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(ID): vxe (7[;37”) ‘Ham sé y = giam.

COS X
Hay chon ménh dé ding trong cac ménh dé trén:
A. Chi (I) ding . B. Chi (IT) dang .  C. C4 hai dang. D. C4 hai sai.

Céu 65. Cho ham s6 y = 4sin(x + %) cos(x —%) —sin2x . Két luan nao sau day 1a dung vé su

bién thién cuia ham s6 da cho?

A. Ham s6 d3 cho dong bién trén cac khoang (O;%) va (377[72') .

B. Ham sb dé cho ddng bién trén (0;7).
C. Ham s6 di cho nghich bién trén khoang (0;377[) .

D. Ham sé di cho dong bién trén khoang (0;%) va nghich bién trén khoang (%, ﬁj .
CAau 66. V6i k € 7, két luan nao sau day vé ham sb y = tan2x 13 sai?

A. Ham s6 y = tan2x tuan hoan véi chu ky T = % .

B. Ham s6 y = tan 2x lu6n dong bién trén mdi khoang (—% + %T,% + k{j .
C. Ham s6 y=tan2xnhan dudng thing x =7+ %’” 1a mét duong tiém can,

D. Ham s6 y = tan2x 13 ham sb 16.
Ciu 67. Pé ham sb y =sinx+cosx ting, ta chon x thudc khoang nao?

A. (—3—7[+k27z;£+k27zJ . B. (—3—7Z+k7z;£+kﬂj .
4 4 4 4
C. (—%+k27z;%+k27zj . D. (r+k2m27+k27) .
Cau 68. Xét hai ménh dé sau:
(D: vxe (—%,%) ‘Ham s6 y = tan x ting.
(II): vx e (—%%) ‘Ham s6 y =sin® x ting.

Hay chon ménh dé diing trong cac ménh dé trén:
A. Chi (I) ding . B. Chi (IT) dang .  C. C4 hai ding. D. C4 hai sai.

Cau 69. Hay chon cau sai: Trong khoang (% +k2mm+ kzyzj,k e Z thi:

A. Ham s6 y =sinxla ham s6 nghich bién .
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B. Ham s0 y = cosx1a ham s6 nghich bién.
C. Ham s6 y = tanx1a ham s6 dong bién.

D. Ham s0 y = cotx1a ham s6 dong bién .

2
A. |7 0 z 7 3z B. 7 0 /s 37
* 73 > > *Iy s F 3
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Céu 71. Cho ham sb y = cosg. Bang bién thién ctia ham s6 trén doan[-z;z]la:
A [x[-7 - 0 z T | B 7= z 0 7
2 2 B By

N SN e
_1/'0 "N '~

-1 -1

C. x _T —r 0 T T D. X - — 0 T T
2 2 2 2
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B 2 2 T2
L2 2 . . .

TIM GIA TRI LON NHAT, NHO NHAT CUA HAM SO LUQNG GIAC
CAu 72. Gia tri nho nhit va 16n nhat ctia ham sd y = 4cos/x 1a:

A.0va4. B. -4 va4. C.0val. D. -1val.
Ciu 73. Gia tri nho nhat va gia tri 16n nhat ctia ham sd y =1-cos® x —21a:
A. 0 va2-1. B.-1va2-1. C.-2va-I D.-1val

Cau 74. Cho ham sb y =sin (x + %) Gia tri 16n nhat cua ham s6 1a:
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A. 1. B.0. C. 1. D.%.
Cau 75. Gia tri 16n nhét ciia ham s y = sin® x + cos® x 1a:
A.%. B. 1. C.\2. D.2 .
CAau 76. Gia tri nh6 nhit ctia ham sb y = sinx+1 la:
cosx+2
AL B. 2, c. 22, D. o .
2 2 2

A 7 . e ,( 5 N ,{ R + 2 . + 3
Cau 77. Gié trj 16n nhét cia ham sb 1a; y = S22 T 250X

2 cosx—sinx+ 4

A. 0. B. 3-23.. C.2-22.. D. -1. .

n . , A, o \ £ 1. \
Céu 78. Gia tri nho nhat cia ham s6 f(x)=3 —gsmz xcos’ x la

A. 2 B. E C.3 D. g
20 ) 5 ) 10
Cau 79. Gia tri nho nhat ctia ham s6 y =4sinx+2cosx la
A. 245 B. -2./5 C. 0 D. 20
Cau 80. Ham s0 y=4sinx—4cos’ x dat gia tri nho nhat la
A. -1 B. 4 C. _TS D. -5
A \ A ) \/5(1 ~tan’ x) e 1a 1 AL 1a
Cau 81. Ham s6 y=4cot 2x_t— dat gia tri nhé nhat 1a
an x
A. 0 B.3-23 C.2-2\2 D. -1

Céu 82. Him s6 y = 2cosx+sin(x+%j dat gi4 tri 16n nhat 13

A.5-242 B. 5+242 C.\5+2\2 D. \5-22
Cau 83. Tong cua gia tri nho nhat ctia ham s6 y =sin® x+cos* x +sinxcosx 1a

A. 2 B. 2 C.1 D. i

8 4 3

Cau 84. Gia tri nhé nhat ctia ham s6 y = sin x+/cos x + cos x+/sin x 12

A0 B.\2 c. 2 D. V6
Cau 85. Gi4 tri 16n nhat ctia ham s& y = vcos? x + 7sin® x ++/sin? x+ 7cos? x 13

A 1447 B. —1+4/7 C. 4 D. 14
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Cau 1.

Cau 2.

Cau 3.

Cau 4.

Cau 5.

Cau 6.

Cau 7.

Cau 8.

Huwoéng din giai chi tiét
Dang 1: Tim tap xac dinh cia ham so
Dép 4n A.
x#k2rx

Ham s6 da cho xac dinh khi sinx # 0 < keZ
xX#Ex+k2r

Néu giai dén day ta c6 thé d& dang loai B,C,D vi:
VoiC thithiéu x# 7+ k27, ke Z

V6i B.D thi khong thda man.

Vi A ta két hop gop nghi€m thi ta dugc x # kz,ke Z
bap an B.

O day sin5x xac dinh véi moi sb thue x. Nén ta di tim diéu kién cho tan2x xéac dinh khi

2x¢£+k7z,keZc>x¢£+k—ﬂ,keZ
2 4 2

bap an B.

Ham s d3 cho xéac dinh khi
X # %‘l‘ kr,ke Z

cosx#0 x¢£+k7z,keZ
. S 2 &
sin” x # 1

sinx #1 x#%+k27z,keZ

bap an D.

Ham s6 d3 cho xac dinh khi

cos 2x+£ ¢O<:>2x+£¢£+k7r<:>x¢£+k—7[,keZ:>D:R\ £+k—7z,keZ
3 3 2 12 2 12 2

Dép an B.

Ménh d@é (1) va (2)l1a ding
Ménh d¢ (3) va (4)1a sai
Stra lai cho ding nhu sau

(3)Ham s6 y = tanx c6 TXD la R\{%+kﬂ',keZ}

(4)Ha‘1m s& y=tanx c6 TXD la R\{kﬁ,keZ}

bap an B.
Ham s6 da cho xac dinh khi x>0
bép an D.
. x#kr
. ) Csinx#0 kmx
Ham so6 da cho xac dinh khi & T oSxxr—,keZ
cosx#0 x#+—+krx 2
bap an B.
. . _|sinx#0 x 7k ke
Ham s6 da cho xac dinh khi & T oSxxr—.,keZ
cosx#0 x¢5+k7r 2
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Cau 9. bip an D.
2 ) . k
Ham s6 da cho xac dinh khi sin® x —cos” x # 0 < cos2x # 0 < x¢%+7ﬂ,keZ

Cau 10. bép an D.

2 2
sin“x—cos x#0 T krx
<:>cos2x¢0<:>x¢z+7,keZ

Ham s d3 cho xéac dinh khi
cos2x =0

Cau 11. Bap an A.
Ham s6 da cho xac dinh khi

sinx+cosx¢0<:>\/§sin(x+%j¢O<:>sin(x+%j¢0<:>x¢%+k7z,keZ

Vay TXD D :R\{%+k7z,k e Z}
Cau 12. Bap an D.
Ham s6 da cho xéac dinh khi

sinx—cosx¢0c>\/Esin(x—%j?&O@sin(x—%j¢0<:>x¢%+k7z,keZ

Vay TXD D:R\{%+k7z,keZ}

Cau 13. bép an B.

Tacé sin2x>—1,Vx e R < sin2x+1>0,Vx € R . Vay ham s6 di cho xac dinh v6i moi x € R

Cau 14. Bap an C.

Ta co cosl3x£1<i—i:>15—l4cosl3x>0.

Vay ham sb di cho xéac dinh khi cosx¢0<:>x;é%+k7z,keZ
Cau 15. Bap an D.
Tuong tu cau 14, ham s6 da cho xac dinh khi sin2x # 0 < x # ]%[,k eZ

Cau 16. Pap an C.

, 20+1900518x>

Ham s6 da cho xac dinh khi l-sinx
I-sinx#0

Ma 19+20cos18x > 0,Vx € R nén ham sb da cho xac dinh

0

1—sinx>0<:>sinx¢1<:>x¢%+k27z,keZ

Vay ham sb di cho xéc dinh khi c0sx¢0<:>x¢%+k7z,keZ

Cau 17. Bap an D.
Vi A thi ham s xéc dinh khi x>0

Group: https://www.facebook.com/groups/tailieutieuhocvathcs/




HOC360.NET - TAI LIEU HQOC TAP MIEN PHi

Cau 18.

Cau 19.

Cau 20.

Cau 21.

Cau 22.

Cau 23.

Cau 24.

Vi B thi ham sb xac dinh khi tan 2x xac dinh < 2x # %+ kr, ke Z .

Vi C thi ham sb xac dinh khi x# 0
V6iD thi S22 3 o veek
cosdx+5

Vay ta chon D vi cac phuong an trén khong c6 phuong an nao théa man ham sb c6 tap xac dinh 1a
R.

bap an C.

Véi A thi ham scf) xac dinh khi cosx #0

Vi B thi ham s6 xac dinh khi cosx # 0

cosx =0

cos2017x =0

Tt day ta chon C do khac voi A va B

bép an D.

Ham sb da cho xac dinh khi cosx—1>0, ma cosx—1<0,Vxe R, do vay dé ham sb xéac dinh thi
cosx=1ox=k2r,keZ

Vi C thi ham sb xéac dinh khi {

bép an B.
. ) _[1-sin2x >0 . o
Cach 1: Ham so da cho xac dinh khi ] & —1<sin2x <1 ding véi moi x € R
1+sin2x>0
Cach2: y= |sinx—c0s x| —|sinx+ cos x|,tap xac dinh la R
bap an C.

V6i A thi ham sé y = /sinx xéc dinh khi sinx > 0< k27 < x <7+ k27, k € Z . vay A sai.
V6i B thi ham sé y = Veosx xac dinh khi cosx20©%+k27zﬁx3%+k27z,keZ cosx # 0

V6i C thi ham s6 xac dinh khi y = +/cos x ++/sin x x4c dinh khi

cosx =0 Vs
] S k2 <x<—+k2rn,ke Z .Vay C ding.
sinx >0 2
bap an D.
Ta thy ca hai ham s6 y =—— va y = cotxdéu xac dinh khi sinx # 0 . twong tu thi hai ham s &
sin x
ménh dé II déu xac dinh khi cosx #0.
Dap an C.
xe[0;27z] 0<x<2rx
Ham sb x4c dinh khi {sinx>0 < J0<x<z QOSxS%
cosx >0 13x££
2 2
bap an D.
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Cau 25.

Cau 26.

Cau 27.

Cau 28.

Cau 29.

Cau 30.

O<x<rm
O<x<m
A Az . . T T T
Ham s6 x4c dinh khi < cosx =0 < x# > @xe(O;ﬂ)\{Z;E}
tanx # 1
T
X#E—
4

bap an C.
Ham sb xac dinh khi cos(%—%)iO@xi%+k2mkeZ
bép an A.
Ham sé x4c dinh khi sin(2x—%j¢0<:>x¢2?ﬂ+k7ﬂ,keZ
bap an B.

Vs
g oL _[cosx=0 x¢5+k7z
Ham s6 da cho xac dinh khi & keZ

tan x = —1 -
xX+—+knx
4
Khoang (%4— k27z;%+ k27zj chtra x = %+ k2z nén ham sb khong xac dinh trong khoang nay
bap an A.
Ham sb y=tanx tap xac dinh la R\{x/x :%+k7z,k € Z} , Ham s6 y=cotx tap xac dinh la
R\{x/x =kr,ke Z} , suy ra (II) sai
Dép 4n A.
Ham sb d3 cho xac dinh khi cos3x. cos(x —%).cos(x + %) #0

T km n km
cos3x¢0<:>x¢g+? X #— 4=

& cos(x—E 20ox—L21kines x¢5—n+kn,keZ
3 3 2 6

T
cos| Stx |20 Syt ik |XFE_thT
3 3 2 6

Pip 4n B.

B 55in2x+3+ cos’x+5

Ham sé f(x) xéc dinh khi

12sinx CcoS X

& 2 ;keZ@xik—;,keZ.

x#km

) T
sinx #0 x#—+kmn
cosx =0
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Cau 31. Dap an A.

1 x# L4 k2n
PK: 2sinx+1=0<&<sinx # ——#
ks
x#—+k2n

Tap x4c dinh D :R\{—g+k2n;%+k2n|ke Z}.

Cau 32. Dap an A.

Taco —1<cos2x <1 nén 5-3cos2x>0,VxeR.

1+ sin(Zx—Ej
2

Ham sb d cho x4c dinh <> 1+ sin(2x —g) £0

Mat khéc >0.

A. <:>sin(2x—§j¢—1<:>2x—§¢—§+k2n<:>x¢kn,keZ.

Tap xac dinh D = R\{kn,k € Z} .
Cau 33. Pap an B.

1+cosx

Vi -1<cosx<1nén l+cosx>0val-cosx>0= >0.
I—cosx
) o i
. sinf x+—|#0 xX+—#km
Ham s0 xac dinh < 6 & 6 keZ.
l1—cosx#0 x#k2n
Tap x4c dinh ciia ham sé 1a R\ {—g +kmk2m |k e Z} .
Cau 34. Pap an A.
Vi —-1<sinx<1 neen 2+sinx>0,VxeR.
2+sinx >0 x£+ X 4k
. ' v 5 tanx = *1 -
Ham s0 xac dinh < <{tan“x—-120 < & keZ.
cosx =0 i
cosx=0 x¢5+kn

Vay D=R\{i§+kn,§+kn,k62}.

Cau 35. Pap an D.

cot’ x+1#0
Ham s xé4c dinh khi cos(g + 2xj £0

sinx #0
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Cau 36.

Cau 37.

Cau 38.

Cau 39.

Cau 40.

Cau 41

T o=l tkn XF ks
=143 2 & 12 2.keZ.
x#km xzkm

Vay tap xac dinh ciia him s6 14 D =R\ {%Jr kg,kn,k e Z} :

Dang 2: Xét tinh chiin, 1é ciia ham s6 lwong giac.
Pap an A.

Vi A: TXD: D=R.

Ta c6 véi x e R = —x e R = —2cos(—x)=—2cosx.
Viy ham sb da cho 14 ham s chin.

Dap an B.

Véi A: Ta c6 —2cos(—x) =—2cosx.

Vay ham sb d3 cho 12 ham s chin.

Vi B: Ta co:

—2sin(—x) =—2.(—sinx) = 2sinx =—f(x).

Vay ham s6 da cho 1a ham sb 1é. Vay ta chon B.
Dap an B.

Ham sb d3 cho co tap xac dinh D = R\{g+kn,k IS Z}.

Vay véi xe D= -xeD.Tacod f(—x)=sin(—x)cos’(—x)+ tan(—x)
=—sinx.cos’ x —tanx = — f(x).

Vay ham s6 da cho 12 ham s 1¢. Dap an B.

Pap an A.

Tap xac dinh ciaham s61a D =R\ {(2k + 1)% |k e z} 1a tap d6i xtng.
Taco f(—x)= 1+sin’ (—2x) _ 1+(sin(—2x))2 _ 1+sin’2x

1+cos(-3x)  1+cos(—3x) " 14+cos3x—

Vay ham sb d3 cho 1a ham s chin.

bap an C.

Ta loai I va II do khi sinx > 0 thi sin(—x) =-sinx <0, do d6 v—sinx khong ton tai.
Vi TII: Ham sé x4c dinh khi cosx>0 < —g+ k2m < x sg+ k2mkeZ.

Tap xéc dinh cua hém s6 1a tép d6i XI'Ing

Do vay, ta xét f'(—x)=sin(—x).\/cos(—x) = —sinx/cosx =—f(x).

Vay III ding.

. Pap an C.

Véi A: Tuong tu nhu cau 26, thi ta loai A.
Vi B: Tép xac dinh D =R 1a tap déi ximg.
Taco f(—x)=sin?(~x)=(-sinx)’ =sin’ x. Vay ham s6 & phuong 4n C 1a ham sé 1¢.
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Cau 42.

Cau 43.

Cau 44.

Cau 45.

Cau 46.

Cau 47.

Cau 48.

Dap an A.

) , cos2x #0 .
Ta loai D vi dé ham s6 da cho xac dinh thi { 20 nén tap xac dinh ctia ham s6 da cho khong
sin x

thé 1a ham sd chén.
tan(—2x) —tan2x B

Do f(—x) = = f(x)

sin’ (—x)  —sin’x B

Dap an B.
Ta thiy cac ham sé & phuong an A,C 1a cac ham sd 1&, con ¢ phuong an D 14 ham sb chén. Do vay,

ta chon B. That vay ﬁsin(—x—%j:— 25in(x+§j¢ 2sin(x—%)_

Pbap an C.
Ham s6 1é ¢6 dd thi nhan géc toa do 1am tam doi xung, do d6 ta di tim ham sb 1é trong bdn ham sb
da cho. Vi bai toan nay ta di tim ham so6 1a ham s6 1é. Véi cac ban tinh y thi ta c6 thé chon luén

C.
Ly giai:
Tép xac dinh D=R\{kn|k € Z} la tap déi xtmg.
1 -1 , , ‘ ,
—-x)= = =—f(x). Vay ham s6 & phuong an C 1a ham so 1€ c¢6 do thi doi
f( ) Sin2013 (—X) Sin2013x f( ) y p g .

xtng qua gdc toa do.

Dap an B.

Ham sé chin c6 d6 thi nhan truc tung lam truc ddi xung do do6 ta di tim ham s6 chin trong bon
ham s0 da cho.

Ham sc} 6 D loai vi li do tuong tu cau 26.

Ham s6 A va C 1a ham s6 1¢. Do vay ta chon B.

Pap an A.

Voi A: TXD: D=R,
Taco f(—x)= (sin(—x))
Vay ham sé da cho la ham sd chacln.’

Céc ham so ¢ B, C, D déu la ham so 1¢é.

Dap an D.

(I) Tap xac dinh ctia ham sb da cho 1a tap d6i xtmg.

Taco f(—x)=tan(—x)+cot(—x)=—tanx—cotx=—7(x).

Vay (I) ding. ’ )

(IT) Tap xac dinh ctia ham so6 da cho la tap doi xting.

Ta co

f(=x) =tan(—x)—cot(—x)=—tanx +cotx =—f(x).

Vay (II) dang.

Pap an A.

-Vé6i (D tacod f(—x)=tan(—x)+cos(—x) =—tanx+cosx = f(x)#= f(x).
Vay ham sb ¢ (I) khong phai ham sb chén ciing khong phai ham sb 1é.

-V6i (1) tacd f(—x)=tan(—x)+sin(—x) =—tanx—sinx=—f(x).

2016 2016

.cos(—x) =sin*"’ x.cosx .
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Cau 49.

Cau 50.

Cau 51.

Cau 52.

Cau 53.

Cau 54.

Cau 55.

Cau 56.

Vay ham sb d3 cho 12 ham s chin.
Pap an C.
Tap xéac dinh cia ham s6 D=R.
Taco f(—x)=1-sin?(—x)=1—(-sinx)’ =1—sin’x = 7(x).
Vay ham sb d3 cho 12 ham s chin.
Pap an D.
D@ thdy ham s§ y =sin2x 1a ham sé 1é.
VéiBtaco f(-x)=(—x).cos(—x)=—x.cosx=—f(x).
Vay ham s6 ¢ B 12 ham s6 1é.
V6i Ctaco TXD D =R\{kn|k e Z}la tap dbi ximg.
f(=x) =cos(—x).cot(—x) = cosx.(—cotx) = —f(x).
Vay ham s6 ¢ C 12 ham s6 16. Vay ta chon D.
Pap an A.
Ta chon ludn A vi & phan vi du ta c6 dua ra ham s6 y = f/(|x|) 1a ham s6 chan trén D.
Dap an A.
Véi A: Tap xac dinh D=R.
1. 1.
Ta cod f(—x) = Esm(—x).cos(—Zx) = —Esmx.cos2x = f(x).
Vay ham sb d3 cho 12 ham s6 1é.
Pap an A.
Ta théy ham sb & phuong an A 1a ham sO chén thi ta c6 d6 thi ddi ximg qua truc tung, chir khong
phai doi xtirng qua goc toa do.

Pap an C.

Tap D = {—gﬂ Ia tap déi xtmg.

Taco f(—x)=4/cos(=x) =+/cosx = f(x) . Vay ham sb d& cho la ham sé chin
Pap an B.

V6iA: Tacod f(—x)=(—x)sin’(—x)=xsin’x = f(x). vay A dung.

Voi B : Tap xéac dinh D 1a tap déi xung .

) sin (—x)cos(—x) —sin xCcos x sin xcosx
T - = = = —_—
aco /(=) tan (—x)+cot(—x) —(tanx+cotx) tan x + cot x f{x)
Vay ham s6 dé cho 12 ham sb chan. Vay B sai.
Pap an D.

. , . in(—x) — tan(—
Vi A : Tép xéac dinh cia ham so da cho 1a tp doi xtng . Ta co f(—x)= 51.n( ¥-tan(zx)
2 sin(—x) + 3cot(—x)
—sin x + tan sin x — tan . s L
- al al. - al Al f(x) . Vay ham so da cho la ham so chan c6 do thi nhan truc
—2sinx—3cotx 2sinx+3cotx

oy lam tryc ddi ximg . Vay A dung.
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Cau 57.

Cau 58.

Cau 59.

Cau 60.

(—x)2 ~ e

sin(—x) + tan(—x)  —sinx—tanx

VéiB:Tacod f(—x)= =—f(x) . Vay ham 6 da cho 1a ham s

1& ¢6 dd thi nhan géc toa d6 1am tam doi xung . vay B dung .
sin”"" (—x) +2009 B sin®®" x +2009

Véi C:Tacd f(—x)= = f(x). Vay ham s di cho 13 ham

cos(—x) cos x
s6 chin co d6 thi nhan truc Oy lam truc ddi xung . Vay C dung .
Tur day ta chon D.
Pap an C.

Bai toan tré thanh tim ham sb chén trong bén ham sb da cho phan phuong an .
cos™™" (—x)+2003 _ cos™™" x+2003

; ; =—f(x). Vay ham sb da cho 1a ham
2012 sin(—x) —2012sin x

VéiAd:Taco f(—x)=

s6 13, (loai). |
V6iB:Taco f(—x)=tan(—x)+cot(—x) =—tan x—cotx =—f(x). Vay ham s6 da cho 1a ham so I&
(loai).

V6i C:Tacd f(—x)= cos(—x) _ coS x

6(—x)° +4(=x)* +2(=x)> +15  6x° +4x* +2x7 +15

= f(x). vay ta chon

C
Dap an A.
x#km

< kn & X#*F— k eZ. vay ta
T N - vay 1]

N | sinx#0
Vi cosx+2>0,VxeR . Do dd diéu kién la {

xéac dinh cua D 1a tap dbi xtng.
Veosx+2+cot’(=x) _ Neosx+2+cot’(—x) _

sin(—4x) sin4x

Tacd f(-x)= 7(x) . Vay ham s6 di cho 1a

ham sé 1&.
Pap an D.
Tap xac dinh D=R. V6i Vxe D= —-xeD.

Tacod f(—x)=cos(—2x).sin(—x — %) = cos2x.sin(—x— %) = —cos2x.sin(x + %)

S(=x) = f(x)
S(=x)#=f(x)
Pap an C.

Tap xac dinh D =R 1a tap dbi ximg .

f(=x) =1+ 2(=x)* —cos 3(—x) =1+ 2x* —cos3x = f(x) . VAy ham s da cho 14 ham s6 chin.

Ta thay { . Vay ham sb da cho khong chin khong 16.

Dang 3 : Xét tinh don diéu ciia ham sd lwong giac.

Cau 61.

Dap an A.

Cach1:Ta théy trén khoang (0;%j ham f(x)=sinx dé)ng bién va ham g(x)=—cosx déng

A A T \ A . A <A
bién , suy ra trén (O;EJ ham s0 y =sinx—cosx dong bién.
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Cau 62.

Cau 63.

Cau 64.

Cau 65.

Cau 66.

Cau 67.

Cach 2 : St dung may tinh . Dung TABLE ta xac dinh duoc ham sé y = sin x — cos x ting trén

5

Papan C.

Ta thay ham s0 y =sin2x nghich bién trén (% + k27[;77[ + k27zj, k €Z ,suy raham so

y = sin 2x nghich bién khi %+k27z<2x<37ﬁ+k27r,keZ <:>%+k7r<x<%[+k7r,keZ

: . ) " x. 3
Vay ham s0 y =sin2x nghich bién trén moi khoang (% + kﬂ;% + kﬂj keZ

Pap an A.
Ham s6 y =cos2x nghich bién khi k27z<2x<7z+k27z<:>k7r<x<%+k7r,keZ
Dap an B.
3z . ) . .. RY/2 .
Vxe|7;— | : Ham y=sinx giamva sinx<0,Vxe| 7;— | suyra y=— tang :
2 2 sin x

. 3 3
Cau (I) sai, Vxe(;z;%[j :Ham y =cosx tang va cosx<0 , Vxe(ﬂ;%[j , suy ra ham

y= giam.
COS X
Cau (II) dung.

Dap an A.
Tacd y= 4sin(x+%jcos(x—%j—sin2x = 2(5in2x+sin%j—sin 2x =sin2x++/3 . Xét su
bién thién ctia ham sd y=sin2x+ \/g , ta st dung TABLE dé xét cac ménh dé .

£ . A T Sy ... \ A1 A o
Ta thay voi A. Trén (O; Z) thi gia tri cia ham so luon tang.

. (37 e e A~ A e
Tuong tu trén T; 7 | thi gid tri cua ham s6 cling ludn tang.
Dap an B.
A 1.a A A 2 -4 A . . 4 % \ £
Ta thady ham s0 y =tanx ludn dong bién trén moi khoang (—5 + kﬂ';E + kﬂ') , suy ra ham so

y =tan2x ludn dong bién tren mdi khoang —%+k7z<2x<%+k7z @—%+k§<x<%+k§.

Vay B la sai.
Pap an A.

, . . T 2 N X . - \
Tacd y=sinx+cosx = 2s1n(x+z)})eham sO y =sinx+cosx tang thi

—£+k2ﬁ<x+£<£+k27z,keZ. <:>—3—7[+k27r<x<£+k27r,keZ.
2 4 2 4 4
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Cau 68.

Cau 69.

Cau 70.

Cau 71.

bap an C.

Bai toan c6 hai ham s6 ma ciing xét trén mot khoang nén ta sé sir dung chirc nang TABLE cho
hai ham An MODE7 : Nhap f(x) la ham tan’ x. nhap g(x) 1a ham sin’ x thi ta c6 két qua .
Ta thy ca hai ham sé déu khong 13 ham ting trén ca khoang (—%,%} . Vikhi x chay tt —%

X T VY U W . N G P S Py
dén O thi gié tri ciia hai ham s6 déu giam . Khi x chay tir 0 dén 2 thi gid tri cia hai ham s6 déu

tang , vay ca hai m¢nh de deu sai.

Pap an D.

D sai, that vay véi 2—”;3—7[6 Z;7r ,taco: 2—7z<3—7[:><:0‘52—7[=—£>—1=cot3—7Z
3 4 2 3 4 3 4

Dap an A.

Ta 6 thé loai phuong 4n B ;C ;D luén do tai f(0)=cosO=1va f(7)=cos2z =1 . Cac bang
bién thién B ;C ;D déu khong thoa man.

Pap an C.

g. tiép theo xét gia tri

Twong ty nhu cau 70 thi ta c6 thé loai A va B do f (%j = cos(—%) =

ham s6 tai hai ddu mat thi ta loai dugce D.

Dang 4 : Tim gia tri 16n nhit , nhé nhét ciia ham lweng gidc .

Cau 72.

Cau 73.

Cau 74.

Cau 75.

Cau 76.

Dap an B.

Tép xéc dinh D =[0;+) .Ta ¢6 ~1<cos/x<1,VxeD .o -4<y<4  Viy
mDiny=—4<:>cos\/_=—l. ngaxy=4<:>cos\/;=1.

bap an C.

Tacd y=+/1-cos’ x —2=+/sin’ =2 =|sinx|-2 0<[sinx|<l<-2<y<-1
bap an C.

Ta ¢6 —1Ssin(x+%)£1

Dap an B.

Ta c6 sin6x+coséle—§sin2 2x:§+§—§sin2 2x = §+§(1—2sin2 2x):§+§cos4x
4 8 8 4 8 & 8 &

Taco cos4x<l, Vxe]Rc>§+§cos4xsl, Vx € R. Dau bang xay ra khi cos4x =1.

Pap an D.
Cich 1 : Tuong ty nhu phan 1y thuyét da gioi thiéu thi ta thiy cosx+2>0,Vx . Vay
inx+1 . .
y=%<:>smx+l=y(cosx+2) & sinx—ycosx+1-2y=0 . Tacod
cosx+2

4
P+ 2(1-2y) & y* +124y* —4y +1 <:>3);2—4);30<:>os);sg . Vay min y = 0.
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Cau 77.

Cau 78.

Cau 79.

Cau 80.

Cau 81.

Cau 82.

Cau 83.

i C|sinx+1>0 . )
Cach 2 : Tacod =y20=>miny=0khisinx=-1.
cosx+2>0
bap an C.

cosx+2sinx+3

Tacod 2cosx—sinx+42>0,VxeR. y= :
2cosx—sinx+4

< 2ycosx—ysinx+4y=cosx+2sinx+3 <:>(2y—1)cosx—(y+2)sinx+4y—3=O . Taco

(2)/—1)2+(y+2)2 2(4y—3)2 &5y +5216)y° -24y+9 c>11y2—24y+4S0c>1—21£yS2.

Vay GTLN cua ham sb da cho 13 2.
Pap an A.
I 59

Ta c6 f(x)=3—lsin2xcoszx=3—i.(25inx.cosx)2:3—isin2x < —=— .
5 20 20 20 20

A

GTNN cuia ham s6 1a > .
20
Pap an B.
Tacd 4 +2° 2 < -2J5<y<25.
Dap an D.

1Y s
TacOd y=4(sinx—(1-sin’x))=4(sin’ x+sinx—1)=4 (sinx+—j —-=|>-5.
= s -’ ) =4 joi{ fsmes 1) -2

A X , . 1 \
Dau bang xay ra khi sinx = Tiads Vi -5
Dap an D.
1—tan” x

243 (1—tan’ x
Ta c6 cot2x=——=. Ttr d6 suy ra y =3cot’2x- ( )
2tanx 2tanx

= 3cot? 2x — 23 cot 2x

2 o . 1
= (\/§c0t2x—l) -12-1,VxeR . Vay miny=-1< cot2x =

N
Pap an C.
Ta ¢6 y:2cosx+sin(x+£j<:>2cosx+L\/§sin(x+£J ©2cosx+i(sinx+cosx)
4 V2 4 V2
@y—(2+ijcosx+isinx Ta co y2<(2+LJ2+(Lj2c>y2<5+2\/§ Do do ta
N AN 23 rlg) o

6 —V5+242 <y <5+242 . Vay gia tri 16n nhét ciia ham s6 1a V5+2v2 .
Pap an A.
Ta cod y=sin* x+cos* x+sinxcosx < y=1-2sin’ xcos’ x +sin xcos x

2 2
<:>l—lsin22x+lsin2x <:>y=1—l (sian—lj 1 @y:g—l(sian—lj Sg .
2 2 2 2 4 g8 2 2 8
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Dau bang xay ra khi sin2x = %

Cau 84. Pap an A.
- - . - l . /1 .
Ta cO sinx+/cosx +cosx+/sinx > 2\/smx.cosx\/sm X.cosx <&y 2.\/§sm 2x Esm 2x 20 .

Déu bang xay ra < sin2x =0.
Cau 85. Pap an C.

Ta cob y2S(12+12)(coszx+7sin2x+sin2x+7coszx) <:>y2S2(1+7)=16:>)’54 . Déu

bing xay ra khi x :%’%’, keZ. Viy gid tri 16n nhét ctia ham sb 13 4.

PHUONG TRINH LUQNG GIAC
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I. CONG THU'C NGHIEM CUA PHUONG TRINH LUQNG GIAC CO BAN
a) sin /' (x)=sing(x) < {f(x) =g(x)+hr
f(x)zﬁ—g(x)+k27r
f(x) = g(x)+k27r
f(x) = —g(x)+k27r
c) tan f(x)=tang(x) < f(x)=g(x)+kx, (ke Z)
d) cot f(x)=cotg(x) = f(x)=g(x)+kx, (keZ)
Khéng dugc dung dong thdi 2 don vi 6 va radian cho mot cong thirc vé nghiém
phuong trinh

(keZ)
b) cosf(x):cosg(x)<:>|: eZ)

f
f

lugng giac.

Vi du 1. Trong c4c phuong trinh sau, phuong trinh nao nhan x =%+k2§ (keZ) lam nghiém

A. sin3x =sin (%— 2xj. B. cosx =sin2x.
C. cos4x =—cosb6x. D. tan2x = —tanz.
Loi giai
Chon B
3x:£—2x+k27r xzi—i-kz—7Z
A. sin3x =sin (%— 2xj = 4 = 20 5

3x:7r—(%—2x)+k27r xX=—+k2rx

x:£—2x+k27z

B. cosx:sin2xc>cosx=c0s(%—2xj<:> . (keZ)
X = —(——2xj+k27r
2
) k2_”
sl 0 B wken
x=2"kox
2
STUDY TIP
(=sin f(x)) =sin(-f(x)) (—tan f'(x)) = tan(—f(x))
(—cos f(x)) = cos(7 — f(x)) (—cot f(x)) = cot(—f(x))
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C. cosdx =—cosb6x < cosdx = cos(;r—6x)

Adx =7 —-6x+k217 :10
= =
4x=—(7r—6x)+k27r . T

D. tan2x = —tan% < tan2x = tan(—%) S x= —%+ k%(k ).
_ Sosanh ta dugc dap an la B. ‘ 7 )
LUUY: Ban c6 thé biéu dién nghiém trén duong tron luong giac roi dung may tinh dé thir nghiém va ket
luan . Phan nay s€ dugc trinh bay k¥ hon trong cuon cong pha k¥ thuat gidi toan CASIO.

Vi du 2. Phuong trinh sin2x= —sin% co nghiém dang x=a+kzr va

x=,8+k7z(keZ),(—%£a;ﬂs3T”).Khi d6 tich . bang :

2 2 2
A =X B. -~ c. ¥ p. =
9 9 9 9
Loi giai
Chon A

2x = —£+k27z

Ta co sin2x = —sin% & sin2x = sin(—z) &
2x = 7[—(—%)+k272’

V4
X=——+krx 5
6 T
& > af=——.
2 9
x=7+k7z

II. PHUONG TRINH LUQNG GIAC CO BAN
Dang sinx=m, cosx=m, tanx=m, cotx=m, (meR)

1. Phuong trinh sinx=m (1)
- Néu |m|>1= Phuong trinh (1) v6 nghiém do [sinx]<1VxeR |
- Néu Im| <1:

+ Xac dinh « sao cho m=sina .
x=a+k2r

Vay phuong trinh sinx=m < sinx =sina < (keZ).
xX=r—-a+k2r
+ Néu s0 thuc « théaman dieukiény 2~ 2  thitaviét a=arcsinm (doc
sina@ =m

la
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x=arcsinm+k2rx
(k € Z).

ac-sin-m). Khi d6 sinx=m < ,
x=m—arcsinm+k2rx

Y

B'|

STUDY TIP
+) sinx=m ¢4 nghiém < |m<I|

: \ A T | s o .13
+) arc sin m 1a cung thudc [—E;E} ma cé sin bang m.

Vi du 1. Trong c4c phuong trinh sau day,phuong trinh nao co6 tap nghiém la

x=—%+k27r va x=4?7r+k27r, (keZ).

. 3
A. sinx:i B. sinx:L. C.sinx=——. D. sinxzﬂ
V2 2 2 NE
Loi giai
Chgn A
Cach 1
A sinx—ivénghiémdo i>1
* \/5 % \/5 B
1 - ! > - x:%+k27z
B. sinx=—=<sinx=sin— (Vi —==—=s8in— ) <& (keZ) .
V2 R Py
4
3 - 3 - x=—Zikor
C.sinx=——. &sinx=sin(——) (vi ———=sin(-—) ) < (keZ)
2 3 2 3 4r
x:T+k27r

.2
\/5 > x:arcs1n\/;+k27z
D.sinx=— sinx=,/— < (keZ).
B 3
.2
X = ;& —arcsin §+k27r

Vay phuong an dung 1a C.

Group: https://www.facebook.com/groups/tailieutieuhocvathcs/




HOC360.NET - TAI LIEU HQOC TAP MIEN PHi

Cich 2 : Sir dung may tinh cam tay ( MTCT).

Taco sin(—%+ k27rj = sin(—%) = —? va sin (4772'+ k27rj =sin (4?”) = —ﬁ

5
Pac biét
Phwong trinh Biéu dién nghiém trén dwdng tron lwong giac
+ sinx=1 y
<:>x=%+k27r,keZ_ M {12
QJ ' x'
~ T
sd AM =5+k27r,keZ .
+ sinx =1 Ay
@x:—%+k27z,keZ /\
O A x’
M| -m/2 ~ .
sd AM :—5+k27z,k e’l.
+sinx=0 A y
Sx=kmkel. sd AM =k2z;k e Z
sd AM = (2k +1) 7k € Z M M
x=k2r A\t O A x
beé
T x=(2k+1)7
S x=kmkelZ
2. Phuong trinh cosx=m (2)
- Néu |m|>1= Phuong trinh (2) v6 nghi¢m (do |cosx|<1,VxeR).
- Néu |m| <I:
+ Xac dinh @ sao cho cosa =m .
A . xX=a+k2r
Vay phuong trinh cosx =m < cosx =cosa < (keZ).
xX=—a+k2rx
L X , i ex 1aa |0Sfas<m . X \
+ Néu s0 thuc @ théa man diéu kién thi ta viét a =arccosm (doc la ac-cos- m).
cosa =m

L x =arccosm—+ k2
Khi 36 cosx=m < (keZ).

x =—arccosm+k2rx
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sin 4
B
M
I
1
H)| -
A’ o) mi A cos
|
MI
B’ —
OH =m
sdAf]\il =a+k2r; sdAf]\M =—a+k2r
STUDY TIP

+ arccosm la cung thudc [0;7[] ma co cos bang m .

+ Phuong trinh cosx =m ¢6 nghiém < |m| <1.

Vi du 1. Phuong trinh nao trong cac phuwong trinh sau c6 2 nghiém thudc (0°;180°)?

A. cosx=—£. B. cos(x+50°)=£.
2 2
1 4
C. cos(x+30°)=—. D. cosx=——.
2 3
Loi giai
Chgn C
M 1Y \ Y

AN
L/

APl B
o

M’

A. cosx = —72 < cosx =cos135° < x =%135°+k360° chi c6 mot nghiém thude (00;1800).
=-20°+k360°

B. cos(x+ 50°) = ﬁ & cos(x + 50°) =co0s30° < *
2 x=-80°+£k360°

= Phuong trinh khong c6 nghiém nao thudc (0°; 1 80°) '

C. cos(x+30°) = % <> cos(x+30°) = cos 60°

- 2x+30°=60°+k360° - x=15°+£k180°
2x+30°=-60°+£k360° x=-45°+£k180°
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= Phuong trinh c6 hai nghi¢m thudc (0°180°).

4 4
D. cosx=—§ vO nghi¢m do —§<—1.

Vi du 2. Chon dap éan sai: Nghi¢m cua phuong trinh cosx = —73 la:

A. x=—%+k27r,keZ. B. x:iarccos[—gjﬂ’dﬂ,kez.
C.x:i%{+k27r,keZ. D. x=%£150°+k360°%k €Z.
Loi gidi

Chgn A
Dé dang kiém tra trén duong tron luong giac cos(—%) = g .
Pic biét

Phwong trinh Biéu dién nghiém trén dwdng tron lwong giic
+ cosx=1 M=A Ay
Sx=kimkel. = sdAM =0+ k27 =k27,k e

' M
Q A x

+ - ~
cosx=—1 S AM =+ k2rn, keZ. /

MY
<:>x:(2k+l)7z,keZ
=(2k+\) kel _\
M\ O JA M

+ = i
cosx =0 sdAM =L v k2mkeZ I m

P 2
@x:i5+k2ﬂ,kez ~

sd AM'=-Z v k2 ke

<:>x:£+k7f,k€z 2

2 =2k >
._ O i i
bey:

x=—Z+k2r

2
MI

@x:%+k7z;keZ

3. Phuong trinh tan x =m,cotx =m
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a) Phuong trinh tanx=m
Piéu kién: x ¢%+k7r(k eZ)
- Taxac dinh @ saocho m=tanc.
Khi d6 phuong trinh
tanx=m < tanx=tana S x=a+kr(keZ).

. \ ——<a<— .
+ Néu s0 thuc @ thdéa man diéu kién 2 2 thi ta viét
tana =m

o =arctanm (doc la ac - tan - m).

Khi d6 phuong trinh tanx=m < x=arctanm+kz(keZ) ..

b) Phwong trinh cotx=m
Diéu kién: x # kz(k € Z)

- Ta xac dinh @ sao cho m=cotc.
Khi d6 phuong trinh

cotx=m < cotx=cota > x=a+kn(keZ),

O<a<m _. »
thi ta viét

cota=m

+ Néu s6 thuc @ théa man diéu kién {

a =arccotm (doc la ac - cotang - m).

Khi d6 phuong trinh cotx =m < x =arccotm+kz(keZ).

STUYDY TIP
Phuong trinh tan x = m,cotx =m ludn c6 nghiém vé1 Vm e R

Vi du 1. Trong cic nghiém duong bé nhit cta cac phuong trinh sau, phuong trinh nao co
nghiém duong nhé nhat?

A. tan2x=1. B. tan(x—%j:\/g. C. cotx=0. D. cotxz—\/g.
Loi giai

Chgn A

A. tan2x:1©tan2x:tan%<:>2x:%+k7z®x:%+k%(keZ).

(V6i k =0 nén nghiém duong bé nhat 1 x = %)

B. tan| x— 2~ =\/§<:>x—£:£+k7r<:>x=7—7[+k7r(keZ).
4 4 3 12
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) . 7
= Nghiém duong bé nhat 1a le—ﬂ.
C. cotx:O<:>cosx=0<:>x=%+k7r(keZ):> Nghiém duong bé nhét 1a ng,
T V4
D. cotx:—\/§<:>cotx:cot(—gjcx:—g+k7z(keZ).
A , A, 1 Sr
Chon k£ =1= Nghiém duong bé nhat la xz?.

cr e , PN T .
Vay gia tri nhé nhat [a x = 3 nén ta chon dap an A.

Vi du 2. Phuong trinh tan(3x-15°)=+/3 ¢6 c4c nghiém la:
A. x=60°+£k180°. B. x=75°+k180°. C. x=75°+k60°. D. x=25°+k60°.
Loi giai
Chon D
Ta ¢6: tan(3x—15°) =+/3 < tan(3x—15°) = tan 60° < 3x —15° = 60° + k180°
S x= 25°+k60°(k € Z) )

* Ki niang biéu dién va tong hop nghi¢m trén dwong tron lwong gidc

y‘\ y/\
e e
” ”’
AL > <\ >
0O A X -7 10 A x
M
1 diém trén dudng tron lwong giac 2 diém d6i ximg qua goc O
xX=a+k2rkeZ x=a+krkelZ
A
M: y yA M
\ \MI
\ -
)
/“}'\ > >
\ A X X
\
\
Mz
.2 , AL T , R 2z
4 diém cach déu: x =a+k- ke Z 3 diém cach ddu: x=a+k "=k eZ
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y
qu

Mk
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n diém cach déu: x=a+k— ke Z
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III. MOT SO PHUONG TRINH LUQNG GIAC THUONG GAP.
DANG 1: PHUONG TRINH BAC NHAT POI VOI MOT HAM SO LUQONG GIAC
Codang at+b=0 voi a,beR,a#0 ,tla mot ham $6 lugng giac
Phwong phap gidi

b :
at+b=0< t =—— (day la phuong trinh lugng giac co ban da hoc)
a

STUDY TIP
1. asin f(x)+b=0. 2. acosf(x)+b=0 3. atanf(x)+b=0. 4. acotf(x)+b=0.

Vi du 1. Trong cac phuong trinh sau, phuong trinh nao ¢6 2 nghiém thudc (0;7) ?

A. «/gsinx—2=0. B. 2cosx+1=0.

C. \/gtanx+1:0. D. \/Esinx—le.
Loi giai

Chon D

A. 3sinx—2=0< sinx = v i vo nghi¢m (loai phuong an A).

3

B. ZCosx+1:O<:>cosx=—%<:>x=i%+k27z(keZ) = C6 1 nghiém thudc (0;72').

C. x/§tanx+1:O<:>tanx:—i<:>x=—%+k7r(keZ) = C6 1 nghiém thuoc (0;7).

N

| x=%+k27z
D. V2sinx-1=0 < sinxy=— (k €Z) = C6 hai nghiém thudc (0;7).
V2 x—3ﬂ+k27r

LUU Y: Dé giai nhanh céc ban c6 thé biéu dién nghiém trén duong tron luong giac rdi so sanh dé dwa ra
dap 4n moét cach de dang.
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y N A y A

j x

1 1 1
B. cosx=—— C. tanx=—— D. sinx=—
2 NG 72
STUDY TIP

Mot s6 phuong trinh phai qua mot vai budc bién d6i dua vé phuong trinh bac nhit ddi véi
mot ham so lugng giéc.

, 2 . . Y ) A, \ . 7T .
Vi du 2. Tong hai nghiém dwong lién ti€p nhé nhat ctia phuong trinh sin® x +cos® x = I la:

A 2Z B. Z. c. =, p. Z.
6 2 6 6
Loi giai
Chon B
Ta co:

sin® x+cos® x = (sin2 X+ cos’ x)(sin4 x —sin’ xcos” x +cos* x)

. ) ) 1- 4 4
=(sm2x+c052x)—3sm2xcoszx=1—§sm22x :1—3. cos x:5+3c0s X
4 4 2 8

5+3cosdx 7 1 27
:—:—©c054x=—5<:>cos4x:cosT

8
2 T T
4x=—+k2x X=—+k—
= 32 = 2 (keZ)
4x=-"" 1oz x=-24kZ
3 2

Suy ra phuong trinh ¢ 2 nghiém duong nho nhét 13 x, =% va x, =%
Vay x +x, :%

DANG 2.PHUONG TRINH BAC HAI (HOAC PHUONG TRINH PUA VE PHUONG
TRINH BAC 2) POI VOI MOT HAM SO LUQNG GIAC
Co dang: at’ +bt+c=0 vOi a,b,c e R;a#0,¢ 1a mot ham s6 luong giac.
Phwong phap giai:
-Budc 1: Pat an phu, tim diéu kién cta an phu.
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- Budc 2: Giai phuong trinh 4n phy.
- Budc 3: Tir nghiém tim dugc dua vé phuong trinh lugng giac co ban.
Vi dy 15. Cac diém 4,4', B, B' dugc biéu dién trén dudng tron lugng giac thi cac nghiém cua
phuong trinh sin’ x+4sinx+3=0 la:
A.sd 4B. B.sd 44'. C.sd 4B, D.sd 4B vasd 4B,
Loi gidi
Chon C.
bit sin=r=r=[-L1]VxeR
r=-1

Phuong trinh sin® x+4sinx+3=0 < ¢ +4t+3:O<:>L 30)

Véi t:—l:sinx:—l©x:—%+k27z;keZ

Vay nghiém cua phuong trinh 14 sd 4B

Vi du 16. Nghiém am 16n nhat ctia phuong trinh =3cotx++/3 1a:

)

Sin- x
o B. -7 c.-Z. p. 2%
2 6 6 3
Loi giai
Chon A.

Piéu kién: sinx #0 < x = kr(keZ)

Phuone trinh < /3 (1+cot? x)=3cot x +/3 < 3 cot> x—3cotx =0
g

_ﬂ- k
cotx=0 x—5+ Z
=3 \/,<:> (keZ)
cotx=+3 x:£+k7r

Vay nghiém am 16n nhét 13 —%

Vi du 17. Téng cac nghiém thudc khoang (0;2018) cua phwong trinh sin4§+ cos* g =1-2sinx

la:

A. 2070467 . B. 206403r . C.205761rx . D. 2046037 .
Loi giai

Chon B.

2
Phuong trinh < (sin2 %+ cos’ gj —2sin’ %cos2 % =1-2sinx
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