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HAI DPUONG THANG CHEO NHAU VA HAI PUONG THANG SONG SONG
PHAN 1 - LY THUYET
1. Vi tri twong ddi ciia hai dwong thing trong khong gian
Cho hai duong thang a va b trong khong gian. Khi d6 c¢6 thé xay ra mot trong cac truc‘mg hop sau:

SIS

allb anb=M a=b a va b chéo nhau
2. Tinh chéat
Tinh chit 1: Trong khong gian, qua mot diém khong nam trén dudng thiang cho trude, 6 mot va chi mot
duong thing song song v6i dudng thang di cho.
Tinh chat 2: Hai duong thang phan biét cting song song véi mot duong thang thi ba thi song song voi
nhau.
Pinh Iy 1: Néu ba mit phang d6i mot cit nhau theo ba giao tuyén phan biét thi ba giao tuyén iy hodc

ddng quy hodc d6i mot song song véi nhau.
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Heé qua (cia dinh Iy 1): Néu hai mat phang phan biét 1an luot chira hai dudng thing song song thi giao
tuyén cua hai mit phang dé (néu co) ciing song song véi hai dudng thing d6 (hodc tring véi mot trong
hai duong thang o).
PHAN 2 — CAC DANG BAI TAP TU LUAN
Dang 1: Chirng minh hai dwong thang chéo nhau
Phwong phap giai: Dé chimg minh hai dudng thing a va b chéo nhau, ta thudng ding phuong phap
phan chimg, nghia 13 gia sir ¢ va b khong chéo nhau, roi tim ra diéu mau thuin so v6i gia thiét bai toan.
Vi du dién hinh
Vidul. Cho tir dién ABCD . Chimg minh ring AB va CD 1a hai duong thang
chéo nhau.
Huéng din giai 9

Gia st 4B va CD khong chéo nhau, nghia la hai duong thang nay

dong phang. i ) 7 B

Khi d6 AB va CD c6 thé song song vGi nhau, cat nhau tai mot diém

hodc trung nhau (vo 1y).

Vay AB vi CD chéo nhau. 7 ¢
Dang 2: Tim giao tuyén cua hai mat phang lan luot chira hai dwong thang a va b song song voi nhau.
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Phwong phap gidi: Tim mot diém chung M cua hai mit phang, tir d6 két ludn giao tuyén cta hai mat
phang 14 duong thang A, véi M € A va Allallb.
Vi du dién hinh ,
Vidu2. Cho hinhchop S.ABCD c6 ddy ABCD la hinh binh hanh. Tim giao tuyén cta cac mat
phang:
2) (SAD) va (SBC).
b) (MCD) va (SAB), véi M 1a mot diém bat ki thudc canh S4 .
Huéng dan giai
S e(SAB)N(SCD)
AB  (SA4B)
CDc (SCD)
AB//ICD
= (SAB)N(SCD)=xx", v6i S e xx' va xx'//AB//CD .
M e(SAB)N(MCD)
AB < (SA4B)
CD < (MCD)
AB/ICD
= (SAB)N\(SCD) = yy', v6i yy'//AB//CD va M € yy'.
Vidu3. Cho hinhchép S.4BCD c6 ddy ABCD 1a hinh thang, day 16n AB. Goi M la diém bat ki
thudc doan thang SD . Tim giao tuyén cla cac mat phang:
a) d, =(SAB)N(SCD).
b) d, =(SCD)N(MAB). T 6 chimg minh d,//d, .
Huéng din giai
S e(S4B)N(SCD)
AB  (SA4B)
CDc (SCD)
AB//ICD
= (SAB)N(SCD)=d,,véi S ed, va d,//AB//CD (1).
M e (MAB)N(SCD)
AB = (MAB)
CDc (SCD)
AB//ICD
= (MAB)N(SCD)=d,,v6i M ed, va d,//AB//CD (2).
Tu (1) va (2) suyra: d,//d,.
Dang 3: Chitrng minh hai duong thang a va b song song véi nhau.
Phwong phap giai: Dua vao hinh hoc phang: Dinh 1y Ta-1ét dao, duong trung binh...; hodc dua vé dang
allc va bllc , tt 46 suy ra a//b .
Vi du dién hinh:

a) Ta co:

b) Ta co:

a) Ta co:

b) Ta co:
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Vidu4. Cho hinh chép S.ABCD c6 ddy ABCD 1a hinh binh hanh. Goi
I, J lan lugt 14 trung diém ctia cac canh SA, SB . Chimg minh rang IJ//AB ,
tur @6 suy ra 1J//CD.
i le('rngwdz:m gidi
Vi I, J lan luot 1a trung di€m cia cac canh SA4, SB nén IJ la
duong trung binh cta tam giac SAB. Tu d6 suy ra 1J//AB.
Lai c6 4AB//CD nén tir d6 ta c6 LJ//CD (vi cung song song voi
duong thang AB). . 7
Vidu5. Chotadi€n ABCD .Goi M, N lan luot la cac diem thudc cac canh 4B, AC sao cho
A—M:A—N; I, J lan luot 1a trung diém cua BD, CD.
AB AC
a) Chirg minh raing MN//BC .
b) TG gidc MNJI 13 hinh gi. Tim diéu kién dé t&r gidc MNJI 13 hinh binh hanh.
Huéng din giai
AM AN

a) Ta co: T tir 6 suy ra MN//BC (1) (Dinh Iy Ta-1ét
dao).

byVil,J lan luot 1a trung diém cta BD, CD nén IJ 1a duong

trung binh cta tam giac BCD . Tu d6 suy ra 1J//BC (2) .
Tu (1) va (2) suy ra MN //1J . Vay ta giac MNJI 1a hinh thang.
Dé MNJI 1a hinh binh hanh thi MI//NJ . Lai ¢ ba mit phang
(MNJI), (ABD), (ACD) d6i mot cét nhau theo céc giao tuyén 1a MI, NJ, AD nén theo
dinh 1y 1 ta c6 MI//AD//NJ . Tix @6 suy ra diéu kién dé hinh thang MNJI tro thanh hinh binh
hanh 1a M , N lan lugt la trung diém ctia 4B, AC.

Dang 4: Thiet dién chira mot diem M va song song voi hai dwong thang a va b chéo nhau.

Phwong phap gidi: Qua diém M ta lan luot ké cac dudng thang d,/la va d,//b. Sau do tim giao tuyén

clia mit phang tao boi hai dudng thang (afl , dz) véi cac mat cua hinh chop.
Vi du dién hinh:
Vidu 6. Cho hinh chép S.4BCD c6 ddy ABCD 1a hinh binh hanh tam O . Goi M 1a trung diém cua
SA . Tim thiét dién ctia mat phang (P ) v6i hinh chép S.ABCD , biét (P ) la mat phang qua diém M va
song song véi SC, AD.
Huwéng dan giai
Qua M ké cac dudng thang MQ//AD (Q € SD) va
MO//ISC (0 € AC) .
Ta co: SC va AD lan lugt song song vGi mit phang
(OMQ) nén (OMQ)=(P).
D¢ dang tim duge (OMQ) N (ABCD) = NP, véi
NP/IMQ//BC va O e NP . Tu d6 ta co:
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(OMQ)\(S4D) = MQ

(0MO)(sCD) = 0P |

(OMQ)(ABCD)= PN’ vay thict dién tao boi (P) va hinh chop 1a hinh thang MNPQ .
m =

(OMQ) N (S4B)= NM

Dang 5: Thiét dién chira mét dwong thang va song song voi mot dwong thang khdc.
Phwong phap giai:
Vi du dién hinh:

Vidu7. Cho hinhchép S.ABCD.Goi M, N la hai diém trén SB, CD va (P) la mt phang qua
MN va song song voi SC .

a) Tim giao tuyén ctia mit phang (P) voi cac mit phang (SCD) , (SBC ) . (s4C ) .

b) X4c dinh thiét dién ciia hinh chép va mit phang (P).

Huéng din giai
a) Qua N ké NP//SC (PeSD).

NP/ISC
Ta c6: { NP = (MNP) = SC//( MNP).
SC & (MNP)
Twr d6 ta co: (MNP) 1a mat phang qua MN va song song véi SC .
Vay (P)=(MNP).
Ta co: (P)(SCD)=NP.
M e(MNP)(SBC)
Ta ¢6: § NP = (MNP), SC =(SBC) = (MNP)N(SBC)=MQ, véi MQ//ISC//NP, M € MQ va
NP//SC
QeBC.
Trong (ABCD) goi 1=0NNAC.
I € (MNP)N(S4C)
Ta c6: { NP < (MNP), SC = (SAC) = (MNP)(SAC)=1J ,v6i LJ//SC/INP, I elJ va J € MP.
NP//SC

b) D& thdy thiét dién tao bsi (P) va hinh chop 14 tir gidc MPNQ.
BAI TAP KIEM TRA
Bai 1. Cho tr dién ABCD . Goi I, J lan luot 1a cac diém thudc doan thing AB, AC (I, J khong
tring voi hai dau doan thang). Chimg minh rang;
a) AB va CD chéonhau, AC va BD chéo nhau.
b) IJ va lan luot chéo nhau véi cac duong thing AD, BD, CD.
Bai 2. Cho tir dién ABCD . Goi M, N lan luot 1a trung diém cta BD va CD . Tim giao tuyén cua 2
mit phang (AMN) va (ABC).
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