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Vidu5:

3 4
Khi dén C thy lim 3—’§+15 — 3 lim x = o0 nén dimg lai va chon dép 4n C
X—>—00 x x + X—>—00
. N4 —x+1
Vidu 4 : Giéi han lim Vax'—x+l bang :
xo—e o x+1
A.2 B. -2 C.1 D. -1
bap an B
Loi giai :
1 1
NrEm || 4——+— —x 4——+— 4=+
Cach1: lim ——— = [jm ——* * X = lim x_ X = lim x X~
X—>—0 X+ x—)—oo x+1 X—>—%0 x+1 X—>—0 1
+ J—
X
Vay chon d4p an B
Céch 2 : Su dung MTCT
: Pox—VAxXT+1
Gi6i han lim Vi —x V4 bang :
x>0 2x+3
1 1
A, —— B. — C. —o© D. +o©
2 2
Dap an B
Loi giai :

Cach 1 : Theo vi dy da trinh bay ¢ dang 1 thi lim (Vx* —x —V4x" +1) =

Ta dua x* ra ngoai can roi chia ca tir va mau cho x. Cu thé nhu sau :

o, it -y

lim
x>0 2x+3 2x+3
—x\/l—l+x\/4+ \/l—+\/4+
= lim X == lim
X—>—00 2x+3 x—>—0 2+7
X
Vay dap an ding 1a B

Céach 2 : Str dung mdy tinh tinh gia tri ham s tai x=10"° ta duoc két qua nhu hinh
bén. Vay chon dap 4an B
Cach 3 : Ta c6 thé giai bai nay bang phuong phap loai trir nhu sau :

Vi lim (\/x _x—+J4x’ +1) = —o0; hm (2x+3) =—oo nén gidi han can tim phai mang dau

duong. Mt khac bac tir va bac mau bang nhau nén gidi han can tim 14 hitu han.
Dép an can tim 1a d4p 4an B
STUDY TIP
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0] Math A
JHE - —ddxZ +1
{. B000000001
, NOEET 2x+1 \/_
Vidu 6: Biét lim x,|—————=— trong do a, b 1a cac s6 nguyén duong. Gia tri nho nhit cua tich ab
v \3xT+x"4+2 b
bang :
A.6 B. 12 C.18 D. 24
bap an C
Lot giai :
Taco : lim x| ————— 211 _2rrx \E
v\ 3x% + X2 +2 H+°° I+ +2 3
" 6 % - , , \
Vay % = % D¢ dang suy ra dugc tich cua ab 1a 18.

Vidul:

Chu ¥ : Néu str dung MTCT tinh gia tri ham s6 tai x=10" thi ta thu duoc két qua
nhu hinh bén. Do d6, néu khong c6 kién thuc vé gi61 han ham sb, rat kho tim ra
dugc dap an ding néu chi duing MTCT. Nguoc lai néu c6 kién thirc viig vang, ban
doc s& nhanh chong tim ra dap an, tham chi 14 trong chép mat ! Vi vay, toi xin nhac
lai, to1 khuyén nghi cac ban doc nén giai bai tap theo kiéu tu luan mdt cach can co
dé co thé doi mat véi cac bai toan “’chéng MTCT”’
STUDY TIP
o] Math A
}::,]I Zx+1
SHI+HE+2

0.5164365609

Dang 4 : Dang vo dinh 0.«
Bai toan : Tinh gi¢i han lim [u(x)v(x)] khi Iim[u(x)]=0 va lim[v(x)]= 2o

()

Phuong phép : Ta c6 thé bién d6i hm [ux)v(x)] = hm dé dua vé dang % hoac

v(x)
( )

3 \ (e 0]
deé dua vé dang —.
[00)

hm [ux)v(x)]= hm

v(x)
Tuy nhién, trong nhleu bai tép, ta chi can bién d01 don gian nhu dwa biéu thirc vao trong/ ra ngoai
dau can, quy dong mau thtc ... La dua dugc vé dang quen thude.

Gidi han lim — (— —1) bang :

0" x x+1
A.0 B. -1 C.1 D. —©
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Vidu2:

Vidu 3:

bap an B

Phéan tich : Ta c6 lim L —o0; hm(%—l) 0 nén chua c6 thé ap dung cac dinh li, qui
x—=0" x x—)O X+

tac dé tinh gi6i han.

Lot giai :
Céch 1:Taco lim-(———1)=lim =D _jim =X i =L _
=0 x x+1 =00 x(x+1) =0 x(x+1) 0 x+1

Céach 2 : Str dung MTCT tinh gia tri ham s tai —0,00000001 ta dugc két qua nhu

hinh bén. Do do6 chon dap an B, trc lim — (——1) =-

-0 x x+1
STUDY TIP
Math &
ir_1__
%(mr1)
-1. 00000001

Gi6i han lim (x—2),|——— bing :

x—2F x° =4
A, T B. —® C.0 D. 1
Pap an C
Phan tich : Vi hm 1(x—2) =0; 111? =+ nén chua co thé ap dung céc dinh 1y va

X—> x —
qui tac dé tinh gidi han.
Loi giai :
2
Cach 1:Véimoi x>2 tacod: (x—2), 2x :1/(x:2) a :‘/(x_z)x
X" = x+2
(x— 2)x
Do do hm(x 2) im ‘/ =0. Vay chon dap an C
Céch 2: Su dl_mg MTCT
e . 2x+1 .
Gi6i han XIEEO (x+1) Fairid bang:
V2 _Jio s

A 2 B. c. S D. /2
bap an B

\ [00)
Phan tich: Vi du tuong ty da dugc nghién ciru trong phén dang vo dinh —
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Vi du 4:

‘A zx + 1 A 7. \ ~ r 7\ .
Tuy nhién vi lim (x+1)=—oo; lim S txt2 =0 nén gidi han nay ciing c¢6 thé coi nhu

dang 0.00

Loi giai
Cach 1: Vi x<—-1 ta ¢ x+1<0 pgn x+1=—J(x+D’ Do dé
2
b G +1) 32x+1 i \/(x+? 2x+1) _ 10
x> 5x"+x+2 oo\ SxT +x+2 5
Vay chon dép an B

Cach 2: Str dung MTCT. Tinh gié tri ham s6 tai *=10"" ta dwoc két qua nhu hinh
bén. So sanh cac dap s6 A, B, C, D ta chon dap an dungla  B.
STUDY TIP

Ta chi quan tdm dén Ity thira bac cao nhat1a *’. Hé sb cua ¥ trong (*+1’1a I* do
2 14 14 kd
(x+1)" =" +2x+1 1 sé clia x trong 2x + 112 2 nén hé sé ctia ¥ trén tir1a 1°2. O

day khong nhat thiét phai khai trién tich thanh da thirc dé tim hé sé cta X .

Math &
ZX+1
+ —_—
(A 1)f5x3+x+2
-0. 632455532
. 1
Gi6i han XILIEO(XSHl ;) bang
A.0 B. 1 C. t® D. Khong ton tai

bap an B

1 1
Phan tich: Vi im =0 nén limsin—==0_Ta ¢6 dang 0. Loi giai nhu sau :

X—>+0

Loi giai :

sin —
X

1
Céch 1 : Taco : lim (xsin—)= lim

x X—>+00 l
x
bit t_ ! va 11m =0 thi 11m(xsm—)— lim ﬁzl

X—>+00 t

Cach 2: Su’ dung MTCT ( Luu y chuyén may vé ché d6 Radian)
STUDY TIP
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Vi du 5:

Vidul:

) , 0 ,
O vi du 4 ta da chuyén dang 0 thanh 0 do ta lién tudng dén giGi han dic biét

. sinx
lim——=1

=0  x

. 1 4 J
Gié6i han hr;r[li(a—x)tanx bang

x| =

A. 1 B. 0 C. @ D. Khong ton tai
Dap an A
., Y . . sinx R ,
Phén tich: vi 11m7(5—x) =0; lim ranx= lim cosx _ © néntaco dang 0.00
2 2 2
H[ ] H[ ] H[ ]
Loi giai :
14 ' 72- b} 72. 1 \
Cach 1 : bat f=5—x thi XZE—L 111}[1]:0 va
x| B
7 7 sin(7 1) z t
(——x)tanx =ttan(——1¢) =t =——c0s! Do do lim (——x)tanx=Ilim——cost =1
2 T sint ’ zy 2 t=o" §int
cos(——1) |5
2
Céch 2 : Str dung MTCT
STUDY TIP

lim fanx=too; lim fanx=+o [ ,py v @€ tronh nham 1an giita hai gi¢i han nay

(%) %)
Dang 5 : Dang ©~%®

Bai ton : Tinh 1M [#(x) =v(x)] ghi imu(x) =400 3 Imv(x) =+ Hoze tinh im[u(x) +v(x)]
khi imu(x)=+00 3y limv(x)=—o0

Phuong phap : Nhan hoac chia voi })iéu thire lién hop (néu co can thirc) hodc qui dong dé dua vé
cung mot phan thure ( néu chtra nhi€u phan thic).

Gidi han xlir+r1w(\/x2 +x —\/x2 +l) béng

1 1
= — 0 —0
A. 5 B. 4 C. ™ D.
Pap an A
Loi giai :
Céch 1:

. e 2 i [ ) . _
Phan tich: Ta thdy 1M VX" +x =+00; lim vx" +1 =40 nap paj nay thudc dang © ~®. Tuong ty

X—>+00

nhu gi6i han diy sb, ta nhan chia voi biéu thuc lién hop. Loi giai cu thé nhu sau:
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1

(-
= lim

Ta co: lim(\/x2+x—\/x2+l):lim\/ - x—l\/ - X =%
’ ’ X2+ x+x+1 /1+l+ /1+i2
pt X

Cach 2: St dung MTCT

Gidi han 1im (VOx" +x+1+3x) ping

Vidu 2:
2 2 1 1
A3 B. 3 c. p. ©
Pap an D
Lo1 giai:
Phan tich: Ta co lim v 9" +x+1 = +o0; lim (3x) =— ngn bai nay thudc dang vo
dinh o0 —oo (mic du biéu thirc ctia ham s6 14y gii han c6 hang tong). Ta tién hanh nhan chia véi
biéu thirc lién hop. Loi giai cu thé nhu sau:
Ta c6: lim(vOx" +x-+1+3x) = lim —— L im xH
Vox® +x+1-3x —x\/9+1+12—3x
X X
1+ 1 1 1
= lim 23 - =—. Vay chon dap 4n D.
X—>+0 1 1 -3-3
— [0+ =+ — =3
X X
Cich 2: St dung MTCT tinh gié tri ham s6 tai x=-10" ta dugc két qua nhu hinh bén. St dung
ki thuat tim dang phan s ctia mot s6 thap phan vo han tuan hoan ta duge —0,1(6) = %1 (xem lai
phan gidi han diy s6). Vay chon dap an  D.
Ul Studytip:
Math & Math & Math &
J9RE+5+1 +3% T9HE+K+] +3% 19X +5+1 +3%
-0. 16EEEEEEY -0, 16EEEREET -[1. 16EEEEEET
Vidu3. Gi6ihan lim (\/4x2 +3x — /8% + 24 +1) bing:

1
LB N c. 13 b1
24 - 12 24 12
Loi gidai
Cach 1: Phan tich:
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Vi lim V4x® +3x = +o0; lim 3/8x’ +2x” +1 = +o0 nén déy ciing la dang v6 dinh 0 —o0. Tuy nhién
X—>+0 X—+0

vi 13 hiéu cua hai cin thirc khong cting bac nén ta chua thé nha chia voi biéu thire lién hop luén

duge. Nhan thiy x>0 thi vV4x® =/8x’ =2x nén ta thém b6t 2x rdi nhan chia lién hop.

Véi x>0 Jax® +3x — 8% +2x7 +1 =(\/4x2 +3x—2x)+(2x—\3/8x3 P +1)

1

3

X 2+—
. X
VA4x® +3x +2x g
4+23/8+2+13+3/(8+2+13j
X X X X

Do dé lim (\/4x2 +3x -8 + 24 +1)

X—>-+0

1
~ fim | e A WD AN
x>0 3 2| 242 4+44+4 12
\/4++2 4+23/8+2+13+i/(8+2+13j
X X X X X
Do d6 chon B.

Cach 2: Str dung MTCT tinh gia trj ham s tai x=-10" ta duoc két qua nhu hinh bén. Sir dung
. . N 7 .
ki thuat tim dang phéan so6 cua mot so thap phan v6 han tuan hoan ta dugc -0, 58(3) T (xem lai

phan giéi han day s6). Vay chon dap an  D.

U Studytip:
m MWath & Y i T
[z +qn - Jaws+op || 0.583 0.5833333333333¢
0. 583333337 = =

Vi du 4.

Luu y: Ta xem lai mdt Vi du da trinh bay ¢ dang 1 nhu sau:

Gi6i han ciia ham sé f (x)=vx* —x —4x> +1 khi x — +o0 bing:
A, —© B. +© C. -1 D. 3
Phan tich: Vi du nay ciing thudc dang o —oo nhung lai khong phai 1a dang vo dinh. Bang céac
dinh 1i va quy téc, ta tinh dugc gidi han ham s6 ma khong can phai nhan chia véi biéu thuc lién
hop. Ta xem céch giai cho tiét dudi day.

Loi giai

R R s e o
N

Group: https://www.facebook.com/groups/tailieutieuhocvathcs/




HOC360.NET - TAI LIEU HQOC TAP MIEN PHi

x|:+oov£1 lim \/(l—lj—\/(4+izj:1—2:—l<0.
X—>+00 x X
a1 2 2 ) 1 1
Vay lim (\/x —x —/4x +1): lim [|x|(\/(1—j\/(4+_2n]—oo_
X—>+00 X—>+00 x x

Ul Studytip:
Ciing la o —o nhung khi nao la xac dinh, khi nao 1a vé dinh? Khi nao phai nhan chia lién hop, khi

Taco lim

X+

nao thi dua x" ra ngoai can r6i dat nhan tir chung nhu Vi du 4? Dé ¢6 cau tra 16i moi quy doc gia
hdy doc lai phan gidi han ddy so c6 chua cén.
Vidu 5. Trong cac gidi han sau gidi han nao 1a hiru han:

A. lim (\/4x2+4x+3+2x). B. lim( 2x2+x+1—3x)‘

X—>+0 X—>—00

C. lim (x—\/l+x+2x2). D. lim (x+\/x2+3x+2).

Loi giai
Cich 1: Véi cac két qua da biét phan gidi han day sd c6 chira cin, ta thiy ngay dap 4n la D. That
vay:
0 Jim A+ 4x-+3 = oo lim (20) = 00> lim (VAT +4v 43+ 20) = 4,

1 lim v2x° +x+1 =+00; lim (-3x) =400 = lim( 2x2+x+1—3x)=+oo.

X—>—0 X—>—0 X—>—0

0 lim(x—\/l+x+2x2):limxil—‘/%+l+2J:—oo
X—>+0 X—>+0 X X
. . 1 1

do lim x=+o0; lim | 1—,/—+—+2 |=1-+2 <0.
X—>+0 X—>+0 X X

3x+2 3+2 3
lim (x+\/x2+3x+2):lim TR S—
X——0 X—>—0 /x2 + 3x + 2 —x X——0 1 3 2 2
+—+— -1
X X
Cich 2: Str dung MTCT dé tim 1an lugt cac gidi han.
: 1 1 .
Vidu 6. Gigi han lim ( —— j bang:
-2\ x" -4 x-2
A. 400 B. —© C.3 D. -2
Loi giai
Cdch 1: Vi lim ——— = +oo; lim =+00 nén ta c6 dang o0 —o.
=2t x°—4 x—=2" x —

Theo phuong phap di néu tir dau, ta di quy ddong miu sd cac phan thic.

Ta ¢ lim( S j=lim{ : SR R T

+ 2
-2\ x" =4 x-2
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S T ,

Vi lim —— =2 <0, lim(x-2)=0 va x—2>0 v&i moi x>2 nén theo quy tac 2,
x—2* (x+2) 4 x—2*

lim (%—Lj: lim— "' _ o DodéchonB

=2\ x -4 x-2 x_>z+(x—2)(x+2)

Cdch 2: St dung MTCT tinh gid tri ham s6 tai x=2,00000001 ta dugc két qua nhu hinh bén. Do

x—2

) 1 1
d6 chon dap an B, tuc la hm( — j:—oo.
\Ax' -4 x-2

Wath &
1 1
wE_ 4 H#—Z
-R000000. 0&
Vidu7. Cho a va b 1a cac sb thuc khac 0. Tim hé thtic lién hé giita @ va bdé giéi han:

lim( e b jle‘lhﬁ’uhan:
-2\ x"—6x+8 x —5x+6
A. a-4b=0. B. a-3b=0. C.a-2b=0. D. a-b=0.

Loi giai
Céch 1: Ta c6 ——— b < b
dch 1: — L _

x*—6x+8 x*—5x+6 (x—2)(x—4) (x—2)(x—3)

_ a(x—3)—b(x—4) B g(x)

(2 3)(r4) (2 (x3)(x-4)

Ta cod lim(x—2)=0; lim(x—3)=—l; 1im(x—4)=—2; lirgg(x):Zb—a.

x—>2" x—2" x—>2"
Do d6 néu lirgg g(x)#0< 2b—a+#0 thi gidi han can tim 13 v6 cuc theo quy tac 2.
Tt d6 chon dugc dép an ding 1a C.
(That vay, néu lir?_ g (x) =2b—a=0thi

a A b _ bx—2b _ b
x*—6x+8 x*—5x+6 (x—Z)(x—3)(x—4) (x—3)(x—4)
a b b b
Vado dd li - =lim ————=—.
@ Oxlgl(xz—6x+8 x2—5x+6j xg?’(x—3)(x—4) 2

Cich 2: St dung MTCT. Véi mdi dap an, 14y cac gia tri cu thé cta a va b, thay vao ham s rdi
tinh gidi han.
Tt d6 chon dugc dép an 1a C.
C. BAI TAP REN LUYEN KY NANG
DANG 1. BAI TAP TINH GIOI HAN BANG CACH SU DUNG DPINH NGHIA, PINH LI,
QUY TAC.

Chu 1: Tim tat ca cc gia trj cua tham s0 thyc mdé B>7 v6i B =lim(x* +3x+m* -2m).

x—1
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Cau 2:

Cau 3:

Cau 4:

Caus:

Cau 6:

Cau 7:

Cau 8:

Cau 9:

A. m<lhodc m>3 B. m<—-lhoic m>3 C.-l<m<3 D. 1<m<3.
x*+1
. P khi x <1 . 3
Cho ham s0 f(x)={ 1-x l . Khi @6 hnqu(x)bang:
N2x—=2 khi x>1
A. 0 B. 2 C. —o D. +x©

Trong cac ham s6 sau, ham s6 nao c6 gidi han tai diém x=1?

1 1 1 1
A. f(x)=—— B. g(x)=—— C. h(x)= D. t(x)=——
) 1] (x) Ji-1 =7 (=15
Chon khang dinh dung.
A. limcosl=0 B. limcosl:—l C. limcoslzl D. limcosl khong t6n
x—0 X x—0 X x—0 X x—0 X
tai.
Trong céc gidi han sau, gigi han nao bang —w?
A. lim (5x° —x* +x+1). B. lim (2x" +3x+1).
C. lim (4x = 7x* +2). D. lim (3x-x"+2).
Trong céc gidi han sau, gigi han nao bang —o?
A lim (Vaxt+4x+3+24), B. lim (V4x +4x+3-2x).
C. lim (Vax' +4x+3-x). D. lim (x—V4x +4x+3).
Trong céc gidi han sau, gigi han nao bang +wo?
. 6—x’ . N1=2 _ 3y 3_
A, lim B. lim Y Colim 2 . lim 22—
(-3)" 9+ 3x (-1 54+5x x—>=2 (x _2) x—>-1 ()C+ 1)

Trong cac gioi han sau, gidi han nao 1a vo cuc?

2 3 2
A, lim g X4 B. lim X2
=2\ x"+2x x(-2)" (xz —x+6)

2 *(2x-1
C. lim |—2X "% D. 1imx4(—x).
acl (2x—1)(x4—3) =lxT+x+1
Trong cac gioi han sau, gidi han nao 1a vé cuc?
_ —2) +8
A. lim 3 B fim =2 +8,

S+ x+2 +4x =0 x
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2
N, —3- . 5
C. lim Y F¥r2ov3mx D. lim —————.
xo(-1) xt+x x>0 4y’ — X7 42

Céu 10: Tim tat ca cac gia tri ctia tham s6 thuc m sao cho ham s6 f (x)=mx++9x* =3x+1 c6

gid1 han hitu han khi x — +oo.
A. m=-3 B. m#-3 C.m=>0 D. m<0

DANG 2. GIOI HAN VO PINH DANG %.

_|3x+6|
. lim +——
Cau 11: Giéi han 72 x+2
A. Bing 3 B. Bing -3 C.Bing 0 D. khong t6n tai
14 14 4 — 4 A}
Céu 12: Cho a 1a mot sb thuc khac 0. Két qua dung cia lim>=—2 bang:
x—a x —_ a
A. 3a’ B. 2a’ C.a’ D. 4d’

2_ —_— 4 e
CAu 13: Cho C =lim2 m2x+m l,m la tham so thuc. Tim m de C=2.

x—1 X _1
A.m=2 B. m=-2 C. m=1 D. m=-1
r 14 2 A
Cau 14: Cho ¢ va ?1a céac s6 thyc khac 0-Néu lin}%x;b:6 thi 4+0 bang:
xX—> x_
A. 2 B. 4 C. -6 D. 8
A \ \ r A J4 c s . 1_ \Y; 1 M
Cau 15: Cho a va b1a céac so thuc khac 0.Gid1 han hn(}#;”bang:
x= S1n O6x
A — B. —— c. X p. -2
2b 2b b b

Céu 16: Cho a.b,c 1a céc s6 thuc khac 0,3b—2c #0. Tim hé thirc lién hé giita a.b,c dé:

lim tan ax _1
=0 Jl4bx —1+ex 2
N, .S B2 -1 LT | p.—*+ -1
3b-2¢ 10 3b-2¢ 6 3b-2c¢ 2 3b-2¢ 12
A R \ J4 A A “ A c . . sin(x—l) M
Cau 17: Cho m va n la cac s6 nguyén duong phan bi¢t. Gidi han lim—>2——= bang:
=l X" =X
1 1
A. m—n B. n—m C. D.
m-n n—m
Vix—4—+2x-1

Céu 18: Dé tinh gii han lim ,ban Binh da trinh bay bai giai nhu sau:

x—1
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Cau 19:

Cau 20:

Cau 21:

Cau 22:

Cau 23:

Cau 24:

Budc 1: Ta co:

5x—4-2x-1 .. J5x—4-1 . J2x-1 1

lim =lim —lim
x—1 x—1 x—1 x—1 x—1 x—1
i . ASx—-4-1 . 5(x-1 . 5 5
Budc 2: lim =lim =1lim ==
N x_l x—1 (x_l)( lsx_4+1) x—1 ’Sx—4+1 2-
N2x-1- 2(x-1
Bue 3: lim Y251 =1 i (x-1) Clim——2 1.

x—1 x—1 x—1 (x_l)(m_l_l) x—l1 /2x_1+1

5x—4-2x-1 5 3

Budce 4: lim =——1==.
x>l x—1 2 2
Hoi 101 giai ctia ban Binh d3 mic 13i sai & budc nao?
A. Budce 1. B. Budc 2. C. Budce 3. D. Budc 4.

Bibt lim \/8x+11—«/x+7 m
X2 x> =3x+2 n

— trong do 2 1a phan s téi gian, m va n 1a cac sb nguyén
n

duong. Tong 2m+n bang:
A. 68 B. 69 C. 70 D. 71

Bidt lim J6x=9-327x-54 m

, tron d6 ™ 1a phan sé t6i 1an, m va n la cac s
=3 (x=3)(x* +3x—18) 860 5, AP g

nguyén duong. Khi d6 3m+n bang:

A. 55 B. 56 C. 57 D. 58
3x-2-R5x-4 |
G161 han lim V3x \/2x bang
x—1* (x_l)

A. -0 B. +o0 C.0 D. 1
Trong bon gidi han sau ddy, gidi han nao bang 0?

- 2 —x’ = X —x—6)
A. lim x3 | B. hm 2x_1 C. lim xz—x+6 D. limg

=1y’ —1 (-2)" x7 =3x+2 >33 x7+3x =2 x42x7

Trong bon gi61 han sau day, gidi han nao khac 0?

. X" =3x+2 i x2=9
A. Im ———. B. lim )
x—>2 1[2_)(: x—3 (x2+1)(3_x)
2_ 3_
C. lim 2—3%F2 D. lim———

o) x4 2x+1 N
Trong bén gii han sau ddy, giéi han nao khéng ton tai?
X +8 ) (x+3)3—27 . A3x+x ) x|x+2|

A, lIm—— B. lim C. llm———. D. lim
232 +11x+18° x>0 X x>0 2x (2 X +3x+2

Group: https://www.facebook.com/groups/tailieutieuhocvathcs/




HOC360.NET - TAI LIEU HQOC TAP MIEN PHi

Cau 25: Trong céc gidi han sau day, gidi han nao khong hiru han?

Phx- - : -2 . 1-+/x-2
A. limw. B. limw. C. lim x—‘ D. hmz—x.
=2 x -8 =3 x°—6x+9 =2\ x?45-3 =3 X" -

DANG 3: GIOI HAN VO DINH DANG =,

o0

Ciu 26: Trong bon gidi han sau ddy, gidi han nao bang —1?

= ox? . 2x+3 . P4 x—
x -1 B. lim u C. lim 2x . D. lim M

A. lim — >
xo—e x4+ 1 x>+ Syt —x x—-o x° —5x x>+0 3x 4+ x

Cau 27: Trong céac gidi han hitu han sau day, gioi han nao 1a 16n nhat?

o i (x+1)(3—32x—5x3)' - (2x2+1)(2x2+x).
x40 x(x —1) x> (2x4+x)(x+1)

i (x2+12(2x2—x+4)' _— (3x2+1)(2—x3).
x>0 x*(3x+1) x>0 (2x4 +x)(x+1)

Cau 28: Trong cac gidi han sau day, gidi han nao 1a —o ?
2 2 3 2 2 4

A lim 2L g g XIS g g LAY gy gy Yo+

xo=e 34X oo 14 2x x>0 54 x —2x° x> 2 —x— X

R , . NX+2x+3
Cau 20. Tinh giéi han lim ‘N
2 AP 41— x+2
|

AL B. 2. c.-2. D. - L.
2 3 3 2

Céu 21. Cho a,b,c1a cac sb thuc khac 0. Tim hé thirc lién hé gitra a,b,c dé

- ax—b\9x* +2 _s

i

¥ ex+1
A 9730 s, B. =% _ 5, c. 43 s, D. 43 s,
C C C C
~ \ . ) N ) 4x* +3x+1 . ,
Cau 22. Cho « va b 1a cac tham so thyc . Biét rang lim T—(ax+b) =0,a va bthoa
X—>+0 CcX
man h¢ thirc nao trong cac hé thirc dudi day ?
A. a+b=09. B. a+b=-9. C.a-b=0. D. a-b=-9.
Cau 23. Trong cac gidi han sau , gid1 han nao 1a —0 ?
4 2
—x— X =5x+2
A. limM. B. hmﬂ.
o= x° 4 x+2 o 1+2|x|
. A +x-11 . A +2x+1
C. lim - .- D. im ——.
x40 2x 4 x+1 X—>—0 Il_zx
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Cau 24.

Cau 25.

Cau 26.

DANG 4:

Cau 27.

Cau 28.

Cau 29.

Cau 30.

Tim gi61 han nhé nhat trong cac gidi han hitu han sau.

VxT+2

6 2x—x°
A. lim : B. lim ;|- % .
oo 3x7 —] x>0 [ 8x" —x+3
C. tim Y D. fim 2P+3

XAHOX —-x+2 X—>—00 [x2+x+5.

Trong cac gio1 han hitu han sau , gidi han nao 1a 16n nhat?

A. lim i/(2x—5)(1—x)2 B. fim (2= =3

2

3xt—x+1 x>0 x—5x

X—>+00

X—>+0 x3+1)(3x_1) X—>—0 [x2+1_x )
Trong cac gio1 han hitu han sau , gidi han nao 1a nho nhat?

2
N mx 2 B. lim (1-2x) x1

C. lim\/( X2 D. fim 2221

A. lim 3

X—>—00 33— 4|X| : X—>—00 x> —

2 2 4 5
C. lim \/x X \/4x +1 ' D. lim /3x +4x" +2 .
X—>=%0 2x+3 X—>+o0 9)C5 + 5)64 +4

Giéi han vo dinh dang 0.

Cho a 12 mot s thuc duong. Tinh gidi han lim (l—lj !

—al x a ( y— a)z ’
N 1 \ \ A A .
A. bang —— . B.1a +o. C.la —«o. D. khong ton tai.
a
Trong cac gioi han sau , gidi han nao 1a hiru han ?
3 3x
A. lim (x+1) |————. B. lim (x+1 ,
Mw( ) 2xt+x7 +1 Hm( ) x* -1

x—1 X
.l 2 .l 241 ,/—,
¢ xggo()ﬁ_ ) X4x’ D xirgc(x + ) 2xt +x+1

Trong cac gi6i han hitu han sau , gigi han nao 1a nho nhét?

A. }irgo(x+l) % . B. XIEEO(I_ZX) 3;;111 .

C. hm(x —1),/ Al D. lim (2-3x) /;CL
T X0 Sx”+2x+1
Tinh gidi han lim x* L‘/H s ]

A.

%, C. +o. D. —o
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Céu 31. Tinh gioi han lim tan 2xtan G_x] ,

x—>z
A 2. B. 0. c.l. p. 1
2 4
DANG 5: Dang v6 dinh co—o0
Céu 32. Cho 7 1a mot s6 nguyén duong. Tinh gidi han lirrl{l " : _%j
=\ 1-x -X
AL B. L. c. L Dp. "*2
2 2 2 2
1 .
A oz ————khix>1 . . . Cpa A .
Cau 33. Chohamsd f(x)=19x-1 x'-1 . V&i gia tri nao ctiia m thi ham s6 f(x)co
mx+2 khix <1
gidi han tai diém x=1
A. 2. B. -1. C.1. D.3
A \ A 5 ’ oy . ” A o« 7. . 1 k \ ~
Cau 34. Tim tat ca cac gia tri cua tham so6 thuc & sao cho gidi han hn}(—l— 5 1) 1a hiru
X—> X — X —
han.
A. k=2. B. k=2. C. k<2, D. k>2.
Cau 35. Trong céc gidi han sau day, gidi han nao 1a -1?
A. lim (Vx* +2x —x). B. lim (VX +2x +x).
C. lim(~/x* +2x +x). D. lim (Vx* +2x —x).
Cau 36. Gi6i han lim (Vx> —3x+5+ax) =+ néu.
A.a>1, B. a<1. C.a>1. D. a<l1.
Cau 37. Cho a va b 1a céc s6 thyc khac 0. Biét lim (ax—/x* +bx+2)=3 , thi tdng a+bbing

A. 2. B. 6. C.7. D. -5.
Cau 38. Cho a va b1a céc s6 thuc khac 0. Biét lim (ax+b-Vx* —6x+2)=5 $b 16n hon trong

hai s6 a va b la s0 nao trong cac s6 dudi day?

A. 4. B. 3. C.2. D. 1.
Cau 39. Trong cac gidi han duoi day, gidi han nao 1a vé cuc?

A. lim (V227 +x —22% +3). B. lim (V4x® +x+1+2x).

C. lim (9x® +3x+1+5x). D. lim (V3x* +1 /327 +5x).

x—>—0

Chu 40. Biét lim (\ox> +2x +327x +4x* +5)=-2 trong do 2 1a phan sb tbi gian, m va n 1a
n n

cac s0 nguyén duong. Tim bdi s6 chung nho nhat cia m va n.
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A. 135, B. 136. C. 138. D. 140.

A \ \ 7 A A A . 7 9 e
Cau 41. Cho a va b la cac sO nguyén duong. Bi€t lim (N9x*+ ax +27x> + bx’ +5) =57 hoi a

va b théa man h¢ thuc nao dudi day?
A. a+2b=33. B. a+2b=34. C. a+2b=35. D. a+2b=36.

HUONG DAN GIAI CHI TIET

DANG 1: Bai tip tinh giéi han bang cach sir dung dinh nghia, dinh 1y, qui tic.

Cau 1. Pap an B.
Cach1: Taco B= lim(x2 +3x 4+ m? —2m)=m2 -2m+4.

x—>-1
Dodé B>7 < m”> -2m+4>7 < m<-1 hay m>3.
Cach 2: Su dung MTCT tinh B khi m=4 va m=0,
Khi m=4 thi B=12>7, do d6 chi xét A va B.
Khi m=0 thi B=4<7,dod6 A saivay B dung.
Cau 2. Pap an D.

2
. : +1
Cach 1: Taco Im} f(x)= lmll, );
x—o— X—— —-X
Vi lim (x? +1)=2; lim (I-x)=0 va 1-x>0;Vx <1
x—>-1" x—>-1"
, x*+1
nén theo quy tac 2: hm f(x)= hn} " = +400 .
x—= —X
+1
Cach2: Taco lim f(x)= lim x
x—>—1 x—>—1" - X
Str dung MTCT tinh gia tri ham s6 tai x = 0,99999999 ta duoc két qua 199999998 .
NATURAL-LIP.A.IM.
‘ ;H:z + 1 = Math M
1999999995
Vay chon D.
Cau 3. Pap an A.
1
Vi lim[x=1/=0 >0,Vx # I nén lim f(x) = 11nl1| 1| +oo |
x—1 -1 | x —
Giai thich thém:

+ Ham sd g(x)= xac dinh trén khoang (1;+00) nén khong ton tai giGi han bén trai tai x =1,

1
Vx-—1

do d6 khong ton tai giéi han tai x =1,
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+ Ham sb h(x) = x4c dinh trén khoang (— 00;1) nén khong ton tai gidi han bén phai tai x=1,

1
VJ1—x
do d6 khong ton tai giéi han tai x =1.

+Vi lim(x-1)=0, x-1>0,Vx>1,x-1<0,Vx <1

x—1

nén lim f(x)= lim L:—oo , lim t(x)= lim L:+oo_
x—1" x—1" X— x—1" xo1tx -1

Vay lim t(X) # lim t(X) nén khong t()n tal lim t(X)
x—>1" x—1" x—1

Dap an D.

.Taco x, > 0va limcosizlimcos[(2n+l)7z]: -1(1).

Xét dﬁy Sé) (xn) voi X, :W X

. A . 1 . .
Lai xét day s6 (y,) véi x, = Cy Taco y, — 0va limcos— = limcos(2n7z)=1 (2)
nz Y

. 1 s
Tu (1) va (2) suy ra hn(} cos— khong ton tai.
X—> x
Pap an C.

Céach 1: Taco lim (5x° —x* +x+1) =+, lim (2x4+3x+1)=+oo;

x—>+00

lim (4x* =7x> +2)=—0; lim (3x - x* +2) =400,

Cach 2: St dung MTCT tinh lan luot cac gidi han cho dén khi tim duoc gi61 han béng — 00,
Dap an D.

Cach 1: Taco

+ lim (\/4x2 +4x+3 +2x)=+oo, lim (\/4x2 +4x+3 —2x)=

X—>+00 X——©

+ lim (\/4x2 +4x+3 —x)= lim x(‘/4+i+%—lJ:+oo
xX—> +0 X—>+0© X X

Do d6 lim( — 4y’ +4x+3)= —o0.

Cich 2: Sir dung MTCT tinh lan luot cac gi6i han cho dén khi tim duoc gidi han bang — .
Pap an C.
Cich 1: Taco lim (6-x>)=-3<0; lim (9+3x)=0 va 9+3x>0,Vx>-3.

x—>-3" x—>-3"
: 6— x>
Vay theo quy tac 2, lim Y w )
>-3" 94+ 3x
V1-2x . 5-3x° . 2x°—4
Tuong ty: lim =—00; lim ——— =+00; lim ——5 =—
x—=-1" 54+5x x—>-2 (x+2) x—>-1 (x+1)

Do d6 dap an dting 14 C ( That ra ta chi can tinh dén C 1a chon dugc dap an ding).

Cach 2: Str dung MTCT tinh 1an lugt cac gidi han cho dén khi tim duoc gidi han bang + .

Dap an B.

Cich 1: Cac ham sb trong A, C, D déu xac dinh tai cac diém diém tinh gi¢i han. Do d6 dap an 1a B.
X +2x°

That vay, ta tinh dugc bang MTCT: lim ( ; 6) =400,
x°—x—

x—>-2 2
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Cach 2: St dung MTCT tinh 1an luot cac gi61 han cho dén khi tim dugc gi61 han vo
cuc.
Cau9. PapanC
Cach 1: Tacod lim (Wx2 +x+2-3-x)=+42-2<0;

x—=>(-1)"

lim (x*+x)=0; (x*+x)=x(x’+1)>0,Vx<-1.

x—=>(-1)"
x4+ x+2-4/3-x

Vay lim = —0
Y = xt+x
Bo sung:
+ lim(V5x +x+2 +4x)= lim x(—,[5+— ! +i+4)——00 nén lim -3 =0.
_ 3 3 2 _
BTG ) IR BTN el A P k.S BTSSP NP SRPY
x—0 X x—0 X x—0
+ lim(4x’ —x* +2) = -0 = hm% 0.
X oo 4y —x° +2

Cach 2: St dung MTCT tinh lan luot céc gi61 han cho dén khi tim duoc gi61 han vo
cuc.

Cau 10. Pap an A ’
Cach 1: St dung MTCT tinh toan khi m =-3 ta dugc két qua

lim (=3x +4/9x* = 3x +1 )_—— Vay ta chi xét cac dap an A va D.

Lai st dung MTCT tinh toan khi m = -1 ta duoc két qua lim (—x + VOx? =3x+1) = 40,
Vay loai dép an D. Do d6 dép an ding l1a A.
Cach 2: lim f(x) = lim(mx++/9x*> —3x+1) .

+Néu m>0thi lim f(x)= lim (mx++9x> —=3x+1) =+,

+Néu m<0thi lim (mx+\/9x2—3x+1j: lim a{m+ /9—§+i].
X—>+00 X—>+00 X x2
Ta thdy néu m# -3 thi lim (er /9—§+%J 0 vado dd lim(mx++9x*> —3x+1)=00.
X x

X—>+00 X—>+00

Nguoc lai néu m=-3 thi lim(-3x++9x% —=3x+1) = —— Vay dap an ding 1a A.

DANG 2: Gié6i han vo dinh dang 6 .
Cau 11. Pap an D.
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Cau 12.

Cau 13.

Cau 14.

Cau 15.

Br+6_ . 3(x+2) Bx+6 _ . =3(x+2)

Tacoé lim = =3 va lim =-3,
()" x+2 " x+2 (27 x+2 o2 x+2
. Px+e|  Px+6] |3x g
Vay lim ——# lim —— nén khong t6n tai.
(-2 x+2 2 x4+ 2 H 2 x+2
bap an D.

3 2 2 3
Ciach 1: Ta c6 lim>—% — lim (x—a)(x" +x7a+xa” +a )zlim(x3+xa2+x2a+a3):4a3.

X—a x a X—a x —_ a xX—a

Cach 2: Cho amdt gia tri cu thé rdi tinh gidi han bang may tinh cim tay. Ching
4 4

han voi a=2 tacod lim

xX—a X —

=32=4.2" Do d6 chon dap an D.

NATURAL-LIF.A.M.

Pap an B.

Cich 1: Czlimx2 —n12x+m—l :l.m(x—l)(x—m+l) :hmx—m+l _ 2-m
¥l x° -1 =l (x=D(x+1) =l x+1 2

Viy C=2 o m=-2,

Ciach 2: Thay lan luot cac gia tri ctia m vao, rdi tim C cho dén khi gip két qua

C =2thi dung lai.

Pap an C

Dit g(x)=x>+ax+b. R rang la néu g(2) # 0thi hm 8(x) khong thé hitu han. Do d6
diéu kién dau tién 1a g(2)=0=2a+b=—4 .

Khi d6 g(0) = (v-2)(x-2) va lim £ —lim(-2) =22

x—2 2 2

Vay limg(x):6:2—%:6:>b:—8:>a=2:>a+b=—6.

x~>2x—2
bap an B.
, .o 1=+Jax+1 . 1-+ax+1 bx 1
Cach 1: lim ———=1lim( — =)
x—0 sinbx x—0 X sinbx b
N 1-% —-a . bx a1 l—m —a
Ma lim——=—; lim— =1 nén lm———=—;
x—0 sinbx 2 x>0 8in bx =0 sinbx 2b

Ciach 2: Cho ava b cac gia tri cu thé, thay vao rdi tinh gi6i han. Chang han véi

a=b=1, st dung MTCT ta tinh dugc hn%1 AR % Tir d6 chon dép an dung 1a B.
= sin x
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Cau 16.

Cau 17.

Dap an D.
tan ax tan ax X
Cach 1: =a. )
\/1+bx—3/1+cx ax \/1+bx—%/1+cx
Lai ¢6 lim ™% _ im0 L
=0 gx =0 gx cosax
oo l+bx —+ex . A1+bx =1 N+ex—-1. b ¢ 3b-2c
lim = lim( — y=———=
x>0 X x>0 X X 2 3 6
tan ax 6a
Vay lim = )
S Jl+bx =f1+ex 3b-2c
Do d6 hé thuc lién hé gitta a,bcla— Lo 1
3b-2¢ 2 3b-2c 12

Céch 2: St dung MTCT. Voi mdi dap an, chon cac gia tri cu thé clia a,b,cthoa mén
hé thuc réi thay vao dé tinh gisi han. Néu gidi han tim duoc bang %thi d6 1a dap an

dang.

Chéng han, v&i dap an A, chon a=1;b=4;c=1, st dung MTCT tinh duoc
lim tan x _ E

=0 I+4x -1+x 5

NATURAL-L.P.A.IM.

F] Math &

Lanixl

JTvar - H1+R
0. 6000006792

Vay A khong phai la dap an dung.

Tuong tu vay B va C cling khong phai 1a dap an dting. Vay dap an dung 1a D.
Pap an C.

Cich 1: Ta c6 sin(x—1) _ sin(x-1) _ x—1

n m n

x"—x x—1 x"—x

m n

Ma lim™=———=m-n; im0 D ey g s
-l x—1 ol x—1 sl xm_xn m—n
Céch 2: Cho m va n céc gia tri cu thé, thay vao roi sir dung MTCT tinh giéi han.
Chéng han v&1 m =3;n=1ta tinh duoc limw S N .
x—1 x — x 2 m — n
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F| Math &
Sinllx=111
B
Fi = 1
Z
Vay dap an dung 1a C
Cau 18. Dap an A.
. X 14 , e .oNSx—=4-1 . A2x—-4-1 , .
Vi ta chua thé bi€t dugc cac gidi han hrIll oX ;111’111 X c6 hitu han hay
X—> x_ X—> x_
A " SO . 5x—4 —~/2x -1 . oASx—-4-1 . 2x—4 -1
khong nén chua thé viét du’qc:lmlﬁ/ X I/X = lim x — ~lim X 1
X—> X — xX—> X — X—> X —

Do d6 101 giai da mac 161 sai ngay ¢ budc dau tién.
Ta stra lai nhu sau:

Bue 1: Ta c6 lim X4V 1 JSx-d -1 Jax-lol
x—1 x-1 x>l x-1 x—1

)

Cau 19. Dap an A.
 ABx+11-x+7 _ Y8x+11-3 x+7-3

Ta co 5 =— .
x°=3x+2 x =3x+2 x" —-3x+2
— x—2 B x=2
(x—2)(x—l)(\3/(8x+11)2 +3/8+11+9) (x—2)(x—D(Vx+7+3)
8 1

) (x=DE/(Bx +11)? 3B11+9) (x-D(x+7+3)
|

Ta co lim

8 8 1
=2 (x—1)E/Bx +11)> +33/8+11+9) 27 =2 (x—1)(Vx+7+3) 6

Do &6 lim SN, 8 17
=2 x"=3x+2 27 6 54
Vay m=T;n=54va 2m+n=068.
Cau 20. Pap an C.
T Jox—9 —3/27x-54 _ \ox -9 -3/27x-54
(x=3)(x” +3x-18) (x=3)*(x+6)
Str dung MTCT ta tinh duogc:

o A6x-9-327x-54 1 1
lim -

> , I1Im l

3 (x=3) 6 ~3x+6 9
o N6x—9-327x-54 1

nén lim > =—

=3 (x=3)(x"+3x-18) 54

Giai ty luan: Bat 1 =x-3thi limr=0va

x—3

. Vay 3m+n=57.
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Vox—9-327x-54  Jor+9-327t+27 Jor+9—(1+3) .\ (t+3)—327t+27
(x—3) - £ - £ 7

2 £3 1+t
= +

£ (Jor+9+t+3) g2 [(t+ 3) +(¢+3) 327t +27 + {27t + 277 }

-1 t+9
= +

(Vor+9+t+3) (r+3) +(t+3)3a7e+27 + Y@t +277

Ta c6 lim 1 —Lim s 1

S0(Vor+9+£+3) 6750 (14 3Y 4 (r43)3a7E 427 + (27 +27)? 3

o ex—9-%orx—54 -1
Viay lim 5 =—+
x—3 (x_g) 6

1.1
3 6

.11 — 9 _ 37y _
Mgt khac lim =— nén lim V6x—9 ~327x 54 1
x—=3x+6 9 x_’3(X—3)2(x2+3x—18) 54
Luu y: Néu str dung MTCT tinh gi4 tri ham s tai x = 3,00000001 va tai x =2,99999999 ta déu

thu duoc két qua bang 0 hoic may béo 15i ( tiy theo loai may). Diéu nay la do vuot qua kha ning
tinh toan cia mdy. Ta thay doi tinh gia tri ciia ham s6 tai x =2,99999 thi ta duoc két qua nhu sau

= Malh &
JER—G — W Tr-5d
(X=-38) (KE4+3¥~-18))
1. 01851868335

Két qua hién thi trén may nhu vay rat kho dé ta tim ra gi6i han chinh xac ciia ham s6. Tuy nhién
néu phan tich ki méot chut roi bién ddi nhu trong 161 giai trén thi ta van c6 thé tim ra dap 4n ding
chi bang MTCT.

Caul: Papan A
Bai tip ndy c6 dang twong tu nhu bai tap trén. Bang MTCT, khong kho dé tim ra dap an dung 13 A.

Tuy nhién néu gidi ty luan thi c6 mat s6 van dé can ban. Pat t=x—1 thi x=t+1, lim =0 va
x—1"
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Cau 2:

Cau 3:

Cau 4:

Caus:

v3x—2-¥5x—4 _3t+1-Yserl_ 3te1-1 1-se+l

(x_1)2 t2 t2 t2

~ 3t

5t
= +
tQ(“S”“l) t2(1+\3/5t+1+,3/(5t+1)2J

(1+\/5t+1+,/ 5t+1) j 3t+1+1)

t(\/3t+1+1 (1+\/5t+1+\3/ (5t+1) j
(1+\/5t+1+,/ (5t+1) j 3t+1+1)

Tacd lim =

=0 t(x/3t+1+1)(1+x3/5t+1+,3/(5t+1)2]

a— _2 —
Vay lim J3x-2 3o S

x—1* (x _ 1)2

= —00

Ta thiy sau khi ddi bién cho gon, ta thém bét tir v6i hang s6 1 1di tach ra thanh hai phan thuc va
nhan chia lién hop ma khong thém bét da thire. Vay khi nao thi thém b6t hing s, khi ndo thi
thém bdt voi da thue? Quy doc gia hay nghién ctru ki hai bai tap trén va tu rut ra nhan xét.

(x+1)(x+2)

Pap an D
2
2

o (Pexo) s (x-3P(x+2)
Ta co lim 3 — lim D = lim 5 =0.

X2 x°+2x x>=2 x (x+2) X—>=2 X
Pap an C
. x2+3x+2 5 x2+3x+2 x2+3x+2
Iim ——= lim — = lrn = lim

N ) P = s By

=— lim _(x+2):—1;t0.

x—>(—1)

Pap an C

A \/3x +x —X 3+x2 3 . \/3x +x
Taco lim ——— m - va lim —————

x—0" xX—> x—0"
" ) \/3x +x lim \/3x +x \/3x2+x4

Viy lim —— n lim —————

x—0" x—>0+ =0 2x
bap an B

(x+1)

x—>OJr

x\/3+x2 :ﬁ
2x

2

khéng ton tai.
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