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2_ x—1)(x-3 _
lim ﬂzlim( )( ): im x—1—+oo
13" x2 —6x+9 x—o3" (x_3)2 x—3" X =3
Dang 3: Gi61 han vo dinh dang —
Cau 6: PapanB
2 3.2
+ lim X2 o o 4 lim 22X
x——0 X+1 X400 HyZ _ 43
2
+ lim 2x+3 =0; + lim M:Q;
X0 x” —5x x40 3x 4 2
Cau7: PapanC
(x+1)(3 2252 (26 +1) (26 +)
+ lim =-5. + lim =
X0 x(x3—1) x—>—0 (2x4+x)(x+1)
(x2+1)(2x2—x+4) ) (3x2+1)(2—x3) .
+ lim =—. + lim =——.
X—>—00 x> (3x+1) 3 X—>—0 (2x4+x)(x+1) 2
Cau8: DapanB
2 2
+ lim 2x° +x 1:+OO‘ ¥ lim 3x +x+1=_
X—>—00 3+x x—>—o 1+2x
0.3, .2 2 .4
+ lim 13x—+xz+oo_ + lim M:+oo
x40 54 x —2x° x>0 2 x—x*
Cau9: Pap an C
2 2
R L e e | Vi R Vi S P S
lim = lim = lim
N4 - x +2 x_)_oo—x /4+i2—x+2 o 4+i2—1+g -l
X X X
Cau 10: Pap an C
o 5 ax +bx /9+— a+b /9+32 3
Taco lim Z0VX*2_ — lim X~ _&t
X—>—00 cx+1 X—— cx+1 X—>—0 1 c
x
2
Do dé lim ax —b\9x +2= c>a+3b:5‘
X—>—0 cx+1 c

Cau 11:Pap an A
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X—>0 xX+2 X—0 xX+2

lim {M—(uﬂb)} - lim {(4x+5)+i—(ax+b)}.

2

Do d6 lim {w—(wwb)}:O:a:4;b:—5:>a—b:9.
X—0 xX+2

Cau 12: Pap an D

4 2 _ 2 _
+ lim 2x —x—1:+oo.+ lim Sx+2 . X —5x+2

X—>—0 x2+x+2 X—>—00 1+2‘x‘ x—>—o 1-2x

. \/x5+x—11 . \/3x3+2x2+1
+ lim ———— =400, + lim ———— = —o0.

x>t x? px 42 x>0 A[1-2x
Cau 13:Pap an D

6
) X +2 ) ,
+ lim = lim ——* — ~ Tacé

x>0 3x% —]  xo—o 3x3 -]

2 2
o #%;x:#hm%;x_g_zz_;
8

x>0\ 8x% —x+3 Vro-o8x2 _x+3 8 2
.. LI
X=00 x% —x +2
_ 2|x|+3 _ 2|x|+3
+ lim ————= lim =2.
X—>+00 x2+x+5 X—>+oo‘x‘ 1+1+£
X x2

Cau 14:Pap an B

2
+ lim 3(2x—5)(1—x) =?\)/§
X—>+0 3x3 —x+1 3

3
) (2x—1)\/x2—3 (2x—1)‘x‘ 1_7 2
+ lim = lim =
X—>—0 x—5x> X—>—0 x—5x> 5
. 3-2x| 3-2x|
im ————= lim =
X—>—00 /x2+1_x x—)—oo‘x‘ 1+i_x
2
X

Cau 15: Pap an A
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Cau 16:

Cau 17:

Cau 18:

/xg Y40y —x,/1—1+2x
+ lim =1

X—>—0 —4‘x‘ _x—>—oo 3+4‘x‘ :Z
2
+ lim (1-2x),|—— = lim -9139—5=2(do1—2x>QVx<1).
X—>—00 o1 xo—w -1 2

+ lim 3x +4x +2 2
X—>+°009x5+5x +4 3

Dang 4: Giéi han v6 dinh dang 0.c.

Dap an D
Cach 1: Ta c6 (l—lj 1 2:”_’“, 1 -= -1
¥ a)(x—aY O (x-a) ax(x—a)
Do d6 lim (l—lj L . lim = = +o0;
x—a \ X a (X—LI)Q x—a~ ax(x—a)
. (1 1} 1 , -1
lim | ——— = lim ————— = —o;
xoat\X 4 (x—a)2 x—sa* ax(x—a)

Vay lim (l—lJ L > # lim (l—lj ! > nén lim (l—lj L - khong ton tai.
(x—a) x>0 \X @)(x_g) >a\Xa)(x_g)

Céch 2: Cho a mot gia tri cu thé, chéng han 2=1, thay vao ham s6 roi str dung

MTCT dé tinh gi6i han. Tir d6 ta tim duoc dap an dang 1a D.

bap an C

. x+1
+ lim (x+1) = lim
X—>+00 2x +x +1 x—>+o 2x +x +1

x+1
+ lim (x+1)
X—>400
. x—1
+ lim (x+2) _
X—>+0 X" +x

= 40,

X—>+0 2xF+x°+1 x>0 Y 2xT +x° +1

Pap an B
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Cau 19:

Cau 20:

+ lim x+1) — = lim

3

X—>—00 x° +x+2 X—>+00 3

x°+x+2

2641 _ 1 \/(2x+1)(x+1)2 i

2
+ lim (1—2x) [ﬂ: lim \/(3x—11)(1—2x) =—2\/§.
X—>+00 x2 +1 X—>+00 x2 +1

+
Jx Jx
lim (x?’—l) = lim (x2+x+1) xX—1)—————= lim (x2+x+1) x—1 =0.
X—>+0 x“—=1 x>+ ( )wfx—lwaH-l X—>+00 ( )«/x+1
12-3
+ lim (2—3x) x—+1: lim \/(x+ )( x) :3\/3.
X0 5x°+2x+1 x>0\ Bxd42x+1 5
Pap an A

Céch 1: St dung MTCT.

Cach 2: bat t—1 thi x-1 lim =0 va

X—>+00

+

t2

xg[\/x+2_\/x+3]_\/1+2t—i”/1+3t _\/1+2t—(t+1) (t+1)-1+3t
X X #2 #2

_ -1 t+3

V1+2t+(t+1) (£+1)" (4 1) %1436 (14 3¢)°

Do dd lim x (JH T ]_lm = + —
Y400 t—0 \/1+2t+(t+1) (t+1)2+(t+1)3/1+3t+:\))/(1+3t)2

bap an C
Céch 1: St dung MTCT.

Céch 2: Dit t=g—x thing—t, lim =0 va

m
x—>—
4

tan2xtan(g—xj = tan2(§—t} tant = tan(g—Qtjtant

cos2t sint 2t  sint cos2t
sin2t cost sin2t t 2cost’

=cot2ttant =

Do d6: lim tan2xtan

Tt
x——
4

e 2t sint cos2t
——Xx im .
i50sin2t t 2cost

Dang S: Dang vo dinh co—.

1

5"
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Cau 21:Pap an B
Céch 1: Str dung MTCT tinh giéi han voi mot gia tri cu thé cua n rooif so sanh voi

dap 4an. Chang han n=3 ta co lim( 3 —LJ:L

2 n—-1
Cach2:—* _ 1 _n—(1+x+x ot X )_1—x+1—x2+...+1—x”‘1
1—xn 1-x 1_xn 1_xn

2 2

1+(1+x)+(1+x+x2)+....+1+x+x o x"

2 1

T+x+x°+...+x""

Do dé Iim( n 1 j:”‘l.
1-x" 1

x—1

Luu §: lim[ n_ 1 j:”‘l.
1

x—1 _le 1-x

Cau 22:Pap an B

Theo cau 41, tacd lim f(x): lim (L— 3 jz lim( 5 —LJ:L

x—1" o\ x=1 43 1

Laicé lim f(x)= lim (mx+2)=m+2. Dé f(x) co gi6i han tai diém x=1 thi
x—>1 x—>1

lim f(x)= lim f(x)<:>m+2=1<:>m=—1.
x—1" Iy

Cau 23:Pap an A

LK ok i tim (v +1-K) =2-k; lim(x2—1)=0 nén dé

) 1 k e v o2 A 1AL A 1a
11m[—1— g jlahu’uhantm dieukiéncanla 2-k=0<k=2.
X—=1 x*-1

A ) 1 2 -1 1 a1 1 k . 1 1
That vay, khi k=2, - =T .Nén lim| —-— =lim——=—.
x—=1 21 2-1 x+1 -1\ x=1 42_1) xolx+1 2

Luu y: lim[L— k jhﬁ'uhan < k=n.

x—1x—=1 4"_1
Cau24:Pap an B
Céch 1: Str dung MTCT tinh lan luot cac gidi han. Pén y B ta dugc gii han bang
-1. Vay dap an dang la B.
Céch 2: Ta thay ngay A va C 1 cc gi6i han vo cuc, B va D 13 dang vo dinh wo—c.
Ta xét gidi han 6 y B.
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lim (\ij +2x —xj N S— Vay dap an la B.

%_
S 142 -1
x
Bo sung:

+ lim (\/x2+2x—xj:+oo + lim (\/x2+2x+x):+oo

X—>—00 X—>+00

+ lim (\/xmx_x): lim ——2 — Jim —2 =1,
X—>+00 X—>+00 /x2+2x+x X—>+00 {1+g+1
X

Cau 25: Pap an D
Céch 1: St dung MTCT tinh gidi han khi a=1va'a=0, ta dugc

lim (Vx2—3x+5+x)=%; lim x®—3x+5 =+o0. Tir d6 suy ra dap an dung 1a D

X—>—00 X—>—00

Cach 2: lim (Vx2—3x+5+ax): lim x[a— /1—§+3J.
X—>—00 X—>—00 X x2

Vi lim =-o nén dé lim (\/x2—3x+5+ax):+oo thi a-1<0<=a<1.

X—>—00 X—>—00

Cau 26: Pap an D

Tacd lim (ax—\/x2+bx+2j: lim x(a— f1+k+i].
X—>+00 X—>+00 X x2

Do d6 néu a=1 thi lim (ax—\/x2+bx+2j:oo. Vay a=1. Khi d6

X—>+00

lim (x—\/x2+bx+2j= lim —bx—2 =—E.
X—>+00 X400 4 ,x2+bx+2 2

Viy: —g=3c>b:—6. Do @6 a+b=-5.

Cau 27: Pap an C

lim (ax+b—\/x2—6x+2j: lim x[a— /1—§+lj+b,
X—>+00 X—>+00 X x2

Do dénéu a=1 thi lim (ax+b— x2—6x+2j:oo. Vay a=1. Khi dotaco

X—>+00
6x—2 6
lim [x+b— x2—6x+2j= lim +b=-"4b=b+3.
X—>+00 x—>+00x+ 'x2_6x+2

Vay: -b+3=5<b=2. DO d6 s6 16n hon trong hai s6 a va b 14 s6 2. Chon dap an
C.

Group: https://www.facebook.com/groups/tailieutieuhocvathcs/




HOC360.NET - TAI LIEU HQOC TAP MIEN PHi

Cau 28: Pap an C
Ca bon gidi han déu c6 dang « -0, tuy nhién chi c6 gidi han ¢ y C, hé s trong hai
s6 hang 13 khac nhau.Theo két qua da biét thi gidi han & ¥ C chic chin 1a -« . Do
doé dép an dung la C, That vay:

+ lim (\/2x2+x—\/2x2+3j lim = lim \ﬁ
X —>—o0 X—>—00 X—»—00 2 2
\/2x +x+\/2x +3 ( }2+ n f2+]
+ lim (\/4x2+x+1+2x)— lim \/L = lim x+1 =_Z_
X—>—© X—>—00 X—»—00
Ax? +x+1-2x —x( }4+1+1+2]
X A2
+ lim (\/9x2+3x+1+5x): lim x(— /9+§+i+5]:_oo,
X—>—00 X—>—00 x x2
+ lim (\/3x +1- \/3x +5xj— lim Lo = lim 1-5x = 3_=5\b{§
—>—0 —>—00 —>—00 2
x -0 322 1 432 451 X (\/3+1+\/3+5J 3
x X

Cau 29: Pap an A
Céch 1: Str dung MTCT tinh gi tri ham s6 tai x=-10'" ta duoc két qua

o N T
0. 165185185

Ap dung ki thuat tim dang phan s cua s6 thap phan v6 han tuan hoan ta c6
) m_ 5

0,(185)=—. Vay —=—.
(18) =57 VOy 5 =5

Tt d6 chon dap &n dung la A,

Cach 2: \/9x2 +2x +i”/27x3 +4x% +5 = (\/99(2 +2x + 3xj+(\3/27x3 +4x%+5 —3xj

B 2x B 42° +5
0.2 S e
9x” +2x - 3x ?\’/(27x3+4x2+5) + 333272 +42% +5 + 97

2 4 5
—6 9+9+9 27

X—>—00

Suy ra lim (\/Qx +2x+\/27x +4x +5j

Twr d6 chon dép an dung la  A.
Cau 30: Pap an B
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Lam tuong ty nhu céu 49, ta ¢6: lim (\/9x2 vax + 32723 + b +5) _a,b _2-9
X—>—00 6 27 54

Do d6 2b—9a=14. Suyra a la sb chan. Vay a+2b 1a sb chin. Tu d6 loai duogc dap
an A va C.

crey . |la+2b=34
Giai hé duoc a=2;b=16.
2b—-9a=14
e . |la+2b=36 11 .
Giai hé dugc a=— (loai).
20—9a=14 5)

Vay B la dap an dung.

HAM SO LIEN TUC
A.LY THUYET
1. Dinh nghia
Dinh nghia 1

Cho ham sb y = f(x) xac dinh trén khoang (a,b) va X € (a;b). Ham sb y = f(x) duoc goi la

lién tuc tai x, néu xli_)rnof(x) :f(xo).

Ham s6 y = f(x) khong lién tyc tai X, dugc goi 14 gién doan tai diém do.

STUDY TIP

Khi xét tinh lién tuc cia ham s6 tai mot diém, dac biét luu y dén diéu kién ham s6 xac dinh trén
mot khoang (du nho) chira diém doé.

Dinh nghia 2

Ham s6 y = f(x) dwoc goi la lién tuc trén mgt khodng néu no lién tuc tai moi diem
cua khoang do.

Ham sb y=f (x) dwoc goi 1a lién tuc trén mjt dogn [a,b] néu no lién tuc trén

khoang (a;b) va xli_)rgf(x):f(a);xlir?if(x): £(v)

Khai niém lién tuc ctia ham s trén nira khoang nhu [a;b),(a;b],[a; +oo),(—00;b:| duoc
dinh nghia mdt cach tuong tu.

STUDY TIP

Do thi ctia ham s lién tuc trén mot khoang 1a moét “dudng lién” trén khoang dé

. /

/N [ \ A
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a
Obx
a0bx >
Do thi cua ham s lién tuc trén Do thi cia ham s6 khéng lién tyuc trén
khoang (a;b). khoang (a;b).
Pinh ly 2

Gid st y=f(x) va y=g(x) 12 hai ham s0 lién tuc tai diém x,. Khi dé:
a) Cac ham sb y = f(x)+g(x),y=f(x)-g(x),y=f(x).g(x) lién tuc tai diém x,.

f(x)
8(x)

b) Ham s6 y="—— lién tyc tai diém x,néu g(x)=0.

STUDY TIP

Téng, hiéu, tich, thuong ctia hai ham s6 lién tuc tai mot diém 1a nhitng ham s6 lién
tuc tai diém do (trong trudng hop thuong, gia tri ciia mau tai diém d6 phai khac 0).

2. Mét s6 dinh li co ban
Pinh li 1

a) Ham s6 da thurc lién tuc trén toan bd tap s6 thucR.

b) Ham s6 phén thirc hitu ti (thuong cta hai da thirc), cac ham sé luong giac, ham
s6 liiy thira, ham s6 mii va ham s logarit lién tyc trén timg khoang cua tap xac dinh
cua chang.

(Cac ham s Iy thira, ham s6 mii va ham s6 logarit s& dugc hoc trong chuong trinh
16p 12)
STUDY TIP

Cac ham s6 so cap lién tuc trén tung khoang xac dinh cia ching

Pinh Ii 3
Néuham sb y= f(X) lién tuc trén doan [a;b] va f(a).f(b) <0 thi ton tai it nhat mot diém
ce(a;b) saocho f(c)=0.
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Noi cach khac:
Néu ham s6 y = f(x) lién tuc trén doan [a;b] va f(a).f(b) <0 thi phuong trinh f(x)=0 c6
it nhat mot nghiém nam trong khoang (a;b).
STUDY TIP
Mot phuong phéap chimg minh phuong trinh f (X) =0 c¢6 nghiém trén khoang (a; b) :
- Chting minh ham s6 y = f'(x) lién tuc trén doan [a;b].

- Ching minh £ (a).f(b) <0.

B. CAC DANG TOAN VE HAM SO LIEN TUC
DANG 1. XET TINH LIEN TUC CUA HAM SO

Cau 48:

Phwong phap chung:
Cho ham s y = f(X) xac dinh trén khoang (a;b) va x, € (a;b) . Dé xét tinh lién tuc cua ham s6

y=f(X) tai x, ta lam nhu sau:

- Tinh f(x,);
- Tinh lim f(x).

X=X,

- Néu lim £ (x)=f(x,) thi két luan ham sd lién tuc tai X, -

- Néu lim £ (x) khong ton tai hodc lim f (x) = f(x,)thi két luan ham s6 khong lién

X=X
tuc taix, .
Khi xét tinh lién tuc cua ham sé trén mot tap, ta st dung Pinh 1i 1, Pinh 1i 2 da néu trong phén Li
thuyet.

Ham sd y = f(x) co d0 thi dudi ddy gian doan tai diém c6 hoanh d6 bang bao

nhiéu?
Ay
3 7
|
I
|
1] A
Ol|l1 2 x
A. 0. B. 1. C. 2. D. 3.
bap an B.
Loi gidi

Quan sat db thi ta thdy lir{;f(x):3; lir{}f(x):O. Véy lim f(x)= lir{}f(x) nén lim f (x)

khong tdn tai. Do d6 ham sd gian doan tai diém x=1.
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14 2 14
Cau49: Cho hamso f(x) :% .Ham s6 f(x) lién tuc trén khoang nao sau day?
X’ +5x+
A. (—0;3). B. (2:3). C. (-3;2). D. (-3;+»).

Dap an B.
Loi giai
Ham s6 c6 dang phén thtc hitu ti xac dinh trén tap hop
D =(~o0;-3)U(=3;-2)U(~2;+) nén theo Pinh Ii 1, ham s6 lién tyc trén cac khoang
(—o03=3)3(=3;-2)5(-2+2) . Vi (2:3) = (-2;+) nén dap an ding la B.
STUDY TIP
Céc ham sd so cap lién tyc trén timg khoang ciia tap xac dinh ciia chung.

\ 4 -2
Cau 50: Cho hamso f(x) S
X

—. 5 Chon khang dinh dung trong cac khang dinh sau:
A. f(x) lién tuc trén R .
B. f(x) lién tyc trén cac khoang (—o;1) va (L;+).
C. f(x) lién tyc trén cac khoang (-;2) va (2+w©).
D. f(x) lién tuc trén cac khoang (—;1), (1;2) va (2+x).
Pap an D.
Lai gidgi
f(x) 1a ham phén thirc hitu ti, c¢6 tap xac dinh 1a (—o0;1)U(1;2)U(2;+0) nén theo
DPinh 1i 1, f(x) lién tuc trén cac khoang (—»;1), (1;2) va (2+x).
STUDY TIP
x=2

That ra rat gon ta dugc f(x)= GoD)(x=2) = xl—l nhung khong vi thé ma két luan

f(x) trén cac khoang (—;1) va (L;+).

Chu y: Khong dugc rat gon biéu thirc ctia ham s trude khi tim tap xac dinh!

Cau51: Cho hamsb f (x)= { 1' X3 Elll * >§ . Chon khang dinh sai trong cac khang dinh
1X=
sau?
A. f(x) liéntuc tai x=7. B. f(x) lién tuc tai x=0.
C. f(x) lién tyc trén [5;+). D. f(x) lién tuc trén (5;+x).
Pap an B.

Loi gidi
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Ham s6 f(x) x4c dinh trén D =[5;+»)U{0} . Theo dinh li 1, f(x) lién tyc trén
[5+). Do d6 f(x) lién tuc trén (5;+) vatai x=7. Vay A, C,D dingsuyra B
sai .

That vay, vi khong ton tai khoang (a;b) nao chtra diém x=0 ma f(x) xac dinh trén
(a;6) nén khong thé xét tinh lién tuc cia f(x) tai x=0. Do d6 khong thé khang
dinh f(x) lién tuc tai x=0.

1 2 khi -1 . . ’ .
Cau52: Chohams6 f(x)= {3)§+1 kh'l x: . Chon khang dinh ding trong céc khang dinh
X — 1X=2—
sau.
A. f(x) lién tyc trén R . B. f(x) lién tyc trén (—oo;—1].
C. f(x) lién tuc trén [-1;+x). D. f(x) lién tuc tai x=-1 .
Pbap an C.
Léi gidi
Trén [-1;+), f(x)=x"—1 néntheo dinh i 1, f(x) lién tuc trén [-1;+x). Vay chon
dap an dung la C.
Giai thich thém:
5 i =l 3x+2)=-1, | = i ‘-1)=0.
Taco lim f(x)= lim (3v+2)=—1, tim f(x)= lim (x'~1)=0

Vay lim # lim nén lim khong ton tai.

x—(-1) x—>(-1) x—(-1)
Do d6 f(x) khong lién tuc tai x=-1 nén A,D sai.
Mit khac f(~1)=(=1) -1=0. Vay li(rrll)i # f(-1) nén f(x) khong lién tuc trén

(—o0;—1]. Do d6 B sai.

x -8
\ A - kh. ¢2 1 A 3 r 7 . 5 A A
Cau53: Chohamsd f(x)={x—2 . Tim tit ci c4c gia tri ciia tham s thyc m dé
mx +1 khi x=2
ham s6 lién tuc tai x=2.
A.m=1—7. B.mzl—s. C.ng. D.sz.
2 2 2 2

Dap an D.
Loi gidi
f(x) xac dinh trén R .
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x -8

Taco f(2)=2m+1 va lim f(x) = lim =lim(x* +2x+4)=12.

X2 x — 2 x—2

(c6 thé dung MTCT dé tinh gi6i han ctia ham sd)

PE /(x) lién tuc tai x=2 thi lim /() = / (2) & 2m+1 =12 m=—.

(x-3)

Cau54: Chonhamsd f (x)= khix#3 Tim tit ca cac gia tri cua tham sb thuc m dé

x—3
m khix =3
ham sb lién tuc tai x=3.
A. med. B. meR. C. m=1. D. m=-1.
Pap an A.
Loi gidi

Ham so6 da cho xac dinh trén R .

_3Y _ A N
Ta co limf(x):limuzlimh ST 3):lim(—1):—1.

x—3" -3 x=3 -3 x—3 >3 x-=3 x—3"
Tuong tu ta co lirg f(x)=1.(co thé dung MTCT dé tinh gi6i han ctia ham s6)
Vay lim f (x)# lim f (x) nén lim f (x) khong ton tai. Vay v6i moi m , ham sd da cho
khong lién tuc tai x=3.

Do dé dap an dung 1a A.

Ta c6 thé tam khao thém d6 thi cia ham s khi x =3 dé hiéu 5 hon.
A

-1

Cau55: Cho a va b 1a cac sb thuc khac 0. Tim hé thirc lién hé gitra @ va b dé ham so

Jar el ol .
f(x)= ¥ lién tuc tai x=0.

4x> +5b khix=0
A. a=5b. B. a=10b. C.a=b. D. a=2b.
bap an B.

Loi gidi
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Cau 56:

Céch 1: Theo két qua da biét thi tim / (x) = lim Y& 121 <. Mt khc £(0)=5b. Dé

x—=0 X
ham s6 da cho lién tyc tai x=0 thi liggf(x)zf(o)<:>%=5b<:>a:10b.Véy dap an

dung 1a B.
Céch 2: Stt dung MTCT. Chon cac gia tri cu thé ctia a va b théa man tung hé thuc
roi tinh toan cho dén khi duoc két qua lim f(x)=1(0). Chang han véi hé thirc ¢ dap

/4 b . \/5 1_1 5 A A 9 ~
an A, chon a=5;b=1 ta tim dugc hH&LZE;f(O) =5 nén khong thoa man.
x> X
.. A 4 3 /4 r . VIO 1_1 A 9
V61 hé thiac & dap an B, chon a =10;6=1 ta duoc IH%LZ 5, /(0)=5 nén thoa
x— X
man lim f(x) = f(0). Do d6 dép an la B.
STUDY TIP

) Nax+1-1 _a
x—0 X n :

, NV2x—4+3 khix>2 . .
Cho ham s6 f(x)= il . Tim tat ca cac gia tr1 cua tham so6 thuc

: Khi x <2
X" =2mx+3m+2

m d€ ham so lién tuc trén R .
A. m=3, B. m=4. C. m=5. D. m=6.

bap an C.
Loi gidi
Céach 1: Ham s xac dinh trén R, lién tuc trén khoang (2;+00).

Taco f(2)=3lim /(x)=lim (V2x-4+3)=3.

x—2*

A N : +1 A 1n A11 A 1:a .
Néu m=6 thi lim f(x)=lim ————— =0 nén ham s6 khong lién tuc tai x=2.
¥>2 2" x" =12x+20

A b} 4 1 1 +1 3
Néu m =6 thitaco lim f(x)=lim— ~ - :
x—2" -2 x"=2mx+3m+2 6-—m

DPé ham sd lién tuc tai x=2 thi =3 6-m=lom=5,

—-m
x+1
x> =10x+17

Tém lai voi m=5 thi ham s6 da cho lién tuc trén R .

V6i m=5 thikhi x<2, f(x)= lién tuc trén (—o0;2).

Céch 2: Ham s xac dinh trén R, lién tuc trén khoang (2;+).

Taco f(2)=3lim f(x)= lim (V2x—4+3)=3.
x—2" x—2"
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Thur 1an luot cac gié tri tir A dén C thdy m=5 thoa min lir? f(x)=3. Do d6 chon

dap 4n C.

DANG 2. CHUNG MINH PHUONG TRINH CO NGHIEM
Phwong phap chung:

Mot phuong phap chirng minh phuong trinh f (X) =0 c6 nghiém trén khoang (a; b) :
- Chung minh ham s6 y = f(x) lién tyc trén doan [a;5].
- Chimg minh f(a).f(b)<0.
- Tir d6 két luan phuong trinh f(x)=0 cé it nhat mot nghiém trén khoang (a;b).
Pé chimg minh phuong trinh f (x) =0 c6 it nhat mot nghiém ta can tim duoc hai s6 @ va b sao cho ham
s6 lién tuc trén doan [a;b] va f(a).f(b)<0.
Vidul. Chohamsd f(x) xac dinh trén doan [a;5]. Trong cac khang dinh sau, khang
dinh néq dang? ,
A. Néu ham s0 f(x) lién tuc trén doan[a;b] va f(a).f(b)>0 thi phuong trinh
f(x)=0 khong c6 nghiém trong khoang(a;b) .
B. Néu f(a).f(b)<0 thi phuong trinh f(x)=0 c6 it nhit mot nghiém trén khoang
(a;b).
C. Néu phuong trinh f(x)=0 c6 nghiém trong khoang (a;5) thi hamsé y = f(x) phai
lién tuc trén khoang (a;b).
D. Néu ham s6 y=f(x) lién tuc, ting trén doan [a;b] va f(a).f(b)>0 thi phuong
trinh f(x)=0 khong thé c6 nghiém trong khoang (a;b).
Dap an D.
Loi gidi
A sai. Chang han xét ham s6 f(x)=x"-5. Ham s nay xac dinh trén doan [-3;3] va
lién tyc trén d6, dong thoi f(-3).f(3)=4.4=16>0 nhung lai c6 hai nghiém
x,=—V5;x, =5 thudc vao khoang (-3;3).
B sai . vi thiéu diéu kién f(x) lién tuc trén doan [a;b].
x+1khix<0

' . Ham s nay xac dinh trén doan
x+2khix>0

C sai. Chang han xét ham s6 f/(x) ={

[-3;3], c6 nghiém x=-1 thudc vao khoang (-3;3) nhung gian doan tai diém
x=0e(-3;3), tac la khong lién tuc trén (-3;3).
Vay D dung. That vay:
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- Vihamsd y=f(x) lién tuc, tang trén doan [a;5] nén gia tri nho nhat ciia ham
sO trén doan [a;b] 1a f(a), gi tri 16n nhét ciia ham sd trén doan [a;5] 13
1(b).

- Néu f(a)>0 thi gia tri nh6 nhat ciia ham s6 trén doan [a;5] 1a mot sé duong

nén khong ¢6 gia tri nao cta x trén khoang (a;b) lam cho f(x)=0. Do

d6 phuong trinh f (x) =0 khong thé c6 nghiém trong khoang (a;b).

+Néu f(a)<0, do f(a).f(p)>0 nénsuyra f(b)<O0. Vay gia tri 16n nhit cia ham s6 trén doan [a;b]
14 mot s6 4m nén khong c6 gia tri ndo ctia x trén khoang (@;b) 1am cho f(x)=0. Do d6 phuong trinh
f(x)=0 khong thé c6 nghiém trong khoang (a;b).

Cau 57: Cho phuong trinh x° +ax’ +bx+c=0 (1) trong d6 a,b,c la cac tham sd thuc. Chon

khang dinh dung trong cac khang dinh sau
A. Phuong trinh (1) v6 nghiém v&i moi a,b,c.

B. Phuong trinh (1) ¢ it nhat mot nghiém véi moi a,b,c.
C. Phuong trinh (1) ¢6 it nhét hai nghiém v&i moi a,b,c.

D. Phuong trinh (1) c6 it nhat ba nghiém v&i moi a,b,c¢.

Loi gidi
Pap an B.
D@ thdy a=b=c=0 thi phuong trinh (1) tré thanh x* =0 < x=0. Vay A, C, D sai. Do
dé B dung.

Gidi thich thém: Xét bai toan “Ching minh rang phuong trinh x* +ax’ +bx+c=0 (1)
ludn c6 it nhat mot nghiém véi moi a,b,¢”. Ta 6 101 giai cu thé nhu sau:
bat f(x)=x’+ax’ +bx+c. Taco:

+ lim (x’+ax’ +bx+c)=-0 vOi moi a,b,c nén ton tai mot gia tri x=x sao cho

X——0

f(x)<0.

+ lim (x’+ax’ +bx+c)=+0 VGl moi a,b,c nén ton tai mot gia tri x=x, sao cho

X—>+0

f(x,)>0.
Vay f(x).f(x,)<0 ma f(x) lién tuc trén R nén suy ra f(x)=0 co it nhat mot
nghiém trén khoang (x;;x,). Tir d6 suy ra PPCM.

STUDY TIP
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Cau 58:

Cau 59:

2n+1

Phuong trinh da thirc bac 1€ a,,, x*" +a, x*" +..+ax+a, =0 trong d6 a,,,, #0 ludn co6

it nhat mdt nghi€ém véi moi gia tri cua a,,i =2n+1,0.

Tim tit ca cac gié tri ciia tham s6 thuc m dé phuong trinh: (m2 -3m+ 2)x3 -3x+1=0

co nghiém.

A. me{l;2} . B. meR. C. meR\{1;2}. D. med.
Loi gidai

Pap an B.

W | —

Néu m* -3m+2=0: Phuong trinh d cho tro thanh —3x+1=0< x=

Néu m*-3m+2#0: theo STUDY TIP wvira néu thi phuong trinh da cho luén co6

nghiém.

Tém lai vo1 moi me R thi phuwong trinh da cho ludn c6 nghiém. Do d6 B dlng.

Cho phuong trinh x* -3x +x —é =0 (1). Chon khang dinh dting:

A. Phuong trinh (1) c6 dung mot nghiém trén khoang (-1;3).

B. Phuong trinh (1) ¢6 dung hai nghiém trén khoang (-1;3).

C. Phuong trinh (1) c6 ding ba nghiém trén khoang (-13).

D. Phuong trinh (1) c6 diing bén nghiém trén khoang (~1;3).
Loi gidi

Dap an D.

Cdch 1: St dung chirc nang Table trén MTCT: f(X)=X"-3X" +X—é, Start: -1,

End: 3, Step: 0.2 ta dugc két qua nhu sau:

0] Math = Math = Math
e | £ " F (4 :-: F X
e R |
-0.5| 0. D526 2| i | 0 25 A | 5. 003
-1 0. &
u Fomn | . ek
ol 0.8(-D.L51 al ]80S
|3y | 227 052 | it | -2 533
= Math
y T u Eowy |
I I I
m-EE -6.0I18 E.ﬂ a. @15
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Cau 60:

Quan st két qua ta thay gi tri cia f(x) tai cdc diém trong khoang (-1;3) doi dau 4
1an. Ma phuong trinh bac 4 thi ¢6 t6i da 4 nghiém thyc. Vay phuong trinh (1) ¢6 dung
bbn nghiém trén khoang (~1;3). Do d6 D la dap an dung.

Cdch 2: St dung chuc nang Shift Calc (Solve) cia MTCT dé tim nghiém xap xi ctia
phuong trinh trong khoang (~1;3). Tuy nhién cach nay tiém an nhiéu may rui hon

cach st dung chirc nang Table nhu trén.

STUDY TIP
Néu f(x) lién tyc trén doan [a;b] va f(x) d6i ddu khi x tir @ qua b thi phuong
trinh £ (x)=0 c6 it nhat mot nghiém trén khoang (a;b).
Cho phuong trinh 2x* —5x> +x—+1=0 (1). Chon khang dinh diing trong cac khang
dinh sau:
A. Phuong trinh (1) khong c6 nghiém trong khoang (-1L1).
B. Phuong trinh (1) khong c6 nghiém trong khoang (-2;0).
C. Phuong trinh (1) chi ¢6 mot nghiém trong khoang (-2;1).
D. Phuong trinh (1) c6 it nhat hai nghiém trong khoang (0;2)

Loi gidi

Dap an D.
Cdch 1: St dung chirc nang Table trén MTCT: f(X)=2X"-5X"+X+1, Start: -2,
End: 2, Step: 0.2 ta duoc két qua nhu sau:

= Math 0] Math = Math
F O " il " F i)
I8 |3. 3952 I i R gl ZB:B| C5: 1A
-1.61-0. 233 Eﬂ "F25 | | -0, 7 i
—E - = ld-
B Math N
o F i) b F i) e
HJ “0. 2 I:I.EI:IEI? 13| "pD.ul|pD.E512
Iy 0. 0592
IE-THE 1.0032 |5-|-]HE -0.5H
5 O. S
= Math = Math
" F O3 " F il
I
I8 0. 2833 al = I -

Quan sat két qua ta thdy trén khoang (-1;1) phwong trinh c6 it nhat hai nghiém, trén
khoang (-2;0) phuong trinh c6 it nhat hai nghiém, trén khoang (-2;1) phuong trinh
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c6 it nhat ba nghiém, trén khoang (0;2) phuong trinh c6 it nhat hai nghiém. Vay D 1a
dap an dung.

C. BAI TAP REN LUYEN KY NANG

Cau 1. Chohamsb y=/(x) c6 db thi nhu hinh dudi day:

[
- e s s e Em o omm

Chon khang dinh dung:
A. Ham s6 lién tuc trén R . B. Ham s6 lién tyc trén (—oo;4) .
C. Ham s lién tyc trén (1;+0), D. Ham sb lién tuc trén (1;4).
Cau 2. Cho ham sb
Jx+3-2
x-1

S(x)=

l, x=1
4

x* =1
X2=Tx+6

Chon khang dinh ding:
A. f(x) lién tuc tai x=6 va khong lién tuc tai x=1.

x<l1.

B. f(x) lién tuc tai x=6 vatai x=1.
C. f(x) khong lién tyc tai x=6 va lién tyc tai x=1.
D. 7 (x)

x) lién tuc tai x=6 vatai x=1.
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Cau 3.

Cau 4.

Cau 5.

Cau 6.

Cau 7.

Cau 8.

’ M khi x=0 ’ 7 )
Cho ham s6 f'(x)= X **7. Tim tat ca cAc gi4 tri cia tham s6 thuc m dé
m—3 khi x=0
ham sd lién tuc tai x=0.
A. Khong c6 gia tri nao cia m thoa man. B. m=5 .

C.m=1, D. me{l;5}.
Cho a va b 1a cac s6 thuc khac 0. Tim hé thtc lién hé giita @ va bdé ham sé sau
lién tyuc tai x=0.
Jax+13/bx+1-1 .
khi x#0
f(x)= X :
a+b khi x=0
A.a+b=0 . B. 2a+b=0 . C. 3a+4b=0. D. 3a+2b=0.
\ A ( 33—ijhix<l W X
Cho ham so f(x)=4\1-x" 1-x . Tim tat ca cac gia tri ciia tham s6 thuc m

m’x+3—3m khi x>1

dé ham so lién tuc trén R.

A. me{l;2} . B. me{1;-2}. C. me{-1;2}. D. me{-1-2}.
Lo YRS W

Cho ham s6 f(x)=1 Jx+1-2
x3—(2b+1)x khi x=3

. Trong d6 a va b 1a cac tham s thyc. Biét

ham sb lién tuc tai x=3. S6 nho hon trong hai sb a vab la

A. 2. B. 3. C.4. D. 5.
2
z sin— khi x>0 __. L., e, £
Cho ham s f(x)= B "7 Tim tht ca cac gia tri cua tham so thyuc a
acosx—>5 khi x <0

dé ham s6 lién tuc trén R .
A. a=5. B.a=7.

C.a = D. Khong c6 gia tri nao cua a théa man.
Cho phuong trinh 4x* +2x* ~x-3=0 (1). Chon khang dinh dting:

A. Phuong trinh (1) v6 nghiém trén khoang (-11).

B. Phuong trinh (1) c6 ding mdt nghiém trén khoang (-11).

C. Phuong trinh (1) ¢6 ding hai nghiém trén khoang (-1;1) .
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D. Phuong trinh (1) c6 it nhat hai nghiém trén khoang (-11).
Cau9. Tim tit ca cac gia tri cua tham sé thuc m sao cho phuong trinh
(m*=5m+4)x’ +2x* +1=0 O nghiém.
A. meR\{1;4}. B. me(—0;1)U(4;+0).
C. me{l;4}. D. meR.
Cau 10. Tim tat ca cac gia tri ctia tham s thuc m sao cho phuong trinh sau ¢6 nghiém
(2m> =5m+2)(x-1)"" (x*"" =2)+ 2x+3=0.

A. meR\{%ﬂ}. B. me(—oq%}u@ﬁw).
C.me{%ﬂ}. D. meR.

D. HUONG DAN GIAI
Cau 42. Pap an D.

R rang ham sé khong lién tuc tai x=1 va x=4. Do d6 dap an dung 1 D.
Cau 43. Pap an A.

Ham sb di cho lién tuc trén cac khoang (—o0;1) va (1;4). Do d6 ham s lién tuc tai x =6. Ta c6

n limf(x):lim—vx-FH:l,
x>l -t x—1 4
x’ -1 2
+ lim =lim———=—-=.
Hl‘f(x) ol x*=Tx+6 5

Vay lig} f (x) khong ton tai nén ham sé khong lién tuc tai x=1. Do d6 dap an dung 1a A.
Cau 44. Dap an A.
o Nxt 457 |x|\/x2+4 V¥ +4  khix>0
Ta co = = .
—~x*+4 khix<0

Do do lim f/(x) = 2;lim f(x) ==2. (c6 thé ding MTCT d& tim gi6i han mot bén).

X X

Vay ham s6 khong c6 giéi han tai x=0 nén khong lién tyc tai x=0. Vay khong cé gia tri nao
cia m dé€ ham so lién tuc tai x =0. Pap an dung 1a A.

Cau 45. Pap an C.
Vax+13/bx+1-1

Theo két qua d biét thi lim -4
x—0 x 2

b
+=.
3

Pé ham sd lién tuc tai x=0 thi %+§:a+b<:>3a+4b:0.

Vay C la dép an dung.
Néu su dung MTCT, véi mdi hé thire ta chon cac gia tri cia @ va b thoa man hé thirc, thay vao
ham s6 tinh f(0) va lim £ (x). Néu lim f (x) = f(0) thi d6 1a h¢ thic dng.
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Cau 46.

Cau 47.

Cau 48.

Dap an B.

Ham s6 da cho x4c dinh trén R |, lién tuc trén cac khoang (—o0;1) va (1;+00).

. . , . 1 -1 . .
Theo két qua da biét thi lim f(x)= hm( S j 3ol 1. (C6 thé dung MTCT dé tim

x—>1" x—>1" 1 — x3 1 —-X

\]

gi61 han trén).
Mat khac lim £ (x) = lim (m’x+3-3m)=m" - 3m+3 = £ (1)

x—1" x—1"
Dé ham s lién tuc trén R thi ham sb phai lién tyc tai
x=lom’ -3m+3=1<m’-3m+2=0< m=1 hoic m=-2. (St dung chirc ning giai
phuong trinh bac 3 cua MTCT). Vay dap an ding l1a B.
bap an B.
f(3)=27-3(2b+1). Pit g(x)zJH—a. Taco g(3)=3-a

g(x)

Ta thay néu g(3)#0< a#3 thi lim f(x)=lim—===4— = nén ham sb khong thé lién tuc tai
yneu £(3) lim £ (x) B Jrrl— g et

x=3.
Néu a =3 thi 1imf(x)=1im—““6_3:3.
x—3 x~>3,/x+1_2 3

Ham s lién tuc tai x:3<:>lxi£r31f(x):f(3)<:>27—3(2b+1)=§©b=%5.
Vay a=3 va b:3?5. S6nho honla a=3.

Do d6 dap an ding 1a B.

Luru y: Dé giai phuong trinh 27—3(2b+1):§ ta ¢ thé lam nhu sau:

2
+ Nhap vao man hinh 27-3(2X +1)= 3

+ Bam SHIFT CALC (SOLVE), may b4o SOLVE FOR X nhap 1=
Mady hién thi két qua
. 1 1 m e
Af—aldnt+l =5
ﬁ= a. EEE:EE:E:EEIE

Math &

+ Bam 3.Qs=, may hién thij két qua

0] Math &
. (5]

=5
=

35
Vay phuong trinh ¢6 nghiém b= 5

Dap an A.

Ham s6 da cho lién tuc trén cac khoang (—0;0) va (0;+00) .
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Cau 49.

Tacé lim f(x)=lim(acosx—5)=a—5=f(0).

x—0" x—0"

= lim

x—0"

Ta co6 voéi moi x:

.2 ( . 2)

xsin— xsin— [=0.
X X

Ham sb dé cho lién tuc trén R <> ham sb lién tuc tai x=0<a—-5=0<a=>5.
Vay dap an dung 1a A.
Pap an D.
Str dung chirc nang TABLE cua MTCT véi
+ f(X)=4X"+2X* - X -3,
+ Start: —1; End: 1; Step: 0,1.

S|x|. Suy ra )}Lr(r)l f(x)

Cau 50.

Cau 51.

n a " Fop |
= I I B W
-U:H |]:"||E|-| B T -.|-"|5 H-QE -2.113 a.z
= -I:|l5 - -
M Fon | M Fegn |
o -o.1 |-2.E7 3l “o.z[-3.112
|2 | -3. 073 a1 o i | 27 571 a0 a
y Fom | r Femn |
o he ikl
o | 252324 a.7 & mi] | °- 3

Ta thiy gia tri f (X) tai cac diém ddi ddu hai 1an. Suyra f (X) X6t it nhat hai nghiém trén
khoang (—1;1). Vay dép an dung 1a D.
Pap an A.
+Néu m’ —Sm—-4=0=me {1; 4} thi phwong trinh da cho tré thanh 2x” +1=0. Pay 1a mot
phuong trinh v6 nghiém.
+Néu m”* —5m—4=0 thi theo két qua da biét, phuong trinh luén c6 it nhit mot nghiém.
Vay dé phuong trinh da cho c6 nghiém thi m € R\{1;4}.
Dap an D.
. 3
+Néu 2m* —5m+2=0 thi phuong trinh da cho try thanh 2x+3=0< x = -7

+Néu 2m* =5m+2#0, phuong trinh da cho 1a mét da thuc bac 1€ (bac 4035) nén theo Kkét qua
da biét, phuong trinh c6 it nhat mot nghiém.
Vay voi moi m € R, phuong trinh da cho ludn c6 it nhat mot nghiém.

Group: https://www.facebook.com/groups/tailieutieuhocvathcs/




