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K 1 trung diém BH,

a3

suy ra DH 1 AB va DH =a3; OK//DH va OK:%DHzT

Suy ra OK L AB=> AB 1 (SOK).
Goi I 14 hinh chiéu cta O 1én SK, ta ¢6:0I 1L SK; 4B 1 Ol = OI L (S4B).
= 0l =d| 0; (S4B)].

Tam giac SOK vuong tai O, OI 1a duong cao: — = ! —+ 1 _= SO B’
oI OK° SO 2
3
Vs asco = %'SAABCD SO = %'4'SAABO S0 = %-4.%.0A.OB.SO _4 3\/5

Céu 39. Cho hinh chép tir giac déu S.4BCD, O 1a giao diém cua AC va BD . Biét mit bén cta hinh chop
1a tam giac déu va khoang tir O dén mit bén 13 a . Tinh thé tich khéi chop S.4ABCD theo a.
A. 2a°\3. B. 44°/3. C. 64’3 D. 84’3
Huwéng din giai:

Goi M 1a trung diém cua
CD,

trong ASOM ké dudng cao
OH .

= OH L(SCD)=OH =a.
bat cM =x.Khi1 d6 OM =x,
SM = x\/§ ,

SO =NSM* - x* =x\2.

Ta co: SM.OH = SO.0M

=X 3.a=xx/§.x:>x=¥

— CD =a+/6,50 = a3
Ve inco = %.SABCD.SO = %.CD?SO = %.6a2.a\/§ =24°3.
Cau 40. Cho hinh chop tur giac S.ABCD c6 SA L (ABCD). ABCD 1a hinh thang vudng tai 4 va B biét
AB=2a .AD=3BC=3a. Tinh thé tich khdi chép S.ABCD theo a biét goc gitta (SCD)va
(ABCD) béng 60°.

A. 2464° . B. 664’ . C. 2\34°. D.6\34’ .
Huwéng din giai:
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Dung AM 1 CD tai M .
Ta cb: SMA = 60" .

AD + B
S ep = %C.AB = 4a>

CD=\[(AD=BCY + 4B* =2a\2

1
S g = EAB.BC =a’

_ A2
Saco =Sascp —Sasc =3a

Sy =L AM.CD = AM i N2,
2 cD 2
Ta ¢6: SA= AM.tan SMA = %a Vs pen = %SA.SABCD =2J6d* .

Ciu 41. Cho hinh chép tir gide S.ABCD ¢6 SA L(ABCD), ABCD la hinh thang vudng tai 4 va B biét
AB=2a.A4AD =3BC =3qa . Tinh thé tich khdi chép S.4BCD theo a, biét khoang cach tir A dén

3.6

mit phang (SCD) béngTa.

A. 6364’ . B. 264" C. 2\34’. D.6\3a’.
Hwéng din gidi:

Dung AM 1 CD tai M .

Dung AH L SM tai H.

3.6
a .

Taco: AH=——
4

S ep = ADz;BC.AB =44’

CD =\[(AD=BCY + AB* =2a\2

S pe = %AB.BC =a’

= a2
Sacp =Sapep —S e =3a

S\p =L AM.CD = AM i 32,
2 cD 2

] ] ] AH AM 3.6
- = -+ = AS = = a
AH® AM~ AS AM? — AH? 2

Ta co:

1
Vs .asep = ESA'SABCD = 2\/ga3
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Cau 42. Cho lang tru tam gidc ABC.4'B'C' ¢6 BB'=a, gbc giita duong thang BB' va (ABC) bang 60°

, tam gisc ABC vudng tai C va goc BAC =60°. Hinh chiéu vudng goc cia diém B' lén (4BC)
tring v6i trong tim ctia A4BC . Thé tich ctia khéi tr dién A'.4BC theo a bang

3 3 3 3
A B B. 1L c. b . 29
108 106 108 208
Huwéng din gidi:
Goi M,N la trung diém cta 4B, AC B’ C'

va G la trong tdm ciia A4BC.
B'G L(4BC) = (BB',(4BC)|= B'BG=60".

Vo e = %.SAABC B'G= %.A C.BC.B'G

Xét AB'BG vudng tai G, ¢ B'BG = 60° R ¢
........... G
., A M N
= B'G= #. (nra tam giac déu) D /

Dit 4B = 2x . Trong AABC vudng tai C ¢ BAC = 60"

M4 \ ~ M4 /‘\ AB
= tam giac 4BC la nita tam gidc déu = AC = = =% BC= X3

Do G latrong tdm A4ABC = BN:%BGz%a.

Trong ABNC vudng tai C: BN? = NC’ + BC?
3a

AC =
9a> X 5 , 94’ 3a 2+/13
r—=— 43 o  E— =
16 4 52 213 3a\3

BC =

2+/13

l 3a 3a\/§ ax/§_9a3
6 213 24137 2 208"

Céu 43. Cho hinh ling tru dimg ABC.A'B'C", biét day ABC 1a tam giac déu canh a . Khoang cach tir tim

Véya VA'ABC =

O clia tam gidc ABC dén mit phang (A4'BC) bang %.Tinh thé tich khoi lang try ABC.A'B'C" .

3a3\/§ B 3a3\/§ C 3a3\/§ D 3a3\/§
s e T 16

Huwéng din gidi:

A.
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Goi M 14 trung diém cia BC, A c'
tacd (4'4AM) L (A4'BC) theo giao tuyén
A'M .

Trong (4'AM ) ké OH L A'M (He A'M).
= OH 1 (4'BC)

: BCY) = ol =&
Suy ra: d(0,(A4'BC))=0H = -

a3 A H Cc

SAABC = 4

Xét hai tam giac vuong A'AM va OHM
c6 gbc M chung nén chung dong dang. B

a  las

OH OM ¢ 3 2 1 3

Suy ra: = = = = - .
A'A AM A4 (442 1am  A'A AY
A'A2+(a 3}

a6 a2\/§_3a3\/§

4 4 16

= A'A=

af . Thé tich: V. . pe = Sygpe-d' A=
VAN DUNG CAO

Cau 44. Cho hinh chop tam gidc S.ABC c6 M la trung diém ciia SB,N 1a diém trén canh SC sao cho
NS =2NC . Ki hiéu ¥V, lan lugt 1a thé tich cua cic khdi chép A.BMNCva S.AMN . Tinh ti sb

n
7, .
A L2 B. L1 c.hoy p. o3
v, 3 , 2 £ £
Huwéng din giai
S
Vsuw _SM SN 12 1.
Vewe SB SC 23 3’
N
Vs auv +Vamve = Vs apc -
Suy ra, Viwe _ 2.
5. AMN A ¢
B
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Céu 45. Cho hinh chop tam gidc S.ABC c¢6 M 1a trung diém cta SB,N la diém trén canh SC sao cho
NS =2NC, P ladiém trén canh S4sao cho P4 =2PS . Kihiéu ¥,,V, l1an luot 14 thé tich clia cic

khdi ta dién BMNP va SABC . Tinh ti sb ;

2

JNLAEY B.L_3 ch 2 p. L 1
o9 £ v, 3 , 3
Hwéng din giai
1 S
% —-d(N,(S4B))-S,,,»
N.aup _ 3 )
VC'SAB ;'d(ca(SAB))'SSAB ’ P
d(N,(S4B)) _ NS _2
d(C,(SAB)) CS 3’ N
1 11
Sspm ESBPS =§'§SSAB c
Viwe _21_1 !
Suy ra, Vesss 36 97

B

Ciu 46. Cho hinh chép tir giac déu S.ABCD c6 canh day bang 2a, goc giita hai mit phang (SAB) va
(ABCD) bang 45°, M, N va P lan luot la trung diém cac canh S4,SB va AB . Tinh thé tich V
cua khéi tr dién DMNP.

3 3 3 3

Av=L B. V=L c.v=% D.v=2
6 4 12 2
Huwéng din giai
Ta co: Ssuy :Sﬂ-S—:l.
S, SA SB 4
Tuong tu Snp _2 S wup _ l
SAB 4 SSAB 4

Suy ra S 1 (c6 thé khang dinh
SAB

S 1 nho hai tam giac MNP va BAS

SAB

13 hai tam giac ddng dang voi ti s6 k = % ).

Do d6 M:l (1)

D.SAB 4
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1
Vosas =Vspas = EVS.ABCD' (2)

3

1 1 4a’ . . 1 4’ a

Ve isep ==S0.8 pep ==OP.tan45°.S , ., =—— (3). Tu (1), @) va 3): Vyypp === —— .
3 3 3 2 3 6

Cau 47. Cholangtru ABC.A'B'C" ¢6 day ABC latam giac vuong cantai B, AC =2a; canhbén AA' = V2a
. Hinh chiéu vudng goc cia 4" trén mit phang (ABC) 1a trung diém canh AC . Tinh thé tich ¥

ctia khéi lang tru ABC.A'B'C".

N

1 3 3
AV ==d B.V=2L C.V=d. b,y Y20
2 3 3
Huwéng din giai
A B’
Vi ABC la tam gidc vuong can tai B nén trung
tuyén BH ciing 1a dudng cao cua no, va c
HB:HA:HC:%AC:a. .
AH =NAAL - AH* =\2d* -’ =a. ’
AN —
Visenwe =AH-S pe = A’H%BH-AC =a ' H
c

Ciu 48. Cho tirdién ABCD c6 cac canh AB,AC va AD d6i mot vudng goc voi nhau. Goi G,,G,,G,va G,
1an luot 1a trong tam cac mat ABC, ABD, ACD va BCD. Biét AB=6a, AC=9a, AD =12a. Tinh
theo a thé tich khéi tir dién G G,G,G, .
A. 4a’ B.d’ C. 1084’ D.36a’
Huwéng dan giai
Trong trudong hop tong quat, ta

ching

_ 1
minh duoc V61626304 =2_7VABCD .
That vay,

taco (G,G,G,) || (CBA) va
2G,G,G,) ~aCBA (ti s6 dong dang

S

k=1) Twdo: 2200 2 =Ly
3 CBA 9

d(G,,(G,G,G,)) = d(G,,(4BC))

_ %d(D,(ABC)) (do G,M = %DM) 5
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Suy ra VG1G2G3G4 — d(Gl s (G2G3G4 )) ) SGZG3G4 _ l .l
Visco d(D,(4BC)) Scpa 39 27

! ! %.AB.AC.AD =44

_ L

VGIGZG3G4 = 2_7 ABCD — 2_7

Cau49. Cho tir dién ABCD c¢6 AB=CD =11m, BC = AD =20m, BD = AC =21m . Tinh thé tich khéi t&r
dién ABCD.

A. 360m’ B. 720m’ C. 770m’ D. 340m’
Huéng dan giai

Dung tam gidc MNP sao cho C, B,
D lan luot 1a trung diém céac canh
MN, MP, NP.

Do BD la duong trung binh tam

: 1
giac MNP nén BD=§MN hay

AC=1MN.
2

Tam giac AMN vudng tai A (do
c6 trung tuyén bang mot nira canh
tuong ung), hay AM 1 AN.
Tuong tuy, AP L AN va

AM 1 AP.
, 1 1 1 1
Taco §yc :ZSMNP » Svep :ZSMNP » Surp :ZSMNP Suyra Spep :ZSMNP'
x>+’ =4.20°
A A AP
Tu do, |V zep =1VAMNP . bit x=—M,y:—N,Z=—. Tacod < y* +z° =4.21"
4 m m m ;s 5
x +z°=4.11
x* =160
1 1
suyra { y° =1440:>gxyz =1440=V 50 ZZVAMNP =360m’
7* =8P

(AM, AN, AP d61i mot vuong gécnén V., = %AM AN.AP)

4 :%\/(az +B =)@ —b +c)(=a’ +b +c?)

Céau 50. Cho hinh chép tir gidc S.4ABCD c6 day 1a vudng; mit bén (SAB) 1a tam gidc déu va ndm trong mit

phang vudng goc v6i day. Biét khoang cach tir diém A4 dén mat phang (SCD)bang @. Tinh

thé tich ¥ caa khéi chop S.ABCD
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1 2
A.V=§a3. B.V=d. C.V:§a3. D.V="—".
Hwéng din giai
Goi H 1a trung diém AB, suy ra SH 1a
chiéu cao khdi chop da cho. S
Kihiéu x l1a d¢ dai canh day.

¥

3
Ta co SHZTX va VS.ABCD =?x .

Ké HK L CD (K € CD);
Ké HL 1. SK (Le SK).
Suyra HL L (SCD) va
d(A,(SCD))=d(H,(SCD))

_ - HS-HK _\/ﬁx

JHS* +HK? 7
Theo gt, gx = 3\{7761 =>x= 5‘5\/g . Suyra Vg pep =€x3 :g(a\/gf :§a3

Cau51. Cho t& dién S.ABC, M va N 1a cac diém thudc cac canh S4 va SB sao cho MA=2SM,
SN =2NB, (o) 1a mit phang qua MN va song song v6i SC . Ki hiéu (H,)va (H,) lacac khéi da
dién c6 dugc khi chia khdi tir dién S.4BC boi mit phang («), trong d6, (H,)chira diém S, (H,)

chita diém A4; ¥, va V, lan luot 1a thé tich cia (H,) va (H,). Tinh ti s6 ;
2

A2 B.> 2 D. 2
5 4 4 3

Huwéng din giai
Ki hiéu V' 1a thé tich khéi tr dién SABC .
Goi P, Q lan luot 14 giao diém cua (ax) v6i cac duong thrfmg BC, AC.
Ta c6 NP//MQ//SC . Khi chia khdi (H,)boéi mat phang (ONC), ta dugc hai khéi chép N.SMOC
va N.OPC.
VN‘SMQC _ d (N , (SAC)) . SSMQC .
Visse dB,(SAC)) Sge
d(N,(SAC)) NS 2.
d(B,(SAC)) BS 3’

S o :(AMJZ _4_ Souec _5

Ta co:

S s AS 9 S 9
14

Suy ra uec 25 10
Vewe 39 27
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Viaee _ d(N,(QPC)) Sorc
VS.ABC d(S’ (A BC)) SABC

Vo Vuswoe Vewe (10 2 4 V4o, K 4
V VB.ASC VS.ABC 27 27 9 I/l + I/Z 9 VZ
Céau 52. Cho hinh chop S.4BC c6 chan dudng cao nam trong tam gidc ABC ; cac mit phing (SAB), (SAC)
va (SBC) cung tao v6i mit phing (ABC) cac gbc bang nhau. Biét 4B =25, BC=17, AC=26;
duong thang SB tao v6i mat ddy mot goc bang 45°. Tinh thé tich ¥ ctia khdi chép S.4BC.
A.V =408 . B.V =680. C.V'=578. D.V =600.
Huwéng din gidi
Goi J 1a chan duong cao cua hinh choép
S.ABC; H, K va L 1an luot 1a hinh chiéu caa J
trén cac canh 4B, BC va CA . Suy ra, S/PTJ,
SLJ va SKJ 1in luot 1a goc tao béi mit
phing (ABC) vé6i cac mat phang (S AB),
(SBC) va (SAC). Theo gia thiét, ta co
SHJ = SLJ :S/K.\], suy ra cac tam giac
vubng SJH,SJL va SJK bang nhau. Tir o,
JH =JL=JK . Ma J nam trong tam giac
ABC nén J1a tim dudng tron ndi tiép tam giac
ABC.
Ap dung cong thuc Hé-rong, ta tinh duogc
dién tich S cia tam giac ABC 1a S =204.
Kihiéu p 1a ntra chu vi tam giac ABC, r 1la

béan kinh dudng tron ndi tiép cua ABC. Ta co
r=£=ﬁ=6.Bét x=BH =BL,
p 34
y=CL=CK,
z=AH = AK .
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x+y=17
Ta c6 hé phuong trinh < x+z=25.
y+z=26

Giai ra duoc (x;y;z) =(8;9;17)
JB=~JH +BH* =6’ +8 =10.
Taco SBJ = (S’BT(:FC)) =45°, suy ra SJB la tam gidc vuong can tai J. SJ =JB=10.

s .. 1
Thé tich ¥ ctia khdi chp SABC 14 V7 =S5 e = 680
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