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VI TRI TUONG POI CUA HAI PUONG TRON.
TIEP TUYEN CHUNG CUA HAI PUONG TRON
A. Kién thitc co ban
1. Ba vi tri tuong d6i cua hai dtr
Xét dtr (O; R) va (O;r) véi R>r,00 =d , ta co:
a) Hai dtr cit nhau
- 56 diém chung: 2
-héthtc: R—r<d<R+r
b) hai dtr tiép xtc nhau
- 56 diém chung: 1
- h¢é thuec:
+ tiép xtic trong: d=R—r>0
+ tiép xtic ngoai: d=R +r
¢) hai dtr khong giao nhau
- 86 diém chung: 0
- hé thirc:
+ 2 dtr & ngoai nhau: d>R +r
+ 2 dtr dung nhau: d <R —r
+ 2 dtr dong tam: d =0
2. Tinh chat dudng nbi tim
- Pinh 1y:
a) Néu 2 dtr cit nhau thi 2 giao diém ddi xing véi
nhau qua duong ndi tdm, tac 13 dudng ndi tam la
duong trung tryc cua day chung (OO 13 dudng trung
truc cua day AB)
b) Néu 2 dtr tiép xGc nhau thi tiép diém nam trén
dudng ndi tam (A thuéc OO’)
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3. Tiép tuyén chung cua hai duong tron

- Pinh nghia: tiép tuyén chung cuia 2 dtr 14 dg thg tiép xtc véi ca 2 dtr d6
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dq d2
dz
d;; d; 1a tiép tuyén chung ngoai: tiép tuyén
chung ngoai khong cat doan noi tam 4,
d;; d 1a tiép tuyén chung trong: tiép tuyén
chung trong cat doan noi tam

B. Bai tap ap dung

Bai 1: Cho duong tron (O; 4cm) va dudng tron (O'; 3cm) cit nhau tai 2 diém phan biét A;
B biét 00 = 5cm. Tir B vé& 2 duong kinh BOC va BO'D

a) CMR: 3 diém C, A, D thang hang

b) Tam gidc OBO' 1a tam giac vudng

¢) Tinh dién tich tam gidc OBO' va dién tich tam gidc CBD

d) Tinh d6 dai cac doan théng AB; CA; AD

LG
a) CMR: C; D; A thang hang , B
+ ta ¢6: tam giac ABC ndi tiép dtr (O) c6 BC lam
dkinh => tam gidc ABC vudng tai A => £ A; = 90° 4 3
+ lai c6: tam giac ABD ndi tiép dtr (O') ¢6 BD lam H\, o
dkinh => tam gidc ABD vuong tai A => /A, =90° 5
+do LCAD= ZA+ ZA;=...=180°
=>3 diém C, A, D thing hang 5
b) CMR: tam giac OBO’ 1a tam giac vuong c A

+taco: 00° =5"=250B"+0B’ =4"+3"=25.= 00" = 0B* + 0 B* (= 25)
=> tam giac OBO vuong tai B ( theo dinh 1y d4o cua dinh ly Pytago)
¢) Tinh dién tich tam gidc OBO' va dién tich tam gidc CBD

ta co:

s 1 1

=—0OBOB= 5.4.3 =6cm?

AOBO' 2

1 1

S —CB.DB=—.8.6=24cm’
2 2

AOBD —

d) Tinh d¢ dai cac doan thing AB; CA; AD ) ’
+ta c6: OO’ 1a dg trung truc cia AB (theo tinh chat doan noi tim)

= BH 1 00 va BH = %AB hay AB =2.BH

+ xét tam gidc OBO', £ B =90, theo hé thirc vé canh va duong cao trong tam giac vudng
ta cO: OBOB=HBOO = BH = 0B 'O,B _43 2,4 cm
00 5
== AB=2.BH=2.24=48cm
+ 4p dung dinh ly Pytago cho tam giac vudng:
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—AABC,A=90" = AC =\/BC* — AB* =\|8 —-4,8° =6,4 cm

—AABD,A=90" = AD =~/BD* - AB> =6’ — 4,8 =3,6 cm

Bai 2 (twong tu BT76SBT/139): Cho dtr (O) va (O) tiép xtc ngoai tai A, dg thg OO’ cét
dtr (O) va (O') lan luot tai B va C (khac A). DE 1a tt chung ngoai (D thudc (O), E thudc
(0"), BD cit CE tai M

a) CMR: «DME = 90° b) Tt gidc ADME Ila hinh gi? Vi sao?
c) MA 1a tt chung cua ca 2 dtr d) MD.MB = ME.MC
LG

a)tacd: 20, = «B;+ 2D, (gbc ngoai cia tam giac), ma ~ B; = £ D, (tam giac can)

=0,-28=5-20 ()
+laico: 5 =C +E, (gbc ngoai cua tam giac), ma ~C;= £E, (tam giic cin)
=0-26=6-20, @

+tir (1) va (2) B +C = %(51 +0 ) - %.1800 _90° (theo tinh chit hinh thang)

— BMC =90" hay DME =90"
b) + tam giac ABD nt dtr (O) c6 AB la dkinh => tam gidc ABD vuong tai D
=>/ADB =90 => ~ ADM = 90°
+ tam gidc ACE nt dtr (O) c6 AC la dkinh => tam gidc ACE vuong tai E
=>/AEC =90°=> Z AEM = 90"
+ tir gidc ADME ¢6: ZADM = ~DME = ZAEM = 90° => tir gidc ADME 1a hinh chit
nhat
c) + goi I 1a giao diém ciia AM va DE => tam giac IAD cantai [=> £ A, = 2D; (3)
+ do tam gidc OAD cantai O nénsuyra: ZA;= 2D, 4)
+tr (3)va(4)=> LA+ LAy= /D, + D3 =90° (tinh chét tt tai D) => MA vudng goc
voi AB tai A =>MA la tt cua dtr (O) va cling 1a tt cua dtr (0)
Bai 3: Cho dtr (O) va dtr (O) tiép xtic ngoai tai A, BC la tt chung ngoai cua ca 2 dtr (B, C
1a cac tiép diém). tt chung trong cta 2 dtr tai A cat BC tai M
a) CMR: A, , C thugc dtr (M) duong kinh BC
b) Puodng thang OO’ ¢6 vi tri ntn d6i véi dtr (M; BC/2)
¢) Xéc dinh tAm cua dtr di qua O, M, O’
d) CMR: BC 1a tt cua dtr di qua O, M, O’
LG
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a) theo tinh chat 2 tt cit nhau, ta c6:
MdA = MB = MC = %BC — tam gi4c ABC vudng tai

A => a nam trén dtr c6 dkinh BC. Hay 3 diém
A, B, C thuoc (M; BC/2)

b) va (0) va (O) tiép xlic ngoai tai A => A
thuoc OO => OO vudng goc voi MA tai A
thudc (M; BC/2) => OO0 1a tt cua dtr (M; BC/2)

¢) theo tinh chat tt cat nhau, ta co:
B]W/\OZA/ATOZ%A/ATB, Cm:m:%m

— AMO + AMO =%(A/AZ3+A/M\C)=%.180° ~90°

=> tam giac OMO’ vudng tai M => tdm cua dtr di qua 3 diém O, M, O’ 1a trung diém I cua
canh OO’
d) + tr giac BOOC 1a hinh thang vudng vi ¢c6 BO // CO’ (cung vudng goc vi BC)

, BM =MC ,
+ X¢ét hinh thang BOO C, ta ¢o: , }: MI la dg trung binh cua hthang BOO C

=>IM // OB, ma BCL OB =>IM L BC => BC la tt ctia dtr di qua 3 diém O, O, M
Bai 4(BT86SBT/141): Cho dtr (O) dkinh AB, diém C nam gitta A va O. V& dtr (O') dkinh
BC
a) xac dinh vi tri twong dbi cua dtr (O) va (O)
b) ké day DE cua dtr (O) vudng goc véi AC tai trung diém H cua AC. Tt giac ADCE 1a
hinh gi? Vi sao?
¢) goi K 14 giao diém ciia DB va (O'). CMR: 3 diém E, C, K thing hang
d) CMR: HK 14 tt cua dtr (O)

LG
a) ta c6: 00 = OB — OB > 0 => (0) va (O) tiép
xuc trong tai B
b)+vi AB L DE tai H=>DH = EH K
+ xét tir gidc ADCE, ta co :
DH =FEH
AH = CH } =0 ADCE la hinh thoi A
AC 1L DE

c)taco:

0DzOAzOB=%AB:>AADBvu6ngD:> AD 1 BD

OC=0K=0B= %BC = ACKBvuong K = CK L BD
=> AD// CK (1)

+ ma ADCE l1a hinh thoinén AD//CE  (2)
+tir (1) va (2) => C, K, E thang hang (theo Tién dé Oclit)

d) + vi KH 1a trung tuyén cta tam giac DKE vudng tai K => HD = HK = HE => tam giac
HKE can tai H=> ZK, = ZE, *)

+ma ~E; = 2B, (cung phu v6i « BDE) (**)
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+tu (*) va (**) => 2K, = £B; (3)

+ mat khac: 2B, = £Kj; (tam gidc O KB cén tai O) 4)

+tr (3)va(4) = 2K, = 2ZKj

+do ZK,+ /K, =90° = /K, + /K, =90" = HK 1 OK =HK la tt ctia dtr (O")
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GIAI HE PHUONG TRINH BANG PHUONG PHAP CONG DPAI SO

A. Kién thirc co bin
1. Quy tic cong dai s6: gdm 2 bude
- Cong hay trur tung vé2 pt cua hpt da cho dé dc pt méi
- Dung pt moi ay thay thé cho 1 trong 2 pt ciia hé (giir nguyén pt kia)
2. Tom tit cach giai h¢ phuong trinh bang phuong phap cong dai so
- Giai theo quy tac: “Nhan bang, doi 601 cong, chia

Thay véo tinh ndt an kia 1 thanh”
- Nghia la:
+ nhan cho hé so ctia 1 4n trong hai phuong trinh bang nhau
+ d6i dau ca?2 Ve ctia 1 pt: hé s6 cua 1 4n d6i nhau
+ cong vé voi vé cua 2 pt trong h¢, rat gon va tim 1 an
+ thay vao tinh ndt an con lai
B. Bai tap ap dung
Bai 1: Giai cac hé phuong trinh sau bang phuong phap cong dai s6

1

sx+2y=1 |*" 19 2x+3y=-2 [x=-1
a) = b) =
3x+5y=3 12 3x-2y=-3 y=0
Y=
19
x—7
3 =38 =3 2y =5 3
o xX+y - X ) x+2y - 3
Tx-2y=23 y=-1 x—y=1 4
yzg
Bai 2: Giai hé phuong trinh bang phuong phéap cong dai sd
\/§x+2\/§y > x=\2 35x—4y=15-27 x=s
) 9 < B b) =N NG
Wax-\By== |y=22 3x—2y=-3 =31
2 2 2
X 2 2
5(x+2y)=3y-1 8 4x* =5(y+1)=(2x-3
c ( y)=3y = 8 H (v+1)=(2x-3) < {hé vd nghiem B
2x+4=3(x—5y)—12 y:_ﬁ 3(7x+2):5(2y—1)—3x
40
1 2(2x+1 3—3 2)-6 _ !
6(x+y)=8+2x-3y X=—— —2(2x+ )+5_ (y=2)-6x x__E
e) P RS 4 2) 2 = 3
S(y=x)=5+3x+2y |, ?—4(3—x)=2y—(5—x) y=3

ai 3: Giai hpt bang phuong phap cong dai s6

Group: https://www.facebook.com/groups/tailieutieuhocvathcs/




Truy cip Website : hoc360.net — T4i tai liéu hoc tip mién phi

—1)" =(x+2)" =9 __ 7+x) —(5+x)' =6 -
A o
(y—3) —(y+2) =5x y=3 (2—y) —(6—y) =4x y=4
Bai 4: xac dinh a, b dé do thi hs y =ax +bdiqua 2 diém A va B trong céc trudng hop sau:
a) A(4; 3), B(-6; -7). bap s6:a=1; b =-1
b) A(3; -1), B(-3; -2). Dap s6: a=1/6; b =-3/2
¢) A(2; 1), B(1;2). Dap s6:a=-1;b=3
d) A(1; 3), B(3;2). bap s6: a=-1/2; b=7/2

x+1 y+2 _ 2(x—y)

Bai 5: Tim m dé nghiém cta hé phuong trinh: 33 43 > ciing 1a nghiém cua
x-3 y-—
R
2 y
phuong trinh: 3mx — Sy =2m + 1
x+1 y+2_2(x—y)
, - = 4x—9y=-10 =11
~taco:rd 3 4 S ks
x-3 y-3 15x-28y =-3 y=6
R

- thay x = 11; y = 6 vao phuong trinh ta dc: 3m.11-5.6 =2m+1<3lm =31 m=1
Bai 6 : Tim m d€ duong thang (d): y = (2m — 5)x — 5m di qua giao diém cua 2 duong
thang (d;) : 2x +3y=7va(dy) : 3x +2y=13
2 2 LG 2

- goi A la giao diém cua duong thiang (d;) va (d,). Toa do cuia di€ém A la nghi€ém cua hpt :
{2x+3y =7 - {sz o AGS ;1)

3x+2y=13 y=-1
- vi dg thg (d) di qua diém A nén toa do diém A thoa man dth (d). thay x =5 ; y = -1 vao
(d)tadc: —1=(2m—5).5—5m<:>5m=24<:>m=%
Bai 7 : Tim m dé cac duong thag sau day dong quy :
(d):5x+11ly=8; (dp) : 4mx+ 2m—-l)y=m+2; (d3): 10x—Ty="74

LG

- goi A 1a giao diém cta duong thang (d;) va (ds). Toa do cta diém A 13 nghiém cta hpt :
{5x+11y:8 @{x:6 A6 -2)

10x-7y =74 y=-2
- dé 3 dg thg trén dong quy thi dg thg (d,) phai di qua diém A, tirc toa do diém A thoa min
dth (dy). thayx =6 ; y =-2 vao (dz) tadc : 4m.6+(2m-1).(-2)=m+2<=19m=0=m=0
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GIAI BAI TOAN BANG CACH LAP HE PHUONG TRINH
A. Kién thirc co bin
Pé giai bai toan bang cach lap hé phuong trinh ta thyc hién theo 3 budc sau
- budc 1 : 1ap hpt (bao gdm cac cong viéc sau)
+ chon an va dit diéu kién thich hop cho an)
+ biéu dién cac dai lugng chua biét theo an va cac dai lugng da biét
+ 1ap hpt biéu thi twong quan gitra cac dai luong
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- budce 2 : giai hpt vira 1ap dc ¢ budce 1
- buée 3 : két luan : so sanh nghiém tim dc véi diéu kién dit ra ban dau
B. Bai tap ap dung
Dang 1: Toan tim s6

- Ta phai chu ¥ t6i cdu tao ctia mot s6 c6 hai chir s6 , ba chit s6 ...viét trong hé thap phan.
Diéu kién cua céc chit s6 .
Bai 1: Tim hai sb biét rdng 4 1an s6 thr hai cong véi 5 1an sb thi nhat bang 18040, va 3 1an
s thtr nhat hon 2 14n s6 tht hai 1a 2002.

LG
- 20i 56 tho nhat 1a x, s6 tht hai la y (x,ye N)
5x+4y=18040  [(x=2004
3x—2y=2002 <:>{y:2005
Bai 2. Tim mot s6 ty nhién ¢6 hai chir sd, biét rang s6 d6 gip 4 1an tong céac chir s6 cia no.
Néu viét hai chit sd ctia n6 theo thir ty nguoc lai thi de s6 méi 16n hon sb ban dau 36 don
Vi.

- theo baira, ta co : {

LG
- goi $b tu nhién can tim ¢6 dang: ab (a,beN;0<a,b<9)
N e , _b = 4 + b = 4

- theo bai ra, ta co: o _(a )<:> {a

ba-ab=36  (b=8
Bai 3. Tim mot s 6 hai chir s6. Biét rang néu viét thém sé 1 vao bén phai s6 nay thi duoc
mot s6 ¢ ba chit s6 hon s phai tim 577 va so phai tim hon s6 d6 nhung viét theo thu tu
nguoc lai 1a 18 don vi.

& ab =148

LG
- goi sb tu nhién can tim ¢ dang: ab (a,beN;0<a<9;0<b<9)
.. , |abl—ab=577 [10a+b=64 [a=6 —
-theobaira,tacod: 4 __ o = < ab=64
ab—ba=18 a—-b=2 b=4
Bai 4. Tim mot s6 c6 hai chir s, biét rang tong hai chit s6 ctia n6 nho hon s6 d6 6 1an va
thém 25 vao tich ctia hai chir s6 d6 s€ dugc so viét theo thir tu ngugc lai voi s6 phai tim.
LG
- goi sO tyr nhién can tim c6 dang: ab (a,b e N;0<a,b<9)

25
— 5 az?loai
..  |lab=6(a+b 4a=5b ==b
—theobalra,tacoz{ ( _)Q{ D | b=5
ab+25=ba  |ab+25=ba 1> oy 29_0 |(aq=5
b_4th0aman

- vay sO can tim la : 54

Dang 2: Toan lam chung, lam riéng
- Ta coi toan bg cong viéc 1a 1 don vi, néu goi thoi gian lam xong cong viéce 1a x thi trong
mot don vi thot gian 1am duoc 1 cong viéc .
X
* Ghinhé : Khi ldp pt dang todn lam chung, lam rieng khong duoc cong cot thoi gian, nang
sudat va tho'igian cua cung 1 dong la 2 so nghich dao cua nhau.
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Bai 1: Hai voi nuéc chay cung vao 1 bé khong c6 nude thi trong 6 gid day bé. Néu voi thi
nhat chay trong 2 gid, voi thir 2 chay trong 3 gid thi duoc % bé. Hoi mdi voi chay bao lau
thi s& day bé?

LG
* 1ap bang
Vi V2 Ca2yv
TGHTCV X y 6
Nang suat 1h 1 1 1
X y 6
Ning suit 2h 2
X
Ning suit 3h 3 Z
y 5
I 1 1
v 6 [x=10
*tacohpt: 4 ° @{x_
2,3 27 [y=ts

x y 5
Bai 2: Hai to cung lam chung cong viéc trong 12 gio thi Xong, nhung hai t6 cung lam
trong 4 gio thi to (I) dc diéu di lam viéc khac , to (II) lam ndt trong 10 gid thi xong cong
viéc. Hoi mdi t6 lam riéng thi trong bao lau xong viée.

* 1ap bang
T6 1 T6 2 Ca2to
TGHTCV X y 12
Ning suat 1h 1/x 1y 1/12
Ning suat 4h 4/12=1/3
Ning suét 10h 10/y
1 1 1
1,1_1
* ta coO hpt: y 12 =S {x =00
1,108 U5

3y
Bai 3: Hai voi nudc cung chay vao 1 bdén khong co nude. Néu voi 1 chay trong 3h rdi
dimg lai, sau d6 voi 2 chay tiép trong 8h nita thi day bon. Néu cho voi 1 chay vao bon
khéng c6 nude trong 1h, rdi cho ca 2 voi chay tiép trong 4h nita thi s6 nudc chay vao bang
8/9 bon. Hoi néu chay 1 minh thi mdi voi s& chay trong bao 1au thi day bon?
* 1ap bang

Voi 1 Voi 2 Ca 2 voi
Thot gian chay X y
lh 1/x 3/9
4h 4/x 4/y
3h 3/x 1
8h 8y
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x=9
=
8 y=12

* ta co hpt: A
+—=—
y

9
Bai 4: Hai voi nudc cung chdy vao mot bé can trong mot gio duogc %bé. Néu voi thir nhat
chay trong 3 gid, voi thir hai chay trong 2 gio¢ thi ca hai voi chdy duoc %bé. Tinh thoi gian

moi voi chay mét minh day bé .

* 1ap bang
Voi 1 Voi2 Céa 2 voi
TGHTCV X y
Ning suit 1h 1/x 1/y 3/10
Néng sueflt 2h 2y 4/5
Nang suat 3h 3/x
1 1 3
—_t =
* ta coO hpt: o loc{xzs
3,2_4  W=l0
x y 5

Dang 3. Toan chuyén dong
Bai 1. Quing dudng AC qua B dai 270km, mdt xe tai di tir A dén B v6i vén téc 60km/h
10i di tir B dén C voi van tdc 40kmv/h, tat ca hét 6gid, Tinh thoi gian 6 t6 di quing dudng
AB va BC.

* Lap bang
Thot gian Van toc Quang duong
AB X 60 60x
BC y 40 40y
3
xX+y=6 = P
* Ta c6 hé phuong trinh: { =S
60x+40y =270 2

\®)

Bai 2. Mot 6 t6 va mot xe dap chuyén dong tir hai ddu mot quing duong sau 3 gid thi gip
nhau. Néu di cung chi€u va xuat phat tai cung mot di€m, sau 1 gio hai xe cach nhau 28km.
Tinh van toc xe dap va 6 t0 biét quang duong dai 180km

* So do:
XD—— Gnhau L XM
A )ED XM B
—
* Lap bang:
V| t(dinguoc chiéu) | S (di ngugc t (di cung S (di cung
chiéu) chiéu) chiéu)
Xe dap X 3 3x 1 X

Group: https://www.facebook.com/groups/tailieutieuhocvathcs/




Truy cip Website : hoc360.net — T4i tai liéu hoc tip mién phi

| Xemiy | y | 3 | 3y | 1 | y |
—XTYy= —XTy= y=

Bai 3: 1 6 to di gd AB véi van téc 50km/h, 16i di tiép qd BC véi van toc 45kmv/h. Biét tong
chiéu dai qd@ AB va BC 14 165km va thoi gian 6 t6 di qd AB it hon thoi gian 6 t6 di qd BC
12 30ph. Tinh thdi gian 6 t6 di trén mdi qd?

Goi thoi gian 6 t6 di trén AB, BC lan luot la x, y

50x+45y =165 3
Ta ¢6 hé phuong trinh: 1 o172
X=Yy —E -2

Bai 4: 1 ca nd xudi dong 1 quéng song da1 12km, r6i ngugc dong quang song do mat
2h30ph. Néu ciing trén quang song ay, ca nd xudi dong 4km réi nguge dong 8km thi hét
1h20ph. Tinh van tdc riéng ciia ca nd va van toc ciia dong nude?

- goi v cand la x, vdong nuéce la y (km/h; x >y > 0)

- v Xudi: x+y
- V nguoc: X-y
12 12 5
n -2
- ta c6 hpt x:y x;y igiéihétaduQCXZIO;yZZ (tmdk)
x+y+x—y_§

Bai 5: Mot ca nd chay trén song xudi dong 84 km va ngugc dong 44 km mat 5 gio. Néu ca
nd xudi dong 112 km va nguoce dong 110 km thi mat 9 gio. Tinh van téc riéng cia ca nd va
van toc ciia dong nudc.
- goi x, y 1an luot 1 van tdc riéng ciia ca nd va van tdc ciia dong nude (km, 0 < y < x)
- van tbc xudi ciia cand: x +y
- thot gian xuo61 dong 84km la: 84/x+y
- thot gian xuo1 dong 112km la: 112/x+y
- van tde ngugc cua cano: X -y
- thot gian ngugce dong 44km la: 44/x-y
- thot gian ngugce dong 110km 1a: 110/x-y
- theo bai ra ta c6 hé phuong trinh:
84 44
+ =5

X+y Xx-=y dé ¢ 1 _ 1

112+110 _9 X+y xX—y
xX+y x-y

Dang 4. To4n lién quan téi yéu t6 hinh hoc.
- Ta phai nim duoc cong thirc tinh chu vi; dién tich cta tam giac, hinh thang, hinh chit
nhét, hinh vudng, dinh ly Pi-ta-go.
Bai 1: 1 HCN ¢6 chu vi 80m. Néu ting chiéu dai thém 3m, ting chiéu rong thém 5m thi
dién tich cia manh dit ting thém 195m?. Tinh chiéu dai, chiéu rong ctia manh dat

Goi chiéu dai la x, chiéu rong la y
2 =80 =

Ta cé hpt (x+2) @{x 30
(x+3)(y+5)=xy+195 y=10
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Bai 2: 1 thira ruong HCN, néu ting chidu dai thém 2m va ting chiéu rong thém 3m thi
dién tich tdng thém 100m?. Néu cung giam cé chiéu dai va chiéu rong di 2m thi dién tich
giam di 68m?. Tinh dién tich cta thira ruong d6?

Goi chiéu dai HCN la x
Goi chiéu rong HCN la y
2 3)= 100 =
Tecotp [0 feo
(x—2)(y—2)=xy-68 y=14

Dang 5. Toan ning suat
*Chuy:
- Ning suat (NS) 12 s6 san pham 1am dugc trong mot don vi thoi gian (t).
- (NS) x (t) = Téng san pham thu hoach

Ngay day: ccevveinniiiiinniiiiinnccnennn
CAC GOC VOI PUONG TRON

A. Kién thirc co bin

1. Géc & tam. S6 do cung

a) DBinh nghia géc ¢ tam: Goc cd dinh trung véi tam cua dtron dgl goc ¢ tam

b) Sb do cung:

- S6 do ctia cung nho bang s6 do ctia goc & tim chan cung d6

- Sb do cuia cung 16n bang hiéu giita 360° va sé do cta cung nho (c6 chung 2 muit véi cung
16n)

- S6 do ctia nira dtr bang 180°

¢) Tinh chét cua sb do cung: Néu C 1a mot diém nam trén cung AB thi sd 4B =sd 4C +sd CB
2. Lién hé giira cung va day

a) Pinh 1y 1: Vi 2 cung nho trong mot dtron hay trong 2 dtron bang nhau:

- 2 cung bang nhau cing 2 day bang nhau

- 2 day bang nhau cang 2 cung bang nhau

b) Pinh 1y 2: Vi 2 cung nho trong 1 dtron hay trong 2 dtron bang nhau:

- Cung 16n hon cang day 16n hon

- Day 16n hon cang cung 16n hon

3. Goc ndi tiép

a) Pinh nghia: Goc noi tiép 1a goc ¢ dinh nam trén dtron va 2 canh chita 2 day cung cia
dtron d6. Cung nam trong goc goi 1a cung bi chin

b) Pinh 1y: Trong 1 dtron sé do cta goc ndi tiép bang nira sé do ctia cung bi chin

c¢) Cac hé qua: Trong mot dtron

- Cac goc nt bang nhau chin cac cung bang nhau

- Cac goc nt cung chin 1 cung hodc chin cac cung bang nhau thi bang nhau

- Géc nt (nhr hon hodc bang 90°) ¢ s6 do bang nira s6 do clia goc & tim cung chin mot
cung

- Goc nt chin nira dtron 13 goc vudng

4. Géc tao boi tia tiép tuyén va diy cung
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a) Dinh nghia: Géc tao boi tia tiép tuyén va day cung 1a géc co dinh tai tiép diém, mot
canh la tiép tuyén va canh con lai chira day cung
b) Pinh ly: Sd cua géc tao bai tia tiép tuyén va day cung bang nira sé do cua cung bi chin
¢) Pinh 1y dao: Néu BAx c6 dinh nam trén dtron, mot canh chira day cung AB, co6 sd bang
nua sd cung AB cang day do va cung nay nam bén trong goc do6 thi canh Ax 1a 1 tia tiép
tuyén cta dtron
d) Hé qua: Trong 1 dtron, goc tao bai tia tiép tuyén va diy cung va goc ndi tiép cung chin
1 cung thi bang nhau
5. Go6c c6 dinh & bén trong dtron. Géc c¢6 dinh ¢ bén ngoai dtron
a) Goc c6 dinh & bén trong dtron
- Pinh 1y: Sd cta gbc ..... bang nira tong sd cta 2 cung bi chin
b) Goc cd dinh & bén ngoai dtron
- DBinh 1y: Sd cua gbc ..... bang nira hiéu sd ctia 2 cung bi chin
B. Bai tap ap dung
Bai 1: Cho (O) va 1 diém M cb dinh khéng nam trén dtron. Qua M ké 2 duong thang,
duong thang thir nhat cit dtron (O) tai A va B, dudng thang thir hai cét dtron (O) tai C va
D. CMR: MA.MB = MC.MD

LG

* TH1: diém M nam bén trong dtron (O)

- Xét tam giac MAC va tam giac MDB, ta co:
C —~ —~ ,( . 0

» M, =M, (do6i dinh)

CAM = BDM (goc nt chin cung BC)
‘ — AMAC ~ AMDB (g.2)
MA MC’
=>— = MA.MB = MC.MD
D~ ~ " MB

B MD

* TH2: diém M nam bén ngoai dtron (O)
c
D ‘ M| - Xét tam gidc MAD va tam gidc MCB, ta c6:
‘v M (chung)
l D, =B, (gbc nt chin cung AC)
B

A — AMAD ~ AMCB (g.g)
MA _MD

=— = MAMB =MC.MD
MC

Bai 2: Trén modt dtron ldy lién tiép ba cung: AC, CD, DB sao cho
sd%=sda)=sdl/?73=600. hai duong thang AC va BD cit nhau tai E, hai tiép tuyén cia
dtron tai B va C cat nhau tai T. CMR:
a) AEB=BTC
b) CD la tia phan gidc cua goc BCT?

LG
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E T |a) Taco: @:%(@—@):%(1800 ~60°)=60"
57 -0 ) (3+ ) {0+ 9]
C D 1

=5(180° +60° —60° ~60° ) = 60°

Do d6: AEB = BTC
© b) Ta co: C, =%CAD=30° (goc tao boi tia tiép tuyén va day

cung)

C, = %EE =30° (goc ndi tiép)

— C,=C, . Do d6 CD la phan giac cta goc BCT

Bai 3: Cho tam gidc ABC noi tiép dtron (O), tia phan giac ciia goc A cat BC ¢ D va cét
dtron & M.

a) CMR: OM vuong gbéc vai BC

b) Phan gi4c ctia goc ngoai tai dinh A ciia tam giac ABC cét (O) & N. CMR ba diém M, O,
N thing hang.

¢) Goi K 1a giao diém cia NA va BC, I 13 trung diém cua KD. CMR: IA 1a tiép tuyén cua
dtron (O)

LG

a) Tacod: 4 =4, = BM =CM = BM =CM
BM =CM

0 = OM 1a trung tryc cia BC = OM 1 BC
OB=0C
b) Ta co: mzé(zﬂ\m@):%.lsw =90°

ma MAN 13 goc ndi tiép va MAN =90° = MN la dudng kinh. Do d6 M, O, N thing hang
¢) Do MAN =90" = DAK =90° = A DAK vuong tai A
ma [K =ID => IK =1A = ID => tam giac [AD cén tai |

MUD=D,| — ~
= __'t=1Db=D, (1)
D, =D,

Mit khac: tam giac OAM can tai O = 0AM =0MA  (2)
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Tir (1) va (2) = IAD+OAM =D, +OMA=>IA0=D, +OMA  (3)
Do tam giac MHD vuédng tai H (theo a) = D, +OMA=90" (4)

Tir (3) va (4) = 140 =90° = IA 1a tiép tuyén cua dtron (O)

Bai 4: Cho nutra dtron tdm O duong kinh AB. Goi C, D thudc nura dtron (C thude cung

AD). AD cat BC tai H, AC cit BD tai E. Chttng minh rang:

a) EH vuong goc voi AB

b) V& tiép tuyén véi dtron tai D, cat EH tai I. Chirng minh rang: I 1a trung diém cia EH
LG

a) Ta co: ACB=90" (goc nt chin nira dtron) = 4C L BC
ADB =90" (goc nt chin nira dtron) = 4D L BD
AE | BC
Xét tam gidc EAB, ta c6: BE 1 AD = H la tryc tdm cua tam giac EAB = EH | 4B
ma ADxBC=H

b) Tacé: H,=B (cung phu F ); D, =B (cing chin cung AD)
— H,=D,=AlHDcantai |=>IH=ID (1)
E +B =90
Mit khac: D, +D, =90" = E, =D, = AIED cantai[=>ID=IE (2)

ma B= b\z
Tu (1) va (2) => IH = IE =>1 la trung diém cua EH
Bai 5: Cho (O), tur diém M nam ngoai dtron (O) vé cac tiép tuyen MC, MD vé1 (O) (C, D
1a cac tiép diém). VE& cat tuyén MAB khong di qua tim O, A nam gitra M va B. Tia phan
giac ctia goc ACB cit AB 6 E
a) CMR: MC = ME
b) DE la phan giac cua goc ADB
¢) Goi I 1a trung diém cta AB. CMR 5 diém O, I, C, M, D cung nam trén mot dtron
d) CMR: M Ia phan gidc cua géc CID

LG
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a) + ta cO: BCE = ACE (gt)
CBA = MCA (cung chin cung AC)

— e~ -~ -

= BCE+CBA=ACE + MCA hay BCE+CBA=MCE (1)

+ mat khac: BCE +CBA=CEM (tinh chat goc ngoai ctia tam giac) (2)

+ tir (1) va (2) MCE = CEM = AMCE can tai M => MC = ME

b) + vi MC va MD la céc ti€p tuyén => MC = MD, ma MC = ME => MD = ME => tam
gidc MDE can tai M = MED = MDE = MDA+ ADE (1)

+ mat khac: MED = B, + BDE (tinh chit goc ngoai cia tam giac)  (2)

+(1); (2) MDA+ ADE =B, +BDE ~ (3)

+ lai ¢6: MDA =B, (cung chin cung AD) 4)

+ (3); (4) = ADE = BDE = DE 1a phan giac cua goc ADB

¢) + do MC, MD la céc tiép tuyén cta (O) = OCM =O0DM =90° = 4 diém O, C, D, M
thudc dtron c6 duong kinh OM (*)

+ lai ¢6: I 1a trung diém cia AB = /0 L 4B (dinh ly duong kinh va day) => 10 vudng goc
vl IM => tam gidc IOM vuong tai [ => 3 diém I, O, M thudc dtron c6 duong kinh OM
(**)

+(*)va (**)=>5diém 0, [, C, M, D cung nam trén mot dtron

d) + Xét dtron di qua 5 diém: O, I, C, M, D c6 duong kinh OM, ta co:

@z%sda\\/l (g()c nt)
DIM :%sdl/)f\\/l (goc nt) — CIM = DIM =IM 1a phan giac cta goc CID

ma CM = DM = sdCM = sd DM

Bai 6: Cho tam giac ABC nhon ndi tiép dtron (O), duong cao AH cat dtron ¢ D. Ké duong
kinh AE. CMR:
a) BC song song v61 DE
b) Tt giac BCED Ia hinh thang can
LG
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HO
p——d
D E

a) Ta c6: BC vudng goc voi AD (gt) (D)

+ma ADE =90" (gbc nt chin ntra dtron) => DE vudng goc voi AD (2)

+ Tu (1) va (2) suy ra BC // DE (cung vudng goc voi AD)

b) HTC = HT + 2 goc ¢ 1 day bang nhau (hodc 2 duong chéo bang nhau)

(Chii y: Hinh thang c6 2 canh bén bang nhau chwa chéc la HTC (VD: Hinh binh hanh
la hinh thang c6 2 canh bén bang nhau nhung khéng la HTC))

+ do BC // DE suy ra tir giac BCED la hinh thang (1)

+lai ¢6: BC // DE = sdBD = sdCE (2 cung bj chén giita hai diy song song thi bing nhau)
— sdBD + sdDE = sdCE + sdDE = sd BE = sdCD = BE = CD (lién hé giita cung va day) (2)
+tir (1) va (2) suy ra tr giac BCED la Hinh thang can.
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APz 3 YA )

HAM SO y=ax*(a#0). PO THI HAM SO y =ax* (a#0)

A. Kién thirc co' ban
1. Tinh chat ham s6 y =ax?(a #0)
a) Tinh qhét: , ) ‘ ’

Néu a > 0 thi ham s6 nghich bién khi x <0 va dong bién khi x>0

Néu a < 0 thi ham s6 nghich bién khi x > 0 va dong bién khi x <0
b) Nhan xét: ’ ’
Néua> 0 thi y > 0 vo1 moi x khac 0; y = 0 khi x = 0. gia tri nh6 nhat cua ham s6 lay = 0.
Néu a <0 thi y <0 vo1 moi x khac 0; y = 0 khi x = 0. gia tri I6n nhat cua ham s6 1a y = 0.
2. Tinh chat d6 thi ham s6 y = ax’ (a #0)

Db thi ham s y = ax? (a#0) 1a mot dudong cong di qua géc toa d§ va nhan truc Oy la
truc ddi xung. duong cong do dugc goi la mot Parabol véidinh O. , ‘

Néu a > 0 thi d6 thi nam phia trén truc hoanh, O(0;0) 1a di€ém thap nhat cua do thi.

Neéu a < 0 thi d6 thi nam phia du6i truc hoanh, O(0;0) 1a di€ém cao nhat ctia do thi.
B. Bai tap ap dung
Bai 1: Cho ham s0 y=-5x"
a) Lap bang tinh gia trj clia y voi cac gid tri cua x lan luot bang: -2; -1; —%; 0; % ;152
b) Vi gia tri ndo cua x thi ham sd nhén gia tri twong Gng bang: 0; -7,5; -0,05; 50; -120

LG

a) Bang céac gia tri tuong ing ctia x va y la:
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X -2 -1 1 0 1 1 2
2 2
y=-5x" -20 -5 5 0 5 -5 -20

4

b)

+Voiy=0tacod: -5x'=0=>x"=0=>x=0

+Voiy=-7,5tacod: -5x’=7,5=>x"=1,5=>x=+1,5

+ Véiy=-0,05ta co: —5x> =—0,05= x> =0,01 = x = £0,1

+ Vo6iy=-7,5tacod: -5x* =50= x’ =-10= pt vO nghiém

+Véiy=-7,5tacod: —5x* =—120= x> =24 = x =+2/6

Bai 2: Cho hamsb y = (m* —m)x*. Tim gid tri clia m dé:

a) Ham s6 dong bién véi moi x >0

b) Ham s6 nghich bién véi moi x > 0

LG

Taco: a=m*—m=m.(m-1)
m>0 {m >0

a) Ham s6 dong bién véi moi x > 0 ca>0om(m-1)>0s m—1>0<:> >l @{mﬂ
m<0 m<0 m<0
m—-1<0 {m<1

vay m > 1 hodc m <0 thi ham s6 déng bién v&i moi x > 0

b) Ham sO nghich bién voi moi X

S0<m<l

m>0 m>0
m—-1<0 m<1 O<m<l1
Sa<0em(m-1)<0s

= =
m<0 m<0 khong I m

{m -1>0 {m >1

Bai 3: Cho ham sb y =ax>. Xac dinh hé s a trong cac truong hop sau:

a) D6 thi ciia nd di qua diém A(3; 12)

b) B4 thi ctia nd di qua diém B(-2; 3)
LG

a) Vi dd thi hs di qua diém A nén toa d6 diém A thoa man hs, ta c6: 12=a.3* < a =§

b) Vi d6 thi hs di qua diém B nén toa do diém B thoa mian hs, ta co: 3= a.(—2)2 Sa

Bai 4: Cho ham s6 y = ax?
a) Xac dinh hé sb a, biét rang d6 thi ham sb di qua diém A(2; 2)
b) V& do6 thi ham s6 véi gia tri cua a vira tim dugce

LG

a) Vi dd thi hs di qua diém A nén toa d6 diém A théa min hs, ta cé: 2=a.2’ < a =%

b) Vé&i a =% ta c6 ham sb sau: y =%x2
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Bai 5: Cho ham s6 y=0,4x>. Cac diém sau day, diém nao thudc dd thi ham sb, diém nao
khong thudc d6 thi ham sb: A(-2; 1,6), B(3; 3.,5), C(+/5; 0,2)

LG

PP: muén kiém tra xem 1 diém thudc hay khéong thuéc do thi hs ta lam nhw sau: thay
hoanh d¢ cua diém dé vao ham so, néu gid tri ciia hs bang véi tung do cia né thi diém do
thudce do thi hs; néu gid tri ciia hs khong bang véi tung dé ciia né thi diém doé khéng thudc
do thi hs.

- biém A(-2; 1,6)

Thay x = -2 vao ham s ta ¢6: y=0,4(-2)’ =1,6, do d6 diém A thudc do thi hs

- biém B(3; 3,5)

Thay x = 3 vao hs ta c6: y=0,4.3> =3,6=3,5 do d6 diém B khong thudc d thi hs

- Piém C(+5; 0,2)

Thay x = /5 vao hs ta c6: y=0,4.(5 )2 =220,2 do d6 diém C khong thudc do thi hs
Bii 6: Cho 2 ham s6 yzéxz vy =2x -2

a) V& d6 thi 2 ham s trén trén cing 1 mat phang toa do
b) Tim toa do giao diém cua 2 do thi

LG
a) V& db thi

b) pt hoanh do giao diém cua 2 db thi: leonre X, =x,=2
2
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thay x =2 vao 1 trong 2 hs ta dugc: y = 2.2 — 2 = 2. Vay toa do giao diém cua 2 d6 thi 1a
M(2; 2)
Bai 7: Cho ham s6 y = ax?
a) Xac dinh a biét rang do thi ham s6 cat duong thang y = -3x + 4 tai diém A c6 hoanh do6
bang -2.
b) Vi gia tri cua a vira tim duogc, veE dd thi 2 ham s6 trén cung mat phéng toa do
¢) Tim toa d6 giao diém cta 2 d6 thi
LG
a) tung do cua diém A 1a: y = -3.(- 2) +4=10. Vay toa do diém A(-2; 10)
vi @0 thi hs y=ax® di qua diém A nén toa d6 diém A thoa min hs, ta co:

10=a(-2) <a :%. Khi d6 hs c6 dang: y zgx
b) v& d6 thi 2 hs trén cing mit phiang toa do

I |
\ |
N\

N @

¢) pt hoanh d¢ giao diém cua 2 db thi: §x2 =-3x+4 S x, :%; x, =2

+V6i x =2y 232,428 t0a do didm A(LD)

5 5 5 55
+V6i x, =—2=y, =-3.(-2)+4=10 toa do diém B(-2; 10)
Bai 8: Cho ham s6 y = ax?
a) Xac dinh a biét rang do thi ham s6 cit duong thang y = -2x + 3 tai diém A c6 hoanh do
bang 1.
b) Vi gia tri cua a vira tim duogc, veé dd thi 2 ham s6 trén cung mat phéng toa do
c¢) Tim toa d6 giao diém cua 2 d6 th.

LG

a) tung d6 cia diém A la: y=-2.1 + 3 = 1, do d6 toa d6 cua diém A 1a A(1; 1)
vi dd thi hs y=ax® di qua diém A nén toa d6 diém A thoéa man hs, ta ¢6: 1=a.l> ©a=1.
Khi d6 hs c¢6 dang: y=x
b) v& dd thi 2 hs trén cung mat phzflng toa do
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¢) pt hoanh d6 giao diém ctia 2 d6 thi: x> =—2x+3 < x, =1; x, =3
+Voi x, =1= y, =-2.1+3=1 toa do diém A(1; 1)
+V6i x, =-3= y,=-2.(-3)+3=9 toa do diém B(-3; 9)
Bai 9: Cho 2 ham sb (P): y=—x> va(d): y=2x+ 1.
a) V& trén cung mit phang toa do do thi 2 ham sb trén
b) Xac dinh toa do giao diém cua (P) va (d)
¢) Tim ham sé (d)): y = ax + b biét rang d thi ctia n6 di qua diém A(-2; -1) va song song
v6i (d).
LG
a) v& d6 thi 2 hs

b) pt hoanh do giao diém cua 2 dd thi: —x* =2x+1< x, =x, =1
+V6i x,=—1= y, =—(-1)" =—1 toa d0 diém A(-1; -1)
c)vi(d))// (d)nén a=2.khidé (d;) co dang: y=2x+Db
mat khéc (d;) di qua A nén toa do cua A théa man (d;), ta co: -1 =2.(-2) +b=>b =3
vay ham sb (d)): y=2x+3
Bai 10: Trén cung 1 mit phang toa do, cho Parabol (P): y=x’ va duong thang (d):
y=-x+2
a) Vé (P) va (d)
b) Tim toa d6 giao diém cta (P) va (d)
¢) Tim ham s6 (d;): y = ax + b biét rdng dd thi ctia n6 song song véi (d) va cit (P) tai diém
M c6 hoanh d6 bang 2
LG
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a) v& do thi

b) pt hoanh d9 giao diém ctia 2 d6 thi: x> =—x+2 < x, =lx, =—2
+V6i x, =1=y, =(1)° =1 toa do diém A(1; 1)

+V6i x, =2=y, =(-2)" =4 toa do diém A(-2; 4)
c)vid;/dnéna=-1,dod6dd, codang:y=-x+b

+ tung do cua diém M la: y = 22 = 4. Toa do diém M(2; 4)

+ mat khac d; diquaMnéntaco: 4=-2+b=>b=6
Vayptd;:y=-x+6
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APz 3 YA )
PHUONG TRINH BAC HAI MOT AN

A. Kién thirc co ban
1. Dinh nghia: pt bac hai mét an 1a pt ¢6 dang: ax’ +bx+c=0(a#0) (1), trong do x la
an; a, b, ¢ 1a cac sb cho trude.
2. Cach giai
x=0

a)Khuyétc(c=0):pt(1)tr6th2‘mh: ax2+bx=0<:>x(ax+b)=0<:>{ b 0C> b
ax+b =

b) Khuyét b (b =0): pt (1) tré thanh: ax’ +c=0 ax’ =—c o’ =-<  (2)
a

-néu -£<0 thi pt (2) v nghiém, suy ra pt (1) cung v6 nghiém
a

A C C
- neu ——>O:>x=ir,/——
a a

c) day di: ax’ +bx+c=0(a=0)

Cong thirc nghiém Cong thirc nghiém thu gon
A=b’—-4ac A =b’—ac
+ Néu A >0 thi pt c6 2 nghiém phan biét: + Néu A >0 thi pt ¢6 2 nghiém phan biét:
Cb+NA —b-A AN NN
1= ;o= XN=— X,=————
2a 2a a a
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+ néu A=0 thi pt c6 nghiém kép:
-b
XIZXZZZ

+néu A <0 thi pt vo nghiém

+ néu A'=0
_-b

X =X, =

thi pt c6 nghiém

a
+néu A <0 thi pt vo nghiém

kép:

d) Cho pt: ax® +bx+c=0(a=0). Diéu kién dé phuong trinh:

- Vo nghiém: A<0 (A <0)
- Nghiém kép: A=0 (A" =0)

- C6 2 nghi¢m phan biét: A>0 (A" >0) hoac a.c <0

- C6 2 nghiém cung dau: {A(A') =0
x.x, >0
A(A)z0
- C6 2 nghiém cung dau am: < x,.x, >0
x, +x,<0
A(A)z0
- C6 2 nghiém cung dau duong: {x,.x, >0
x, +x,>0
- C6 2 nghiém khac dau: {A(A') =0
x.x, <0

3. H¢ thure Vi-ét va irng dung

- Pinh Iy: Néu x;; x; 1 2 nghiém ciia pt ax® +bx+c = 0(a=0) thi

- Ung dung nham nghiém cua hé thirc Vi-ét:

X X, =——
a

_c
XX, =—
a

+ néu pt ax’ +bx+c=0(a#0) cO a+b+c=0 thiptcd2nghiémla: x =Lx,=—

+ néu pt ax2+bx+c=0(a;t0) cO a-b+c=0 thi ptcd 2 nghiém la: x, =—1;x, =-£
a

P u+tv=_S
+ neu
uv=Ppr

A=S§"-4P>0)
B. Bai tap ap dung
Bai 1: Giai cac phuong trinh sau:

a)5x* +6x=0 (xl =0;x, :_gj

) 5
c)8x"=5x=0 (xlzo;x2:§j
e) 2x*—42=0

Bai 2: Giai cac phuong trinh sau:

b) 2_x2_1:0 [xlzﬁ;xzz_ﬁj
2
) 3
d)—-2x"+3x=0 (xlzo;xzzzj

(x1 =~21;x, :—\/ﬁ)
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a)3x’ —4x+1=0 (xlzl;xzzéj b) x> +10x-39=0 (x, =3;x,=—-13)
) ) 14

c) x"—6x-55=0 (x, =1Lx, =-5) d)3x"—x-70=0 x, =5;x, =3
2 1

e)2x” =5x+2=0 x1=2;x2=5

Bai 3: Giai cac phuong trinh sau:
a) (2x+1)(2x—1)+(x-3)" =1 5x* ~6x+7=0 pt v nghiém

b) (4x+1)" —2x(x—6)—1=0 < 14x’ +20x:0<:>(x1 =0; x, :—gj

C) (3x—1)(x+2):20(:>3x2+5x—22:0(:>()c1 =2; x, =—%j

d) (x—4)(4)c—3)+3=O<:>4x2—19x+15=0<:>(x1 =1 x, =%5j

Bai 4: Chung t6 rang v6i moi m cac phuong trinh sau lu6n ludén ¢6 2 nghiém phan biét.
a) x° +2(1—m)x—m =0

2
Ta co: A':...:mz—m+1:(m—%j +%>O, vm, do denta duong voi moi m nén pt co 2

nghiém phan biét vo1 moi gia tri cua m

b) x* +mx-m’-1=0

Ta co: A =..=m’ —4(—m2 —1):...:5m2+4>0, vm, do denta duong v&i moi m nén pt cd 2
nghiém phén biét véi moi gia tri cia m

Bai 5: Cho pt mx’ —(2m—1)x+2=0. Tim m dé pt c6 nghiém kép

Pt ¢6 nghiém kép:
=0
o a0 [m=0 ) " b [@m—3+2‘5-m—3‘2‘5
A0S Acdn? - D2milzo 1:3+§ 2, m2=3_§ 2 @M= =

Bai 6: Cho 2 pt sau: x* +mx+2=0 (1);  x*+2x+m=0 (2). Véi gia tri ndo cuia m
thi 2 pt trén c6 1 nghiém chung

2 . S T 2242
-dk dé pt (1) cé nghi€émla: A, =m’-8>0< m222 (*)

m<-22

- dk dé pt (2) coOnghiém 1a: A, =1-m>0om<1  (*¥)

- tlr (*) va (**) suy ra dé ca 2 pt ¢6 nghiém thi m<-22

- g1d sir Xo 1a 1 nghiém chung cua 2 pt trén, ta co :

Xo+mx, +2=x; +2x,+m (=0)<:>me+2—2x0—m=0<:>(m—2)x0=m—2<:>x0=m—_§=1 (vi m
m_

khac 2 do m<-22)

- thay xo = 1 vao (1) hoac (2) ta dugc: ’+m+2=0<m=-3

Vay m = -3 thi 2 pt trén c6 1 nghiém chung

Bai 7: Tim m dé 2 pt sau c6 nghiém chung?

xz—(m+4)x+m+5=0 (1)

xz—(m+2)x+m+1:O (2)

Group: https://www.facebook.com/groups/tailieutieuhocvathcs/




Truy cip Website : hoc360.net — T4i tai liéu hoc tip mién phi

- dk dé pt (1) c6 nghiém 1a: A, =m* +4m—-4>0 = mz22-2 (*)
m£—2\/§—2
- dk dé pt (2) co nghiém 1a: A, =m> >0, Vm  (**)
it (%) v (**) suy ra dé ca 2 pt c6 nghiém thi | "> 2272 (xe)
mS—2\/§—2

- gia st X la nghi€ém chung cua 2 pt trén, ta co :

xoz—(m+4)x0+m+5=x02 —(m+2)x0 +m+1 (=0) = (-m—4+m+2)x,=-4< x, =2
- thay xo =2 vao (1) ta dugc: 4—(m+4).2+m+5=0< m=1 (thoa man (**%*))
Vay m =1 thi 2 pt trén c6 nghiém chung.

Bai 8: Tim m dé 2 pt sau c6 nghiém chung?

2% +mx—1=0 (1)

mx’ —x+2=0 (2)

- dk dé pt (1) co nghiém 1a: A, =m>+8>0, Vm  (¥)

_ dk dé pt (2) ¢6 nghiém 1a: A, :1—8m20<:>msé (+*)

- tlr (*) va (**) suy ra dé ca 2 pt c6 nghiém thi m sé (*¥**)

- gia st X la nghi€ém chung cua 2 pt trén, khi do:
2x; +mxy —l=mx; —x,+2 (= O)<:>(m—2)x§ —(m+1)x,+3=0

Ta c6: A=m’—10m+25=(m-5)" 20=> VA =|m=5=5-m (vi mﬁé), nén pt c6 2 nghiém

A 1A - - —4  2(m-2
phan biét: x0=m+1+5 m_ 3 - _m+l=5+m _ 2m-4 _ (m ):1
: 2(m—2) m—2
3

1 2(m—2) 2(m—2) 2(m—2)
- thay X, =——— vao (1) ta duoc:
' om-=2
2
2(%} +m.%—1:0@18+3m(m—2)—(m—2)2=0<:>m2—m+7=0 (phuong trinh vo
m— m—
nghiém vi co A, =-27<0)
- thay x, =1 vao (1) ta dugc: 2.17 +m.1-1=0 < m=—1 (thoa man (***))
Vay m = -1 thi 2 pt trén c6 nghiém chung.
Bai 9: Cho pt x* —4x+m+1=0
a) xac dinh m dé pt c6 nghiém
b) Tim m d¢€ pt c6 2 nghiém thdéa man: x} +x; =10
LG
a) Tacd: A =...=3-m.Ptcodnghifm <A >0<3-m>0<m<3
X +x,=4

*)

b) véi m <3 gid st pt ¢6 2 nghi¢ém 1a x; ; x». theo Vi-ét ta co: {
XX, =m+1

lai c6: x2+x2 =10 (x, +x,) —2xx, =10 (**)

thay (*) vao (**) ta dugc: 4°-2(m+1)=10< m=2 (théa min diéu kién)

Bai 10: Cho pt 3x> - 5x+m =0. Xac dinh m dé pt c6 2 nghiém thoa man x” —x2 =§

Taco: A=...=25-12m
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Pt ¢6 2 nghiém <:>A20<:>25—12m2c>m£f—§ (*)
5
. 25 . . ) X X, 3 1)
vOi m SE gia su pt c6 2 nghi€ém la x, ; X,. theo Vi-ét ta co:
X,.X, (2)
S, .5 5 5 1
lai c6: x' —x; =§<:>(xl+x2)(x,—x2)=—<:>—(xl X)==ox—x, =3 (3)
5
) X, +x, =3 x =1
két hop (1) va (3) ta c6 hé phuong trinh: 1 2 thay vao (2) ta duoc
X, =—
XX :g 3
2 m ; ~ %
1.§=?<:>m=2 (théa man dk (*))
Bai 11: Cho pt x> —2mx+2m—-1=0
a) Chirng t6 rang pt ¢6 nghiém x,, X, véi moi m
b) bat A=2(x12+x12)—5x1x2
* CMR: 4=8m>-18m+9
*Timmdé A =27
¢) Tim m dé€ pt c6 nghiém nay bang 2 lan nghiém kia
LG
a)ytacd A=m’-2m+1 :(m—l)2 >0, Vm, do d6 pt c6 2 nghiém véi moi gia tri cia m
- . , . v, , X +x,=2m
b) + v&i moi m pt ¢6 nghiém X, X,. theo Vi-ét ta co: { b *)
X%, =2m—1
tur A=2(x12+x12)—5)c1x2 = A=2(x,+x,) ~9xx, (**)
thay (*) vao (**) ta dugc: 4=2(2m)" -9(2m—1)=8m*~18m+9 =>dpcm
+v6i A =27 suyra 8m’ —18m+9=27 < 8m’ - 18m—-18=0<m, =3; m, :_%
¢) gid sir x| = 2.X2, két hop (*) ta co:
4m 4m
X, = — X, =—
x, =2x, X, =2x, 3 3
2m 2m
X, +x,=2m < {3x,=2m =4 x2=T xzzT
x.x, =2m—1 X,.x, =2m—1 4_m2_m=2m_1 8m® —18m+9 =0
3°3
giai pt 8m’ —-18m+9=0<m, ==;m, 23
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APz 3 YA )
CAC GOC VOI PUONG TRON - TU GIAC NOI TIEP
A. Kién thire co ban: T giac noi tiép
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1. Binh nghia: Tt giac c6 4 dinh nam trén dtron dgl tir giac noi tiép

2. Tinh chét: Trong 1 tir gidc noi tiép tong sb do cac goc dbi dién bang 180°
3. Déau hiéu: Pé chimg minh mot tir giac noi tiép dtron ta chimg minh:

- T giac c6 4 dinh nam trén dtron

- T giac c6 tong 2 goc ddi dién bang 180°

- T giac c6 2 goc bang nhau cing nhin xudng 1 canh

B. Bai tap ap dung:

Bai 1: Cho tam giac ABC vuong tai A, diém M nam trén AC, dtron duong kinh CM cét
BC tai E, BM cit dron tai D

a) CMR: ttr giac BADC noi tiép

b) DB la phan gidc cua goc EDA

¢) CMR 3 duodng thang BA, EM, CD déng quy

a) ta co: BAC=90" (gt)
BDC =90° (goc nt chin nira dtron)

Suy ra tir gidc BADC nt dtron duong kinh BC

b) ta co: C =D, (cung chin cung ME)

vi tir giac BADC nt = C, =D, (cung chan cung AB)

— D, =D, = DB la phan giac cua goc EDA

¢) gia sir AB cét CD tai K
CK 1 BK

xét tam giac KBC, ta ¢6: BD 1 CK = M la tryc tam cua tam giac KBC = KM 1 BC
CAxBD=M

mat khac = ME 1 BC (goc nt chén ntra dtron), suy ra dthang KM va ME tring nhau

do do 3 dthang AB, EM, CD dong quy tai K ’

Bai 2: Cho tam giac ABC ¢6 3 goc nhon. Duong tron tam O duong kinh BC cat AB tai E,

cat AC tai F. Cac tia BE ca CE cat nhau tai H. CMR:

a) AH vuong goc voi BC

b) Goi K la giao di€ém cua AH va BC. CMR: FB la phan giac cua goc EFK

¢) Goi M la trung diém cia BH. CMR: tir gidc EMKF nt
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A

a) ta co: BEC =90" (goc nt chin nira dtron) = CE L 4B
BFC =90" (goc nt chan ntra dtron) = BF L AC
CE 1 4B
xét tam giac ABC, ta cé: BF 1 AC = H 1a truc tdm cua tam giac ABC = 4H 1 BC
BFxCE=H
b) xét tir giac CKHF, c6: K + F =180° = tir giac CKHF nt = C = F, (cuing chan cung HK)
mit khac: C, =F (cung chin cung BE)
suyra F, = F, , do d6 FB la phan giac ciia goc EFK
¢) xét ttr giac BKHE ¢6 X +E =180° = tir giac BKHE nt = B, =K, (cung chan cung HE)
ma: B, =C, (cung chan cung EF)
mit khéc, do tir gidc CKHF nt = X, =C, (cung chan cung HF)
suyra B =K, =C, =K, (1)
. ., . E=90" A
x¢t tam giac BEH, co: = BM = HM = ME = ABME can tai M
BM = HM
do d6 EMF =2B, (tinh chit gbc ngoai ctia tam giac) (2)
tir (1) va (2) EMF =2K, = 2K, = EKF = tt giac EMKF nt
Bai 3: Cho dtron (O), diém A nam bén ngoai dtron. Qua A ké 2 tiép tuyén AB, AC véi
dtron (B, C 1a cac tiép diém). M 1a mét diém trén day BC, dthang qua M vudng goc véi
OM cat tia AB va AC lan luot tai D va E. CMR:
a) Cac tur giac: BDOM; ECOM nt
b) M 1a trung diém ctuia DE

a) x¢ét tir giac BDOM, ta co:
DMO =90° (gt)
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DBO =90" (tinh chat tiép tu}fén)
Suy ra 4 diém B, D, O, M ndm trén dtron duong kinh DO, do do tir gisc BDOM nt
xét tor giac ECOM, ta co:
OME =90° (gt)
OCE =90° (tinh chat tiép tuyén)
Suy ra OME +OCE =180° do d6 tir gisc ECOM nt
b) vi tr gisc BDOM nt nén B, =D, (cing chian cung MO) (1)
tir giac ECOM nt nén C, =E, (cung chin cung MO) (2)
ma B =C, (vitam giac OBC can tai O)
tir (1), (2) va (3) suy ra D, = E, , do d6 tam giac ODE can tai O, lai c6 oM L DE (gt), do d6
OM la dudng cao dong thoi 1a duong trung tuyén g v&i canh DE => MD = ME. dpcm
Bai 4: Cho dtron (O) va (O)) cat nhau tai AvaB (Ova O’ thudc 2 nira mit phang bo AB).
Qua B ké cat tuyen vudng goc véi AB cat dtron (O) & C, cat dtron (O) ¢ D, tia CA cat
(0) &1, tia DA cit (0) 6 K.
a) CMR: tir giac CKID nt 7 7
b) Goi M 1a giao diém cua CK va DI. Chimg minh 3 diém M, A, B thang hang
M

a) vi ABC=90" = AC la duong kinh cta (O)

ABD =90° = AD la duong kinh cta (O)

Ta cb: CKA=90" (goc nt chan nira dtron (O))

DIA=90" (g6c nt chan nira dtron (O'))

Do d6: CKA =DIA= ti giac CKID nt dudng tron dudng kinh CD
Cl L MD

b) xét tam gidc MCD, ta c6: DK L MC = A latruc tam cua t.gidc MCD= M4 L CD (1)
CIxDK =4

ma ABLCD  (2)

tir (1) va (2) suy ra 3 diém M, A, B thiang hang.  dpcm

Bai 5: Cho dtron (O) duong kinh AB, M 1a 1 diém trén dtron; Cla 1 diém nam giira A va

B. qua M k¢ dthang vudng goc véi CM, dthang nay cét cac tiép tuyén cia (O) ké tir A va

B lan luot tai E va F. CMR:

a) Cac tu giac: AEMC, BCMF nt

b) Tam giac ECF vudng tai C
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a) xét tr giac AEMC c6: A+M =90°+90° =180°, ma goc A va goc M 1a 2 gbc & vi tri ddi
dién, do do tr giac AEMC nt

chirng minh tuong tu ta cling c6 tir gidic BCMF nt

b) vi tr gidc ACME nt = 4, = E, (cung chin cung MC) (1)

tir giac BCMF nt = B, = F, (cung chan cung MC) 2)

ta co: AMB=90" (goc nt chin nira dtron) 4, + B, =90° 3)

tir (1); (2) va (3) = E, + F, =90°

xét tam gidc ECF, c6: E, + F, =90° = ECF =90° = A ECF vuong tai C

Bai 6: Cho tam giac ABC nhon nt dtron (O), ¢6 2 duong cao BB va CC
a) CMR: tir gidc BCB'C nt ,

b) Tia AO cat dtron (O) ¢ D va cat BC & 1. CMR: tir giac BDIC nt

c¢) Chirng minh OA vudng goc véi B'C

A

c O c
—/
a) xét it gide BCB'C' ¢6 BBC = BC'C=90" = ti gidc BCB'C’ nt
b) ta co6: ACB = ADB (cung chin cung AB) (1)
mit khéc do tir gide BCB'C nt = BC B + ACB=180" (2)
tr (1) va (2) = BC'B + ADB =180 hay BC'I+IDB=180", suy ra tir gidc BDIC nt
c) ta cd: ABD =90 (goc nt chin nira dtron) = C'BD =90"
do tir gide BDIC nt = CBD+CID=180" = CID=90" = 40 L BC
Bai 7: Cho hinh vuéng ABCD. Goi M, N la 2 diém lan luot trén 2 canh BC va CD sao cho
MAN =45". AM va AN ciat duong chéo BD tai P va Q. Goi H 14 giao diém cua MQ va NP.
CMR:
a) Tu giac ABMQ nt
b) Tam gidc AQM vudng can
¢) AH vuong géc voi MN
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A B
1%
450 P
M
a H
1
2
D N C

a) vi ABCD la hinh vuéng c6 BD la duong chéo, nén BD la phan gidc cia goc ABC
—~B =B, =%.90° _ 45" = B, = OAM =45 = tit gitc ABMQ nt

b) vi ttr gidc ABMQ nt = ABM + AOM =180° = 90° + AOM =180° = AOM =90° = MO L AN
, y . A=45° N
x¢t tam giac AQM, co: = AAQM vudng can tai Q
AQM =90’
c) ta c6: DB la duong chéo cua hinh vuong ABCD nén DB la phan giac cia goc ADC
— D, =D, :%.900 = 45"
tir gidc ADNP ¢6 = DAN = D, =45° = tit gidc ADNP nt
ADN + APN =180° = 90° + APN =180° = APN =90° = NP 1 AM
MQ 1 AN
Xét tam gidc AMN, ta cO: NP L AM = H 13 tryc tdm cua tam gidc AMN = AH | MN
MOxNP=H

sk 3 sk sk s sfeosie sfe sk s sk s sk st s sie s s s sk sk sk s sie s sk sfeosk sk sk sk sk sie sk sk st sk sk sk skosk skeosk skeosk sk skosk sk seoskeote sk skosk skesk skeskok

PHUONG TRINH QUY VE PHUONG TRINH BAC HAI

A. Kién thirc co ban:

1. Phuong trinh truing phuong.

- dang tong quat: ax* +bx* +c = 0(a=0)

- cach giai: dung phuong phap dit an phy, dit x° =t(r>0). Khi do ta co pt: at’+bt+c=0
(day 1a pt bac hai mot 4n)

2. Phuong trinh chira 4n & mau: Céc budc giai

- Tim dk xéc dinh cua pt

- Quy ddng mau thuc ca 2 vé cua pt, rdi khir mau

- Giai pt vira nhan duoc

- Két luan: so sanh nghiém tim duoc véi dk xac dinh cua pt
3. Phuong trinh tich.

- dang tong quat: Ay-By=0

)---:
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, A(x) =0
- cach giai: 4,,.8,,..=0< 8, -
B. Bai tap ap dung:
Bai 1: Giai phuong trinh.
a)x*—5x>+6=0 b)dx* +3x* -1=0
c)x*=29x> +100=0 d)x* =13x* +36=0
Bai 2: Giai phuong trinh.
1 3 1 2x+1  x+2 8x*+3
a) + > =— b = —_ 3
2(x-1) x*-1 4 18x+6 3x-1 9x’-1
30 13 7+18x p_l_, x4 3338
-1 xX+x+1 x -1 x+1 2x-2 x* -1
Bai 3: Giai phuong trinh.
a)(x2 —3x+1)(x2 —3x+2) =2 b)x(x2 —6)—()6—2)2 = (x+l)3
) (x+5) +(x=2)" +(x=7)(x+7)=12x-23 d) (2¢* +3) ~102* ~15x=0
e)x’ —5x*—x+5=0
Bai 4: Tim m dé pt 4n x sau c6 4 nghiém: x'—6x>+m =0 (1)
bat x* =¢(¢>0). Khi do pt (1) tr¢ thanh: # —6t+m=0 (2)

Pé pt (1) c6 4 nghiém thi pt (2) phai c6 2 nghiém phan biét duong
A=9-m>0
S+, =6>0 ©0<m<9

tt,=m>0
Bai 5: Tim m d¢ pt ¢6 2 nghiém: x*-2(m-1)*+m-3=0 (1)
bat x> =¢(r>0). Khi d6 pt (1) tr¢ thanh: ¢ -2(m—1)t+m-3=0 (2)

Dé pt (1) co6 2 nghiém thi pt (2) phai c6 1 nghiém dwong (hay c6 2 nghiém trai déu)

2
{A'>0 {(l—m)z_(m—3)>0 {m2—3m+4>0 (m—ij +Z>O {Vm
= o = = 2 4 = 3<:>m<3
m<

tt, <0 m—-3<0 m—-3<0 <3

Bai 6: Cho pt: mx*+2(m+3)x>+m=0 (1). V&i gid tri ndo cia m thi pt 6 4 nghiém?

bat x> =¢(¢>0). Khi d6 pt (1) tr¢ thanh: ms* +2(m+3)t+m=0 2)
PDé pt (1) ¢6 4 nghiém thi pt (2) phai c6 2 nghiém duong phan biét:
a=m#0
: #0
A=(m+3)-m*>0 |m=0 " 3 3
= 2(m+3) S bm+9>0m>— o -—<m<0
t+t,=——"2>0 M43 2 2
m <0 -3<m<0
tt,=1>0 m
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GIAI BAI TOAN BANG CACH LAP PHUONG TRINH — HE PHUONG TRINH
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A. Kién thirc co ban:

- cac budc giai bai toan bang cach 1ap pt (hpt): 3 bude

B. Bai tap ap dung:

Bai 1: Tim 2 s6 biét tong ciia chung bang 17 va tong cc binh phuong cia chung 1 157.
Goi sb thir nhét 1a x (x < 17)

S6 thir hai 1a: 17 —x

Theo bai rata co pt: x> +(17-x)" =157 & ... 2x* ~34x+132=0x, =11, x, =6

Vay 2 s6 can tim1a: 11 va 6

Bai 2: Hai t0 danh ca trong thang dau bat duogc 590 tan cé, thang sau t6 1 vuot mic 10%,
t6 2 vuot mirc 15%, do d6 cudi thang ca hai to bt duoc 660 tin ca. Tinh xem trong thang
dau mdi td bit dugc bao nhiéu tan ca.

* Céch 1: 1ap pt

Thang dau Théng sau
T6 1 x x+10%.x
T6 2 590 - x (590 - x)+15%.(590 - x)

Ta ¢6 pt: x+10%.x+(590 - x)+15%.(590 - x) = 660 & ...x =370
Vay t6 1: 370 tan c4; t6 2: 220 tan ca
* Céch 2: 1ap hé pt

Thang dau Thang sau
T6 1 X x+10%.x =1,1x
T62 y y+15%.y=1,5y
, +y=590 =370
Ta co6 hpt: Y =17
Llx+1,5y=660  |y=220

Bai 3: Lay 1 86 ¢6 2 chir s6 chia cho s0 viét theo thir tw nguoc lai thi dugce thuong 1a 4 va
du 15. n€u lay s6 do trir di 9 thi dugc 1 s6 bang tong binh phuong cia moi chir s6 do. Tim
sO nay?

Goi s can tim 1a 5(x,yeN;0<x,y§9)

S6 viét theo thir ty nguoc lai 13: jx

Vi lay xy dem chia cho yx dugc thuong 12 4 va du 15 nén ta co:

xy=4yx+15<2x-13y=5 (1)

Lay xy trir di 9 dugc 1 sé bang téng binh phuong cia mdi chit sb, nén ta co:

w-9=x>+) < 10x+y-9=x>+> (2)
\ N , 2X—13 :5 :9 -
Tur (1) va (2) ta c6 hpt: 4 , ,o.e g = xy=91
10x+y—-9=x"+y y=1

Bai 4: hai voi nudc cung chay vao 1 cai bé sau 1 thoi gian thi ddy bé. Néu voi 1 chay 1
minh thi 1au hon 2h méi day bé so véi ca 2 voi, voi 2 chdy 1 minh thi phai 1au hon 4,5h
mai day bé so voi cd 2 voi. Hoi néu chdy 1 minh thi moi voi chdy bao 1au méi day bé?

Ca2voi Voi | Voi 2

TGHTCV X x+2 x+4,5
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1 1

1h chay dugc 1
X x+2 x+4,5

! =l<:>...<:>x2=9<:>x=ir3

x+2 x+4,5 x

Nghiém thoa man 1a x =3

Bai 5: 1 cong nhén phai hoan thanh 50 san pham trong 1 thoi gian quy dinh. Do cai tién k¥
thuat nén mdi gid d3 tang nang suit thém 5 san pham vi thé nguoi &y hoan thanh ké hoaahj
som hon thoi gian quy dinh 13 1h40ph. Tinh s san phdm mdi gio nguoi d6 phai lam theo

dy dinh.

Ta co pt:

S6 san pham mdi gid 1am TGHTCV
Du dinh x 50
X
Thuc té x+5 50
x+5
....... Ta co pt
29— Sozzécb ..... < xP+5x-150=0
x x+5 3

< x,=10; x, =-15

Nghiém théa man la x = 10
Bai 6: 1 chiéc thuyén khoi hanh tir bén song A. sau Zh40ph mot ca n6 chay tr A dudi theo

va gap thuyen cach bén A 10km. Hoi van toc ciia thuyeén, biét rang van tdc ca nd hon van
tdc cua thuyén 13 12kmvh.

S \Y T
Canod 10 x+12 10
x+12
Thuyén 10 x 10
X
.. ta co pt:
10 10 8 ,
—- =~ &30(x+12)-30x =8x(x+12) & ... & 8x” +96x~360 = 0
x x+12

< x =3 x,=-15

Gia tri théaman lax =3
Bai 7: khoang cach giita 2 bén song A va B 1a 30km. 1 ca nd di tir A dén B, nghi 40ph &
B, 10i lai tré vé A. thoi gian ké tir luc di dén luc tré vé A 1a 6h. Tinh van tdc ciia ca nd khi
nuéce yén ling, biét van téc dong nude 1a 3km/h.

\Y S T
Nudc yén lang x
Xuoi x+3 30 30
x+3
Nguoc x-3 30 30
x=3
Ta c6 phuong trinh:
0 2,30 30,30 =E©8x2—90x—72=0©x1=12;x2=
x+3 3 x-3 x+3 x-3
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Bai 8: 1 phong hop c6 360 ghé duoc xép thanh cac day va s6 ghé trong mdi diy déu bang
nhau. Néu s6 day tang thém 1 va s6 gh trong moi day tang thém 1 thi thi phong hop c6
400 ghé. Tinh s6 day ghé va s6 ghé trong 1 day lic ban dau.

Sb day Sb ghé trong 1 day | S ghé cua ca phong
Ban dau x y xy
Sau khi thay doi x+1 y+1 (x+1)(y+1)
=360 =
Ta c¢o6 hpt: i N 360 X, y la nghiém cua pt bac
(x+l)(y+1):400 x+y=39

hai:#* —39¢+360=0<1t, =24;1, =15
Vay: - Néu s6 diy ghé bang 24 thi sb ghé trong mot day 1a 15

- Néu sb day ghé bang 15 thi s6 ghé trong mot day 1a 24.
Bai 9: 1 xudng may xudi dong 30km, va nguoc dong 28km hét 1 thoi gian bang thoi gian
ma xudng may di 59,5km trén mat hd yén lang. Tinh van toc cta xudng khi di trén ho yén
ling, biét rang van tc ciia nude 1a 3km/h

\ S T
Nudc yén lang x 59,5 59,5 _119
x  2x
xudi x+3 30 30
x+3
Nguoc x-3 28 28
x=3
... Tacopt:
W9 _ 30 28 119 (x+3)(x=3) = 2x30.(x—3) + 2x.28.(x +3)

2x  x+3 x-3
S3x°+12x-1071=0 < x* +4x-357=0< x, =17; x, =21
Bai 10: 1 1am truong dy dinh trong 75ha ring trong mot sd tuan 1&. Do mdi tudn trong
vuot muirc Sha so véi ké hoach nén da tréng dugc 80ha va hoan thanh sém hon 1 tuan. Hoi
mdi tudn 14m trudng du dinh trong bao nhiéu ha rimg?

1 tuan trong dugc sb ha TGHTCV
K& hoach x 75
X
Thuc té x+5 80
x+5
..... Tacopt:
75 80

= le X +10x-375=0x, =15, x, =25
X x+5

Bai 11: 1 ca nd xudi tir A dén B cach nhau 24km, cung lic d6 ciing tir A dén B 1 bé nira
troi voi van toc dong nudc 1a 4km/h. Khi dén B ca né quay tro lai va gap be nira tai di€ém
C cach A 1a 8km. Tinh van toc thuc cua ca no.

A c B

Goi van tdc thuc cua ca nd 1a: x (km/h; x > 4)
Van toc xudi: x +4 (km/h)
Van toc xudi: x -4 (km/h)
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24
h
x+4 ( )

Quang duong BC: 24 — 8 = 16 (km)
Thoi gian nguoc tir B d&én C: 1—64 (h)
—

Thoi gian xudi tir A dén B:

Thoi gian bé nira di tir A dén C: %: 2 (h)

Ta co pt: 24 + 16 =2 2% -40x=0< x, =0; x, =20
x+4 x-4
BAI TAP VE NHA:

Bai 1. Hai thanh phd A va B cach nhau 50km. Mot ngudi di xe dap tir A dén B. Sau d6
1gid 30phut mot xe may ciing di tir A va dén B trude ngudi di xe dap 1 gid . Tinh vén toc
ctia mdi ngudi biét van tde cuia ngudi di xe may bang 2.5 1an van tbe nguoi di xe dap .

* Lap bang

Quang duong Van toc Thoi gian
Xe dap 50 X 50
X
Xe may 50 2,5% 50
2,5x
* Ta c6 phuong trinh: 0_ 2550 =%+1, nghiém x =12
X ,9.x

Bai 2: Mot 6 t6 di tir Hai Phong vé Ha Noi, duong dai 100km, nguoi lai xe tinh rang néu
tang van toc thém 10 km/h thi vé dén Ha NO1 soém ntra gio. Tinh vén toc cua 6 t0 néu

khong tang.
* Lap bang
Quang duong Vén toc Thoi gian
Khong tang 100 X 100/x
Ting 104 x+10 100/x + 10
* Ta c6 phuong trinh: 109 100 1
x  x+10 2

Bai 3. Mot 6 t0 di quang duong AB dai 840km, sau khi di dugc nira duong xe dung lai 30
phut nén trén quing duong con lai, xe phai ting vén toc thém 2km/h dé dén B dung hen.
Tinh vén tdc ban du cua 6 to .
+ Goi van tdc ban dau cua 6 t6 1a x (km/h, x > 0)

840

+ Thoi gian di hét quing duong AB theo du dinh 1a: == (h)
X

+ Nira quing duong dau 6 to di hét: 420 (h)
X

+ Van tdc ctia 6 to trén nira quing duong con lai 13: x + 2 (km/h)

+ Thoi gian cua 6 t6 trén nira quang duong con lai la: ﬂoz (h)
x+

l+ 420 = SR < x, =40; x, =42
2

x+2

840 420
=——+
X X

+ Theo bai ra ta c6 phuong trinh sau:
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Bai 4. Quing song tir A dén B dai 36km, mot ca nd xudi tir A d&én B r6i nguoc tir B vé A
hét tong cong 5 gi0. Tinh van tdc thuc ciia ca nod biét van téc dong nudc 1a 3km/h

V thuc V nuoc V xudi V nguoc S t
XU.61 X 3 X + 3 36 36/X+3
Nguoc x—3 36/x-3
* ta cO pt sau: i+£—5<:>x—15x —-0,6
x-3 x+

Bai 5. Luc 7 gio mot 6 t6 di tir A dén B. Luc 7gio 30 phut mot xe may di tr B dén A véi
van toc kém van toc cua 0 t6 1a 24km/h. O t6 dén B dugc 1 gio 20 phut thi xe may mdi

dén A. Tinh van téc ciia mdi xe , biét quing duong AB dai 120km.

* 1ap bang
\Y S T
0o X 120 120/x
Xe may x-24 120 120/x-24

4

1

- thii gian xe méy di nhiéu hon 66 1a: £ - - %(h)

- ta co pt:

120 120 5
——="x
x—24 x 6

2 —24x-3456=0<> x=72;x=-48

Bai 6: Mot nguoi di doan duong dai 640 km véi 4 gio di 6 t6 va 7 gid di tau hda .Hoi van
toc cud O tO va tau hoa biét rdng van toc cud tau hoa hon van toc cud 6 t6 1a 5 km/h.

* 1ap bang
\Y T S
0 to X 4 4x
Tau hoa x+5 7 7(x+5)

*tacopt:4x+7(x+5)=640=>x=55
Bai 7. Mot ca nd xudi tr A dén B, cing lac d6 mot ngudi di bo di tir doc bd song vé
huéng B. Sau khi chay duoc 24km, ca n6 quay tr¢ lai va gap nguoi di bo tai C cach A 1a
8km. Tinh van tdc cua ca nd khi nude yén ling , biét van tdc nguoi di bd va van tée dong
nude déu bang 4km/h
Toan ning suat
*Chuy:
- Ning suat (NS) 12 s6 san pham lam duoc trong mot don vi thoi gian (t).

- (NS) x (t) = Téng san pham thu hoach
Bai 1. Hai cong nhan phai lam theo thur ty 810 va 900 dung cu trong cung mét thoi gian.
Mobi ngay nguoi thir hai lam dugce nhiéu hon ngudi thi nhat 13 4 dung cu. Két qua ngudi
thir nhat hoan thanh trudce thoi han 3 ngdy, ngudi thtr hai hoan thanh trude thoi han 6
ngay. Tinh s6 dung cu mdi ngudi phai lam trong mdi ngay.

* Lap bang
Téng s san pham cin lam | MJdi ngay lam duoc TGHTCV
Nguoi 1 810 X 810/x
Nguoi 2 900 y 900/y
y—x=4
* Ta c6 hé phtrinh: < 810 L3200, = ¥’ +34x-1080 =0 < x, =20;x, =—54, sau d6 tim y
X Y
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Bai 2. Hai doi cong nhan, mdi doi phai sira mot quang duong dai 20km, trong mot tudn ca
hai do6i lam tong cong dugc 9km. Tinh xem moi ddi stra dugc bao nhiéu km trong mdt

tuan, biét thoi gian d6i I 1am nhiéu hon déi IT 1am 1a mot tuan .

* Lap bang
Tong s6 quing duong phai | MJi tuan lam dugc TGHTCV
sua
boi 1 20 X 20/x
Doi 2 20 9-x 20/9 —x
* Ta c6 phtrinh: %—% =l x -49x+180=0<> x=45;x=4

Bai 3. Mot doi cong nhan dy dinh hoan thanh cong viéc vé1 500 ngay cong thg. Hay tinh
sO nguoi cua doi, biét rang néu bd sung thém 5 cong nhan thi s6 ngay hoan thanh cong

viéc gidm 5 ngay .

* Lap bang
Téng s6 ngay cong Sb cong nhan TGHTCV
Liic dau 500 X 500/x
Sau khi b6 sung 500 X+5 500/ x + 5
* Ta c6 phtrinh: 500 _ 500 _ 5 x+5x-500=0< x=-25;x=20
x  x+5
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Ngay day: ccceveviiniiiiinniiiiinncennnne
ON TAP HINH HQC

Bai 1: Tir 1 diém M & ngoai (O), vé 2 tiép tuyén MA, MB véi dtron. Trén cung nho AB
lay 1 diém C. V& CD vudng goc v6i AB, CE vudng goc véi MA, CF vudng goc véi MB.
Goi I 1a giao diém cua AC va DE, K 1a giao diém cta BC va DF. CMR:

a) Tt giac AECD nt; tir giac BFCD nt

b) CD? = CE.CF

c¢) Tu giac ICKD nt

d) IK vuéng géc voi CD

a) Ta cO: AEC = ADC = BDC = BFC =90’ (gt)
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+ xét ttr gidc AECD, ta c¢o: AEC +ADC =180°, ma 2 gbc ndy & vi tri d6i nhau suy ra tir gic
AECD nt

+ xét tr giac BFCD, ta ¢6: BDC + BFC =180°, ma 2 gbc ndy & vi tri d6i nhau suy ra tir gic
BFCD nt

b) ta co: 4 =B, (cung chan cung AC)

+ do ttr giac BFCD nt F, = B, (cung chan cung CD)

Suyra: F =4, (1)

+ do ttr giac AECD nt 4 =D, (cung chin cung CE) (2)

T (1) va (2) suyra: F =D, =B,

Mit khéac: 4, =B, (cung chin cung BC)

+ do tir giac AECD nt 4, = E, (cung chin cung CD)
Suyra: E,=B, (3)

+ do tir gisc BFCD nt D, = B, (cung chin cung CF) (4)
T (3) va (4) suy ra: E, =D, = 4,

Xét tam giac CDE va tam giac CDF, ta co:
a:i}:ACDE~ACFD(g.g):> -8
E, =D,

¢) Xét tir gidc ICKD, ta c¢6: ICK +IDK = ICK + D, + D, = ACB+ B, + 4, =180° (tong cac goc cia

= CD* =CE.CF

tam giac ABC), ma ICK;IDK 1a 2 goc & vi tri d6i nhau, suy ra tir giac ICKD nt

d) ta co tir giac ICKD nt 7, = D, (cting chin cung CK), ma D, = 4, (cmt)

Suyra I, =4, mi I; 4 1a2 gbc & vi tri dong vi nén IK // AB, lai do AB vuéng gbc véi
CD, nén IK vudng goc védi CD 7 , ,
Bai 2: Cho tam giac ABC cén tai A nt dtron (O), di€ém D thudc tia doi cua tia AB, CD cat
(O) tai E, ti€p tuyén cua (O) tai B cat EA ¢ F. CMR:

a) Tu giac BFDE nt

b) FD // BC

a)taco: B, =E, (cungbu véi E,)
ma B, =C, (do tam giac ABC can tai A)

suy ra: }!?I:Cl (D)
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mit khac: E, =C, = B, (cung chin cung AB)  (2)

tir (1) va (2) suy ra E, = 1?2 — 2 dinh B, E cung nhin xudng canh DF déi 2 goc bang nhau,
suy ra tor gidc BFDE nt

b) do tir giac BFDE nt E, = D, (cung chin cung BF), ma /E,= /B, = ~C; = /B, suyra
2D; = 2By (2 goc ¢ vi tri so le trong) => FD // BC

Bai 3: Cho hinh vuéng ABCD, diém M thudc canh AD. V& dtron (O) duong kinh MB, cét
AC tai E (khac A). Goi 14 giao diém ctia ME va DC. CMR:

a) Tam gidc BEM vuong can

b) EM =ED

c)4 diém B, M, D, K thudc cung 1 dtron

d) BK 1a tiép tuyén cua (O)

1 2

2 - >
D C K

a) vi tr gidc ABEM nt => ~BAM + ZBEM = 180° =>90° + ~ BEM = 18(°

=> /BEM = 9(0° (1)

Mit khac: ZA; = ZA, (tinh chat ciia hinh vuéng) => sd cung BE = sd cung ME =>

BE=ME (2)

Tur (1) va (2) suy ra tam giac BEM vuong can tai E

b) xét tam gidc BCE va tam gidc DCE, ta co:

CE: chung

2C; = 2£C, (tinh chat ctia hinh vuong)

CB =CD (gt)

Do d6 ABCE = ADCE (c.g.c) => BE = DE (canh tuong ting) 3)

Tu (2) va(3) = EM=ED (=BE) 4)
K, +M, =90

¢) ta co: D, +D, =90° — K, =D, = AEDK cintai E=>ED=EK (5)
M, = D, (AEDM can do EM = ED)

(4) va (5)=>EB = EM = ED = EK =>4 diém B, M, D, K thudc cung 1 dtron c6 tim E

d) do tir giac BKDM nt (E) = MDK +MBK =180° ....... — MBK =90° = BK 1 BM = BK 1a
tiép tuyén ctia dtron (O)

Bai 4: Cho tam giac ABC can tai A c6 canh day nho hon canh bén noi tiép dtron (O). Tiép
tuyén tai B va C cta dtron 1an lugt cat tia AC va tia AB & D va E. CMR:

a) BD’ = AD.CD

b) Tt giac BCDE nt

c) BC//DE
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e

E

a)tacd: LA, = «B, (cung chin cung BC)
x€t tam giac ABD va tam gidc BCD, ta co:

A4 =B

7 = AMBD~ ABCD(g.g):£=@:>302 =AD.CD
D, : chung BD CD

b) ta co:

l/?\]:l(sd;lz’—sdé_(\f)
2
D, :%( d@—sdﬁ’) — D, =E,= 2 diém D va E cung nhin xubng canh BC dudi 2

mi AB = AC = sd AB = sd AC

gdc bang nhau => tir giac BCDE nt

c)tacéd: B =C, (gt), ma t& gidc BCDE nt=> /BED = £ C; (clng bu v6i 2 BCD)

do @6 B, = #BED (2 goc ¢ vi tri déng vi) => BC // DE

Bai 5: Cho tr gidAc ACBD nt dtron (O), 2 duong chéo AB va CD vuong goc véi nhau tai 1.
trung tuyén IM ciia tam giac AIC cat BD ¢ K, duong cao IH ciia tam giac AIC cit BD &
N.

a) CMR: IK vuodng goc véi BD

b) Chimg minh N 13 trung diém ctia BD

¢) Tu giac OMIN 14 hinh gi? Tai sao?

d) Chimg minh OM = %BD; ON = %AC
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=

ﬁ

1 [ ]

A | 1 B
N

D

a)ta co: ~B; =~C; (cung chin cung AD) (1)

+ do IM 14 trung tuyén cua tam giac AIC => IM = MA => tam gidc MAI cin tai M =>
/A= 2MIA

+ma «MIA = £KIB (dbi dinh) => #KIB = £ A, )

Tu () va(2)=> «B;+ «zBIK = 2C; + £A; =90°=> ZIKB = 90° suy ra IK vudng goc
voi BD

b) ta c6: «CIH = «DIN (déi dinh), ma ~CIH + ~C, =90 do d6: DIN + ~C; = 90°
+ma £C;= £Bysuyra: ZDIN+ £B;=90° (¥)

+ mit khac: ZDIN + ZBIN =900  (*%)

(*)va (**) suyra: «B;= ZBIN =>tam giac BIN can tai N == NB = NI (3)

+ lai co:

/IDN + 2 B; =90°

/DIN + B =90°

Do d6: #IDN = #DIN => tam giac NID can tai N => NI = ND (4)

(3) va (4) =>NB = ND => N la trung diém cta BD

¢) ta c6: M, N lan luot 1a trung diém cia AC va BD => OM vuong goc v6i AC; ON vuodng
gbc vo1 BD

=>(OM // IN (cung vudng goc véi AC); ON // IM (cung vuong gée voi BD)

Do d6 tir giac DMIN 1a hinh binh hanh (vi ¢6 cac canh d6i song song)

d) vi tir giac OMIN la hinh binh hanh => OM = IN; ON = IM

ma IN:%BD; IM :%AC nén OM :%BD; ON:%AC

Group: https://www.facebook.com/groups/tailieutieuhocvathcs/




