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Cau 12. a) Goi O, M, E, F lan luot 14 trung

diém cua AC',AC,BC,B'C'.

Chimg minh (IGK)||(BCC'B').

Ta co ﬂ=M—G,:>1G||CC'c(BCC'B')
MB MC

= IG||(BCC'B') (1)

1
A'G OA+§OA
Tuong tu =
A'C A'C
44
gOA 2
A'C 3
., A'K 2 G A'K
Laico == ——=——
' 3 A'C 'F

= GK||CF = (BCC'B"

= GK||(BCC'B') (2).

Tir (1),(2) suyra (IGK)||(BCC'B').

Chimg minh (A'KG)||(AIB').

D& thdy AA'FE la hinh binh hanh nén s
A'F|| AE hay A'F||(AIB') (3). Ciing d&

thdy CF|| EB' < (AIB')= CF||(AIB') (4)
Tir (3),(4) suyra (A'CF)//(AIB') ma
(A'CF)

chinh 14 (A'KG) nén (A'KG)||(AIB').
b) Trong (BCC'B')goi R=PQNB'E

{RGPQ
=
ReB'Ec(AB'E)

Trong (AB'E) 201 S=IRN AB' thi duong
thang IR chinh 12 duong thang can dung.
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Cau 13.a) Taco MA|NN' (1)
MN () d;
Do
(AMNN')N (o) = AN’
= AN'|| MN (2)
Tir (1),(2) suyra AMNN' la hinh binh hanh.

Goi (B) 1a mit phang chira d, va song song
v6i d, thi NN' < (B)= N'e(P) tirdo ta co

N' thudc giao tuyén d,cua (a) va (B)

b) Tacd MN = AN' nén MN nho nhit khi AN' nhé nhidt < AN' L d,.
Tur @6 ta xac dinh A nhu sau:

Dung (B) chua d, va (B)Ild, .

Dung giao tuyén d, = (oc)m(B).

Goi N' 1a hinh chiéu cia A trén d,.

T N' dung dudng thing song song véi d, cét d, tai N .

T N dung duong thing A song song véi N'A thi A 1a dudng thang thoa yéu cau bai toan.

c) Goi J la trung diém ciia AN thi (OI])||(B) ma O ¢ dinh va (B) cé dinh nén (OIf) cé dinh. Vay

Ol thudc mit phang c6 dinh di qua O va song song véi (B) .

Cau 14.2) Ta c6 (ABC),(DBC), (o) doi mot cit nhau
theo céc giao tuyén 1a BC, MN,PQ nén theo dinh i vé
giao tuyén thi BC, MN, PQ hoic dong quy hodc doi
mot song song.

Ta chiing minh MNPQ 1a hinh thang can trong truong
hop BC,MN,PQ dong quy

Goi E la trung diém cia BC thi E=ﬂ:>l]||AD.
EA ED
I]c(oc)
.. |AD<(ACD)
Tu do taco = NP||I].
Il AD

(o) (ACD)=NP
Tuong tu MQ || I] nén MNPQ 1a hinh thang.
Dé thdy DQ =AM =x, DP = AN =y . Theo dinh li c6
sin ta co
MN? = AM?* + AN? =2AM.AN cos60° = x* + y* —xy
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Tuong tu

PQ* = DP? + DQ* -2DP.DQcos60° = x* +y* — xy
= MN = PQ

Vay MNPQ la hinh thang can.

Truong hop BC, MN, PQ song song khong c6 gi kho
khan ban doc tu kiém tra.

w3 a3

¢)Tacd S, =S +Sum @%xysin60° =%X.TSIH3OO +%y.751n300

@a(x+y):3xy.
b) Taco AM+ AN =x+y. Theo BDT Cauchy ta c6

2
a(x+y):3xy£3(x+7y} <:>3(x+y)2—4a(x+y)<:>x+y2%

4 . 2
=AM+ AN > ?a . Pang thirc xay rakhi x=y = ?a , khi d6 (oc) di qua I] vasong song vdi
BC.
. : o . 2
Khong giam tong quét ta c6 thé gid s x >y khido x e [?a ;a)

. ax 3x?
Vax+y=x+ =
3x—a 3x-a

30 322 3a (a-x)(22-x)
> X+y——= Sttt WA WA
2 3x-a 2 3x—a

<0 :>x+y£%.Déngth1’rcxéyrakhi

xza:yzg.Khidé (oc) diqua B.
Vay min(AM+AN)=%,max(AM+AN)=%.

¢) D& thdy MNPQ 14 hinh thang can ¢
MQ=a-x,NP=a-y,
giast x>2y=a-x<a-y.

Taco HN = (a—y)—(a—x) =Y

2 "2 M__ax O

MH? = MIN? - NH?

2
xR —y—| XY
X Ty —xy ( 5
3(x*+y*)-6xy 352—8as.
= 4) 4 Nxyn Kk xy

\/3s? —8uas 2 2

MH:\/3xy:\/a(x+y): 5
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P =%(MQ+NP)MH =%(2a—(x+y))\/3sz —8as

= %(211—5%/352 —8as .

S

Cau 15.a) Tac6 (ABB'A')||(CDD'C')

, (a)n(ABB'A")= AM " B’
(o) (CDD'C")=NP = AM||NP (1)
do do C
AMNP 1a hinh thang. D’ M
J //
Ty
L~
aeE~7\"[2. /B
P \| A
a \
D a C

b) Goi I,] 1an luot la trung diém cia AB, AM thi IC||AD = IC||(ADD'A")
lai co IJ || BB'|| AA'

= I]|| AA'<(ADD'A')=(CIJN)||(ADD' A') Mit khac (o) n(ADD'A') = AP va
(o) (CIIN)=]N nén N[ AP (2)

Tir (1),(2) suy ra APNJ la hinh binh hanh , do d6 PN = AJ = %AM :
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PHAN 3 — CAC DANG BAI TAP TRAC NGHIEM
I. Dang 1:Chirng minh 2 matphing song song
a) Phuong phap gidi tu luén.
Dua vao dinh ly, hé qua sau:
(@) b (@)/ /()
L lanb=1 = (a)//(8) 2..4(8)//(7)=(a)//(8)
o//(6). 411) o) = (5]

Vi du 1: Cho hinh chépS.ABC', goi M, N, Plan luot 1a trung diém cua cac canhSA4, SB, SC. Goi
A'=BPNCN,B'=CMNAP,C'= AN N BM . Hay chon khang dinh sai:

A.(MNP)/ /(ABC) B.(A'B'C')//(ABC)

C.(A'B'C")/ /(MNP) D. (ABC)cét( MNP)
Loigiai

Chon D

Giaitheotyu luén:

B

ApdungdinhlyTaletd4otrongcacmitphang (SAB ), (SBC ) , ta cocackétqua
MN / /AB, NP | /BC =(MNP)/ /(ABC).
ApdungdinhlyTaletdaotrongcacmitphing (BMP ), (C’MN ) , ta cocackétqua
MP //A'C', MN / /A'B'=(MNP)/ /(A'B'C").

Theo tinhchétbéccﬁusuyra(A'B 'c ') // (AB C ) Nhuvaydapan D sai
Giaitheo pp tracnghiém:
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Néutuongtuongtbtcothédoandugckétquangay.

Vi du 2: Cho hinhlangtru ABC.A'B'C''. GoiM = BC'NB'C, N =ACNA'C, P=ABnNA'B.
Haychonkhangdinhsai:
A.(A'B'C")/ /(ABC) B.(MNP)/ /(ABC)

C.(A'B'C")/ /(MNP) D.AMNP va AABC khongddngdang
Loigiai

Chon D

Giaitheotyu luin

Do giathiéthinhlangtry, nén ta céngay(A'B'C"') / /(ABC).
ApdungdinhlyTaletdaotrongcdemitphang (B' AC), (C'AB), taco
MP [ JAC,MN | |AB = (MNP)/ /(ABC).

Theo tinhchétbéccau, ta co(A'B'C") / /(MNP)

MN = MP = NP :l:>AABC~AMNP
AB AC BC 2
II. Dang 2:Chirng minh dudngthing song songvéimitphing

a) Phwongphapgiditu luin.

Duwavaocachéquasau:

TrongkhiapdungdinhlyTaletddo, ta cocactylé

AB/ /|«
1. Elal/(;(ﬁ):a//(ﬁ) 2. AO//<(a>) ~ BC //(a)
ABNAC = A

vacacdinhly, héquactaabaitruéc
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Vi du 1: Cho hinhchopS.ABC, goiM, N, PlanlugtlatrungdiémciaciccanhSA, SB, SC. Goi
A'=BPNCN,B'=CMNAP,C'= AN N BM . Cébaonhiéucip (duongthang, mitphang)
song songvdinhautrongsécacdudngthingvamatphangdi qua cacdiémdicho?

A.18 B.3 C.9 D.12
Loigiai

Chgn A

Giaitheotyu luén:

B

C6 3 matphangddimot song song: (ABC ), (A'B 'C '), (MNP). Moicapmitphiangnaysétaora
6 cip (dudngthang, matphang) song song. Tatcaco 3 capmatphangnhuvay, néncéd 18 cip
(dudngthang, matphing) song song

Vi du 2: Cho hinhlangtru ABC.A'B'C"'. GoiM = BC'NB'C, N =AC'NA'C, P=ABNA'B.
Puongthing BC' song songvdibaonhiéumitphingtrongsdcacmitphingdi qua cacdiémdacho?
A.2 B.3 C.4 D.5
Loigiai
Chon B
Giaitheotu luan
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Tacd BC / /(A'B'C"), (MNP), (AB'C")
III. Dang 3: Chirng minh 2 du’b’ngthﬁng song song

a) Phwongphapgiditu luin.

Duavaodinhly ¢ baihaimitphang song song

() //(8)
(’y)//(a):a:a//b
(7)//(8) =1
vacacdinhly, héqua & cacbaitrudc
Vi du 1: Cho hinhhop ABCD.A'B'C''D". Cobaonhiéucipduongthang song
songvoinhautrongsdcacdudngthangdi qua cacdiémdicho?
A.12 B.15 C.24 D.18
Loigiai
Chon C

Giaitheotu luan:
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C!

A’ D’
Ta co
AD//BC//A'D'/ /B'C'=C6C? = 6cap
AB//CD//A'B'/ /C'D'=C6C? = 6cap
AA'/ /BB'/ /CC'/ /|DD'= C6C? = 6 cap
AC //B'C"BD/JA'C'\AB'/ /DC',BA'/ /CD',AD'/ /|BC"',DA'/ /CB', c6 6 cdp
IV.  Dang 4: Baitoanliénquandeéntylédodai

a) Phuwongphapgiaitw luidn.
DuavaodinhlyTalet (thuin), héqua & baihaimitphang song song:

(@)//(8)

dnfa)=4, dn(p)=

= AB=A'B'
d'n(a)=A4", dn(8)=B'
d//d'
(a)//(8)/ /() 5 e Be

2. {dn(a)=4, dn(8)=B, dm( )=C
dnfa)=4', dn(8)=B' dnfy)=C"
vﬁdinhlyTaletthuéjnvadaotrongmatphﬁng
Vi du 1: Cho hinhchépcut ABCD.A'B'C'D'. GoiM = BC'NB'C, Q = AD'NA'D. Mitphang
(SQM)citBC, B'C', AD, A'D'lanluottai B, H, E, K . Chonménhdésai

= = =
A'B"  A'C'" B'C'

A HK _ dieén tich tou giatuc A'B'C'D'
"FE diesin tich tou giauc ABCD
4 niedm A',B' C, D taio thagnh tou giatc

p HE _ MB' _ QA'
'FE MC QD

C.FE lag trung niedm cutia cainh AD

Loigiai
Chgn A
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Giaitheoty luan:

5. Dang 5:Xacdinhgiaotuyén
a) Phuwongphapgiaitw luidn.

(o) //(6)
)/ /(e)=a=a/p
() 77(3)=b

Vacackétquacotruée
Vi dy 1: Cho hinhchoptirgide S. ABCD , codaylahinhbinhhanh, goi O latimciiaday.Goi (o) lamétphangdi

qua O va song songvéi(SAD). (a)cétAB, SC lanluottai M, Q .Haychonménhdéding:

A.0Q, SAchtnhau B. MQ / /(SAD)
C.0Q, (SAD)cétnhau D.SO / /MQ
Loigiai

Chon B

Giaitheotyu luén:
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