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HAI MAT PHANG SONG SONG
PHAN I- LY THUYET

1. Pinh nghia:(a)/ /(8) & (a)n(8) =2
2. Pinh Iy, hé qua néi vé cach chirng minh 2 mitphing song song:
k(a) Da, b
i)  Dinhly: lanb=M = (a)//(8)
a//(B)b//(8)

L5
L/
() / /(%)

ii)  Héqua: 1(5)//(7) = (a)//(8)
(a) = (8)

3. Hé qua néi vé cich chirng minh dwong thang song song véi mit phing:

. a)/ /(8
i. «Ezl<a():>a//(ﬁ)
AB/ /()
ii. «AC’//(a) :>BC//(a)
ABNAC=A4
‘ ()//(8)
4. Pinh Iy néi vé cach chiimg minh 2 dwong thang song song: (7) N (a) =a=a//b.
()n(3) =

5. Cac dinh ly, hé qua khac:

(a)//()
dn(a)= 4, dﬂ(ﬁ):f?

i. = AB=A'B'
d'nfa)=4" dn(p)=5
d//d'

. Ae(p

ii. A%(oz)éﬂ!(ﬁ): (ﬁ) /(/201)

iii. Cho diém A khong ndm trén mat phéng(a) . Moi dudng thang di qua A va song song

Vi (a) déu nam trong mit phang qua A va song song véi (a).
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L=/
1) o

Vay: 14 € a, a//(ﬁ) :>a,C<a)

aela). (a9

6. Dinhli Ta-lét (Thales) ) o 7
Ba mat phang d6i mét song song chan trén hai cat tuyén bat ki nhitng doan thang tuong ung

ti 1&.
() 1(B)1/(x)
4, ()= A, d, A(B) =B, d, A (x)=C, = 2202 BaPe
Blcl BZCZ
4,7 (a)=A,,d, " (B)=B,d, " (x)=C,

7. Dinh li Ta-1ét (Thales) dao
Cho hai duong thang d,,d, chéo nhau va cac diémA,,B,,C, trénd,, cic diem A,,B,,C, trén

A B, A B
d, saocho —-* 5 2272 1 ¢ 36 cac duong thang AA,,BB,,C C, cung song song vo1 mot

11 272
mit phang.
8. Hinh ling tru va hinh h¢p
a. Pinh nghia hinh ling tru:
Hinh lang tru 1 mot hinh da dién c6 hai mat nam trong hai mat phang song
song goi 1a hai day va tit ca cac canh khong thudc hai canh day déu song song véi nhau.
Trong do:
= Cac mat khac vdi hai day goi la cac mat
bén cua hinh lang try.
= Canh chung cua hai mit bén goi la canh
bén cua hinh lang try.
= Tuy theo da giac day, ta co6 hinh lang tru
tam giac, lang tru tir giac ... 4, As
Tur dinh nghia ctia hinh lang try, ta lan luot suy

ra cac tinh chat sau: @ 4; 4y
a. Cac canh bén song song va bang nhau.
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nhat.

b. Cac mat bén va cac mat chéo 1a nhitng hinh
binh hanh.
c. Hai day 1a hai da giac c6 cac canh tuong ting
song song va bang nhau.
b. Pinh nghia hinh h¢p: Hinh lang tru c6 day 1a hinh binh hanh goi 1a hinh hop.
a. Hinh hop c6 tit ca cac mit bén va cac mit day déu 1a hinh chit nhat goi 1a hinh hop chir

b. Hinh hop c6 tat ca cac mat bén va cac mat day déu 1a hinh vudng goi 14 hinh 1ap phuong.

D, Cy D, ¢

I

I

I

I

|

I

JR— o

c e c

A B A B

Chii y: Cac dudng chéo cua hinh hop cit nhau tai trung diém mdi dudng.

9. Hinh chdp cut

Pinh nghia: Cho hinh chop §.4,4,...4,. Mot
mit phing (P) song song v6i mit phang chira
da giac day cit cac canh SA,, S4,, ..., SA, theo
thir tu tai 4/, 4/, ..., 4'. Hinh tao boi thiét dién
AlA)...A! vaday A 4,...A, cia hinh chép cung

voi cac mat bén
AA,AA, A A A4, ..., A A A/A", goi la mot
hinh chop cut.

Trong do:

= Day cua hinh chop goi la day l6n
cua hinh chép cut, con thiét dién
goi 1a day nhé cua hinh chop cut.

Céac mat con lai goi 1a cac mat bén cua hinh choép cut.
Canh chung cua hai mat bén ké nhau nhu 4,4/, 4,4, ..., 4,4/ goi la canh bén cua hinh chop cut.

Tuy theo day la tam giac, tu giac, ngil giac,... ta c6 hinh chop cut tam giac, hinh chop cut tur giac,
hinh chup cut ngii giac,...

Tinh chét: Vi hinh chdp cut, ta co6 cac tinh chét sau:

1. Hai day ctia hinh chép cut 14 hai da gidc dong dang.

2. Cac mat bén cua hinh choép cut 1a cac hinh thang.

3. Cac canh bén ciia hinh chop cut dong quy tai mot diém.

10. DinhliTa-1ét( Thales) dio

Cho hai dudng thang d,,d,chéo nhau va cac diém A,,B,,C, trénd, , cac diém A,,B,,C, trén
AB AB
d, saocho -+ =—2-2
Bl 1 272

mit phang.

. Luc d6 cac duong thang A A,,B,B,,C,C, cling song song v&i mot
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PHAN II- CAC DANG BAI TAP TU LUAN
1. Dang 1: Chirng minh 2 mit phing song song

Phuong phap giai ty luan: Dua vao dinh 1y, hé qua sau:
(a) Da, b (O‘)//<7)
i fanb=1  =(a)//(8) i A(8)//(v)=(a)//(8)
a//(8). v//(8) (o) = (8)

Vi du 1. Cho hinh chép S.ABCD c¢6 ddy ABCD 1a hinh binh hanh tim O, goi M, N lan luot 1a trung
diém clia SA,SD . Chimg minh (OMN)//(SBC).

. 7 Loi gidi:
Tacd M,O lan luot 1a trung di€m cua
SA,AC nén OM la duong trung binh ctia tam
giac SAC ung vai canh SC do d6 OM ||SC.
A {OM ISC
ay

s¢  (sBC) = OM ||(SBC) (1).

Tuong ty, Ta co N,O lan luot 13 trung diém ctia SD, BD nén ON 14 dudng trung binh cua tam giac
SBD tng véi canh SBdo d6 OM / /SB.

ON [1$B OM ||(SBC)
Vay {SBC(SBC):OMH(SBC) (2). Tr (1) va (2) taco g}z:z/ln(f)zs;) O:>(OMN)||(SBC).
) =

Vi du 2. Cho hai hinh vuéng ABCD va ABEF ¢ trong hai mit phang phan biét. Trén cac dudng chéo
AC va BF lan luot 14y cac diém M, N sao cho AM = BN . Cac duong thing song song v6i AB v& tir
M, N lan luot cit AD va AF tai M' va N'. Chirng minh:

a) (ADF)||(BCE).
b) (DEF)||(MM'N'N).

Loi gidi:
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Taco | AP IBC AD||(BCE
a) Ta co BCc(BCE): ||( )

Tuong ty {7 1o AF||(BCE
one BEc(BCE):> I(BCE)

‘{ADc(ADF):)(ADF)H(BCE)'

AFc(ADF)

b) Vi ABCD va (ABEF) la cac hinhvuéng nén AC =BF (1).

AM' _ AM
AD AC 2)
AN'_BN

AF BF )

Tir (1),(2) va (3)ta dugc %

= DF||(MM'N'N).

Taco MM'||CD = ——

NN'||AB=

1 AN '
AF

= M'N'|| DF

Lai c6 NN'|| AB= NN'||EF = EF ||(MM'N'N).
DF||(MM'N'N)

pri(vm )~ (PEIMMINTN).

2. Dang 2: Chitng minh dwong thang song song véi mitphing

Phwong phap gidi tw luin, dua vao cac hé qua sau:

1. {(a)//gﬁ):wz//(ﬁ) A

e 2. {AC//(a) = BC/ /(o)
ABNAC =A

va cac dinh ly, hé qua ciaa bai truée.

Vi dy 1: Cho hinh thang ABCD ¢6 AB//CD va S &(ABCD). Trén SA, BD lay hai diém

M, N sao cho Sﬂ:ﬁ:é .Ké NI'//AB (]eAD).Chl'rngminh MN//(SCD).
S4 DB 3
Loi gidi:
TacéA—M:l.DoNI//ABnénﬁzﬂzl.
AS 3 AD BD 3

Group: https://www.facebook.com/groups/tailieutieuhocvathcs/




HOC360.NET - TAI LIEU HQC TAP MIEN PHi

Suyra 2 _ AL vryisp = mi/i(scp)
A4S AD

Do NI//SD tasuyra NI//CD.
Vay (MNI)//(SCD) = MN //(SCD).

3. Dang 3: Chirng minh 2 duong thing song song

Phwongphapgiditu luin.
Dua vao dinh 1y ¢ bai hai mit phing song song

(@)//(8)
(7)//(a>:a:>a//b
(v)/1(8) ="

va cac dinh ly, hé qua & cac bai truéc.

4. Dang 4: Bai toanlién quan dén ty 1¢ o dai

Phuong phap giai tu ludn.
Dua vao dinh 1y Talet (thuin), hé qua & bai hai mit phing song song:
(@)//(8)

dn(a)=4, dn(B)=B

1. = AB=A'B'
d'n(a)= A", dn(s)=B'
d//d
(@)//(8)//(%)

AB AC BC

= = =
AlBl Alcl BlCl

2. {dn(a)=4 dn(8)=B, dn(y)=C
d'n(a)=A4", dn(B)=B', dn(y)=C"

va dinhly Talet thuin va ddo trong mit phing.

Vi du 1. Cho tir dién ABCD va M, N 1la cac diém thay trén cac canh AB,CD sao cho % = % .
a) Chirng minh MN lu6n luén song song véi mot mit phang ¢ dinh.
B) Tinh theo k ti s6 dién tich tam giac MNP va dién tich thiét dién.
A.L B. 2k C. 1 D. 1
k+1 k+1 k k+1
Loi gidi:
AM CN | o . . 2 \ A
a) Do MEB = ND nén theo dinh 1i Thales thi cdc duong thang MN, AC,BD cung song song v4i mot

mit phang (B) .Goi (OL) 1a mat phang di qua AC va song song v6i BD thi (OL) cd dinh va (oc) I (B) suy

ra MN ludn song song voi ((x) cb dinh.

b) Xét truong hop ‘;—g=k, lic nay MP || BC nén BC||(MNP).
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Taco:
N € (MNP)~(BCD)
BC||(MNP) = (BCD)n(MNP)=NQ||BC,QeBD.
BC =(BCD)
Thiét dién 1a to gidic MPNQ .Xét truong hop
AP

—=zk
PC

Trong ( ABC) goi R=BCMP

Trong (BCD) g0i Q = NRNBD thi thiét dién
la t&r gidc MPNQ .

Goi K=MN nPQ

Ta co SMi — % .
SMPNQ PQ
AM _CN " o X N y

0 m = @ nén theo dinh li Thales dao thi AC, NM, BD lan lugt thudc ba mat phang song song véi

nhau va dudng thang PQ cit ba mit phing niy twong tng tai P,K,Q nén ap dung dinh li Thales ta duoc
PK
PK AM CN _ :%_ PK  KQ _ k
KQ MB ND PQ PK+KQ PK k+1
KQ

Vi du 2. Cho hinh hop ABCD.A'B'C'D' c6 tat ca cac mat déu 1a hinh vuong canh a. Cac diém M,N
lan lugt trén AD',BD sao cho AM =DN =x (0 <x< a\/E) .

a) Chirg minh khi x bién thién, duong thang MN ludn song song véi mot mit phiang c¢b dinh.

a2

b) Chiing minh khi XZT thi MN || A'C.

Loi gidi:
a) Goi (P) 1a mat phang qua AD va song song voi
(A'D'CB) . Goi (Q) 1a mit phiang qua M va song song
v6i (A'D'CB). Gia sir (Q) cét BD tai diém N'.
Theo dinh 1i Thales ta co
AM DN (1)

AD'" DB

Vi cac mit cua hinh hop 1a hinh vuuong canh a nén AD'=DB = a\/E .
Tir (1) taco AM=DN', ma DN=AM= DN'=DN = N'=N= MN c(Q).

Group: https://www.facebook.com/groups/tailieutieuhocvathcs/




HOC360.NET - TAI LIEU HQC TAP MIEN PHi

= MN||(A'D'CB).

NM¥QMAwa
MN <(Q)

Vay MN luén song song v6i mit phang c¢b dinh (A' D'CB) .
b) Goi O=ACNBD. Tacéo

w2 po_nl2

DN =x= 3 ,DO = = DN = %DO suy ra N 1a trong tdm cua tam giac ACD .

Tuong tw M 1a trong tam cua tam giac A'AD .

G01IlatrungdlemcuaADtacoﬁle 1:IN IM = MN| A'C.

IC 3'IA' 3 IC IA'

5. Dang 5: Xacdinhgiaotuyén

Phwong phap gidi tw luan.

(o)1)
)/ /{a)=a=a/p
)/ /(8)=

Va cac két qua cé trudc.

6. Dang 6: Xac dinh thiét di¢n

Phwong phap giai tu ludn.

(o)//(3)
)/ /a)=a=a/p
(0)//(8)=

Va cac két qua co trudc.

Vi du 1. Cho hinh chép S.ABCD c6 day ABCD 14 hinh binh hanh va M, N lan luot 13 trung diém cta
AB,CD . Xéc dinh thiét dién cua hinh chop cét boi (a) di qua MN va song song voi mit phiang (SAD)
.Thiét dién 13 hinh gi?

A.Tam giac B.Hinh thang C.Hinh binh hanh  D.Tu giac

Loi gidi:
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M & (SAB)(a)
Tacod
(SAB)n(SAD)=SA
= (SAB)n(a)=MK||SA,KeSB.
N €(SCD) (o)
Tuong tu {(a)||(SAD)
(SCD)~(SAD)=5SD
= (SCD)~(a)=NH||SD,HeSC.
D& thdy HK = (o) (SBC). Thiét dién la tir giac
MNHK
Ba mit phing (ABCD),(SBC) va (o) doi mot ct

nhau theo cac giao tuyén 1a MN,HK,BC, ma
MN || BC = MN || HK . Vay thiét dién 1a mot hinh
thang .

BAI KIEM TRA

BAI TAP REN LUYEN
Céu 1. Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh binh hanh va M, N, P lan luot 1a trung diém cac
canh AB,CD,SA.

a) Chimg minh (SBN ) ||(DPM).

b) Q 1a mot diém thudc doan SP (Q khac S, P). Xéc dinh thiét dién cua hinh chép cét boi (o) di qua
Q va song song voi (SBN) .

¢) Xac dinh thiét dién cta hinh chép cit bsi (B) di qua MN song song vé6i (SAD).

Ciau 2. Cho hinh chép S.ABCD, day 14 hinh binh hanh tam O. Goi M, N lan luot 1a trung diém cta SA
va CD.

a) Chimg minh (OMN ) || (SBC)

b) Goi I 1a trung diém ca SD, ] 1a mot diém trén (ABCD) céch déu ABva CD. Ching minh

1] 11(SAB).

Céu 3. Cho hinh chép S.ABCD, day 1a hinh binh hanh tdim O, cac tam giac SAD va ABC déu cén tai
A.Goi AE, AF la cac duong phan giac trong cua cac tam giac ACD va SAB. Chirng minh
EF||(SAD).

Céu 4. Hai hinh vuéng ABCD va ABEF ¢ trong hai mit phang khac nhau. Trén cac duong chéo AC
va BF lan lugt lay cac diem M, N sao cho AM = BN . Céac duong thang song song voi AB v€ tr M, N
lan luot cat AD, AF tai M',N".

a) Chimg minh (BCE)||( ADF).

b) Chimg minh ( DEF)||(MNN'M').

¢) Goi I 1a trung diém cia MN . Tim tap hop diém I khi M, N thay doi trén AC va BF .
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