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PAP AN PE MINH HQA 19

Ciu 1. Vi SB.OA=0= SB L OA. Chon A.

Cau 2. s
Goi H 14 hinh chiéu ctia S xudng mit phing (4BC). [
Goi M la trung diém cua BC.

Ta c6 ASHA=ASHB = ASHC

= HA=HB =HC. ’ 4
Vay H la tm cta tam gidc ABC = £(SA4,(ABC))= £SAH M
Tinh : B

HA= —MjA = —"*3/5 = cos(£SAH) = % = %

= L(SA,(ABC)) = /SAH = arccos (%) = arcsin(\/%] . Chon C.

Cau3.Tacéd: y'=3x" -3 y'=0< x=+1. Hai diém cyc trj a (I;-1)va (-1;3).

Phuong trinh duong thang cuc tri 1a 2x+y—1=0. Chon A. Cé thé thyc hién phép chia

y cho y' nhung & day cac diém cuc tri “rat dep” nén c6 thé thay vao ngay.

Cau4.Dbit z,=-4+i. DPiém M,N lan luot 1a biéu dién cua s phirc z,z, trén mat phing
phtrc. Khi d6 MN =|z-i+4|=2 hay M cach diém N c¢6 dinh mot khodng céch khong
d6i. Vay quy tich qcexm tim 13 dudng tron tAm N ban kinh R =2, tranh nhdm hinh tron
(chura thém céac di€m bén trong).

Caus. 2 :J?(4x3 —2x)dx = (x* —xz)[ et - -2=(-2)(f +1)=0<t=4+J2. ChonB.

1
Ciu 6. Dicu kién: 0<x 1. PT(:)logx2+10gx5:logXIO:ﬁa)x“’0 =10 x=10""

A ) \ A 2 x>6
Cau 7. TXD cia ham s0: x" —-4x-12>0<
x<-=2
. 2x—-4 \ A 2 A . ror A s X
Taco: y'= . Ham s6 da cho dong bién khi y'>0(chu ynéucéd y'=0 thi

(xz —4x - 6)1nl
3
chi xdy ra tai hitru han diém)

&S x<2 v lné <0. Pdi chiéu diéu kién = ham sb d@)ng bién trén (—oo; —2) . Chon B.
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Cau 8. Vi z,,z, 1a nghiém phitc cia tam thirc bic 2 thi z, =z, = |z|=|z,|=/z,z, =2. Chon

B.

Cau 9.

() dung, day 1a cau 1y thuyét co ban, ngoai ra, ta con biét quy tich cua cac tiép diém la
mot duong tron.

(IIT) ding: Xét trudng hop tong quét v6i hinh chdp S.4,.4,4,...4,, goi O 1a tim mit cu
ngoai tiép hinh chop va H 1a hinh chiéu ctia O 1én mat ddy 4,4,4,...4, . Khi d6 ta co cac
tam giac vuong AOHA, = AOHA, = AOHA, =...= AOHA,

= HA = HA, = HA, = ...= HA, hay da giic 4,4,4,...4, ndi tiép dudng tron tam H .

(IV) dung. Xét truong hop tong quat véi hinh chop S.4,4,4;...4, , goi O 1 tim mit cAu
noi tiép hinh chop c6 ban kinh » va H 1a giao diém cua SO véi miat day 4.4, 4,..4, .

Khi do:
SO r _ r o r
SH d(H,(S44,)) d(H.(S44,)) ~ d(H.(S4,4))

=d(H,(S44,))=d (H,(S4,4,))=...=d (H.,(S4,4,)) hay diém H cach déu tat c4 cac
mat bén cua hinh chop.

(II) sai vi chua chic dudng thang nay di qua tiép diém gitta mat phang véi mat cau.

Vay co tat ca 3 nhan dinh dang. Chon C.

1 3 1 3
Cau 10. J-(3f(x+2)+1)dx=3J.f(x+2)d(x+2)+J.a'xz3J‘f(x)d(x)+x|lf1 =3m+2.
-1 1 -1 1
Chon D.
Ciau 11. Phuong trinh mit phang song song véi (P):x—y+z+2=0 la:
(Q):x—y+z+m=0.Laydiém M batkitrén (Q), ta can d(M,(P))=3.

Pé don gian ta s& 1y

M (0;0;-m) = d (M,,(P)) = ‘(\)/120:( (_—1;72):122\ NP {Z _ 1_17 . Chon C.

3 —_—
Cau 12. log,,a+log,b=1=log,b=-3=log Ya _log,a_log,b_24_=3_17

SV 2 3 2 6
Chon A.
Cau 13. P
” ¥
Dung hinh binh hanh OMPN trong mat phang phuc, khi '
do6 biéu dién cua : N
{|Z1 + zz| =0P
|Z1 - ZZ| = MN M
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2+ 22| = ylaf +[zf +2[z]|z]cos(150°) =1
=
2~ 2| = laf +[zf ~2lz[|z/cos(30°) =1

|21+Zz|_|21+22|

= =1. Chon B.

‘Zl _Zz‘ |Zl _Zz|

Cau 14. M6t ham s6 bat ki chi c6 tdi da 2 tiém can ngang, do 1a khi déng thoi ton tai cac
gia tri hitu han cua céc gioi han lim y, lim y va chiung khac nhau. Chon C.

Cau 15. Goi R la ‘t?zin kinh ctia k qua bong ban dung trong hop va dong thoi cua la ban
kinh day cua chi€c hop hinh try. Vi hop dung vira khit cac qua bong nén chifu cao cua
hop phai la bdi s6 cua ban kinh, hay # = k2R . Khi do:

+ Tong dién tich bé mit cta cac qua bong:
S, = k4nR’
+ Dién tich xung quanh ctia hop:
S, =27Rh = 27R (k2R) = 47kR?
=S, =5,=12 cm?. Chon C.
2x%+4x 2
Cau 16. log, (a2x2+4x + az) =x"+2x+log, (a2 + 1) < log, (az——i-aJ =x"+2x
a +1

257 +4x

2
20, 4 +a 2 2 2
ax+2,\: - 1 . (ax+2x)(a2+1):(ax+2x) +a2
a +

Dit 1 =a"">* ta thu dugc phuong trinh:

t=1=4d" 242x=0
t(a2+1):t2+a2c{ : ¢ c{x Y=Y olx=—2 . ChonD.
t=a

tan x

2
Cau 17. J-(tanx+ ! j dx='|.(tan2x+cot2x+2)dx

=J.( 12 -1+ .12 —1+2)dx=tanx—cotx+C
cos” x sin” x

tan x

:J-x(tanx+

2
j dx:x(tanx—cotx)—.[(tanx—cotx)dx

sinx coS X
:x(tanx—cotx)—j dx+J" dx
COSX sin x

=x(tanx—cotx)+jd(cosx) +Id(sinx)

, = x(tanx —cotx)+In(sinxcosx)+C. Chon A.
coS X sin x

Cau 18. D¢ y ring M (1;2;0) e (Oxy) nén dé dang thay khoang cach tir M dén Oz bing
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OM =12 +2*+0> =J5=R

— Phuong trinh mit cau can tim: (x— 1)2 +(y- 2)2 +z*=5.Chon A.
Cau 19.
(1) dang vi £ (x) =0 c6 bac 1¢ nén ludn c6 nghi¢m va 1a bac 3 nén ti da 3 nghiém thyec.
(2) sai vi van c6 thé xay ra truong hop dd thi ham sé ¢6 2 diém cuc tri nhung nam vé
cung mot phia so véi Ox, khi d6 f(x)=0 cling van chi c6 duy nhat 1 nghié¢m.
(3) sai vi con truong hgp ax® +mx +n ¢ 2 nghiém phan biét, trong d6 1 nghiém 1a x,.
(4) sai vi tich tung d¢ cua 2 diém cuc tri khong am thi yﬁn c6 thé xay ra truong hop bang
0, tirc s€ c6 1 di€m cuc tri nam trén Ox hay van c6 thé xdy ra trudng hop phuong trinh
/(x)=0 c6 2 nghiém phén biét.
(5) dtng vi khi d6 s€ xay ra f'(x)20VxeR hodc f'(x)<O0VxeR.
(6) dting, cht1 y diéu kién twong dwong 14 cin phai c6 b=d =0 tuy nhién ¢ day ta ding
tur “thi” nén nhan dinh nay van ding. Vay c6 tat ca 3 nhan dinh sai. Chon C.
Cau 20.
Sai & budc (IV), dé c6 thé xdy ra log, (log, x) > log, (log, x) thi log,x>1, & day khong
c6 dugce diéu d6. Chon C.
Cau 21.
Goi H 14 hinh chiéu ctia S1én (4BCD), H 1a tim hinh vuéng ABCD
= £(SD,(A4BCD)) = £SDH = 60"
a6
2
SH X SABCD - Cl3\/g

=V =
S.ABCD 3 6

= SH = HD-3 =

Goi P,Q lan luot 1a giao diém ctia BM, AD va MN,SD .
Do d6 mat phang (BMN) chia khéi chép thanh hai phan
1a S.ABNOP va NOPBCD .

Xét tam gidc MBCcd PD// BC
va DM = DC = PA= PD

S 14
= SABP =—4L = Vs app = S.4BCD
4 4
Tuong tu: Ve gy = & XV ppe = Vs asco
' SC '
va VS_PQN =S_NX£XV _ Vssen

SC sp” 5P 12
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7
= VS.ABNQP =V 50 T Vopan + VS.PQN = E XV apen -

Vay chénh léch d6 16n thé tich gitra hai phan la:
(l_ 5 j _ Vs sep _ as\/g
6

. Chon A.

— X =
S.ABCD
36

4

S o
I _ dxzjxd(tanx) :xtanx|05 —jtanxdx
0 0 0

. 3 .
:xtanx|0? +J‘d(c—osx)a’x:(xtanx+lncosx)‘03 =" 2
0

cosx \/5
% 2% 2
dex:x— -
) 2| 18
% , a=3 .
:slzjxtanzxdle—lnz—”—:s b=-1 =a+b+-=-16.ChonD.
. NE) 18 | c
BT
Chu 23. PTHDGD:

x=0
x4—m2x2+3:(1—m2)x+3<:>x(x—1)(x2+x+1—m2)=0<:> x=1
X Hx+1-m*=0
Dé d0 thi ham s6 y = x* —m’x’ + 3¢t duong thang y =(1-m”)x+3 tai 3 diém phan biét
< Phuong trinh x>+ x+1-m? =0 c6 duy nhéat 1 nghiém khac 0 va 1
A=1'-4(1-m*)=0

SAP+1+1-m* %0 ©m=i?.ChQnB.
0°+0+1-m>#0
s o |2x*+x-1>0
Cau 24. Diéu kién: v . PTo X +x=2x"+x-1<x=41.
O<x’+x#1

Chi c6 nghiém x =1 thda diéu kién. Chon B.
Cau 25. Goi G(l;1;2) la trong tdm tam gidc 4BC = GA+GB+GC=0.Tacé:
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MA* + MB* + MC* = MA + MB +MC = (]\TG+G71)2 WL(M—GvL@)2 +(M—G+G~C)2

=3MG* +2W(@+@+G—C)+GA2 +GB* + GC* =3MG* + GA* + GB* + GC*

Nhu vay, can tim vi tri M e (P) dé MA®> + MB* + MC? nho nhét thi MG nho nhét.

Ma MG >d(G,(P)) nén M 14 hinh chiéu cia G 1én mat phang (P).

Duong thing (d) qua G vudng goc v6i (P) nhan vecto phap tuyén clia (P) 1am vecto
chi phuong nén c6 phuong trinh la: x-1=1-y=z-2=M (m+L1-mym+2).

Do M =(d)n(P) nén:

m+l—(1—m)+(m+2):0c>m=—§:>M(§;§;%j:>0M=@. Chon A.

Ciu 26. D6 thi ctia ham s6 bac 4 bat ki s& c6 tdi da 3 diém cuc tri. Nhu da biét, dé v& do
thi ham s6 y = ‘ f (x)‘ ta c6 thé l1dy dbi xting phan dd thi ndm bén dudi va gitt nguyén
phan d6 thi ndm & trén truc Ox cta d6 thi ham sd y = f(x). Trudong hop d6 thi ciia ham
6 y = ‘f(x)‘ s& c6 nhiéu diém cyc tri nhit 1a khi d6 thi ham s6 y = f(x)c6 3 diém cuc
tri va nam ¢ 2 phia so voi truc Ox, c6 toi da 7 diém. Chon C.

Cau 27. Gia st c6 mot diém M (x,In(x-1)) nam trén d6 thi cia ham sé f(x) thi diém ddi
ximg véi M qua O s& c6 toadd N(—x,—In(x—1)) (hoanh dd va tung d6 ciia M,N déu
d6i nhau) hay N (-x,~In(~(-x)=1))
= g(x)=-In(-x—-1)=-In(x+1)

1 1
:>g'(x)=—xJrl :>g'(2016)=—m. Chon C.

T

T

2
Cau 28. bit x = E_t =1= I(2°1\7/cost —sint)dt =—1 = I1=0. Chon A.
0

Cau29.Tacoy>0= 1" =4+2J4—-x> =2 4<)*<4+2/4=82<y<22.

a=2
:>{ —ab=42

b=22
Chon C.
Cau 30.
Xét diém M (LLm)ed. Vi
=]
dC(P):>M€(P)I2+m—(m2+1)m+m—2m2=0©m3+2m2—m—2:0©{m 5
m=—
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: —_ =-1
Mz_'ltkhéc,khldc(P):>qud:O<:>m2+4m+3:0<:>{m ;
m=—
Vay m =1 1a gia trj can tim.
Cau 31. Lay A(1;-1;0). Vi (d"') ddi xtng véi (d) qua M nén (d)//(d') va ddi xting clia
A qua M thudc (d').
Goi B 1aanh cia 4 dbi xtimg qua M . Khi d6 M ciing 1 trung diém cta 4B .

x;rl :yT_S:z—2. Chon A.

= B(-1;52)=(d"):

Cau 32.

1 3 1 3 1 x=1

64m:’“2’”\4/1:>4m=4)‘2-“1:>7 Lo o x4 70
X — X=X+

7
X=—
3
1
Tuy nhién, ta can chd ¥ rang néu viét a® thi chi cin b e R\ {0} nhung khi viét &/a thi 5 phai
14 s6 nguyén duong va b > 2 . Do d6 ca 2 nghiém trén déu khong thoa. Vay phuong trinh ndy vo
nghi¢m.
Cau 33. Ta c6 nhan xét ré“tng dd thi ham sb da cho chi c6 thé c6 duong tiém can ding hoac
duodng tiém can ngang vi bac tir khong 1én hon bac mau. Mat khéc, d6 thi ham so6 da cho
ludn c6 duong ti€ém can dung vi:

+ Xeét m;t—%:> lim y = limM:ﬁo
9 x—3" -3 x—=3
2x’ )
T T \2(x+3)

+ Xét m:—%:>1imy:1im

R -y . -
x—3" x—3" x—3 x—=3" 3W3—x

Bai toan dua vé can tim m deé do thi ham so da cho khong cé nhiéu hon 1 dudng ti€ém can
ngang.

fm+=
Xét lim y = lim —3)‘ . Nhu vay néu m > 0 thi ta ludn c6 duong TCN y =+/m . Tuong
X—>+0 X—>+00 1 2
X

tw xét lim y ta ciing thdy néu m >0 thi ta luén c6 duong TCN y =—/m .

Vay dé dd thi ham sd c6 khong qua 2 duong tiém can thi m <0. Chon C.
Cau34.Dit z=a+bi v6i a,peR =z=a—-bi.
Tir |a+bi—(a—bi)| =[2bi] =2[p| =23 < b=+3

eR:>a=0:>|Z|=\/§.ChQnB.
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Cau 35. AE=BC=a va AE//BCnén tt giac AECB la hinh vudng. Suy ra tam gidc ECD
vudng can tai £. Ta c6: S4 L CE L AD = CE L(SED). Nhu vay ta dién SCDE c6
CE 1 (SED). Pudng cao CE = AB =a, by gid ta chi can tinh ban kinh R, cua duong
tron ngoai tiép tam gidc SED.

5. - Ssup _ SE-ED.SD _ R = a~10 LR (CEJ LR \/_
2 4R,

Cau 36.
_In3 ln4 In5 In2017 In2017

X X... X
1n2 In3 In4 In2016  In2
B= log(tan 1°.tan 89’ ) + log(tan 2° tan 88" ) +

. Chon D.

= log, 2017

+10g(tan 3% tan 870) 4.+ 10g(tan440. tan46°)+ 10g(tan45°)
= 45logl=0

= A+1999B =log,2017. Chon A.
Cau 37.

(1) sai vi can thém gia thiét f(x)=0 tai hitu han x € K

(2) sai vi c6 dao ham thi lién tuc nhung lién tuc chua chic c6 dao ham.

(3) sai vi nghich bién trén K khong c6 nghia la s& ton tai dao ham tai tat ca cac diém trén
K, do do6 van c6 kha ndng ton tai cac diém khong v& duogc tiép tuyen.

(4) sai vi f(x+1) khong thé suy tinh dong bién ra tir £ (x).

(5) dung.

(6) sai vi ham £ (x) khong lién tuc thi d6 thi cta no ciing khong cat Ox.

Vay chi c6 1 nhéan dinh dang.

Chon D.

x-2 y-3 z-4
Me(d,): TV 1T -1

Cau 38. . 5 5
Ne(dz):x_ _Yre_Z-
2 1 -2

M (2—m;m+3;m+4)
N(2n+1;n—2;2—2n)

:m=(2n+m—1;n—m—5;—2—2n—m)

Vi (d)// (P) nén MN.n, =0 v6i n, =(1;-1;1) 1a vecto phép tuyén cia (P) < m=n-2
Thay vao didu kién MN =36 tim duoc phuong trinh dudng thing la:
z—4

>

x-2=3-y=

Chon D.
Cau 39.
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Goi H 14 hinh chiéu ctia D xudng mit phing (4BC) = 4D > HD

Ta co:

AC3

2
>33 AH.BC.AC.5in ACB =3.3[6V ,.) =3
Do d6: AD 1 (A4BC) va

AC2*523:{AC=§*6:AB=\/21—6\/§

BC =

9= AD+BC + > AH + BC + AC.sin ACB

AD =BC =

Cau 40. Bat 1 =x*> = 1* — 4t +|log,a|+3=0 (1).

Dé phuong trinh di cho c6 4 nghiém phan biét thi phuong trinh (1) ¢6 2 nghiém duong
phéan biét.

{A' =4—(|log, a+3)>0

c>0£|10g3a|<1@—1<log3a<l©{l<a<3.ChQnD.
log,a|+3>0 3

Dbi v6i bai niy theo thoi quen s& dua vé twong giao gitta 2 d6 thi s& gy rdi khi ham
log, a 1a dudong cong.
Ciu 41. X¢ét trong mit phang phirc, v6i cac diém M 1a biéu dién cta s6 phirc z va A(4;0)
, B(1;4).
Dua vao dé bai ta c6 AM = BM =2 hay M nam trén dudng trung truc ctia 4, B va cach
A, B mot khoang bang 2.
Tuy nhién, dé y ring AB=5= MA= MB> % =2,5. Do d6, khong ton tai sb phirc ndo
thda mén dé bai. Chon A.
Ciu 42. Dién tich mit ¢6 an chung s& 16n nhat khi 2 soi day dugc kéo cang va 14 phan giao
cua 2 duong tron.

I|
<
0 1 2 I.Ts M(4;0) [«

Xét hé tryc toa do nhu hinh v€, goi O, M 1a vi tri cua coc. Bai toan dua vé tim dién tich
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phan dugc t6 mau.
Ta c6 phuong trinh duong tron tdm (O): x* + y* =3* va phuong trinh duong tron tim

(M):(x—4)" +y* =22
Phuong trinh cac duong cong ctia dudng tron nam phia trén truc Ox 1a: y=+9—x* va
y=4/4- (x - 4)2

) .2 21
Phuong trinh hoanh d6 giao didm: /4—(x—4)’ =V9—x> <= 4+8x—-16=9 < x =
g O g Ja—(x—4) =+ 3

21
g 3

Dién tich phan dugc t6 mau la: S=2 j,/4—(x—4)2dx+ j\/9—x2dx ~1,989. Ta co thé
2 3

giai tich phin nay bang phép thé luong giac, tuy nhién dé tiét kiém thoi gian nén bAm may.
Chon C.
Cau 43. Goi 7,r, 1a ban kinh cta 2 hinh tron dugc cit. Ta c6 nhan xét réng:

+ 2 duong tron nay phai tiép xtc nhau vi néu chua tiép xuc thi chung van con “khoang
trong” dé phong to 1én.

+ tuong tu nhu vay, 2 duong tron ndy phai tiép xuc voi cac canh cua hinh vudng va m01
dudng tron phai tiép xtic t6i thiéu 2 canh (vi néu chi tiép xtc 1 canh thi vin con “khong gian”
dé “phong to” 1én).

+ 2 canh ma duong tron thir nhét tdi thiéu tiép xuc va 2 canh ma duong tron thir 2 t6i
thiéu tiép xtc phai khac nhau hay noi cach khac, 4 canh d6 du 4 canh cua hinh vuéng.

Nhu vay, khi d6 ta c6 hinh dang cta 2 duong tron chita cac tinh chat da néu nhu hinh
\(H
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Dé don gian, gia s canh hinh vudéng bang 1. Tong dién tich cua 2 hinh tron 1a
S=r (i +1). Bai toan dua vé:

Tim GTLN ctia biéu thitc: P=7" +72 bibt r, +rV2+1,+1nV2 =2 va 0<r,n <

N | —

TU 1 +7N2+1+1\2 =V2 <1+, =2-+/2 . Thay vio:
P=rt4rt =it +(2-2 1) =22~ (2-42)+(2-V2) = £ (r)

2-2

= ['(1)=41—(2-V2) > 1'(1) =05 =
Dua vio bang bién thién, ta c6 = £(r) Sf(lj.

2
Khi 7/1:% thi 5:3‘§ﬁ:>f=r—2=\/§—1 vi (k<1)
n

1

Ta 6 thé khong can xét ham f(7;) vi no chi la tam thirc bac 2, d& dang x4c dinh truc la
xX= —i. Chon B.
2a
2xy =0
Cﬁu44.Dz§tz=a+bi—>22:‘23‘<:>x2—y2+2xyi—‘z3‘=0<:> sy s
x =y —‘Z ‘:0
Véi x=0:>y2+‘z3‘=0c>z=0
Voi y=0=z=x=>x"-x =0 1
x=x=1
Vay c6 tit ca 3 sd phirc thoa yéu cau dé. Chon C.
Ciu 45. Tong s6 tién nhan duge: 1000000000 (1+7%)" =1967151357. Chon D.
Cau 46.

Dung hinh binh hanh BCDE va hinh binh hanh
ABCE , thu dugc lang try ABE.FCD nhu hinh vé.

Ta co: Viseo ¥ Varco Vo ase = Vase.rep

= VABCD = VABE.FCD - (VA.FCD + VD.ABE)

v v
MavVv =V — LABEFCD _ 17 _ Yape.Fcp
A.FCD 3 3

D.ABE — ABCD —

d(AB,CD)=d(AB,(CFD))= AF =+

Vi 4B// CFC(CDF):> V3
L(AB,CD)zZ(CF,CD):ZFCD:%
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V ine rew = Spep AF = %.CF.CD.sin (£FCD).AF

= %.AB.CD.sin(LFCD).AF =23 =V 0 = 243
Chon B.
Ciu 47. Bai toan nay ta s& giai quyét bang cach tng dung phuong phéap toa do trong khong
gian.

bat h¢ truc toa do nhu hinh vé. Khong mat tinh tong quat, va dya vao yéu cau vé vj tri
3 con nhén ta x4c dinh 1a cac diém M, N, P nim trén cac canh A'B',CC', AD nhu hinh v&.

A'(0;10;0) B

M
D c

P

B(10;0;0) x

. D(0;0;10) c

Yéu cau bai toan la can tim toa do cta 3 diém M,N,P dé chu vi tam gidc MNP nho
nhat.

bit M (x;10,0),P(0;0;z),N(10;y;10). Chu vi tam gidc MNP la:

MN + NP+ PQ = (x=10) +(y=10)’ +10> +,10° + y + (z—10)’ +x* +10° + 2*

= J10=x) 4 (y=10) +107 + /3" +(2=10)" +10° + /2> +(~x)’ +10’

Ap dung bat dang thirc vecto :

= MN + NP+ PM > J(10-x+ y)’ +(3+2-20) +20° +/=* +(~x) 10’

> J(10=x+y+2)’ +(y=10+2-10-x)’ +(10+10+10)’

= 2(y+z-x-5) +450+(10+10+10)’ 2156
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y+z—x=5
10-x y-10 10

y=z

Dau bang xay ra khi =— S{2y—x=5&x=y=z=5
y  z-10 10
x+y=10
10-x+y y+z-20_20
z -X 10
Vay gia tri can tim 1a 15\/8.Ch(_)r1 A.
Cau 48.

Pit hé truc toa d0 Oxy nhu hinh v&, véi Ox di qua tAm 2 mat cau, phan thé tich dé yéu
cau 14 thé tich cta phan t6 mau xoay quanh truc Ox .

Ta c6 phuong trinh ctia duong tron 16n 1a x* + y* =1, trong d6 duong cong nam & goc
phan tu tht nhét c6 phuong trinh y =+/1-x* .

Thé tich can xac dinh la:

3 1 3

V=l(47zr j_” J' (l—xz)dle(“mﬂ
2

:%[2r3+(2+r2)\/1—r J_2_7z'

Xétham'sd f(r)=2r+(2+ )17
3r2(2 l—rz—r)

\/1—r2

3

2_
\/l—r2

voi O<r<1= f'(r)=6r

4 2
"(N=0=2Wl-rr=rer=—ocr=-—~
7'(r) rr=ror s r NG
A s X AL 1 _ 2
Lap bang bién thién ham f(r):%i[%f(r)_f(ﬁj
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a+f=-z 2

Ciu 49. Taco: { = (a-p) =(-2) —4(z, +m) =zt 4z, —4m =16+ 20i — 4m

aff =z, +m

Theo dé thi o - f|= 247 < [4+5i—m| =7

Goi M 1a diém biéu dién cua s6 phitc m trén mit phang phtrc. Tir |4+5i —m|=7 suy ra
khoang céch tir diém M dén diém N (4;5)c6 khodng cach khong ddi 1a bang 7 hay M
thudc duong tron tam N ban kinh R =7

Can tim gi4 tri 16n nhat va gié tri nho nhat cta |m| hay ciing chinh 1a do dai cia OM .

Dya vao hinh ta ¢6: O4=R—-ON <OM vi M nam ngoai (0;04) néu M = 4.

Tuong tu OB=R+ON <OM

— R—ON <OM <ON+R < 7—/41 <OM <7+41

= 0A0B =(7-41)(7+/41) =8

Cau 50.
Pua céc vi tri vé nhu hinh v&, dé dang tinh dugc HK =0,12 km.
Goi M 1a vi tri & bo bién ma nguoi d6 boi vao.
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bat HM:x,déténgquéttadét HK =d, AH =a, BK=b, v,=15va v, =25.

. . . Jii+ 2 b +(d-x)
Khi d6 tdng thoi gian dé vi khach ditr 4 dén Bla : 1= f(x) =225 4 (d-x)
M V)

X d—x

voi 0<x<d = f'(x)= -
va® +x° vz\/b2+(a’—)c)2

X d—x a\ b Y
- f'(x)=0 = =% (—j +1:v\/( j +1
( ) le/a2+x2 Vz\/bz'f'(d—x)z 1\/ X W7

2

2
Xétham g(x)= (gj +1 voi 0<x<d = g'(x)= <0 Vvl 0<x<d

X

hay ham s6 g(x) nghich bién trén doan [0,d].

Tuong tu ta xét ham

h(x) = (d”

- X

2
j +1 voi 0<x<d =h'(x)= —>0 véi 0<x<d

@)

Nhu vay, dong thoi suy ra duge ham f'(x) dong bién trén doan [0,d].
Laico: f'(0)<0 va f'(d)>0, dé thdy ham ham f'(x) lién tuc.
Do d6 phuong trinh f'(x)=0 c6 duy nhét 1 nghiém x, € (0,d).
} 1 1 d—x
Mat khac, voi x[0,x,) = al < = < = f'(x)<0
[ 0) vl\/az_'_xz g(xo) h(xo) vz\/b2+(d—x)2 ( )
: 1 1 d—x
Tuong tu vo1 x € (x,,d| = al > = > = f'(x)>0
( 0 ] le/a2+x2 g(xo) h(xo) vz\/b2+(d—x)2 ( )

Vay dua vao bang bién thién, ta két luan 1?04311]1 F(x)=71(x)

hay ham sb /(x) dong bién trén doan [0,d].

Thay s6 : x°2 == L12 % >
150,03 +x,”  25,0,06> +(0,12-x,)

= x, 0,018 = AM =+/x* + AH* ~0,035 km.
Chon C.
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