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Ngayday: ..............ooeeennn.

CAN BAC HAIL CAN THUC BAC HAI VA HANG PANG THUC V4 =|4|

A./ Kién thirc co ban:
1. Can bac hai
- Dinh nghia: Can bac hai ctia s6 thuc a 1a sb x sao cho x?=a
-Chuy:
+ Mdi sb thuc a > 0, c6 diing 2 cin bac hai 1a 2 s6 d6i nhau: s6 dwong: Va, s6 am: —Va
+S6 0 ¢6 cdn béc hai 1a chinh né: V0 =0
+ S6 thue a < 0 khong ¢6 cdn béc hai (tirc Va khong c6 nghia khi a < 0)
2. Can béc hai s6 hoc
- Pinh nghia: V61 a>0 thi s6 x=+a dugc goi la can bac hai s6 hoc caaa. S6 0 cling dugc
goi la can bac hai s6 hoc cta 0
- Chu y: Viéc tim cin bac hai s hoc cua 1 s6 khong am duoc goi 1a phép khai phuong
-DPinh ly: Vo1 a, b >0, ta co:
+Néu a<b=+/a <b
+ Néu va <vb=a<b
3. Can thtrc bac hai
- Cho A 14 1 biéu thtc thi biéu thirc VA4 duoc goi 12 can thire bac hai cia A ; A duoc goi la
biéu thirc 14y can hay biéu thirc duéi dau cin
- J4 c6 nghia (hay x4c dinh hay ton tai) < 4> 0
4. Hing déng thirc v 4* =|4|
- Pinh 1y : V&i moi s6 thuc a, ta cd : Ja* = |a|
- Tong quét : Vi A 14 biéu thire, ta c6 : V4* = |4] = {A ne}l A0
-Anéu A<0
B./ Bai tap ap dung
Dang 1 : Tim cin bic hai, cin bac hai sé hoc
* Phuong phap :
- Viét sb da cho dudi dang binh phuong ciua mot sb
- Tim cén bac hai sb hoc cua sb di cho
- X4c dinh can bac hai cta s dé cho
Bai 1 : Tim can bac hai cua cac sbsau: 121 ;144 ;324 ; é :3-22

LG
+Tac6é CBHSH ctia 12113 : V121 =+/11> =11 nén CBH cua 121 1a 11 va -11
+ CBHSH ciia 144 13 : 144 =+/12> =12 nén CBH cua 121 13 12 va -12
+ CBHSH ctia 324 13 : /324 J@ —18 nén CBH ctia 324 13 18 va -18

+ CBHSH cua — la \/7 / l _1 nén CBH cua 1 la 1 va L
8 8 64 8 8

+ Ta o : 3—2&:2—2J§+1=(\/5 1)2 V2-1(viv2-1>0)nén CBH cua 3-2+/2 1a V21

va —/2 +1
Dang 2 : So sanh cac can bac hai so hoc
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* Phuong phap :

- Xéc dinh binh phuong cta hai s6

- So sanh céac binh phuwong cua hai sb

- So sanh gi4 tri cac CBHSH cuia cac binh phwong cua hai sb
Bai 2 : So sanh

a)2va 3 b) 7 va 47 c)2/33 va 10
d)1va3-1 e) V3 va 58 g) V2+\11 va 3 +5
LG

a) Vi4 >3 nén Ja>3=2>3
b) Vi 49 > 47 nén /49 >/47= 7> /47
¢) Vi 33 >25nén +/33>25=+/33>5=233>10
d)Vid>3nén V4>3=22>B=2-1>3-1=1>3-1
e) * Cach 1: Ta co: \/§<2}:>\/§+\/§<5:\/§<5—\/§
8<3

* Cach 2: gia su

B<5-B e B+ 8<5<:>(\/§+\/§)2<52<:>3+2\/ﬁ+8<25

o224 <14 =24 <7 =24 <49
Bat dang thurc cuoi cung dung do d6 bat dang thirc dau tién ding

g) Ta co: \/E<\/§}3\/§+\/ﬁ<\/§+5
Ji1<5

Dang 3: Tim diéu kién dé ciin thirc xac dinh: V4 xac dinh < 4>0
Bai 3: Tim diéu kién cua x dé cac biéu thurc sau xac dinh
a) | 2x—1 bW +2 &) 2x A5+ |2
3 5 2x-3 x—4
LG

Dé cac can thuc trén c6 nghia thi
2 1 2 1 3
Q) Sx——20x>2-—Sx>—
3 5 3 5 10

b) Ta cod: x*+2>0,Vx=+/x>+2 xac dinh v4i moi x

I+x2>0 . |1+x<0
c) It { 2 hoac{ *

>0
2x-3 2x-=3>0 2x-3<0
x>-1

1+x2>0 3
& 3 Sx>=
2x-3>0 x>= 2

+Voi {

1+x<0 x<-l
& 3 <o x<-1
2x-3<0 x<5

+ Voi {
Vay can thurc xac dinh néu x >% hoac x<-1

d o 3o x>4
)12 Xx—450 *

220 x>4

—-5>

x=320 {3x—520 x>
=

x—4
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7 Dang 4 : Riit gon biéu thirc
Bai 4: Ruat gon céc biéu thuce sau:

a) A=4+23 +y4-23 ¢) C=9x* —2x(x <0)
b) B=1/6+25 +y6-25 d) D=x-4+16-8x+x° (x>4)
LG

a) Cach 1 : A:\/(\BH)Z +\/(\E—1)2 =B +1+3-1=23
Cach 2 - A =442 3 +4-23+2(4-243).(4+243) =8+ 24/16-12 =8+ 2.2 =12
= A=23
b) B:\/(\/§+1)2+\/(\/§—1)2 =J5+1+/5-1=25

c) C= (3)6)2 —2x=|3x|—2x=—3x—2x=—5x(vi x<0)

d) D=x—-4+16-8x+x> =x—4+./(4—x) =x—4+[4—x|=x—-4+x-4=2(x-4)(vi x>4)

Dang 5 : Tim Min, Max

Bai 5 : Tim Min

2
a) y=~x"-2x+5 b)y:‘/%—%Jrl

LG

a)TaC62x2—2x+5:(x 1) +424=x* —2x+52/4=2
vy Miny = 2. ddu ““ ="’ xayrakhi vachikhix— 1=0=>x=1

2 2
b)Taco: “—-T+1= (f—lj 35,3 ‘/——— \/7 V35

4 6 2 6 36 36 4 6
s _ N3 _ 1
vay Miny = c . Dau « = »Xayrakhlvachlkhlg—g—o 5:6©x:§
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Ngayday: ..............oooeiennn.

VAN DUNG CAC HE THU'C VE CANH VA PUONG CAO

] TRONG TAM GIAC VUONG

A./ Kién thirc co' ban

Cho tam giac ABC vudng tai A, duong cao AH sao cho taco :
AH =h,BC=a,AB=c,AC=b,BH =c,CH =b khido :

)b’ =ab’; ¢’ =ac
D =b.c 3bc=ah "
1 1 1 S I

5)a* =b* +¢* (Pitago)

B./ Bai tap ap dung
Bai 1 : Tim x, y trong c4c hinh v€ sau

\a) |+tacé:
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BC :\/m (Pitago)

= BC=+4>+6> =+/52~7,21
+ Ap dung dinh Iy 1 :
AB*>=BC.BH = 4 =52 x=x~2,22
AC*=BC.CH = 6" =/52.y = y ~ 4,99
Hayy=BC-x=7,21-2,22=499

b) - X¢ét tam giac ABC vuong tai A. ap dung dinh 1y 1 ta co :
2 AC*=BC.CH =12 =18.y = y =8
S — x=BC-y=18-8=10

*Cach 1:

AH>=BH.CH=49=36=>AH=6

Theo Pitago cho cac tam giac vuong AHB; AHC ta c6:
x=\BH? + AH* =4 +6* =/52

y=~CH? + AH> =J6* +9* =117

* Cach 2: Ap dung dinh 1y 1 ta co:

AB* = BC.BH =(BH +CH).BH = (4+9).4 =52

= AB = \/572 =>Xx= \/572

AC* = BCCH =(BH +CH).CH =(4+9).9=117= AC=+117 = y =4/117

Ap dung dinh 1y 2, ta co:

AH? =BH.CH = x* =3.7=21< x =21
Ap dung dinh 1y 1. ta co :

AC* =BC.CH =(BH +CH).CH

=31 =(3+7).7=70< y=+/70

(v =vx* +CH* =21+ 49 =/70)

e) Theo Pitago, ta co :
i BC =+AB*+ AC? = y =+13* +17> =+/458
v/ |« < Ap dung dinh 1y 3, ta c6 :
. L | ABAC= BCAH =13.17 = J458.x & x =221 ~10,33
\/ \/ﬁ

2

Ap dung dinh 1y 2, ta ¢ : 4 = Brr.CH =5 =4.xc>x=%=6,25
Theo Pitago cho tam gidc AHC vudng tai H, ta co :
y=AH? +CH? =5 +6,25" ~8

c (DL1:y* = BC.x = (4+6,25).6,25 < y ~8)

Bai 2 : Cho tam giac ABC vuong tai A, c¢6 cac canh géc vuong AB = 15cm, AC = 20cm.
Tir C ké dudng vudng goc v6i canh huyén, dudng nay cit duong thing AB tai D. Tinh AD
vaCD

LG
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ABCD,C =90°,CA L BD. Theo dinh Iy 3, ta co:
CA* = AB.AD = 20° =15. AD<:>AD—80
Theo Pitago trong tgidc ACD vuong tai A, ta cé:

2
CD =~ AD* +CA* = (?j +20 :%

Bai 3: Cho hinh chir nhat ABCD c¢6 AB = 60cm, AD = 32cm. Tir D ké duong thang vudng
goc v6i duong chéo AC, dudong thang nay cat AC tai E va AB tai F. Tinh d6 dai EA, EC,
ED, FB, FD

LG
Xét tam giac ADC vudng tai D, ta c6: AC =+/AD* +CD* =+/32% +60> = 68
AD* 32 256

Theo dinh Iy 1: AD? = AC.AE < AE =

AC 68 17
A F 60 5 Theo dinh 1y 1, ta co:
2 2
J CD* = ACCE = cp = C2_ 260" _ 900
32 AC 68 17
Theo dinh 1y 2, ta co:
i © DE =JAEEC =+ = %
2
Xét tam giac DAF, theo dinh 1y 1: 4D’ = DF.DE = DF = ’le =.= %
Theo Pitago: AF =/DF? — AD* = 255 O FB= AB—AF = 60_%6 _ 61i54

Bai 4: Cho hinh vuong ABCD. Goi E 12 mét diém nam gifra ?A, B. Tiq DE va tia pB cat
nhau ¢ F. Ké duong thang qua D vudng goc voi DE, duong thang nay cat duong thang BC
tai G. Chimg minh rang:
a) Tam giac DEG can
+—— khong d6i khi E chuyén dong trén AB
LG
5 a) Taco: D, =D, (cung phu véi D,)

x€t AADE va ACDG ta co :

AD = DC(gt)

4D, = 2D, (cmt) = AADE = ACDG(g.c.g)
ZA=,/C=90

s = DE = DG=> ADEG can tai D

B)ViDE=DG =+ = tac: 4 L -1 1
DE* DG DE?> DF DG DF
. . 1 1
xét tam giac DGF vudng tai D, ta co : = dl4
¢ g gk CD> DG’ DFZ( )

, suy ra tong

Vi L
CD
1 1 1

~+— =—>+— khong d6i khi E thay ddi trén AB
DE- DF° DG- DF
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] CAC PHEP TINH VE CAN BAC HAI
A./ Kién thirc co ban :
1. khai phuong mdt tich. Nhan c4c can bac hai

a) Pinh Iy : ;6> 0,1ac6:\Jab=vab

b) Quy tac khai phwong mét tich : Mudn khai phuong mét tich cac s6 khong am, ta c6 thé
khai phuong timg thira s roi nhan cac két qua v6i nhau (a;b > 0,tac6:x/a.b=va~/b)

¢) Quy tic nhan cic cin bac hai : Mubn nhan cic CBH cua cac s6 khong am, ta c6 thé
nhan cac s6 dudi dau cin véi nhau roi khai phuong két qua d6 (a;6 > 0:/ab=vab)
d)Chuy:

- Vi A>0taco: (VA) =V =4

- Néu A, B 1a cac biéu thitc : 4;B>0taco:NAB =VAB

- M6 rong : VA.B.C =ABAC (4,B,C>0)

2. Khai phuong mét thuong. Chia cac can bac hai

2 \a

b Vb

b) Quy tic khai phuong mot thwong : Mudn khai phuong mét thuong %, trong d6 s a

a)PDinhly: a>0,6>0 taco:

khong am va sd b duong, ta c6 thé 1an luot khai phuwong sd a va sd b, roi 1ay két qua tha
L_Va )

’ “A \/_ , 9
¢) Quy tic chia hai CBH : Mudn chia CBH cua s a khong am cho s6 b duong, ta c6 thé

nhét chia cho két qua tht hai (a>0,6> 0 tacé:

chia sb a cho s b rdi khai phuwong két qua d6 (a>0,b>0 ——\/7)

d) Chii y : Néu A, B 1a biéu thic : 4>0,8>0 __\/7

B./ Bai tap ap dung :
Dang 1 : Tinh
Bai 1 : Thuc hi¢n phép tinh

)\/1—5—0 4981 1 _ (zj (2} (LJZ_ZBL_Q
2516 100 5)\\4) Vo0 5410 200

b)[2,25.1,46-2,25.0,02 = /2,25(1,46-0,02) —\/2,25.1,44 =(1,5.1,2)* =1,5.1,2=1,8

25169 _ [(5.137 _ 513 _
J25169 =2 22 | =4
) 1010 \ 10

d) 117,57 —26,5* —1440 = /(1 17,5+26,5).(1 17,5-26,5)— 1440 =/144.91-144.10

= J144(91-10) =/144.81 =/(12.9)* =108

~ Dang 2 : Rit gon cac biéu thirc
Bai 2 : Tinh gia tri cac bi€u thic
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a)Arﬁ+Frmffffﬁ

35 35710 _ 7410
J_ J_ \/_ \/_ J_ Jio 10 2
Joria 2(B3T) 2(3eVT)
2W3+428  23+247  2(W3+47) 2
15 35 (5o B} )44
PN RN (4+3)(4-+5)
12433 +45+415+12-3V3 45 +415 _ 2442415

,16-3 13
Bai 3 : Rat gon cac biéu thirc

a) /9(x=5)" (x25)=3[x—5=3(x-5)
b) /x". )6—2)2 x<0) =|x|]x=2[=—x(2-x)=x(x-2)

b) B=

c) C=

)“j& (x> 0) = 108 _ o7 3]y =3
(246

d) —— Dxy (x<0;y;t0): 13x3/6: - = - h
208x"y6 208x°y 16x*  4fx| —4x  4x

? Dang 3 : Chung minh
Bai 4 : Chung minh cac biéu thue sau
a) V6 +/35 A6 -35 =
VT =(6+35).(6-35) =\36-35 =1 = /P
b) \/9—x/ﬁ.\/9+\/ﬁ=8
VT =O=17).09+17) =A81-17 = /64 =8 =P
o) (V2-1) =0 -8B
VT =2-232+1=3-22
vP=3-222=3-22
d)(\/Z—ﬁ)zm/@—«/E
VT =4-2J12+3=7-24223=7-43
VP=7-43=7-43
&) W2(2-3V3)+(1-22) +646 =9
VT =432 636 +1-4/2 +8+6/6 =9 =P
) 8-2V15 —\8+2J15 =243
VT:\/(5—2.\/5.\/§+3)—\/(5+2.\/§.\/§+3)=\/(\/§—\/§)2—\/(\/§+\/§)2

BB-(FB) =BT F =2\ =P

Dang 4 : Giai phwong trinh
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Bai 5 : Giai cac phuong trinh sau

a) 22x —5\8x +7\18x =28 (1) dk:x>0

(1) & 242x -522x +732x =28 = 13@:28©5=%@2x=%@x=%(m)

b) \/4x—20+\/x—5—%\/9x—45 =4 (2)

2)e \/4(x—5)+x/x—5—%\/9(x—5) =4 dk:x-520cx25

c>2Vx—5+Vx—5—§3Vx— =4S 2Vx-5=4x— =2c3x—5=4¢>x=9@m)

2
{3x—2zo X273
2
) — x+1>0 x>-1 >
c) 3x_:3 (3)dk:3x 220<:> & P
x+1 x+1 3x-2<0 2
x<= x<-1
x+1<0 3
| x<-1
Ta co (3)<:>ﬂ:9<:>...<:>6x:—11<:>x:_—11 théa man
x+1 6
4
J5x— 5x—420 >—
HIXE 5 @y dk: PSR ot
Nx+2 x+2>0 5

>-2

() o V5x-4=2Jx+2 & 5x-4=4(x+2) ... x =12 thoa man

Bai tip : (bat dang thic Cauchy): Cho 2 s6 a va b khong am. Chimg minh ring
atb, Jab . Dau dang thire xay ra khi nao ?

LG

*Cach1:
+ Vi a>0;b>0=+Ja;\b xac dinh

+taco: (Va—vb) 20 a-2ab+b20 a+bz2ab & 0> ab

+ du dang thirc xay ra khi va chi khia=b
*Céch 2 :tacod
(a-b) 20 a* —2ab+b* >0 = a* +b* >2ab & a* +2ab +b* > 4ab

Q(Hbyyab@mzzm@%zm
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Ti SO LUQNG GIAC CUA GOC NHON
A. Kién thirc co bin
1. Binh nghia : Cho Z4BC=a (0° <a <90°) ta dinh nghia cac ti ) gitra cac canh AB, BC,
CA cua tam giac ABC vuong tai A nhu sau :
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. AC B
Smoa =——, CoOSx¥ =—— .
BC ¢ Huyén
ta—ﬂ' cot a—ﬁ boi
TN 87 c PR
(]
* Nhan xét : tir dinh nghia ta thay : + ti s6 lwong giac cua 1 goc nhon ludn duong
. 1
+ 0 <sin, cos < 1 + cotga =—;tga.cotga =1
ga

2. Ti s6 luong giac cua 2 goc phu nhau

- Pinh 1y : néu 2 goc phu nhau thi sin goc nay bang cosin goc kia, tg goc nay bang cotg
sina = cos f3; cosa =sin f

tga = cot g 3; cotga =tgf

3. Bang cac ti sd lugng giac clia cac goc dic bibt

goc kia. Tirc : néu o+ 4 =90° thita co : {

a 30° 45° 60°
Ti s6 luong giac

Sin 1 2 3
2 2 2

Cos V3 V2 1

2 2 2

tg R 1 NE)

3

Cotg NE) 1 1

3

* Nhan xét :

- Dya vao bang trén ta thdy :

re o0 0 {sinoz1 <sing,; tang, <tanq,
Vo1 0" <a;0, <90" va o) <a, = .

cosa; >cosa,, cota, >cota,

Tac la:
+ go6c 16n hon thi ¢6 sin 16n hon, nhung lai ¢6 cosin nho hon
+ goc 16n hon thi ¢6 tan 16n hon, nhung lai c6 cot nhé hon
Hay ta c6 thé phat biéu : 0° < <90° thi :
+ sin va tan dong bién vé6i goc o
+ cos va cot nghich bién véi goc
4. Cac hé thurc co ban

(1) tana = zi)nsz i (2) cota = ansz ; (3) tana.cota =1;  (4) sin®a +cos’ a =1
B. Bai tap ap dung

Bai 1 : Cho biét sin = 0,6. Tinh cosa, tana va cota
+ ta co: sin2a+cosza:1:>cosa:\/l—sinza :\/1—0,62 =0,8
sina 0,6 3 _cosa 0,8

=——=—; cota = — —i
cosae 0,8 4 sinag 0,6 3

+ tana =

Bai 2: ‘
1. Ching minh rang:
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a) tan’ o +1= —; b) cot’a+1=— —; ©) cos* o —sin* o =2cos’ a -1
cos” sin” «
2. Ap dung: tinh sina, cosa, cota, bi€t tana =2
LG
1. a)taco:
sina 5 sin® & 5 sin® & 5 sin® & +cos” a 1
tana = S tan” a = s— << tan"a+l= —+lotan a+l= > = >
cosa cos” «a cos” cos” a cos” a
2 2 2
cos” o cos” a+sin” 1
b) VT =cot’ a+1=———+1= — =——=VP
sin” a sin” a sin” a

c)

VT =cos* o —sin* a = (cos2 a +sin® 05).(0052 o —sin® a) =cos’a —sin’a

=cosza—(1—cos2a)=cos2a—1+cosza:2cosza—1:VP

2. Ta co:
R ) 1 ) 1 1
+tana:2nen(a):>2 +1= S— <> C0s” @ =—<>cos =, [—;
cos” o 5 5
1
+ tana = 2:cota—5
1Y 1 1 5 4 NG
+(b):> —| +l=— 0= =~ =sinfag=—=sinag="—--
2 sin” « sina 4 5 5

Bai 3: Biét tana = 4/3. Tinh sina, cosa, cota
LG
+ta cO: tan = 4/3 nén cot = ¥

+ma tan’a+1=

) 9 3
=cos a=—=cosa=—;
cos” a 25 5

2
+ mat khac: sin’> e +cos’ o =1=sina =+1-cos’ a :‘,1_(§j :%
Bai 4: Dung goc a trong cac truong hop sau:
a) sina:%; b) cosaz%; ¢) tana = 3; d) cota =4

LG

a)* Cach dung y
- dung géc xOy =90° . Liy doan thang lam don vi
- trén Oy lay diém B sao cho OB = 1

- v& cung tron tim B, ban kinh bang 2, cung ndy cat Ox tai A | ®
-n6i A v6i B = ZBAO = can dyng !

* Chu - N 0B 1 & b

ung minh: - ta co: sina =sin ZBAO = TRE) dpcm

b)* Cach dung y

- dung goc xOy = 90° . Liy doan thang lam don vi >

- trén Ox 14y diém A sao cho OA =2

- v& cung tron tAm A, ban kinh bang 3, cung nay cét Oy tai B N

-ndi A v6i B = £/BAO =a can dung \
04 2 °o 2 A

* Chuing minh:- ta c6: cosa =cos ZBAO = B3 dpcm
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c) * Cach dung

- dung goc xOy = 90° . Liy doan thang lam don vi
- trén Ox lay diém A sao cho OA =3

- trén Oy lay diém B sao cho OB = |

— Z/OBA=qa can dung

* C minh: - that vay, ta co: tana = tan ZOBA = % = % =3 dpcm

y

d) * Céach dung
- dung goc xOy = 90° . Lay doan thang lam don vi
- trén Ox lay diém A sao cho OA =4
- trén Oy lay diém B sao cho OB = 1
— £04B = can dyung
04 4

* Cminh: - that vay, ta cd: cota = cot LZOAB = oB-1° 4 dpcm

Bai 5: Cho tam giac ABC c6 AB=5; BC=12; AC=13
a) CMR tam gidc ABC vudng
b) Tim ti s6 lwong giac cua goc A va goc C
LG
a) Ta c6: AB*>+BC* =12>+5>=169=13> = AC* = AB> + BC* = AC?
theo dinh Iy Pytago ddo, suy ra tam giac ABC vuong tai B

b)
- Vi L4+ 2C=90" = /4;/C 1a 2 gbc phu nhau
- do do: 13
sinAzcosC:E; cosA:sinC:i

13 13 12

12 5
tgd=cotgC=—; cotgd=teC=—
& g 5 & g 12

s sk sk o ok ook ok ok ok sk ok ok ok sk ok sk sk ok sk ok ok sk skok sk skok sk skok sk skokok sk ok skokok stk sk ook kot sk ok ok ko ok ok

Ngayday: ...........coeviiininnnn.

BIEN POI PON GIAN BIEU THU'C CHUA CAN THUC BAC HAI

A. Kién thirc co ban
1. PBua thira s6 ra ngoai dau can

\/E:|A|J§:{A\/§ (A>0;B > 0)
~ANB (4<0;B>0)
2. Pua thira s6 véo trong diu cin
—A4>0;B>0: AVB = A°B

— A<0;B>0: AVB=—/4’B

3. Khtr mau cta biéu thirc ldy can : 4B >0;B#0: \/% =

NA.B
~ [
4. Truc can thirc & mau

4 AJB
a)B>0.\/§——B
c(vV4TB
b) 4>0;4=B”: ¢ ( +)

Ji+B  A-B
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C _C(\/Z$\/§)
JAa+JB  A4-B

C) A4,B>0;4+=B:

*Chuy:
- cac cin béc hai dong dang 1a cac cin béc hai ¢ cing biéu thirc dudi dau can
- biéu thirc lién hop: 2 biéu thirc chira cin thic dugc goi 1a lién hop véi nhau néu tich cia
chung khong chira can thirc
- quy tac truc can thic & mau: mudn truc cin thire ¢ mAau cua 1 biéu thirc ta nhan tir va
mau cua biéu thire d6 v6i biéu thire lién hop ctia mau
B. Bai tap ap dung
Dang 1: Pua nhén tir ra ngoai, vao trong diu cin
Bai 1: Pua nhan tir ra ngoai ddu cin

a) N125% (x > 0)= (5x) 5x = 5x45x

b)W=W=4y2\/§

& (S(1=2) =[1-2|NE = (V2 -1)\5 (1-vZ <0)

) W=|2—\B|.W=(ﬁ—2).3.ﬁ (2-+5<0)

> oz 2(Vi0e3) V2(Vio+s)

= = = = =2(V10+3
X (3_m)2 3-vio| V10-3 (JVio-3)(vi0+3)  10-9 ( )
() _ B8] 3(5-1)
N T2 T 2 (1-V3<0)
Bai 2: Dua thira s6 vao trong du cdn va so sanh
a) 3,/5 va 5\3
=325=4/4
ta co: W =VFs =45 do 75> 45=75 >45 =53 >3,/5
5V3=153=175
b) 43 va35
43 =423 = /48
tacs: o3 V481 4o 485 4525 VBT > TS > 443 > 35
35 =325 = /45
c) 72 va 72
ta cO: 7V2=~722=98 do 98> 72 =98 >72 = 72 > /712
d) 57 va 44/8

5J7 =527 =175
48 =428 =128

Bai 3: Bua nhan tir vao trong dau can va rat gon

ta coO:

}do 175>128 = /175 >/128 = 57 > 4,/8

a) (2-a) az_“z(a>2)=— Za(aa%z):—«/za(a—z) (2-a<0)
b)(x—S) Y (0<x<5):— 5+x 5+x (x—5<0)
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&) (a=b) b23a : (O<a<b)=—\/3a(a_b) :_\/( 3a(b-a) _ 3a(b-a) (a—b<0)

—-a b’ —a’ b—a).(b+a) (b+a)

Dang 2: Thue hién phép tinh va rit gon biéu thirc
Bai 4: Thuc hi¢n phép tinh

a) 125 — 445 +34/20 —/80 =.. :5\/——12\/§+6\/§—4J—=—5\/§

o[ e 55 1210

1,51 71 -2
R R
d) 5\/%—3ﬁ+15\g—4\/ﬁ+\/\/527:5.2\6—3.2\B+15%\B—4.3\5+\/ (5+4).(5-4)

1085 =633 + 345 = 1243 4440 =135 =183 ++3 =135 -1743
o) J7+43 +1/28-1043 :\/(2+\B)2 Jr\/(s—ﬁ)2 —2+\3+5-B=7

Bai 5: Rat gon biéu thirc v6i gia thiét cac biéu thire chit déu ¢ nghia
XVXx+
o NNy
NS

:(@@%@w)_@:x_@w_@:x_z@w:(&-ﬁ)z

(x>0;y>0)

a+~ab ) \/_(‘/Z"'\/—) Ja
Vodar ) T (bda) Wb
(e ) (Ve =) -
c) \/5 (x 0;y O)
J {5+ {5 (NE =
A () )

-néu Vx-2>V2=x-222=x>4
= A=Jx-2+2+x-2-2=2Jx-2
- néu m<\5:>x—2<2:>x<4
= A=Jx-2+2-Vx-2+2=22
_ Dang 3: Truc can thirc ¢ miu
Bai 6: Truc can thirc & mau

1 12.(3+43)  12(3+43)

a) 3_\5:(3_\/5)'(3%/5): 53 :2.(3+\B)
2 8.(v5-2 8.(v/5 -2
® J5+2(J§+(2).(J§)2) (5—4 a3
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0 14 14. (\/_ \/—) (\/ﬁ—\/g)
05 (o B)(Jio 5] 103

7J§—5\/ﬁ_(7\/§—5\/ﬁ)(8\/§+7\/_) 168+49+/33 40433 -385 _ 933217
8V3-TIL (843-7411) (83 +7411) 192539 —337

3J5-22 (3\/3—2\/5)(2\/3”\/_) 30+9v10-4410-12 _18+5V10
2J5-3v2 (2\/3—3J§)(2ﬁ+3\/_) 20-18 2

Bai 7: Truc cin thirc & mau va thyc hién phép tinh
R S i 5.(4+11) L 6(N7+2) s
4=VIL 3447 7-2 2 (a-V0)(44410) (34 7)(3 V1) (V7 )(ﬁ+2) 2

(4+f) 347 (ﬁ+2)_ﬁ_5_5.(4+\/ﬁ)+3_ﬁ 6(ﬁ+2) N

=2.(v10-3)

d)

¢)

6-11  9-7  7-4 2 5 2 3 2
:4+x/ﬁ+3_\/7;/7+5—2(\/7+2):4+\/ﬁ+4—\/7—2\/7—4:4+x/ﬁ—3\/7
b) 4 . 3 ~ 2 +\/§_1_ 4(\/g+\/7) 3(\/§+2) 2(\/§+2) +\/§_1
B2 5-2 B-2 0 6 _(ﬁ—ﬁ).(£+f) (V5-2)(\5+2) (V3-2)(\3+2) 6
a(V5+42) 3(N5+2) 2(V3+2) 3 4(V5+2 N
= (5_2 )+ (5_4 )— (3_4 )+ 36 1: ( 3 )+3.(\/§+2)+2.(\/§+2)+ 361
:8(\/5‘“/5)”8'(\6+2)+12-(\/§+2)+‘6_1:8\/§+8\/§+18\/§+36+12\/§+24+\/§—1

6 6
_ 26J5+8V2 +13y/3+59
6

sk sk sk sfe sk s s st sk s sk sk s sk sk s sk sk s sk sk sfe sk sk s sk sk sfeosie sk s sk sk s sk sk sk sk sk sfeosie sk sk sie sk sfeosk sk st sk s sk sk skeosiesk kok

Negayday: ..........cooiiiiiinnn.n
RUT GON BIEU THU'C CHUA CAN THU'C BAC HAL
ON TAP PAI SO - CHUONG I
A. Kién thirc co ban
Dé rat gon biéu thirc co chtra cin thirc bac hai, ta can van dung thich hop cac phép
bién doi da biét
B. Bai tap ap dung
Bai 1: Tinh

a) V3+242 —y6-42 =\/(\/§+1)2 —\/(2—\/5)2 =V2-1-(2-+2) =221
b) 5 —Wz\/ﬁ—\/s—\/(zﬁ—.%)z NN RN
SN e NI NI RN el

) V64235 —\29— 1245 =+J6+ 245 —245+3 =9 =3
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d) \/2+\/5—\/13+\/4_8 =\/2+\/5—m=\/2+ 5—\/(2\/§+1)2 _J245-2-1
=\24y4-23 =2+ (\3-1) =24 B-1=41+43

Bai 2: Thyc hién phép tinh, rit gon két qua
a) 2420 =45+ 3418 + 332 /50 = 44/5 =3/5 + 92 +124/2 - 5V2 =5 +1642

b) 32032t [l Es e L 2 L ai- 2T 0

c)\fhf J12,5 -0,5¢200 + 242+6\/17——\/I— 2+ \ﬁ—\/:——\/ﬁm/@w\ﬁ—f
=l\/§+§f—§ﬁ—5ﬁ+11\/§+6.%f—zﬁ
=(l+§—§—5+11+6§—%j\/§=2\/§

d>(3f+z\ﬁ_ ﬂ( 2 - J’J (206+ 245248 ) (46 243 6) = L& (-245) =5

Bai 3: Chimg minh dang thtc

JZN_ Na—~b 26 2Jb
2( 2( 2Ja+2db b-a ~a-~b

Bién d6i vé trai ta dugc:

Vaivb  Na-b 2 _ Nardb  Ja-b 2b
2Na-20b Wa+2¥b b-a 2(Ja-b) 2(Va+b) (Va+b).(Va-b)

z(‘/g+‘/3)2_(\/;‘\/3)2+4b:a+2@+b—a+2@—b+4b= 4Jab +4b
2(Va —b)(a + ) 2(Vao)(Ja b)) 2(dab)(Ja+db)
_ Ab(asb) o
“(Jap)(Jaxb) ab
-3

(25406 1) 1
J8-2 3 )6 2

Bién dbi vé trai ta duoc:

yr (2346 V216 1 _[Ve(2-1) 64
VB-2 3 JE_

:(?—2\/@}.L=_—3\/E-L:__3:VP

VT =

=VP

Jo6 2 Jo 2

(\/ZJF\/E)2 ~4ab 4y s bia
Na—+/b Jab
a) Tim di€u kién dé A c6 nghia
b) Ching t6 rang gia tri cia biéu thuc A khong phu thudc vao a
LG

Bai 4: Cho biéu thirc 4=
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a)dk:a>0;b>0;akhachb

b) ta co:

A_(\/ZJF\/E)Z_“‘/J_a b+b\/5_a+2\/ﬁ+b—4\/%_m(\/g+\/g)
 Na-b Jab  Ja—+b ab
:%—(\/;r\/g):%—(\/;r@):J;—\/B—\/;—f=—2\/5

N - 2 , 2Wx+x 1 oox—1
Bai 5: Cho biéu thirc B_[x\/;—l_x/;—lj'yw —
a) Tim dk xac dinh
b) Rut gon biéu thirc B
LG
a)dk: x>0;x=1
b) Ta co:
B:[zﬁ+x_ 1 j x-1 2xex 1| xed
wr=1 Jx-1) x+x+1 (\/;—1)()(4- x+1) V-1 | x+x+1

:2\/§+x—x—\/§—1 x+\/§+1:\/§—1 11
(Vr=1)(x+x+1) x=1 Yo-lx-1 x-l

.. P 3x ) (Vx-3 Jx-2  9-x
Bai 6: Cho biéu thirc c=|1-2 : -
( x-9 j [2—\/;+3+\/; x+\/;—6j

a) Tim dk dé C c6 nghia
b) Rut gon C
¢) Timx dé C =4
LG

a)dk: x>0;x#4x#9
b) Ta cé:
pam3r ) (Va3 Va2 9-x

x=9 2-x 3+Jdx x+/x-6

() J
(Vx=3)(Vx+3)

S [ VE)(3+VR)+(Vx-2) ~9+x

C=

3-Vx Vx-2  9-x
V-2 x+3 (&—2)(&+3)

Jra3oyx 9-xt(Vr-2) -94x

1_(&+3)J'[ (Vx-2)(Vx+3) J ez T (Vx-2)(Vr+3)
3 (r2)(¥xes)

Jx+3 (Vx-2) Cx-2

c)C=4 < 3 —4<:>\/;—2:%<:>\/;:1Z1<:>x:E

Jx-2 16

s A o ox+9) [(3Jx+1 1
Bai 7: Cho biéu thuc D = : -
! (3+\/;+9—x —3x Ix
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a) Tim dk b) Rut gon ¢) Tim x sao cho D <-1
LG

a) dk: x > 0; x khac 9

b) Ta cé:

( Jx x+9J (3\/§+1_Lj_ Vi x49 I

3+4/x 9-x) (x=3Vx Jx) |3+x (3++x)(3-+x) | N (Vx-3) Jx
\/;(3 Vr)+x+9 3o e300 3Jx 49 2(Vx+2)
()] (Vo) ()= Ve(Ve3)

Co3(Wre3) Ve (VR-3) g

_(3+\/;)( —f) 2(\/;+2) 2Jx+4

3Jx
2Jx+4

sk sk sk sk ke s sk ook sk sk sk sk sk sk sk sk sk sk skt sk sosk seosk st s st s sk sk sk sk skt sk sk skosk skeosk skeskoske skosk sk ks sk

) D<-lo———<-lodi>20r+ior>4ox>16 (2/x+4>0)

Ngayday: .................... e

HE THUC VE CANH VA GOC TRONG TAM GIAC VUONG
A. Kién thitc co ban
1. Cac hé thurc

2 * Pinh 1y: Trong 1 tam gidc vudng, mdi canh goc vudng bang:
- Canh huyén nhén Sin goc d6i hodc Cosin goc ké
- Canh goc vuodng kia nhan Tang goc ddi hodc Cotg goc ké
(trong tam gidc ABC vudng tai A, BC=a; AB =c; AC=b, ta co:
(1) {b:a.sinB:a.cosC 2) {lc?iz.;gléicb’.cotg(]
=bitgC =b.cotgB

c=asinC=a.cosB
2. Ap dung giai tam giac vudng
* Giai tam giac vudng: 13 tim tat ca cac yéu té ciia mot tam giac vudng (cac canh, cac goc)
néu biét trude 2 yéu t6 trong d6 co it nhat 1 yéu td vé canh va khong ké goc vudng
* Mot sb truong hop giai tam giac vudng thudng gip
a) Biét 2 canh goc vudng
- Tinh canh huyén (theo Pi-ta-go)
- Tinh mdt goc nhon (tan hoac cot)
- Tinh gbéc nhon con lai (2 gbéc phu nhau)
b) Biét canh huyén va 1 goc nhon
- Tinh goc nhon con lai (2 goc phu nhau)
- Tinh cac canh géc vudng (hé thirc vé canh va géc — h¢é thire (1))
¢) Biét canh goc vudng va goc nhon ké
- Tinh gbéc¢ nhon con lai
- Tinh canh géc vudng con lai va canh huyén (hé thirc vé canh va goc — hé thirc (1); (2))
B. Bai tap ap dung

Bai 1: Cho tam gidc ABC vudng tai A, biét 1gB :g va BC =10. Tinh AB; AC
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B - 1gB = g = /B =~53°07
10 A 1y A
- theo h¢ thure vé canh va goc trong tam giac vudng
AB =BCcos B=10.c0s53°07 =6
A c

AC = BC.sin B=10.5in53°07 =8

Bai 2: Cho tam gidc ABC can tai A; AB=AC =17; BC = 16. Tinh dudong cao AH va goc
A, goc B cua tam giac ABC

LA =LA,
A + tam giac ABC can, c6 4H | BC = BC
112 BH:CHZTZS
Y 7 + xét tam giac AHC, vudng tai H
-ta co: AH =N AC? —CH* =\17* -8* =15
° © S CH 8 o f oo
16 - mit khac: sin 4, = o Ty = L = A = 2804 = L4 =24, =56'08

+ xét tam giac AHB vudng tai H, ta co:
ZB=90"- /4, =90"-28°04 =61°56
Bai 3: Cho tam giac ABC c¢6 AB = 11, Z4BC =38"; Z4CB=30". Goi N la chan duong
vudng goc ké tir A dén BC. Tinh AN; AC
- xét tam giac ANB vuong tai N, theo hé thirc vé canh va goc
trong tam giac vuong ta co:

A
/J‘/L\ AN = AB.sin B =11.sin38° ~ 6,77
= _ 3~ - x€t tam giac ANC vudng tai N, theo hé thirc vé canh va goc
N

trong tam giac vuong ta co:

AN _ 6,77
sinC  sin 30°
Bai 4: Cho tam giac ABC vuong tai A, duong cao AH. Biét BH =9; HC = 16. Tinh goc B,
goc C?

AN = AC.sinC = AC =

~13,54

- xét tam gidc ABC vuong tai A, theo hé thirc vé canh va

duodng cao trong tam giac vudng , ta co:
AH? =BH.CH =9.16 =144 = AH =12
- xét tam giac AHB, vuong tai H, ta c6:

qp=A0 _12_ p_s37
BH 9
-ma £B+£C=90"= £C =36°53
Bai 5: Cho tam gidc ABC c¢6 2B =60, cac hinh chiéu vudng goc ciia AB va AC 1én BC
theo thir tw bang 12 va 18. Tinh cac goc va dudng cao cia tam giac ABC
- x¢ét tam giac AHB vuong tai H

A
i /B=60" = /A=30" = BH = L AB = AB = 2BH = 2.12 = 24
2
— AH =~/ AB* + BH* =/24* +12? = 20,8
B60 12 H 18 C

- x¢ét tam giac AHC, theo h¢ thure lugng. ..

= Z—Ié = 20é8 = £C=49°06' = £4=180" — (LB + £C)=70"54

- theo h¢ thirc vé canh va gobc, ta co:

tgC
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HC 18
cosC  cos49°06 -
Bai 6: Cho hinh thang ABCD, c6 £4=2D=90°, day nho AB =4, day 16n CD = 8,
AD=3.Tinh BC, zB,2C?

HC=AC.cosC = AC =

27,5

A s B - ké BH vuong goc voi CD, suy ra AD = BH = 3;
AB=DH=4,dod6:CH=8-4=4
° - xét tam giac BHC vudng tai H, ta co:
u h . BC=VBH +CH® =\¥+4 =5
D

sinC:ﬁngéCz?ﬁo
BC 5
- vi ABCD 1a hinh thang nén:
/B+/C=180"= /B =180" - 2C =180" -37" =143°
Bai 7: Giai cic tam giac vudng sau, tam giac ABC vudng tai A biét:
a)a=18;b=8 B
b) b=20; 2C=38"

3
C)tgB=—;c=4
) g 4

A b C
LG:a)a=18;b=8
: AC 8 07’ 0 07 07~
sinB=—=—=/B=2323 = /ZC=90"-23"23 =63"37
BC 18
AB = BC.sin C =18.5in 63°37 ~16,1
b)b=20; 2C =38
. . . AC 20
/C=38"=/B=52";  AB=ACtaC=20138° ~15,6; BC= ~25,4

sinB _ sin52°

3
C)tgB=—;c=4
) g i

AC:ABth:4%:3; BC=~AB+ AC* =3* +4> =5

sinC=£=§:O,8:>LCz53°08' — /B ~36°52
a

sk sk sk sk sk s st seosie sk sk sk sk sk sfe sk seoske seoske sk sk sk sk sie sk sk sk skt skeosie sk seosk sk s sk sk sk sk skt sk sk skosk skeskokeskok

Ngay day: ............

ON TAP HINH HQOC - CHUONG I
A. Kién thirc co' bin
1. Cac hé thiic vé canh va duong cao trong tam giac vudng
Cho tam giac ABC vudng tai A, duong cao AH sao cho taco :
AH =h,BC=a,AB=c,AC=b,BH =c,CH =b khido :
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Hb*=ab; c’=ac
D) hP=b'c b~
3)b.c=a.h 2
o1 WAE - B— .
T o
5)a’ =b* + ¢’ (Pitago)

2. Pinh nghia céc ti s6 luong giac ctia goc nhon
Cho ZABC=a (0° <a<90°) ta dinh nghia cac ti sO gilta cac canh AB, BC, CA cua tam
giac ABC vuong tai A nhu sau :

AC
s =——; cosa =——
BC
t a—ﬂ' cotga =——
g 1B’ g C

3. Mot s0 tinh chat cua cac ti sO lugng gidc

£ \ , sina = cos f3; cosa =sin
-Néu a+£=90° thitaco: P P
tga = cot g B; cotga =tgf3

-Cho 0°<a<90°. Khi db
+ 0 <sin, cos < 1
+ sin’+cos’ =1

sina cosa
+ tga = ,cotga =—

coSx Sino
4. Cac h¢ thuc vé canh va goc trong tam gidc vuong

1
;cotga =——;tga.cotga =1
1ga

e - Cho tam giac ABC vuong tai A, BC=a; AB=c; AC=b,
ta co:
b S (1) b=a.sinB=a.cosC 2) b=ctgB=c.cotgC
c=asinC=a.cos B c=bitgC=b.cotgB
B. Bai tap ap dung

Bai 1 : Ching minh rang : v6i o 1a goc nhon tuong tng trong tam giac ABC, £4=90° thi:
a) cos* o —sin*a =2cos’ a1
b) sina —sina.cos® a =sin’ «
c) tg’a —sin’ atg’a =sin’ a
d) cos’ a+tg’a.cos’ a=1
LG
a) VT = (cos2 a +sin’ a).(c052 a —sin’ a) =cos’ a —sin* a =cos’ « —(l—cos2 a) =2cos’a—1=VP
b) VT =sin 0{.(1—0032 a) =sina.sin’ @ =sin’ @ = VP

: a2

. sin
c) VT =tg’a.(1-sin’ a) =tg’a.cos’ a = 5
cos” «

.cos’a=sin*a =VP
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) 2 )
d) VT = cos’ a.(l +tg2a) =cos’ a.(l+ sza j =cos’ a'w =1=VP
CoS @ CoS o
Bai 2 : Cho tam giéc ABC, biét AB =21 ; AC=28;BC=35
a) Ching minh rang tam giac ABC vudng
b) Tinh sinB, sinC, géc B, goc C va duong cao AH vua tam gidc ABC
LG

, AB*+ AC* =21*+28* =1225 ,
a) ta co: = BC* = 4B’ + AC* do d¢6 theo

8 BC?* =35"=1225
dinh ly dao cua dinh ly Pi-ta-go tam giac ABC vuong tai A
21 b)
sinB=£=§=O,8:>LBz530

sinC="2=2"20,6=/C~37"
BC 35

Xét tam giac AHB vudng tai H, 4p dung hé thirc vé canh va goc
trong tam giac vuong ta co:

AH = AB.sin B=21.5in53°21.0,8=16,8  (hoic AH.BC = AB.AC)
Bai 3: Giai tam giac vuong tai A, biét

a)a=12; ZB=42°

b)b=13;¢c=20

LG

- ta co:
Z/C=90"~/B=90"-42" =48°
AB=BC.cosB=12.cos42’ =9
AC =BC.cosC=12.cos48’ ~ 8

- ta co:
BC = AB* + AC? =~/20% +13* ~ 23,85
ng:£:£=0,65:>43~33°

AB 20

/C=90"-2B=57°

(e}
12
420
A B
(e}
13N
A 20 B

Bai 4: Cho tam giac ABC c6 2B =60" cac hinh chiéu vuéng goc ciia AB, AC 1én BC theo
thir tr bang 12; 18. Tinh céc canh, cac gbc va dudng cao cua tam gidc ABC
LG
+taco: BC=BH+CH=12+18=30
+ x¢ét tam giac AHB vuong tai H

A -tacod: AH = BH.tgB =121g60° =124/3
"z - mat khac :
BH = AB.cosB = AB = BH :LO:M
o0 cosB  cos60
B 12 H 18 C

Z4,=90° — 2B =90" - 60° = 30°
+ xét tam gidc AHC vuong tai H, ta co :
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AC =~ AH* +CH? =...=756 ~ 27,5

th=A—H=%:>LCz49O
HC 18
+xétAABC, tcd: £4=180" - (£B+£C) =71

Ngayday: .......cooovviiiiiii,

HAM SO BAC NHAT. PO THI CUA HAM SO y=ax+b (a#0)
A. Kién thirc co ban ’
1. Pinh gghia hérp sO bac nhﬁt
- Ham s0 bac nhat 1a ham s6 dugc cho boi cong thitc y=ax+b (a#0), trong d6 a, b 1a cac
s6 cho trudce , ’ , ,
2. Tinh chat cta ham s6 bac nhat : Ham s6 bac nhaty=ax+5b (a#0) xac dinh v6i moi x
thu@g R va ,c() tinh chét sau :
a) bong bién trén R, khia >0
b) Nghich bién trén R, khia <0
3. D6 thi cia ham s6 y = ax
- D6 thi ctia ham s6 y =ax 13 1 duong thang di qua gdc toa d6 O
- Cach vé
+Cho x=0=y=a= A4(0;a)
+ DBuong thang di qua gbc toa dd O va A(0 ; a) 1a d6 thi ham sb y = ax
4. Do thi ctiaham s6 y=ax+b (a#0)
- D6 thi ciia ham s6 y=ax+b (a#0) 1a 1 duong thang
+ Cit truc tung tai diém co tung do béqg b 9 )
+ Song song vdi duong thang y = ax néu b khac 0; trung voi duong thang y =ax néub =0
- Chuy : Do thi cia ham s0 y=ax+5b (a#0) con dugc goi 1a duong thang y=ax+5b (a#0)
b duoc goi 14 tung d6 gbe ciia dudng thang
* Céch vé : 2 budc ‘
- Bude 1 : Tim giao cua do thi voi 2 truc toa do
+ Giao cua do thi véi truc tung : cho x=0= y=b= 4(0;b)
+ Giao ctia d thi v6i truc hoanh : cho y=0= x= b = B(_—b;oj
a a
- Bué6c 2 : V& duong thing di qua 2 diém A ; B ta dugc dd thi ham sé y=ax+b (a#0)
B. Bai tap ap dung
Bai 1 : Cho ham s y:f(x):%lx+3. Tinh f(0) ; f(1) ; f(-1) ; f(2) ; f(-2) ; f(8)

LG
- Lap bang gia tri tuong g cua x va f(x)
-2 -1 0 1 2 8
X
-1 -4 7 3 5 2 -1
= — 3 — _
f(x) 5 X+ 5 5

Bai 2: Biéu dién cic diém sau trén mit phang toa d6? A(-3; 2), B(1; 4), C(-5; 0), D(0; 3),
E(-1; -4)
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LG
y
40— B
D $3
A
2
41
c 1
° o ° X
-5 3 o 1 2
2
E 4

Bai 3: Tim m dé ham so6 sau la ham so bac nhat?

a) y=(m—4)x+2009 b) (2m—3)x+2m+1
c)y:m+§x+4 d) y=~3-mx+5v3-m
m_
LG

a ... om-4z0om#4

b) ... c>2m—3;t0c>m¢%

m+2 m+2#0 m#—2
20 =
m— m—2#0 m#2
d) ... SV3-m#z0<3-m>0<m<3
Bai 4: Cho ham s6 y = (m — 5)x + 2010. Tim m dé ham sé trén 1a
a) ham s0 bac nhat
b) ham s6 dong bién, nghich bién

LG

a ... om-520m#S
b) ham s ddng bin @ m—-5>0 & m>5
- ham s6 nghich bién ® m-5<0© m<5
Bai 5 : Cho ham s6 =(m*—5m+6)x+2. Timm dé
a) ham s6 trén 1a ham sd bac nhat
b) ham s dong bién, nghich bién
c) d6 thi ham sé di qua diém A(1 ; 4)
LG
m—-2#0

m—-3=0
m—-2>0 m>?2
m-3>0 m>3 m>3
=
m—-2<0 m<?2
m-3<0 m<3
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m—2>0 m>2

m—3<0 m<3 {2<m<3
=

=
m—2<0 m<?2
{m—3>0 {m>3

¢) vi do thi ham s di qua A(1 ; 4) nén :

4=(m’=5m+6).1+2<m’ —Sm+4=0< (m—1)(m—-4)=0

{m—le {mzl

= =

m—-4=0 m=4

Bai 6 : V& tam giac ABO trén mit phang toa d6 Oxy. Biét O(0 ; 0), A(2; 3), B(5 ; 3)

a) Tinh dién tich tam gidc ABO
b) Tinh chu vi tam giac ABO

*) ham s6 ngh.bién

om’ -5m+6<0< (m-2)(m-3)<0e
kotm

LG
! 2) Sy :%AB.OD trong d6 OD = 3; AB = 3
1 9
3 D A B :>SAABOZE.3.3:E
b) xét tam giac AOD va tam giac BOD. Theo Pi-
1 ta-go ta co:
) 04 =\OD* + AD* =3*+2* =13

OB =+OD> + BD* =~/3* +5* =34
Chu vi: C,,, = AB+AO+BO =3+/13 +-/34

Bai 7: Cho ham s6 y = (m-1).x + m
a) Xac dinh m dé dd thi ham sd cét truc tung tai diém co tung do b@fmg 2
b) Xac dinh m dé d6 thi ham s cit truc hoanh tai diém c6 hoanh d6 bang -3
¢) V& d6 thi ctia 2 ham sd ing v6i gia tri cia m vira tim duoc ¢ cau a) va b) trén ciing mit
phang toa do Oxy
LG
a)hamsoy (m- 1)x+mcotungdogocb m
- vi dd thi ham sd cit truc tung tai diém c6 tung do bang 2, nén m = 2
-hamsb co dang : y=x +2
b) vi dd thi ham s6 cat truc hoanh tai diém c6 hoanh d6 béng -3, nén tung do cua diém nay

bang 0, ta c6 : Oz(m—l)(—3)+mc>2m:3<:>m:%

- ham s6 ¢6 dang : y:%Hé

2
c)

X 0 -2
y=x+2 2 0
X 0 -3
_r..3 3 0

y=—x+ 5
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Bai 8 : Chocachamsd:y=x+4;y=-2x +4
a) V&2 db thi ham sd trén cung mit phang toa do
b) 2 duong thang y = x + 4 ; y = -2x + 4 cit nhau tai C va cét truc hoanh theo thir tu tai A
va B. Tinh chu vi va dién tich cua tam giac ABC
LG
a) V&2 db thi ham sd trén cung mit phang toa do
*Bang cac giatrictiaxvayla:
+)haimsd y=x +4

X 0 -4
y=x+4 4 0
+) ham s6 y = -2x + 4

X 0 2
y=-2x+4 4 0

b) S, = %AB.CO trong d6 AB=6;CO=4 =S, - %.6.4 12

x¢ét tam giac vudng AOC va tam giac vudng BCO. Theo Pi-ta-go, ta co:
AC =NOL +0C> =48> + 4> =42

BC=\JOB*+0C* =2* +4* =2./5

Chu vi: C,,,, = AB+AC+BC =6+42+2/5

sk s sk sk ke sfe sk sl sk sk sk s sk sk sfe ke sk s st sk s sk sk s sk sk s sk sk st sk sk s sie sk sk sie s sfeoske sfe sfeosie s seoske sk sk sk skesk sk
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SU XAC PINH PUONG TRON. TiNH CHAT POI XUNG CUA PUONG TRON
A. Kién thirc co bin
1. Binh nghia cua duong tron: Pudng tron tdm O, ban kinh R, ky hiéu: (O; R) 1a tap hop
cac diém cach O mot khoang bang R
2. Vi tri twong dbi cia 1 diém dbi v6i duong tron: Cho (O; R) va 1 diém M trong cing 1
mit phang
- diém M nam trén (O) & OM =R
- diém M nam bén trong (0) < OM <R
- diém M nam bén ngoai (0) < OM >R
3. Su xéc dinh dudng tron
- Pinh 1y: Qua 3 diém khong thang hang ta v& dugc 1 va chi 1 dudng tron
-Chuy:
+ tam ciia duong tron di qua 3 diém khong thang hang 1a giao diém ciia cac dudng trung
truc ctia tam giac ABC. Pudng tron di qua 3 diém khong thang hang A, B, C duoc goi 1a
dudng tron ngoai tiép tam giac ABC ay tam giac ABC ndi tiép duong tron
+ khong v& dugc duong tron nao di qua 3 diém thang hang
+ dé ching minh nhiéu diém ctng nam trén 1 duong tron, ta chimg minh cic diém 4y ciing
cach déu 1 diém cb dinh. Diém cd dinh 4y 1a tAm ciia dudng tron, khang cach déu ay la
ban kinh ctia dudng tron

B. Bai tap ap dung
Bai 1: Cho tam gidc ABC vudng tai A. Trén AB, AC lan luot 1iy cac diém D, E. Goik M,
N, P, Q lan luot 1a trung diém cua DE, EB, BC, CD. CMR: 4 diém M, N, P, Q cung thudc
1 duong tron

LG

B P c

+ X¢ét tam giac EDB, ta c6:

%g:ﬂg} = MN Ia duodng trung binh cia AEDB, suy ra MN // =2 B (1) hay MN//AB
+ X¢ét tam giac BCD, ta ¢o :

oC=0D P \ , .,

PC = PR } = PQ la duong trung binh cta tam giac BCD, suy ra PQ /=% BD (2)

+Tu (l)va(2) = MN//=PQ =>tugiac MNPQ Ia hinh binh hanh  (¥*)
+ X¢ét tam giac CDE, ta c6 :

AQ/Ill))—:gf} = MQ la dudng trung binh ciia ACDE, suy ra MQ // CE => MQ // AC
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MO/ AC
+Tacd: MN//AB = MQ L MN = /M =90’ (**)
ma AC 1L AB
+ Tir (*) va (**) => tir giac MNPQ 14 hinh chit nhat, goi O 1a giao diém ctia MP va NQ
=>0OM=0ON=0P=0Q =>4diémM, N, P, Q cing thudc 1 dudng tron
Bai 2 : Chuing minh dinh 1y sau :
a) Tam ctia dudng tron ngoai tiép tam gidc vuong 14 trung diém cia canh huyén
b) Néu 1 tam giac c¢6 1 canh la duong kinh cua dudng tron ngoai tiép thi tam giac dé 1a

tam giac vuodng

| B c

B t :
U |

Xeét tam gidc ABC vuong tai A. Goi O la
trung diém ctia BC => OA = OB = OC (vi
AO 1a trung tuyén cua tam giac) => O la
tAm cta duong trong ngoai tiép tam giac
ABC
Bai 3 : Cho tam giac ABC nhon, v& dudng tron (O ; 2 BC) cit cac canh AB, AC theo thi
tutai DvaE
a) Chirng minh rang : CD vudng goc véi AB ; BE vudng goc véi AC
b) Goi K 1a giao diém cta BE va CD. Chtng minh ring : AK vudng goc véi BC

LG

A

LG

Vi tam giac ABC noi tiép dudng tron tim O
c6 duong kinh BC => OA=0B=0C
=>0A =" BC

=> tam giac ABC vuong tai A

a) Theo bai 2, tam giac BCD va tam gidc BCE c¢6 canh BC la duong kinh => tam giac
BCD vudng tai D (=> CD vudng goc voi AB) va tam giac BCE vuong tai E (=> BE vuong
gbéc vo1 AC)

b) Xét tam giac ABC, ta c6 :

BE 1 AC

CD 1L AB = K 1a tryc tdm cua tam gidc ABC => AK vudng goc voi BC

ma BExCD =K

Bai 4 : Cho tam giac ABC, goc A > 90°. Goi D, E, F theo thr tu 1a chan cac dudng cao ké
tur A, B, C. Chirng minh rang:
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a) Cac diém A, D, B, E cung naf1m trén 1 duong tron

b) Céc di@m A, D, C, F cung qﬁm trén 1 dudng tron

c) Cac diém B, C, E, F cung nam trén 1 dudng tron
LG

F

a) goi M 14 trung diém ciia AB
xét tam giac ADB, 2D =90° :MA:MB:MD:%AB (1)

xét tam gidc AEB, ZE =90° = MA = ME = MB = %AB )
tir (1) va (2) => MA = MB = MD = ME => céc diém A, D, B, E cling nam trén 1 duong
tron
b) goi N 1 trung diém cua AC
xét tam giac ADC vudng tai D va tam gidc AFC vudng tai F, ta c6: DN, FN lan luot 1a
trung tuyén mg véi canh huyén BC => NA = ND = NC =NF => A, D, C, F clung nim
trén 1 duong tron
¢) goi I 1a trung diém cta BC

(chirng minh twong tw)

Bai 5: Cho tam giac ABC c6 AB = AC ndi tiép duong tron tim O, dudng cao AH cua tam
giac cat duong tron (O) tai D
a) Chtirng minh rang AD la duong kinh ctia dudong tron tam O

b) Tinh géc ACD

¢) Cho BC = 12cm, AC = 10cm. Tinh AH va ban kinh cua duong tron tam O
LG

a) + vi AB = AC => tam giac ABC céan tai A, ma AH A

vudng gbéc voi BC => AH la duong trung truc cia BC =>
AD ciing 1a trung truc cuia BC (1)

+ do tam gidc ABC ndi tiép dudng tron tim O => O thudc
duong trung truc cia BC (2)

+ tr (1) va (2) => O thuoc AD => AD la duong kinh cua B v c
duong tron (O) W
b) theo bai 2 tam giadc ACD noi tiép dudng tron (O) ¢o D

AD la duong kinh => go¢ ACD = 90°

c)+vi ADLBC:BH:CHzéBC=%.12=6cm

+ xét tam giac AHC vuong tai H, ta ¢6: AC* = AH> +CH® = AH =~/10° -6’ =8cm
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+ xét tam gidc ACD vuéng tai C, ap dung hé thirc vé canh va dudng cao trong tam giac
AC? 102

vuong ta c6: AC* = AD.AH = AD = —=12,5¢m => bén kinh cta duong tron (O) la

1 1
R=—4AD=—.12,5=6,25cm
2 2
sfe o sk s s ot sk ke ot s s ke st sk ke o st sk ke ot sk e o st sk ke st sk ke s st sk o sk sk st sk s o st sk ok sl sk s sk sk sk e sk ok ok
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HE SO GOC CUA PUONG THANG.
PUONG THANG SONG SONG, PUONG THANG CAT NHAU
A. Kién thirc con ban
1. Géc tao boi dudng thang y = ax + b (a khac 0) va tryc Ox
- Goc a tao boi duong thang y =ax + b (a khac 0) va truc Ox la gbc tao bdi tia Ax va tia
AT, trong do A la giao diém cia duong thang y = ax + b véi truc Ox; T 14 diém thudc
duong thang y = ax + b va co tung d6 duong

Tru’(‘mgilqpa>0 Tm(‘mgilqpa<0

-voia>0 =0"<a<90°, a cang 16n thi « cang lon
-v01a<0 =90" <a<180", a cang 16n thi o cang l6n q
2. y=ax + b (akhac 0) thi a dugc goi Ia hé s6 goc cua duong thang
3. V612 duong thang (d): y=ax+b va (d'):yza'x+b' (a;a' # 0), ta co:
+(d)//(d)=a=ab=b +(d)=(d)=a=dasb=b
+(d)><(d')<:>a;tay +(d)J_(d')<:>a.a'=—l
- Chu ¥: khi a khéc a’ va b =b’ thi 2 duong thang c6 cung tung d6 gdc, do d6 chung cat
nhau tai 1 di€ém trén truc tung co tung dg la b
B. Bai tap ap dung
Bai 1: Xéc dinh hé s6 goc k cua duong thang y = kx + 3 — k trong moi truong hop sau:
a) Puong thiang song song véi d6 thi ham sb y = %x
b) Caflt truc tung tai diérp co6 tung do bﬁng‘2
c¢) Cat truc hoanh tai diém c6 hoanh do bang 3

LG

a) Vi dt y=kx + 3 — k song song véi dths yz%x :kz%:ptdt co6 dang: y=§x—%
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b) Vi dths y = kx + 3 — k cit truc tung tai diém c6 tung do 1a b =3 — k, ma theo gia thiét
dths cit truc tung tai diém c6 tung do bang 2 nén 3—k =2 = k =1 = ptdt c6 dang: y = x+2
c) Vi dt y = kx + 3 — k cét truc hoanh tai dém c6 hoanh d6 bang 3, nén tung do tai diém
nay bang 0
tacd: 0=3k+3-k<k :_73:>ptdt c6 dang : y=_73x+%
Bai 2 : Cho hs bac nhat : y=ax — 4 (1). Xac dinh hé sb a trong mdi trudng hop sau
a) dths (1) cat duong thang y = 2x — 1 tai diém c6 hoanh d6 bang 2
b) dths (1) cét duong thing y = -3x + 2 tai diém c6 tung do bang 5

LG
a) Goi M 1a giao diém cta dths (1) va dt y = 2x — 1 => toa d6 diém M thoa méan dong thoi
ca 2 dt trén
~tung do cia diemM lay=22—1=3=>M(2;3)
- vid dths (1) di qua diém M(2 ; 3),néntacd:3=2.a—4=>a="7/2
b) Goi N 1a giao diém cua dths (1) va dty = -3x + 2 => toa d6 diém N thoa min dong thoi
ca 2 dt trén
- hoanh d6 cia diEm N 1a5=-3x +2=>x=-1=>N(-1; 5)
-vidths (1)diquaN(-1;5),néntaco:5=a.(-1)-4=>a=-9
Bai3:Chohs:y=-2x+3
a) V¢ dths trén
b) Xac dinh hs c6 dthi 1a dt di qua géc toa d§ va vuong géc voi dty =-2x + 3
¢) Tim toa d6 giao diém A cua dt y = -2x + 3 va dt tim dugc & cau b)
d) Goi P 1a giao diém cua dt y = -2x + 3 vi truc tung. Tim dién tich tam giac OAP

LG
a) Ve dths y=-2x+3

X 0 3/2
y=-2x+3 37 0
=> dths y=-2x + 3 di qua 2 diém P(0 ; 3), Q(3/2 ; 0)

\\\\\\\\\\\\\\\\\\

b) dt qua gdc toa d6 O c6 dang y = ax (a khac 0)
-viy=-2x+3 vay=ax vudong goc véi nhaunén : -2a=1=>a=-1/2

=>hs c6 dang : y=%x

Group: https://www.facebook.com/groups/tailieutieuhocvathcs/




Truy cip Website : hoc360.net — T4i tai liéu hoc tip mién phi

¢) tim toa d6 giao diém clia y=-2x + 3 va y= %x
- goi A 1a giao diém cua 2 dt trén => toa do diém A thoa min ca 3 dt trén
- hoanh d¢ diém A 13 nghiém ciia pt : —2x+3 :%x ox :g

- tung do cua diém A 1a : y:%g:%
Viy giao diém A cua 2 dt trén c6 toa do : A(6/5 ; 3/5)

d) Sy o =%AH.OP trong d6 : AH=6/5; 0P =3

16 9
=S =—.—3==(dvdt
o =1-23= (dvdy)
Béi4:Ch0hémsé:y=m_lx+m+2 )
m+1

a) Voi gtr nao cua m thi (1) la hsbn? ’
b) Vi gtr nao cua m thi (1) 1a hs dong bién?
c¢) Vi gtr nao cia m thi dths (1) di qua diém A(1; 2)?

LG
— -1=0
a)hs (1) lahsbn & 7L 20”70 et
m+1 m+1#0
m—1>0
1>0<:>m>1 .
A e — m+ >
b) hs (1) dong bién PR SN /4
m+1 m—1<0 m<-—1
om<-—1
m+1<0

¢) vi dths (1) di qua A nén toa d6 diém A thoa méan hs (1), ta c6:

2=l 2 S Ay = m—14 (m+1)(m42) & mP +2m—1=0

m+1

=—1+2
e (m+1) =220 (m+1-v2)(m+1+v2) =0 | "
o1 =20 18114202
Bai S: .
a) V& dt céac hs sau trén cung mat phang toa do:
y=2x  (;y=0,5x (2);y=-x+6  (3)

b) Goi cac giao di€m cua cac dt cé pt (3) voi 2 dt ¢o pt (1) va (2) theo thr ty 1a A va B.
Tim toa dd caa 2 diém A va B
c¢) Tinh cac gbc cua tam giac OAB
LG
a) vé dt
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- dths (1) di qua diém O va C(1; 2)

- dths (2) di qua diém O va D(2; 1)

- dths (3) di qua diém E(0; 6) va F(6; 0)

b) Tim toa d6 diém A va B

- hoanh d6 diém A théa mén pt: 2x =-x + 6 =>x =2
Thayx =2 vao (1)tadcy=4=> A(2; 4)

- hoanh dd diém B théa min pt:0,5x=-x+6=>x=4
Thayx=4vao (2)tadcy=2=>B(4;2)

04=+2>+4* =20
OB =+2?+4* =20

Ta lai ¢c6 : 40B = AOx—BOx trong d6 :

c)taco: }:OA:OB:AOAB can tai O

tanZO\x=%=2:>ZO\xz63°26; tan@cz%:%:@cz%oﬂ'
0 2p0zn ‘
— AOB = 6326 —26°34 =36°52' L q=p= 18023652 gy
skokskokskskokskskokskskskskskokskskskskskskskskskoksksksksksksksksksksksksksksk sk sk sksk sk sk sk sk sk sk
Ngayday: coooviiiiiiii

DAU HIEU NHAN BIET TIEP TUYEN CUA PUONG TRON.
TINH CHAT HAI TIEP TUYEN CAT NHAU
A. Kién thirc co' bin
1. Dau hiéu nhén biét tiép tuyén cua duong tron
~ Duong thang a 1a tiép tuyén cua dtr (O ; R) < d =R (d : 1a khoang cach tir tim O

dén a)

Néu dt a di qua 1 diém cua dtr va vudng goc véi ban kinh di qua diém d6 thi dt a la
1 tiép tuyén cua dtr
2. Tinh chat hai tiép tuyén cit nhau

Néu 2 tiép tuyén ctia dtr cit nhau tai mot diém thi :
- diém d6 cach déu hai tiép diém
- tia ké tir diém d6 di qua tam 13 tia phan giac cua goc tao boi hai tiép tuyén
- tia ké tir tam di qua diém d6 1a tia phan giac ciia goc tao bdi hai ban kinh di qua 2 tiép
diém
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3. Puodng tron ndi tiép tam giac

- dtr ndi tiép tam gidc 1a dtr tiép xtic v4i 3 canh cua tam gidc

- tAm cua dtr ndi tiép tam giac 1a giao diém cua 3 dudng phan giac ciia cic goc trong tam
giac

4. Pudng tron bang tiép tam giac

- dtr bang tiép tam giac 1a dtr tiép xtc véi 1 canh cta tam giac va tiép xtic v6i phan kéo dai
cua hai canh con lai

- tAm cua dtr bang tiép tam giac 14 giao diém cuia 2 dudng phan gidc cac goc ngoai tai hai
dinh cua tam giac

- mdi tam giac c6 3 dtr bang tiép

B. Bai tap ap dung
Bai 1: Tir 1 diém A nam bén ngoai dtr (O), ké cac tiép tuyén AB va AC véi dtr (B ; C 1a
cac tiép diém). Qua diém M thudc cung nho BC, ké tt v6i dtr (O), tt nay cat cac tt AB, AC
theo thu ty tai D va E. Chting minh rang chu vi tam giac ADE bang 2.AB
LG

Theo tinh chat 2 tt cét nhau, ta co :
DM =DB (D;
EM =EC (2)
Chu vi tam giac ADE la :

Copp = AD+ AE+DE= AD + AE+ DM + EM  (3)

Tr(1);(2)va3):
= Cypp =AD+ AE+ DB+ EC=(AD+DB)+(AE+EC )= AB+ AC =24B (vi AB = AC)
Bai 2 : Cho dtr (O), diém I ndm bén ngoai dtr (O). K¢é cac tt IA va IB vdi dtr (A, B 1a cac
tiép diém). Goi H 1a giao diém cuia IO va AB. Biét AB = 24cm ; IA = 20cm
a) Tinh d6 dai AH ; IH ; OH
b) Tinh ban kinh cua dtr (O)

LG
A - Theo tinh chét cta 2 tt cat nhau, ta co:
IA = 1B = 20cm; 10 la phan giac cua goc
AIB
- Tam giac IAB can tai I, c6 IH la phan
| H A giac => IH ciing dong thoi 13 duong cao
va la dg trung tuyén
:>AH=BH=%AB=%.24=12cm

B - Xét tam giac AHI vudng tai H

tacod: [H> =14 - AH* =20>-12> =16" = [H =16cm (theo Pytago)

- Xét tam giac AIO, vudng tai A, ap dung hé thuc vé canh va dg cao trong am giac vudng
taco:

AH® 12

HI 16

AO* = I0.0H =(IH +OH ).OH = (16+9).9 =225 = A0 =15¢m

AH* = HL.LHO = HO =
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Bai 3 : Cho nua dtr (O ; R) dg kinh AB. Goi Ax, By la céc tia vudong goc voi AB (Ax, By
va nira dtr cung thudc nira mp c6 bd 1a AB). Ly M thudc Ax, qua M ké tt véi nira dtr, cit
By tai N

a) Tinh gbc MON

b) CMR : MN = AM + BN

¢) CMR: AM.BN = R?

LG
a) - theo tc cua 2 tt cat nhau, ta co: y
0, =0, = 10H; M4 = MH |
2 N
: () .
0, =0, =—BOH; N8 =NH
- ta co:
— o~ o~ ]l — 1 0 o H
MON =0, +O3:E(AOH+BOH):E.180 =90
b)doMN=MH+NH (2) M
=>tur (1) va (2) : MN = MA + NB
c) Xét tam gidc MON vudng tai O, theo h¢ 3 A
thirc vé canh va dg cao trong tam giac vudng, 1y
taco: N © R 8
OH® = MH.NH = AM .BN

} = AM .BN = R’
ma OH =R
Bai 4: Cho dtr (O; R) va 1 diém A nam cach O 1 khoang bang 2R. Tir A vé cac tt AB, AC
v6i dtr (B, C 1a cac tiép diém). dg thg vudng goc voi OB tai O cat AC tai N, dg thg vudng
gdc v6i OC tai O cat AB tai M
a) CMR: AMON la hinh thoi
b) Bbthg MN 1a tt cua dtr (O)
c¢) Tinh dién tich hinh thoi AMON
LG
a) + vi AB, AC la 2 tt cua dtr (O)
= AB L OB; AC 1. OC
+ma ON L OB; OM 1L OC

Nén AB // ON, AC // OM => tir giac AMON la
Hinh binh hanh (1)

+ mat khac : 4, = 22 (tc 2 tt cit nhau)  (2)

+ tur (1) va (2) => t&r gidc AMON 1a hinh thoi

b) + vi AMON la hinh thoi = MN 104  (3)

+ mat khac : HO=AH=%OA=%.2R=R (4)

+ tir (3) va (4) => MN 1la tt cua dtr (O)
OB R

c) + xét tam giac ABO, vuong tai B ta ¢ : sin 4, _OB_R 1., 4 =30°
0OA 2R 2

+ xét tam giac AHM vuong tai H, ta co :

N _2ms

MH = AH .tan 4, = R.tan 30’ :R.T:MNZZMH =2.R.T: 3
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1 1 2R3 2R \f

+dodd: S oy ==.MN.AO= 2R= (dvdt)
2 273
********************************************************

Ngayday: ......coooiiiii,

, ON TAP PAI SO + HINH HQC
1. PAI SO
Bai 1: Thuc hién phép tinh
a) V50 —3v45 =218 + 5420 =52 =935 =642 + 1045 = =2 +/5
8422 2432, V2 (8+242)(3+42) V2(V2+3)  V2(1+42)

by V2 2 12 (3)(e) V2 (142)(1e4)
w (V2+3)-(V2+2)=4+2V2 42 -3-+2-2=-1

; [1 a f}[ﬁﬁ_zj[Hﬁ(ﬁl)}‘[ﬁ(lﬁ)_ }(l_ﬁ).(l_ﬁ_z)

-7 ) 3 -7 3
(17 )-(~1=47) = (T 1) (T -1)=(~T) =2 =7-1=6

\/10+2\/3 229-1245 _\/10+2\/3 220225349 = \/10+2\/3 2y(2V5-3

\/10+2‘/3 2(245-3 \/10+2\/3 546 =\10+2{5-225+4 = \/10+2,/
= J10+2(v5 \/10+2\/_ 4=\6+2V5 =5425+1=,/(</5 ( 5+1) ~5+1

Bai 2: Cho biéu thuc le:[ 2 B Jx-1 _I‘lj

xvx+1 x—\/;+l x—1
a) RG biéu thic B
b) So sanh B voi 1
LG
a)dk: x>0; x#1. Taco:
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B= +

ey e e

1 x+2 . Jxi-1 1
' (\/;+1)(x—\/;+1) x—Jx+1 Jx+1
.x+2+(\/;—1).(\/;+1)—(x—\/;+1)_ _x+2+x—1—x+\/;—1

=1: =1

(\/;+1)(x—\/;+l) ‘ (\/;+1)(x—\/;+1)
x+x ‘/;(‘/;"'1) ) Jx _x—+x+1

=1: =1: =1

(\/;+l)(x—\/;+l) .(\/;+1)(x—\/;+1) Tx—Jx+l Jx

b) xét hi¢u:

x+2 Jx -1 Jx -1 ]

12X x+1-+/x B x—2x+1 B (\/;_1)2

Jx NN N

=B-1>0=B>1

Bai 3: Cho biéu thic: P:(’C‘/’_C_1 x\/;ﬂj:{z-(x%/;ﬂ)J

_x—~vx+l1

B-1= >0

x—+/x - x++/x x—1
a) RG bth P
b) Timx dé P <0
¢) Tim x nguyén dé P nguyén

LG
a) bk: 0 <x #1. Ta cé:
P_(x\/;_l_x\/;ﬂ} 2(x-2Vx +1)
x=vx xadx ) x—1

(V-1 (e x+1)_(\/§+1)(x—\/§+1) . 2.(\/}—1)2
) () ) )

((esE ) (x_J;H)Nz.(J;_I)JM Gl ol

Joo | (Ve )V 2 () Vi

b)P<0<:>ﬁ+i<0<:>x/;—l<0(vi \/;+1>0)<:> x<lex<lelcxl]
, e+l Jx-142 2

c) Taco: P= = =1+

) r-1 x-1 Jx -1

PeZ<:>\/_2 leZ@sz}—1@J}—1eU(2),maU(2)={il;J_r2}

+)\/;_1:1<:>\/;:2<:>x=4(tm)
Wx-1=-1eVx =0 x=0(m)
+)\/;_1=2<:>\/;=3<:>x=9(tm)
Wx —1=-2 & x =1 (loai)
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Bz‘1i4:Chobth:P:( 3 3}(&“ J}+2J

Vi-1 ) (Wx—2 Jx-
a) bk?
b) RG bth P
¢) Tim x nguyén dé P nguyén

LG

a)dk: x>0;x=Lx=4
b) Ta co:
) () s e
 Va(Va-n) (Vo -2)(vx-1) Vx(Va-1) (Ve -2)(va-1)
3 e (e2)
() s T
¢) Tim x nguyén dé P nguyén
Pz(\/;_z)zl—ieZ@\/;eU(z)={J_rl;i2}

Jx Jx
+)\/;:1<:>x=1(loai)

+)\/; =2&x= 4(loai)
+)\/_ = —1(Zoai)
+)f = —2(loai)

Bai 5: Thuc hién phép tinh

M:\/6+2x/5.\/3—\/\/§+ 12 +4/18-+128 =\/6+2x/§.\/3—\/\/§+\/ﬁ+\/18—8\/§
M=\/6+2\/§.\/3—\/\E+\/§+1/(4—ﬁ)2 =\/6+2\/§.\/3—\/\/§+2\/§+4—\/§

M =622 3 - B 14 =\ﬁ+2\/§.,/3—\/(ﬁ+1)2 64224331

M:\/6+2\/§.\/2—f=\/6+2.\/4—2f=\/6+2.1/(\/§—1)2 = J6+2(v3-1)
M=J6+2\B—2=\/4+2\B:,/(\E+1)2:\B+1

Bai 6:
a) Vi gtr nao cia m thi hsbn: y=(4m+3)x-5 dong bién

b) Vi gtr ndo cia m thi hsbn: y=(2m+5)x—14 nghich bién
LG

a) hsdb <:>4m+3>0<:>m>_73

b)hsnb<:>2m+5<0<:>m<_75

Bai 7: Tim gtr cia m dé dudng thang: y=(m=3)x+m+1, (m=3) va dudng thang
y=(2-m)x-3, (m+2) cit nhau tai 1 diém trén truc tung
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LG
-Xét y=(m-3)x+m+1, (m#3) (1)
Taco:a=m-—-3; b=m+1
- Xét y=(2-m)x-3, (m#2) (2)

Tacd: a =2-m; b=-3
- Bé dth (1) va dth (2) cat nhau tai 1 diém trén truc tung khi va chi khi
{a;tay {m—3¢2—m {2m¢5
R = Sm=-4

b=b m+1=-3 m=—4
Bai8: Cho 2 hsbn: y=(m+3)x-1  (I)va y=(1-2m)x+5 (2). Vi gtr nao cua m thi
d6 thi 2 hs trén 14 2 dg thg
a) Song song ;
b) Cét nhau ;
¢) Trung nhau

LG
Xét(l),tacé: a=m+3; b=-1
Xét(2),taco: a=1-2m; b =5
21)(1)//(2)<:>{a:a,<:>{m+3:1_2m<:>3m:—2<:>m:—g
b#b -1=5 3

b) (1) Cét(2) <:>a;ta'<:>m+3¢l—2m<:>3m¢—2<:>m¢—§

: 2

= 3:1—2 —_— — 3\ .

c) (1) trung (2) {Z Z, & {m1+ 5 "o {m 3 khong ton tai m thoa man
= T -1=5

Bai 9 : V€ dthi 2 hs sau trén cung 1 hé truc toa do : y=§x+2 (1); y=2x+2 (2). Goi A; B

la giao qdiém cta (1) va (2) voi truc hoanh ; va giao diém cua 2 dg thg 1a C. Tim toa do
giao diém A, B, C. Tinh di¢n tich tam giac ABC

LG
*Bang cdc giatriciax vay:
X 0 -3 X 0 -1
y=2x+2 2 0 y=2x+2 2
3

* P thi hs y= §x+ 2 (1) di qua diém A(-3 ; 0) va diém C(0 ; 2). P thi hs y=2x+2 (2) di
qua diém B(-1 ; 0) va diém C(0 ; 2)
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* dién tich tam gidc ABC 1a :

S, s = %AB.CO = %.2.2 =2 (dvdt)

Bai 10 : Cho x=ab+,/(1+a*)(1+%); y=a1+b* +b\1+4a> . Hiy tinh y theo x, biét (ab>0)

LG
Taco:

2 =(avr (1) (1+57) | =0+ 200 {15 ) (0407 (1 07) (147)

=2a°b? +2ab1/(1+az)(1+bz)+a2 +b*+1

32 :(a\/1+b2 +b\/l+a2)2 =a* (1467 )+ 2ab,[(1+a* ) (1457 ) +b* (1+a°)

=2a’b* +2ab (1+az)(1+bz)+a2 +b’

Dodd: y’=x"-1= y=+Jx’—1

II. HINH HQC : (On tap vé tinh chét ciia 2 tt cit nhau)

Bai 1: Cho nura dtr (O ; R), dudng kinh AB, v& céc tiép tuyén Ax, By vé nira mp bd AB
chta nira dtr. Trén Ax, By lay theo thir tw M va N sao cho goc MON bang 90°. Goi I 1a
trung diém ciia MN. CMR :

a) AB la tt caa dtr (I ; 1O)

b) MO la tia phan giac cia goc AMN

c) MN la tt cua dtr duong kinh AB

LG
a) CMR : AB latt cua (I ; 10) x
- ta c6: AM // BN (cung vuong goc voi AB) => tir
gidc ABNM 1a hinh thang N
L .. A0 = BO} \ H
- xét hinh thang ABNM, ta co: =10 la
MI = NI M
duong trung binh ctia hinh thang ABNM
=10/ AM // BN
- mat khac: 4M 1 AB= 101 AB=0= AB la tt cua
dtr (I; 10) A o B

b) CMR : MO la tia phan giac cia goc AMN
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-vi AM // 10 => 2 AMO = ZMOI (so le trong) (1)
- tam gidc MON ¢6 20 = 90°, OI 1a trung tuyén OI = IM = IN :%MN => tam giac IMO
cantai [ = ~IMO = ~IOM (2)

-t (1) va (2)=> MOl = 2 AMO = 2ZIMO => MO la phan giac cua ~ AMN
c) CMR: MN la tt cua dtr dkinh AB

- ké OH vudng goc voi MN 3)

- xét tam gidc MAO va tam gidc MHO, ta co:

ZA=/H =90

MN : chung = AMAO = AMHO (CH -GN) => OA = OH = R (canh tuong ung)
ZLAMO = ZHMO

=> OH Ia ban kinh cua dtr tdim O dkinh AB 4)

- tr (3) va (4) => MN la tt cua dtr dkinh AB
Bai 2: Cho dtr (O), diém A nam bén ngoai dtr. Ké cac tt AM, AN véi dtr (M, N 1a cac tiép
diém)
a) CMR: OA vuong goc voi MN
b) Vé dkinh NOC. CMR: MC // AO
c¢) Tinh d¢ dai cac canh cua tam giac AMN, biét OM = 3cm; OA = 5cm
LG

a) ta c6: OM = ON (= ban kinh) M
AM = AN (tinh chat 2 tt cat nhau)
=> AO la trung tryc cta doan thang MN
=> (0A 1L MN
b) goi H 14 giao diém ciia MN va AO { H
-viOA 1L MN =>MH = NH ©
- x¢ét tam giac MNC, ta co:
ON =0C
MH = NH
giac MNC => HO // MC hay MC // AO
¢) xét tam gidc AMO, M = 90°, theo Pytago ta cO : AM = ANO* —OM> =+/5* -3* =4
=> AM = AN =4cm
- mat khac, ap dung hé thirc vé canh va dg cao trong tam gidc vudng AMO, ta co:
MAMO = MH.OA = Mp = MAMO _ 43 2,4cm

04 5
= MN =2.MH =2.2,4=4,8cm
Bai 3: Cho tam gidc ABC, 2 A =90°, dg cao AH, v& dtr (A; AH), ké céc tt BD, CE voi dtr
(D, E 1a céc tiép diém khac H). CMR:
a) 3 diém D, A, E thang hang
b) DE tiép xtc voi dtr dkinh BC

}: HO la dg trung binh cta tam
N

LG
a) theo tc 2 tt ct nhau, ta co:
- AB la phéan giac cia /DAH=> £ A= Z A,
- AC la phan giac cua ZEAH => £ Az = £ A4
-md /DAE= LA +2L Ay + 2 As+ ZA=2(L Ay + £A3)=2.90°=180°
=>3 diém D, A, E thang hang
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b) goi M 1a trung diém cia BC B
- xét tam giac ABC ZA =90° c6 AM

. D H
la trung tuyén AM = %BC (1)
M
- ta c6: BD // CE (cung 1L DE) = tr
giac BDEC la hthang "2/
- xét hthang BDEC, ta ¢6 : 7 c

AD = AE
MB=MC
cua hinh thang BDEC => MA // CE,

maCE L. DE=MA 1L DE (2)

- tr (1) va (2) => DE tiép xtic véi E

duong tron (M) duong kinh BC

Bai 4: Cho dtron (O), diém M nam bén ngoai dtron. Ké tlep tuyen MD, ME véi dtron (D,
E 1a cac tiép diém). Qua diém I thudc cung nhé DE, ké tiép tuyén voi dtron, cit MD va
ME theo tht ty tai P va Q. Biét MD = 4cm. Tinh chu vi tam gidc MPQ

}:AM la duong trung binh

LG
D - Theo tinh chét 2 tt cit nhau, ta co:
P MD = ME; PI=PD; QI = QE
A - Chu vi tam giac MPQ bang:
M MP + PQ + MQ = MP + PI + QI + MQ
u = (MP + PD) + (QE + MQ)
Q [J

=MD +ME =2MD =24 =8cm

Bai 5: Cho dtron (O; 2cm), cac tt AB va AC ké tir A dén dtron vudng gdc voi nhau tai A
(B, C 1a cac tiép diém)
a) Tt giac ABOC la hinh gi? Vi sao?
b) Goi M 1a diém bat ky thude cung nhé BC. Qua M ké tt voi dtron, cit AB va AC theo
thtr ty tai D va E. Tinh chu vi tam gidc ADE.
¢) Tinh sb do goc DOE?

LG
a) T giac ABOC c6 3 géc vudng nén 1a HCN, ma
lai ¢6 2 canh ké 1a OB va OC: OB = OC nén n6 la
Hinh vuong
b) Twong tu BT4, ta c6 chu vi tam gidc ADE bang:
8cm
¢) Theo tinh chét tiép tuyén ta c6:

0,=0,=—MOB; 0,=0,==MOC
2 2

,\Al/\/\)

=0, +0, =E(MOB+MOC

= DOE = 45"
Bai 6: Cho dtron (O; 5cm) diém M nim bén ngoai dtron. Ké cac tt MA, MB véi dtron (A,
B 1a cac tiép diém). Biét goc AMB bang 60°.
a) CMR: tam gidc AMB la tam giac déu
b) Tinh chu vi tam giac AMB
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¢) Tia AO cit dtron ¢ C. Tt giac BMOC 1 hinh gi? Vi sao?
LG
a) theo tinh chét 2 tt cit nhau, ta c6: MA = MB, do
do6 tam gidc AMB can tai M
+ mat khac: AMB = 60°
Nén tam gidc AMB 14 tam giac déu
b) theo tch 2 tt cit nhau, ta co:

— 1

M =M =5A/M\B=30°

2

+ma MA 1a tt nén M40 =90" => tam giac MAO vudng tai A
+ xét tam gidc MAO vuodng tai A co M, =30° = A0 :%MO = MO =2.40=2.5=10cm

Theo Pytago: MA=\MO> — 40* =~10> =5> =/75 =53

+ Chu vi tam gidc AMB bang: MA + MB + AB =3.MA = 3.5/3=15\3

¢) Tam giac AMB déu c6 MO la phan giac nén MO ciing dong thoi la duong cao cia tam
giac => MO 1L 4B (1)

+ Tam giac ABC c6 trung tuyén BO bang %AC nén tam giac ABC la tam gidc vuong tai B

—BCLAB (2)
+ Tu (1) va (2) = BC // MO, do dé tir gidc BMOC la hinh thang

sk s sk sk ke sfe sk sk sk sk sk s sk sk sfe sk sk s sk sk s sk sk s sk sk s sk sk s sk sk sk sk s sk sk s st sk s sk sk sfeoske sk stk sk sk skeskeoske sk skosk

Ngayday: ......ccoooiiiiiiii,

GIAI HE PHUONG TRINH BANG PHUONG PHAP THE
A. Kién thirc co bin
1. Quy tac thé
- tir mdt trong cac phuong trinh cua hé biéu dién x theo y (hoic y theo x)
- dung két qua d6 thé cho x (hodc y) trong pt con lai roi thu gon
2. Cach giai hé phuong trinh bang phwong phép thé
- dung quy tic thé bién d6i hé phuong trinh d3 cho dé dc 1 hpt méi trong d6 ¢6 1 pt 1 an
- giai pt 1 4n vira tim dc, rdi suy ra nghiém cta hpt da cho

B. Bai tap ap dung
Bai 1: Giai cac hpt sau bang phuong phap thé
3x-2y=5 [x=-11 2x-y=4 o w4+2y=—2 |FT7
& b) y & hptvonghiém c) & 13
—2x+y=3 y=-19 x—5=2 Sx+4y=1 y=—
2x—y=06 x=4 —x+2y-6=0 x=4 2x-3y =8 x=1
d) & e) & 2) &
3x+5y=22 y=2 5x-3y-5=0 y=5 S5x+2y=1 y=-2
x—109
—y= =2 2x-7y=8 " 106 13x—15y =-48 =9
h) xX=y ¥ i) X=1y o 106 ) x—=1oy P
3x+2y=8 y=1 12x+11y=3 _ 45 2x+y=29 y=11
53
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1 1 1 1
Z){;—w:;@{x:sz ) §x+zy—2—0<:>{x:i " gx—gy—o@{x:llcz)
xry= =" Sx—y=11 r= sx—4y=2 W7
Bai 2: giai cac hpt bang phuong phap thé
x/gx—y:\/g(\/g—l) {x:\/g {Zﬁx—\/gyZZ\/g—\/g {xzx/z
a) = b) =
2B3x+3\5y =21 y=+5 3x—y=3/2-43 y=3
x+2y=5\/§ x=25 x+2y=—x/7 x=7
c) = d) =N
x/_x+y—5+2x/_ y=\/§ 2x—\/7y=2\/7+7 y=—x/7
5+2 x+y 3— \/— {x=0
6)
—X+2y=6— 2\f y=3-5

42x y+3)- x 2y+3)=48 5x+2y=45 x=7
/) <

3(3x—4y+3 +4(4x 2y-9)=48  [25x-20y=75 " |y=5

¥
{6(“ —842x— 3y<:>{4x+9y:8 n P
(

g)

4
5(y x =5+3x+2y —8x+3y=5

=1
29
2(2x+1)+1,5=3(y-2)-6x (2x-3y=0,5 0
=3 =3

11,5-4(3-x)=2y—(5-x) 3x-0,5=2y-5 21
y__
10

Bai 3: Tim céac gid tri cia m, n sao cho moi1 hpt an x, y sau day

2mx+(1-n)y=m+n+1 2
a) hp ¢6 nghiém (2; 1); dap s6: m =

(m+1)x+(m+n)y=3 9"

1
3

2x+(m+l)y:m+2n—l , n .z

b) hpt co nghiém (-3; 2); dap s6: m=1; n=-1
nx+(1—m)y=3

c) hpt {3mx_(n+l)y:93 ¢6 nghiém (1; -5); dap sb: m=1;n=17
nx+4my =-3
(m—2)x+5ny=25 4 n .z

d) hpt co nghiém (3; -1); dap s6: m=2; n=-5
2mx—(n—2)y=5

Bai 4: Tim a, b trong cac truong hop sau:

a) dg thg d;: ax + by = 1 di qua cac diém A(-2; 1) va B(3; -2)

b) dg thg d»: y = ax + b di qua cac diém M(-5; 3) va N(3/2; -1)

c) dg thg ds: ax - 8y = b di qua cac diém H(9; -6) va di qua giao diém cua 2 duong thing
(d): 5x — 7y =23; (d): -15x + 28y = -62

d) dt ds: 3ax + 2by = 5 di qua cac diém A(-1; 2) va vudng goc véi dt (d ): 2x + 3y =1

Pap so
a=-3 a:_—8 —56 a=_—5
a){b_ K oy "3 ; ]
T h=— b=-120 b==
13 7
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