinx +cosx)(sinx.cos x + sinx —cosx) =0

- sinx +cosx = 0(1)
Sin x.coS X + Sin x — COS x = 0(2)

Giai (1) < 25in(x+%j=0c>x=—%+k7r(keZ)

2

Giai (2). Dat t=sinx—cosx=\/Esin[x—%j:ne[—\/z;ﬁ] , sinx.cosle_zt

2

t=1-~/2(tm)
t=1+2(1)
sin(x—ﬁjzi . Vay t:i.
4 2 2
Cau 40. Chon dap an B.

(2)e +t=0@t2—2t—1=0c{
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Cach 1: Piéu kién dé phuong tinh tanx+cotx=¢ c6 nghiém:
|t| = |tanx + cotx| = |tanx| + |cotx| >2, I|tanx.cotx| =2 =te (—oo;—2] U [2;+oo)
Cach 2: Phuong trinh tanx+

=¢(tanx=0) cO nghiém
tan x

& tan’ x—t.tanx+1=0 cd nghi€ém

A>0 ,
—4> >
Q{Oz—l.0+1¢0©t 420 =2

Cau41. DPap an C.
3tan’ x + 4tan x + 4cotx+3cot’ x+2=0

<:>4(tanx+cotx)+3(tan2x+cot2 x)+2=0
<:>4t+3(t2—2)+2=0<:>3t2+4t—4=0.

Cau42. DPap an A.
cosx +cos3x+2cosS5x=0

< (cos5x +cosx)+(cos5x +cos3x) =0

< 2cos3x.cos2x+2cosdx.cosx=0

= (4cos3 X — 3cosx)c052x +cos4x.cosx=0
= cosx[(4cos2 X — 3cosx)cos2x +cos 4x} =0
=N cosx[(2cos2x —1)cos2x +2cos’ 2x — 1] =0

o cosx(4cos2 2x —cos2x —l) =0

[cosx=0
N 1+17
cos2x =
L 8
x=%+k7r
= (keZ).
+
xzi%arccosl_\/ﬁ +k27

Vay 1J_rg/ﬁ-

Cau43. Pap an C.
sin3x—sinx+sin2x =0
< 2cos2x.sinx +2sinx.cosx =0

o sinx(Zcos2 x+cosx—1) =0

sinx=0 x=krx
olcosx=-l<|x=r+k2r (keZ)

cosle x=i£+k27z
2 3
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Cau 44.

Cau 45.

Cau 46.

Vay ¢6 4 diém biéu dién nghiém trén duong tron luong giac.
Dap an A.

2
T
I1+cos| x+—
- 4( ﬁj 1 (1—cos2xj2 (x 2) 1
sin” x + cos x+z =Z<:> + =—

2 2 4

2
o (1—cost)2 4{1 +cos(%—(—2x)ﬂ =1
o (l—cos?_x)2 +(1—sin2x)2 =1
< 1-2c082x+cos’ 2x+1—2sin2x +sin’ 2x =1

< 3-2cos2x—2sin2x=1

& sin2x+cos2x=1 < \/Esin(2x+%j=1c> sin(2x+%}=sin%

x=kr
= x:%+k”(keZ).

Vay phuong trinh ¢6 1 nghiém thudc (27;37).
bap an B.
cos’ x.sin3x +sin’ x.cos3x = sin’ 4x

cos3x+3cosx . 3sinx —sin3x . B
—.s1n3x+f.0053x:sm 4x

3, . . .
o Z(sm 3x.c0s x + sin x.cos 3x) =sin’ 4x

@%sin4x=sin34xc>sin12x=0<:>x=k%(keZ).

Vay phuong trinh ¢6 24 nghiém trén [0;2r].
Dap an B.

X 3x . .x . 3x 1
COS X.COS—.COS— —sin x.sin —.sin — = —

2 2 2

1 . 1 1
= cosx.E(cos 2x+ cosx) —sin x.E(cosx —coSs Zx) = E
< cosx(cos 2x +cosx)+1—sin® x —sinx.cosx =1

<> c0s 2x(sinx + cosx) —sin x(sinx +cosx) =0

o (sinx+cosx)(1—25in2x—sinx) =0
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x=-2 ik
4
) tanx =-1 x=—£+k27z
sinx+cosx=0 .
[2 S, . l—g ©|sinx=-1 & - (keZ)
sin“x+sinx—1= . 1 =Z o
sinx =— 6
2 5z
x=—+k2x
L 6

Suy ra c6 hai nghiém thugc (-r;0) la —% va —%.
2
Vay tich hai nghiém la % .

Cau47. Dap an A.
sin5x.cos3x =sin7x.cos5x <> sin8x +sin2x =sin12x +sin 2x

_kx

12x =8x + k27 =
& sin8x=sinl2x | 577 o 2 (keZ) .
12x=7n—-8x+k2xm T T
X=—+k—
20 10
Cau48. Pap an D.
. sinx =0 x#£kr
bi€u kién - 3z e 37, (keZ).
sin X_T #0 x¢7+k7r

Ta co

. 3 ) V4 . T . (T
sin| x—— |=sin| x—7—— |=-sin| x—— |[=sin| ——x |=cosx
2 2 2 2

(T . T (7 1 .
sinf] ——x |=sin| 27 ———x |=—sin| —+x :——(s1nx+cosx).
4 4 4 V2
1

—+ =—2\/§(sinx+cosx)
sinx  cosx

= (sinx+cosx)[;+2\/§j =0

Phuong trinh <

sin x.cosx
x=——+kr
sinx+cosx=0 \/Esin[x+%j:()
1 1 = —_——
< sinx.cosx = ——— A \E | x 8+k7z(keZ)
242 sin2x =——— S
2 x="—+krx

Vay téng cac nghiém am lién tiép 16n nhat 1a s R 4
Cau49. Pap an A.

. |sin®x < , v 2
Taco {3 xg_l VxeR =sinx—cos’x<1, ma——=>1.
—cos’ x<0 NE)

Vay phuong tinh da cho vo nghiém.
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Cau 50. Dap an A.
tan® x + 2sin’ x — 2tan x — 2+/2 sinx +2 =0

<::>(tan2x—2tanx+1)+(2sin2 x—2\/§sinx+1) =0
= (tamx—l)2 +(\/§sinx—1)2 =0
tanx =1

= \/5<:>x=£+k2ﬂ(keZ)
sinx =— 4

[ )
NS

Vay phuong trinh ¢6 1 nghiém trén (0;27).

Caus51. Pap an C.
Détt—?w X x_37r_t 3x 97

SN A A ¥

10 2 2 10 210
Phu’OIlg trinh < sinz¢ =%sin(7r—3t) &> 2sint =sin 3¢

& 2sint =3sint —4sin’ t sint(2cos2t—1) =0

x=3—”—k27r

[sint—O [t—kﬂ' 4

ST PP xzj;+kbdkeZ)
6 4r

2
x=—+k27
5

Vay phuong trinh ¢6 3 nghiém thudc (0;2x).
Cau52. Dap an B.
2 (sinx - 2cosx) =2 —sin 2x

=2 sinx—2x/§cosx=2—2sinx.cosx

= (\/Esinx—?_)(\/zcosxv%) =0
sin x =\/§(vn)

1 @x=i3—”+k27z(kez).
COSX=——F—

V2
Cau53. Pap an B.

. ) sinx =0
biéu kién {cosx#0
tanx = —1
: 2 2
. cosx—sinx cos’x—sin’x .
Phuong trinh < ——= = —— +sin x(sinx —cosx)
sin x COSXx +Sinx
cos x

<> c0s x —sin x =sin x.cos x(cos x —sin.x) +sin x(cos x —sin x)

o (cosx—sinx)(l —sinxcos x + sin’ x) =0
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sinx—cosx=0

< 1—%sin2x+—1_coszx =0

tanx = l(tm)

< _sinx+cosx =3(vn)

<:>x=%+k7z(keZ).

Cau 54. Dap an B.

Piéu kién {Sm” O §in2x # 0 < cos2x # £1.
: cosx#0

cosx sinx

+4sin2x =

Phuong trinh < = ,
SiInx COSX sin2x

< 2c082x +4sin’ 2x =2 <> 2cos*2x—cos2x—1=0

[cos2x—1(1)

cos2x = —l
2

2
c>2x:iTﬂ+k27r<:>x=i%+k7z(keZ)

Vay phuong trinh ¢6 4 nghiém trén (0;27)
Cau 55. Pap an C.
2sin” 2x+sin7x—1=sinx
& 2sin” 2x—1+sin 7x —sinx =0
<> 2cos4x+2cos4x.sin 3x=0
< 2cos4x(1+sin3x)=0
cos4x=0
L +sin3x=0

Vay ta chon dép an C.
Cau 56. DPap an D.
2sinx(1+cos2x)+sin2x =1+2cosx

o 2sinx(1+cos2x—1)+sin2x:1+2cosx

< 4sinx.cos’ x +sin2x =1+2cos x
<> 2sin2x.cosx+sin2x =1+2cosx
< (2cosx+1)(sin2x—1)=0
2cosx+1=0
Lin2x—l =0
Vay ta chon dép an D.
Cau 57. Dap an A.
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A 1a T T
bicu kién: cos2x¢0<:>x¢—+k5

Phuong trinh <> 6sinx —2cos’ x = 5sin 2x.cos x
< 3sinx—cos’ x —5sinx.cos’ x = 0(*)

- V6i cosx =0: Khong thoa man phuong trinh (*)
- Vi cosx #0: Chia hai vé cho cos® x ta dugc:
("‘)<::>3tanx(1+tan2 x)—l—Stanx:O

& 3tan’ x—2tanx—1=0
otanx=lox="1kr

Két hop v6i diéu kién = Phuwong trinh v nghiém
Cau 58. Dap an A.

A 1sa Vs
bicu kién: cosx¢0c>x:5+k7z;keZ

Phuong trinh < sin4x.cosx =sinx
< 2sin2x.cos2x.cosx—sinx =0

< 4sin x.cos? x.cos 2x —sinx =0

= (4cos2 x.cost—l)sinx =0

sinx=0

{sinx:O —“1+3
o

< cos2x =
2cos’ 2x+2cos2x—1=0

CcoS2x =
x=kr
© 1 ~1+3  (keZ)
x= iaarccos 5 +km

—1+\/§=£

2 2

1
=m+tn=—+
2
Cau 59. DPap an B.
Diéu kién: cosx¢0c>x¢£+k7z;keZ
PT: <:>cos2x—tan2le—cosx—(1+tan2x)
cosx=-1

< 2cos’x+cosx—1=0< 1
CoSX =—
2

(V)

Ay

N s
’
.
4 =X

A

N
N
N\
[S% N
’ N
’ N
/ N
O,
4
4

|

b

N
NI

e
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x=mw+k2x 5
o <:>x=£+k?”(keZ)

x=+Z ko 3
2
Ma xe[1;7o]@1s%+k7”s7o

L3l 0
2r 2 T 2

=k e{0;1;2;...;32}

Vay PT c6 33 nghiém trén [1;70]

Phuong trinh lwgng gidc chira tham s

Cau 60. Dap an C.

(2sinx+1)(sinx—m)=0(*) c6 nghiém thudc (0;7)

1 p
S
- sin x 2( ) /\
sinx =m(2) . ] 0
Giai (1) = sinx= sin(—%) \.\J}//
x=-Zykon
o 6 (kez)
x=Z ik b
= PT (1) khong ¢6 nghiém nao thude (0; ) /K___é____
= (*) c6 nghiém e (0;7) S 0 x

O
< sinx =m c6 nghiém € (0;7) < m e (0;1]. KJ

Chii y: Doc gia c6 thé giai cach khac nhu sau:
Co sinx € (0;1]vx € (0;7)

=sinx=m

< me(0;1]

Cau 61. Dap an A.

PT (2cosx—1)(2cos2x+2cosx—m)=3—4sin’ x c6 dung hai nghiém e{—%;%}
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Cau 62.

Cau 63.

@(2cosx—1)(40052x—2+2cosx—m)

=(2cosx—1)(2cosx+1)

<:>(2cosx—1)(4cos2x—3—m)=0
2cosx—1=0

= 2
4cos"x—-3-m=0

1
cosx=—(1

2()
cost:—m:?’ (2)

Gidi (1): cosx :% ¢ hai nghiém thuéc [-%ﬂ

=> Phuong trinh c6 hai nghiém thudc [—z;z}

22

< (2) vo nghiém hodc (2) < cosx = J_r%

m+3
— >1
4 m>1
= er3<O =S| m< -3
me3 1 LM=2
4 4

Vay c6 7 gia tri cia m thda man.

Chi y: cos® x €[0;1]Vx e R

bap an C

c0s 2x +sin’ x +3cos x —m = 5(*)

& 2cos’ x—1+1-cos’ x+3cosx—m—5=0

& cos’ x+3cosx=m+5

bit cosx =te[-11], phuong trinh < > +3t=m+5

Bang bién thién:

t -1 1
43¢

=> Phuong trinh (*) ¢6 nghiém < -2<m+5<4

& -7<m<-1.Vaya+b=-8
Pap an B

msinx+(m+1)cos x = (*

cos x
bicu kién: cosx =0
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(*) & msinxcosx+(m+1)cos’ x =m
@%sin2x+m7+1(l+cos2x) =m

< msin2x+(m+1)cos2x =m—1(1)
+Tirm=0 (*) < cosx =0 loai do diéu kién = m = 0 phuong trinh (*) v6 nghiém.
+Voi m=0
=> (*) c6 nghi¢m khi (1)
<::>m2+(m+1)2 >(m—-1)°

) m<—4
om +4m2>2 0

m=0

Vay c6 9 gia tri cia m théa man.
Cau 64. Dap an B
cos2x+(2m+1)sin—-m—-1=0
< 1-2sin’* x+2msinx+sinx—m—1=0
= 2sinx(m—sinx)—(m—sinx)=0
) 1
sinx =—(1
<:>(sinx-m)(2sinx—l):0c> 2()
sinx = m(2)

Giai (1): sinx :%Iu()n c6 2 nghiém e (—%;7[)

= Vm phuong trinh c6 nghi¢m.
Cau 65. PapanD

+3tan’ x +zanx +cot x = m

sin® x
c>3(1+cot2 x)+3tan2x+tanx+cotx+3—m:0 Pit t=tanx+cotx =¢* —2 =tan’ x+cot’ x

c>3(tan2x+cot2x)+tanx+cotx+3—m=O

t>2 \ ,
:{ - 2=> Yeéu cau bai toadn tré thanh tim m dé phuong trinh 3(t2—2)+t+3—m:0 co
t__

nghiém ¢ e (—oo;—2] u[2;+oo) oSm=3t>+1-3
c6 nghiém ¢ e (—oo;—Z] v, [2;—|—oo)
Béng bién thién:

t —00 -2 1 2 +o0

3t +1-3 | +o 776/%,}1/' 0

Group: https://www.facebook.com/groups/tailieutieuhocvathcs/




HOC360.NET - TAI LIEU HQOC TAP MIEN PHi

=> Phuong trinh ¢6 nghiém < m>7
Vay ¢6 2011 gié tri cia m nhé hon 2018
sin2x =2sinxcosx =0

thi (1)=>-m-1=m-1<m=0

+V6i cosx=0= 5
cos2x=2cos" x—1=-1
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