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CHUONG III
GOC VOI PUONG TRON

I. GOC O TAM. SO PO CUNG

1. Goc & tam
e Goc co dinh trung voi tam dwong tron la goc ¢ tam.
e Néu 0° <a <180° thi cung nam bén trong géc la cung nhé, cung nam bén ngodi
goc la cung lon.
o Néu a =180° thi méi cung la mét niva dwong tron.
e Cung nam bén trong géc la cung bi chin. Goc bet chin niva dwong tron.
o Ki hiéu cung AB la AB.
2. S6 do cung
e S6 do cuia cung AB dwoc ki hiéu la sdAB.
e S6 do ciia cung nhé bang sé do cia géc & tam chan cung do.
¢ S6 do ciia cung 16m bang hiéu giita 360° va s6 do ciia cung nhé (cé chung 2 miit
vOi cung lom).
¢ S6 do ciia nmira dwong tron bang 180°. Cung cd dwong tron c6 s6 do 360°.
Cung khéng ¢é sé do 0° (cung cé 2 miit trimg nhau).
3. So sanh hai cung
Trong mét dwong tron hay hai dwong tron bang nhau:
e Hai cung la bang nhau néu chiing cé sé do bang nhau.
e Trong hai cung, cung nao cé sé do Iém hon la cung I6m hon.
4. Pinh li

Néu C la mét diém nam trén cung AB thi sdAB = sdAC + sdCB.
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BAI TAP:

Bai 1. Cho dudng tron (O; R). V& ddy AB =Rv?2 . Tinh s do cia hai cung AB.

HD: 90°:270°.

Bai 2. Cho dudng tron (O; R). V& day AB sao cho s6 do ctia cung nho AB bang % s6

do cua cung 16n AB. Tinh di¢n tich cua tam giac AOB.

2
HD:S:R4\/§.

Bai 3. Cho hai dudng tron dong tam (O; R) va (O;RT\/gj . Trén dudng tron nho 1y mot

diém M. Tiép tuyén tai M clia dudng tron nho cat dudng tron 16n tai A va B. Tia
OM cat dudng tron 16n tai C.

a) Chtrng minh rang cung CA=CB. b) Tinh sb do cua hai cung AB.

HD: b) 60°;300°.

Bai4. Cho (O; 5cm) va diém M sao cho OM = 10cm. V& hai tiép tuyén MA va MB.
Tinh goc ¢ tam do hai tia OA va OB tao ra.

HD: 120°.

Bai 5. Cho tam giac déu ABC, v& nira duong tron duong kinh BC cit AB tai D va AC
tai E. So sanh cac cung BD, DE va EC.

HD: BD=DE=EC.

Bai 6. Cho hai dudng tron dong tdm (O; R) va (O; R') v6i R > R’. Qua diém M &
ngoai (O; R), v& hai tiép tuyén véi (O; R'). Mot tiép tuyén cit (O; R) tai A va B (A
nam giita M va B); mot tiép tuyén cat (O; R) tai C va D (C nam gitra D va M).
Chtng minh hai cung AB va CD bang nhau.
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HD:

IL. LIEN HE GIUA CUNG VA DAY

1. Pinhli 1
Véi hai cung nhé trong mét dwong tron hay trong hai dwong tron bang nhau:
a) Hai cung bang nhau cdng hai ddy bang nhau.
b) Hai ddy bang nhau cdng hai cung bang nhau.
2. Pinh i 2
Véi hai cung nhé trong mot dwong tron hay trong hai dwong tron bang nhau:
a) Cung lon hon cang day lon hon.
b) Ddy lon hon cang cung lon hon.
3. B0 sung
a) Trong mét dwong tron, hai cung bi chdn gitta hai ddy song song thi bang nhau.
b) Trong mét dwong tron, dwong kinh di qua diém chinh giita ciia mét cung thi di
qua trung diém ciia ddy cdang cung dy.
Trong mét dwong tron, dwong kinh di qua trung diém ciia mét day (khong di qua
tam) thi di qua diém chinh giita cia cung bi cang boi dady dy.
¢) Trong mot dwong tron, dwong kinh di qua diém chinh giita ciia mét cung thi

vuong goc voi day cang cung ay va nguoc lai.

BAI TAP:

Bai 1.Cho tam giac ABC can tai A ndi tiép trong dudng tron (O). Biét A = 50°, hay so
sadnh cac cung nho AB, AC va BC.

HD: B =C > A =>AB=AC>BC.

Bai 2. Cho hai duong tron bang nhau (O) va (O’) cat nhau tai hai diém A, B. V& cac
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duong kinh AOE, AO'F va BOC. Puong thiang AF cit duong tron (O) tai mot
diém thtr hai 1a D. Chtng minh rang cac cung nhd AB, CD, CE bang nhau.

HD: Chung minh E, B, F thcfng hang; BC // AD.

Bai 3. Cho duong tron tam O duong kinh AB. V€ hai diy AM va BN song song voi nhau
sao cho sd BM <90°. V& day MD song song v6i AB. Dy DN cét AB tai E. Tir E vé&
mdt duong thang song song voi AM cat duong thang DM tai C. Chirng minh rang:
a) AB L DN b) BC 1a tiép tuyén cua dudng tron (O).

HD:

Bai 4. Cho duong tron tam O duong kinh AB. Tt A va B vé hai day cung AC va BD
song song v&i nhau. Qua O vé& duong thang vudng goc AC tai M va BD tai N. So
sanh hai cung AC va BD.

HD:

Bai 5. Cho duong tron (O) va day AB chia duong tron thanh hai cung thoa man cung
AmB=1/3.AnB.
a) Tinh s6 do cua hai cung AmB va AnB.

b) Chtng minh khoang cach tir tim O dén diy AB 1a %

HD:

Bai 6. Trén duong tron (O) vé hai cung AB va CD théa man: cung AB=2CD. Ching
minh: AB < 2.CD.

HD:

III. GOC NOI TIEP

1. Dinh nghia

Gdc noi tiép la goc co dinh nam trén duwong tron va hai canh chira hai ddy cung
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cua dwong tron do.

Cung nam bén trong goc la cung bi chn.

2. Dinh li

Trong mét dwong tron, sé do ciia géc ndi tiép bang nira sé do ciia cung bi chdn.
3. H¢ qua

Trong mot duwong tron:

a) Cdc goc ndi tiép bang nhau chan céc cung bang nhau.

b) Cdc gbc néi tiép cing chan mét cung hodc chdn cdc cung bang nhau thi bang

nhau.

¢) Géc néi tiép (nhé hon hodc bang 90°) c6 s6 do bang nira sé do ciia géc ¢ tim

cung chan mét cung.

d) Goc ngi tiep chan nira dwong tron la goc vuong.

BAI TAP:

Bai 1.Cho ntra dudng tron (O) duong kinh AB va day AC cing cung AC c6 sd do bang
60°. a) So sanh cac goc cua tam giac ABC.
b) Goi M, N 1an luot 1 diém chinh giita ctia cac cung AC va BC. Hai day AN va
BM cit nhau tai I. Chitng minh rang tia CI 1a tia phan giac cua goc ACB.

HD:
a) B=30"; A=60°; C=90’
b) Chung minh cdc tia AN, BM la cdc tia phan giac cua cdc goc A va B.

Bai 2.Cho tam gidc ABC cén tai A (A<90"). V& dudng tron duong kinh AB cat BC tai D,
cit AC tai E. Chtrng minh rang:

—

a) Tam gidc DBE can. b) CBE = -. BAC.

HD: a) Cung DB=DE => DB=DE. b) CBE = DAE.
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Bai 3.Cho tam giac ABC (AB < AC) néi tiép trong duong tron (O). V& dudng kinh MN
1 BC (diém M thudc cung BC khong chtra A). Chtrng minh rang cac tia AM, AN

1an luot 13 cac tia phan giac trong va ngoai tai dinh A cua tam gidc ABC.

HD: MN L BC => Cung MB=MC.

Bai 4. Cho duong tron (O) va hai ddy MA, MB vuédng goc véi nhau. Goi I, K 1an luot 1a
diém chinh giita ctia cic cung nhd MA va MB. Goi P 1a giao diém ciia AK va BI.
a) Chtrng minh rang ba diém A, O, B thang hang.
b) Ching minh rang P 13 tam dudng tron noi tiép tam giac MAB.
c*) Gia sit MA = 12 cm, MB = 16 cm, tinh ban kinh ctia dudng tron noi tiép tam

giac MAB.

HD: a) AOB = 180° b) AK, Bl la cac dwong phan giac cua AMAB

c) AB = 20 cm. Chung minh r=p-a = r=4cm.

Bai 5.Cho duong tron (O) dudng kinh AB va mot diém C di dong trén mot nira dudng
tron d6. V& duong tron tim I tiép xuc véi duong tron (O) tai C va tiép xtc vai
duong kinh AB tai D, dudng tron nay cat CA va CB lan luot tai cac diém thir hai 13
M va N. Chung minh rang:

a) Ba diém M, I, N thang hang. b) ID L MN.
¢) Puong thang CD di qua mot diém cb dinh, tir 46 suy ra cach dung dudng tron

(I) no1 trén.

HD: a)MCN = 90° = MN la dwong kinh.
b) Chitng minh O, I, C thang hang; INC = OBC = MN // AB; ID _L AB.
¢) Goi E la giao diém ciia dwong thang CD véi (O) = Cung EA=EB = E ¢é dinh.

Bai 6.Cho tam giac ABC ndi tiép dudng tron (O), hai dudng cao BD va CE cit nhau tai
H. V& duong kinh AF.
a) Tt giac BFCH 1a hinh gi?
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b) Goi M 14 trung diém ctua BC. Chimg minh ring ba diém H, M, F thang hang.

¢) Ching minh rang OM = %AH .

HD: a) Chitng minh ABF = ACF = 90° = CE // BF, BD // CF = BFCH la hinh
binh hanh.

b) Dung tinh chdt hai dwong chéo ciia hinh binh hanh.

¢) Diing tinh chat dwong trung binh cia tam gidc AHF.

Bai 7.Cho duong tron (O) dudng kinh AB, M 1a diém chinh giita ctia mot nira dudng
tron, C 13 diém bat ki trén nira duong tron kia, CM cit AB tai D. V& day AE vudng
gbdc voi CM tai F.
a) Chtrng minh rang t&r gisc ACEM 14 hinh thang can.
b) V& CH L AB. Chting minh rang tia CM 1a tia phén giac ctua goc HCO.

¢) Chtrng minh rang €D < %AE

HD: a) Churng minh AFAC va AFEM vuong cdn tai F = AE = CM;
CAE = AEM = 45°= AC // ME = ACEM la hinh thang can.
b) HCM = OMC = OCM

CD _CH DH 1 1

c) AHDC -~ AODM = = = <1 =CD <MD = CD<—-CM =—AE.
MD MO DO 2 2

Bai 8.Cho tam gidc ABC noi tiép duong tron (O; R). Biét A = a < 90°. Tinh d¢ dai BC.

HD: Vé dwong kinh BD. BDC = BAC = a. BC=BD.sinD =2Rsina .

Bai 9. Cho duong tron (O) c6 hai ban kinh OA va OB vuéng goc. Ly diém C trén dudng

tron (O) sao cho Sdf‘f =% . Tinh céc gbc cua tam giac ABC.
sdBC

HD:

Bai10.  Cho tam gidc ABC can tai A va c6 goc A bang 50°. Ntra dudng tron duong
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kinh AC cit AB tai D va BC tai H. Tinh sd do céc cung AD, DH va HC.

HD:

Bai 11.  Cho duong tron (O) c6 duong kinh AB vudng goc day cung CD tai E. Ching

minh rang: CD? = 4AE.BE .

HD:
IV. GOC TAO BOI TIA TIEP TUYEN VA DAY CUNG

1. Dinh li
S6 do ciia géc tao bdi tiép tuyén va ddy cung bang nira s6 do ciia cung bi chdn.
2. HE qua
Trong mét dwong tron, goc tao bdi tia tiép tuyén va ddy cung va géc néi tiép ciing
chdn mét cung thi bang nhau.
3. Pinh li (b sung)
Néu goc BAX (v6i dinh A nam trén duong tron, mot canh chira ddy cung
AB), ¢6 s6 do bang nira s6 do cua cung AB cing diy d6 va cung nay ndm bén

trong goc do6 thi canh Ax 1a mot tia tiép tuyén ctia duong tron.

BAI TAP:

Bai 1.Cho ntra dudng tron (O) dudng kinh AB. Trén tia ddi cua tia AB 14y mot diém M.
V& tiép tuyén MC voéi nira duong tron. Goi H 13 hinh chiéu ctia C trén AB.
a) Chtrng minh rang tia CA 1 tia phan giac ciia goc MCH.
b) Gia st MA = a, MC = 2a. Tinh AB va CH theo a.

HD: a) ACH = ACM = B

b) Chitng minh MAMB = MC> = MB=4a, AB=3a. MC.OC = CH.OM = CH :%a.

“ Bai 2. Cho tam giac ABC ngoai tiép dudng tron (O). Goi D, E, F 1an luot 1a cac tiép diém “
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cua duong tron trén cac canh AB, BC, CA. Goi M, N, P lan luot 1a cac giao diém
ctia duong tron (0) véi cac ti OA, OB, OC. Chung minh rang cac diém M, N, P 1an

lwot 13 tAm cta dudng tron ndi tiép cac tam giac ADF, BDE va CEF.

HD: Ap dung tinh chat hai tiép tuyén cdt nhau.

Bai 3.Cho hai duong tron (O) va (O') cat nhau tai A va B. Mot duong thang tiép xtc véi
duong tron (O) tai C va tiép xtc v6i dudng tron (O') tai D. V& duong tron (I) qua
ba diém A, C, D, cat duong thang AB tai mot diém thir hai 1a E. Chiing minh rang:
a) CAD + CBD = 180° b) T giac BCED 14 hinh binh hanh.

HD: a) Chung minh BAC = BCD , BAD = BDC= CAD + CBD = BDC +

BCD + CBD = 180°

b) Chimg minh BCD = EDC(= BAC); ECD = BDC(= BAD), = BC// DE, BD //
CE.

Bai 4. Trén mot canh cia goc mXy léy diém T, trén canh kia léy hai diém A, B sao cho

MT? = MA.MB . Ching minh rang MT 1a tiép tuyén ciia dudng tron ngoai tiép tam
giac TAB.

HD: Chitng minh AMAT — AMTB = ATM = B = ~sd(AT) = MT la tiép tuyén.

Bai 5.Cho hai duong tron (O) va (O') cit nhau tai A va B. V& day BC cua dudng tron (O)
tiép xuc v6i duong tron (0'). V& day BD cua dudng tron (O') tiép xtc véi dudng

tron (O). Chimg minh rang:

a) AB* = AC.AD b) BC_ ) /£ :
BD \A

HD: a) AABC -~ AADB = dpcm. b)

AB_AC_BC:)(BCT_AB AC AC
AD AB BD BD AD AB AD’

Bai 6.Cho duong tron (O) va mot diém M & bén ngoai dudng tron. Tia Mx quay quanh
M, cit duong tron tai A va B. Goi I 1a mét diém thudc tia mx sao cho Mi? = MA.MB
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. Hoi diém I di dong trén duong nao?

HD: MT? = MA.MB = MI* = MI = MT = Diém I di dong trén dwong tron (M, MT).

Bai 7.Cho duong tron (O) va ba diém A, B, C trén (O). Day cung CB kéo dai gip tiép
tuyén tai A & M. So sanh cac goc AMC; ABC; ABC.

HD:

Bai 8.Cho hai duong tron (O, R) va (O’, R’) (R > R) tiép xuc ngoai nhau tai A. Qua A ké&
hai cat tuyén BD va CE (B, C € (O'); D, E € (0)). Chtrng minh: ABC = ADE.

HD:

Bai 9. Cho duong tron (O, R) c¢6 hai dudng kinh AB va CD vudng goc. Goi I 1a diém trén
cung AC sao cho khi vé tiép tuyén qua I va cit DC kéo dai tai M thi IC = CM.
a) Tinh géc AOL. b) Tinh d6 dai OM.

HD:

V. GOC CO PINH O BEN TRONG DPUONG TRON.
GOC CO PINH O BEN NGOAI PUONG TRON.

Pinhli 1
S6 do ciia géc ¢é dinh ¢ bén trong dwong tron bang nira tong sé do hai cung bi
chan.
Pinh li 2
S6 do ciia géc ¢é dinh ¢ bén ngodi dwong tron bang nira hiéu s6 do hai cung bi

Group: https://www.facebook.com/groups/tailieutieuhocvathcs/




Truy cip Website : hoc360.net — Téi tai liéu hoc tip mién phi

chan.

BAI TAP:

Bai 1.Cho tam gidc ABC noi tiép trong duong tron (O). Trén cac cung nhé AB va AC
lan luot léy cic diém I va K sao cho AI=AK . Day IK cit cac canh AB, AC lan
luottai DvaE.  a) Chimg minh rang ADK = ACB.

b) Tam gidc ABC phai c6 thém diéu kién gi thi t giac DECB 1a hinh thang can.

HD: a) ADK = = (sdAK + sdBI) = sa"‘%B =¢C b»B=°C

Bai 2. Cho duong tron (O) va mot day AB. Vé duong kinh CD vudng goc véi AB (D
thudc cung nhd AB). Trén cung nhé BC ldy mot diém N. Cac dudng thing CN va
DN lan luot cat duong thang AB tai E va F. Tiép tuyén cia dudng tron (O) tai N
cat duong thang AB tai I. Ching minh rang:

a) Cac tam giac INE va INF la cac tam gidc can. b) Al = AE;AF :

HD: a) INE = ~sdCN=E b) Al = AE—IE,Al = AF +IF = dpcm.

Bai 3.Cho tam giac ABC ndi tiép dudng tron (O). Céac tia phan giac cua goc B va goc C
cit nhau tai I va cat duong tron (O) 1an luot tai D va E. Day DE cét cac canh AB
va AC lan luot tai M va N. Chimg minh ring:

a) Tam giac AMN la tam giac can.
b) Cac tam giac EAI va DAI la nhitng tam giac can.
c¢) Tt giac AMIN Ia hinh thoi.

HD: a) Cung DA=DC; EA=EB; FB=FC= AMN = ANM
b) DAI = DIA= DA = DI c) Chitng minh NI // AM, MI // AN, AM = AN =
dpcm.

“ Bai 4. Ttr mot diém M & bén ngoai dudng tron (O), ta v& hai tiép tuyén MB, MC. V&
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duong kinh BD. Hai duong thang CD va MB cit nhau tai A. Chimg minh rang M

1a trung diém cua AB.

HD: A = sd% — MAC = MA = MC = MB.

Bai 5. Tt mot diém A ¢ bén ngoai duong tron (O), ta vé& hai cat tuyén ABC va ADE (B
nam giita A va C; D nam gitta A va E). Cho biét A = 50°, sdBD=40°. Chung
minh CD L BE.

HD A = %(stE — sdBD)=> sdCE=140". Goi H= CD ~ BE => CHE =

%(stE + sd@BD) = 90°.

Bai 6.Cho 4 diém A, B, C va D theo thu tu trén dudng tron (O) sao cho s6 do cic cung
nhu sau: sdAB=40°, sdCD=120°. Goi I 1a giao diém cua AC va BD. M 1a giao
diém ciia DA va CB kéo dai. Tinh cac goc CID va AMB.

HD:

Bai 7.Cho duong tron (O). Ttr mot diém M & ngoai (0), ta v& cac cat tuyén MAC va
MBD sao cho CMD = 40°. Goi E 1a giao diém cua AD va BC. Biét goc AEB =
700, tinh sé do cac cung AB va CD.

HD:

Bai 8.Cho duong tron (O) va mot diém M & ngoai (O). V& tiép tuyén MA va cét tuyén
MBC di qua O (B nam giita M va C). Puong tron dudng kinh MB cit MA tai E.
Chung minh: sdAnC=sdBmA+sdBkE v&i AnC, BmA va BKE 1a cac cung trong
goc AMC.

VI. CUNG CHUA GOC

1. Quy tich cung chira goc
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Véi doan thang AB va géc a (0° <a <180°) cho truede thi quy tich cdac diém M thod
mén AMB=a la hai cung chira goc a dung trén doan AB.
Chu y:
e Hai cung chira géc a néi trén la hai cung tron doi ximg nhau qua AB.
e Hai diém A, B dwoc coi la thudc quy tich.
e Dic biét: Quy tich cdc diém M nhin doan thang AB cho trude dwdi mét géc
vuong la dwong tron duwong kinh AB.
2. Cach vé cung chira goc o
— V& dwong trung truc d ciia doan thang AB.
— Ve tia Ax tao voi AB mot goc a.
— V& dwong thang Ay vudng goc véi Ax. Goi O la giao diém ciia Ay vdi d.
— V& cung AmB, tam O, bdn kinh OA sao cho cung nay nam & nira mdt phang bo
AB khong chira tia Ax.
Cung AmB duwoc vé nhu trén la mot cung chia goc o.
3. Cach giai bai toan quy tich
Mudn chimg minh quy tich (tdp hop) cac diém M thoa man tinh chét T 1a
mot hinh H nao dé, ta phai chimg minh hai phan:
— Phan thudn: Moi diém cé tinh chat T déu thudc hinh H.
— Phan déo: Moi diém thudc hinh H déu cé tinh chat T.
— Két ludn: Quy tich cdc diém M c6 tinh chat T la hinh H.

BAI TAP:

Bai 1.Cho ntra dudng tron (O; R) dudng kinh AB. V& day MN =R (diém M ¢ trén cung
AN). Hai day AN va BM cit nhau tai I. Hoi khi diy MN di dong thi diém I di dong

trén duong nao?

HD: Chitrng minh AMON déu MON = 60° = AIB = 120° = I nam trén cung
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chita géc 120° dung trén doan AB.

Bai 2. Cho ntra duong tron duong kinh AB va m¢t day AC quay quanh A. Trén nira mat
phang b AC khong chira B ta v& hinh vuéng ACDE. Hoi:

a) Diém D di dong trén dudng nao? b) Piém E di dong trén duong nao?

HD: a) ADB = ADC = 45° = D di déng trén cung chira géc 45° dung trén doan
AB (ndam trén nira mdt phang bo AB ¢6 chira C).

b) Vé Ax L AB. DE cat Ax tai F = AEAF = ACAB = AF = AB = AF ¢6 dinh.
AEF = 90°= E nam trén dwong tron dwong kinh AF.

Bai 3.Cho hinh vuéng ABCD. Trén canh BC lay diém E, trén tia dbi cta tia CD lay diém
F sao cho CE = CF. Goi M 1a giao diém cua hai duong thang DE va BF. Tim quy
tich cua diém M khi E di dong trén canh BC.

HD:

Phén thugn: ACBF = ACDE = BMD = BME = 90° = M nam trén dwong tron
dwong kinh BD. Mat khac E - Cthi M - C, E - B thi M - B = M thu¢c cung
nho BC.

Phan dio: DM cdt BC tai E, BM cdt DC tai F. ACBF = ACDE = CE = CF.

Két lugn: Quy tich ciia diém M la cung nhé BC ciia dwong tron dwong kinh BD.

Bai 4. Cho tam giac ABC vudng tai A. V& hai nira duong tron duong kinh AB va ACra
phia ngoai tam gic. Qua A vé cat tuyén MAN (M thudc nira dudng tron duong
kinh AB, N thudc ntra duong tron duong kinh AC).

a) Tu gidc BMNC 1a hinh gi?
b) Tim quy tich trung diém I cia MN khi cat tuyén MAN quay quanh A.

HD:
a) BMNC la hinh thang vuéng
b) Goi K la trung diém ciia BC. Quy tich diém I la cung DAE ciia dwong tron
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duwong kinh AK.

Bai 5.Cho ntra dudng tron dudng kinh AB. Goi M 1a diém chinh giita ciia cung AB. Trén

cung AM ldy diém N. Trén céc tia AM, AN va BN lan luot ldy cac diém C, D, E
sao cho MC = MA, ND = NB, NE = NA. Chitng minh rang nam diém A, B, C, D,

E cung thudéc mot duong tron.

HD: ACB = ADB = AEB = 45°= C, D, E nam trén cung chira géc 45° dung
trén doan AB.

Bai 6.Cho tam giac ABC vuong tai A, duong phan giac BF. Tir mot diém I nam giita B

va F, v& mot duong thang song song véi AC cat AB va BC lan luot tai M va N. V&
duong tron ngoai tiép tam giac BIN cat duong thang Al tai mot diém thi hai 1a D.
Hai duong thang DN va BF cit nhau tai E.

a) Chirng minh réng bon diém A, B, D, E cung nam trén mot duodng tron.

b) Ching minh rang nim diém A, B, C, D, E cling nam trén mot duong tron. Tir d6

suy ra BE | CE.

HD: a) ABE = ADE = B, D thudc cung chita géc dung trén doan AE = A, B, D,
E e (P).

b) ACB = ADB = A, B, C, D € (P). (P) va (P) ¢6 3 diém chung A, B, D = (P) =
(P)

= BEC = BAC = 90°.

Bai 7.Cho duong tron (O) duong kinh AB, diém C di dong trén (O). Goi M 1a giao diém

ba dudng phan giac trong cta tam giac ABC. Piém M di dong trén dudng nao?

HD:

Bai 8. Dung tam gidc ABC biét BC =3cm, A = 50°, AB = 3,5¢m.

HD: Bai toan co hai nghiém hinh.

Bai 9. Dung tam gidc ABC biét BC = 4cm, dudng cao BD = 3¢m va duong cao CE =
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“ 3,5cm.

HD:

VIIL. TU GIAC NOI TIEP

1. Dinh nghia
Mot tir gide ¢é bon dinh nam trén mét dwong tron la tir gide néi tiép dwong tron.
2. Pinh li
e Trong mot tir gidc ndi tiép, tong sé do hai géc doi dién bang 180°.
o Néu mot tir gidc cé tong sé do hai géc doi dién bang 180° thi tir gidc d6 néi tiép
dwoc duong tron.
3. Mt s6 dau hiéu nhan biét tir giac ndi tiép
o T4 gidc ¢6 bon dinh nam trén mét dwong tron la tir gide néi tiép dwong tron.
o T4 gidc cé tong s6 do hai gée doi dién bang 180° thi ti gidc d6 néi tiép dwoc
dwong tron.
e Tir gidc ABCD c6 hai dinh C va D sao cho ACB = ADB thi tir gidc ABCD ndi

tiép duorc.

Chii y: Trong cdc tir gidc dé hoc thi hinh chit nhdt, hinh vudng, hinh thang céan néi tiép

dwoc duong tron.

BAI TAP:

Bai 1.Cho tam gidc ABC cén tai A ndi tiép duong tron (0) va A = a(0 < a < 90). Goi
M 13 mot diém tuy ¥ trén cung nho AC. V& tia Bx L AM, cit tia CM tai D.

a) Tinh s6 do goc AMD. b) Ching minh rang MD = MB.
HD: a) AMD = 90° —g b) AMBD cén = MD = MB.
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Bai 2. Cho tam gidc ABC khong c6 goc ti. Cac duong cao AH va dudng trung tuyén AM
khong trung nhau. Goi N 1a trung diém ctia AB. Cho biét : BAH = CAM.
a) Chtrng minh ttr giac AMHN ndi tiép. b) Tinh sb do ciia goc BAC.

HD:
a, AHN = AMN => AHMN néi tiép.
b, BAC = ANM = 90°

Bai 3. Cho tam gidc ABC vudng tai A. Piém E di dong trén canh AB. Qua B v& mdt
duong thang vudng goc véi tia CE tai D va cat tia CA tai H. Chung minh rang:
a) T giac ADBC ndi tiép.
b) Géc ADH ¢6 s6 do khong ddi khi E di dong trén canh AB.
¢) Khi E di dong trén canh AB thi BA.BE +CD.CE khong doi.

HD:
a) BAC = BDC = 90° b) ADH = ACB

¢) Vé EK 1 BC. AKBE —~ AABC = BE.BA = BK.BC;
AKCE —~ ADCB = CE.CD = CK.CB.

Bai 4. Cho nira dudng tron duong kinh AB va day AC. Tir mot diém D trén AC, vé DE L
AB. Hai duong thang DE va BC cat nhau tai F. Chimg minh rang:
a) Tt giac BCDE ndi tiép. b)AFE = ACE.

HD:
a) DCB + DEB = 90°  b) AECF noi tiép = AFE = ACE.

Bai 5.Cho nira dudng tron duong kinh AB. Lay hai diém C va D trén nira dudng tron sao
cho cung AC=CD=DB. Cac tiép tuyén v& tir B va C cta nira duong tron cit nhau
tai I. Hai tia AC va BD cét nhau tai K. Chung minh réng:

a) Cac tam gidc KAB va IBC 1a nhirng tam giac déu.
b) T giac KIBC noi tiép.
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HD:

a) Chitng minh méi tam gidc ¢é hai géc 60° b) BKC = BIC = 60°.

Bai 6.Cho ntra dudng tron (O) dudng kinh AB va tia tiép tuyén Bx cua ntra dudng tron.
Trén tia Bx ldy hai diém C va D (C nam gitta B va D). Cac tia AC va BD lan luot
cit dudng tron tai E va F. Hai day AE va BF cit nhau tai M. Hai tia AF va BE cit
nhau tai N. Chimg minh rang;

a) Tu giac FNEM ndi tiép. b) T giac CDFE ndi tiép.

HD: a) MEN = MFN =90° &) D + CEF = 180°.

Bai 7.Cho tam giac ABC. Hai duong cao BE va CF cit nhau tai H. Goi D 1a diém dbi
xung cta H qua trung diém M ctia BC.
a) Chtrng minh rang t&r gisc ABDC ndi tiép dugc dudng tron. Xac dinh tAm O cia
duong tron do.
b) Pudng thang DH cat dudng tron (O) tai diém thtr hai 1a I. Chimg minh rang nim

diém A, LF, H, E cung nam trén mot dudng tron.

HD: a) BHCD la hinh binh hanh =ACD = ADB = 90° . O la trung diém ciia AD.
b) ATH = AFH = AEH = 90°.

Bai 8.Cho tam giac ABC. Dung ra ngoai tam giac d6 cac tam giac déu BCD, ACE va
ABF. Chimg minh rang:
a) Ba duong tron ngoai tiép ba tam giac déu noi trén cing di qua mot diém.
b) Ba dudng thang AD, BE, CF cung di qua mot diém.
¢) Ba doan thang AD, BE, CF bang nhau.

HD: a) Goi O la giao diém thir hai ciia hai dwong tron (ABF) va (ACE) .

= AOB = AOC = BOC = 120° => BOCD ndi tiép nén dwong tron (BCD) ciing di
qua O.
b) AOB + BOD = 180° = 4, O, D thdang hang. Twong tw B, O, E thang hang; C,
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O, F thang hang = Ba dwong thang AD, BE, CF dong qui.
¢) AABD = AFBC = AD = CF; AACF = AAEB = CF = BE.

Bai 9. Cho tir giac ABCD noi tiép dudng tron (O), hai dudng chéo AC va BD cit nhau tai
1. V& duong tron ngoai tiép tam giac ABI. Tiép tuyén ciia dudng tron nay tai I cat
AD va BC lan luot tai M va N. Chimg minh rang:
a) MN // CD. b) T giac ABNM noi tiép.

HD:
a) BIN = BDC = MN // CD b) BAM + BNM = 180°.

Bai10.  Cho goc nhon xOy. Trén tia Ox 1dy hai diém A va B sao cho OA = 2cm, OB =
6¢m. Trén tia Oy 1dy hai diém C va D sao cho OC = 3¢m, OD = 4¢m. N6i BD va
AC. Chimg minh t&r gisc ABCD noi tiép.

HD:

Bai11.  Cho duong tron (O) va mot diém A trén dudng tron (O). Tir mot diém M trén
tiép tuyén tai A, v& cat tuyén MBC. Goi I 1a trung diém BC. Chitng minh tr giac
AMIO nbi tiép.

HD:

VIIL. PUONG TRON NGOAI TIEP. PUONG TRON NOI TIEP

1. Dinh nghia
a) Puong tron di qua tat ca cdc dinh ciia mét da gidc la dwong tron ngogi tiép da
gidc va da gidc la da gide ni tiép dwong tron.
b) Puong tron tiép xiic Vi tt ca cdc canh ciia mét da gidc la dwong tron ni tiép
da gidc va da gidc la da gidc ngoai tiép dwong tron.

2. Dinh li

Bat ki da giac déu nao cling c6 mot va chi mot duong tron ngoai ti€p, c6 mot
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va chi mot duong tron noi tiép.
Tam cua hai duong tron nay tring nhau va 1 tAm cia da gidc déu.
Tam nay 13 giao diém hai duong trung truc cua hai canh hodc 13 hai dudng
phan giac cua hai goc.
Chu y:
e Bdn kinh dwong tron ngoai tiép da gidc la khodng cdch tir tam dén dinh.
e Bdn kinh dwong tron néi tiép da gidc la khodng cdch tir tam O dén 1 canh.

e Cho n_ gidc déu canh a. Khi do:

— Chu vi cua da giac: 2p =na (p la nita chu vi).
~ 4 N\ — 0
— Moi goc o dinh cua da gidc co so6 do bang (n=2)-180
n
X oA , ey A 3 360°
— Moi goc o tam cua da giac co so do bang :
n
.o . \ . o A . 180°
— Ban kinh duong tron ngoqi tiép: R= ﬁ = a=2R.sin 2
2sin "
n
0
— Ban kinh duong tron noi tiép:  r= ﬁ = a=2r.tan 80
2tan "
n

— Lién hé giita ban kinh dwong tron ngogi tiép va néi tiép: R*—r* = %.

— Dién tich da gidc déu:  S= %nar.

BAI TAP:

Bai 1. Mot duong tron ¢ ban kinh R =3cm . Tinh dién tich hinh vuéng ndi tiép dudng

tron do.

HD: a=R2 =3J2(cm) = S =18cm>.

Bai 2. Mot da gidc déu ndi tiép duong tron (0;2¢m) . Biét d6 dai mdi canh ctia nd 1a
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“ 2\/3cm . Tinh dién tich cua da giac déu do. “

EHI-R:-——EQF-:>n=3.:>S=3J§@m?y
2sin

n

Bai 3.Cho luc giac déu ABCDEF, d¢ dai mdi canh 1a a. Cac dudng thang AB va CD cit
nhau tai M, cit duong théng EF theo thir tu tai N va P.
a) Chtirng minh AMNP 12 tam giac déu.
b) Tinh ban kinh dudng tron ngoai tiép AMNP.

HD:
a) AMNP ¢6 3 géc bang 60° = AMNP la tam gidc déu canh 3a b) R= a3

Bai 4. Cho ngii gidc déu ABCDE canh a. Hai dudng chéo AC va AD cat BE lan luot tai
M va N. a) Tinh ti s6 giita cac ban kinh ctia dudng tron noi tiép va
duong tron ngoai tiép ngii giac do.

b) Chtng minh rang cac tam giac AMN va CMB 1a céc tam giac can.

¢) Ching minh rang AC.BM = d?.

HD:

a) == —L || —%—|~0s5.

0 0
2tan& 25in&

b) Vé dwong tron ngodqi tiép ngii gidc déu = Cung AB=BC=CD=DE=FEA. Ding
cdc dinh li vé géc trong dwong tron, chirg minh méi tam gidc ¢6 hai géc bang
nhau.

AB_BM

¢) AABM —~ AACB = 22 =22
AC BC

Bai 5.Cho duong tron (O; R). Tir mot diém A trén dudng tron (O) vé& cac cung AB, AC
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sao cho sdAB=30°; sdAC=90°. (diém A nim trén cung BC nho). Tinh cac canh va

dién tich ctia tam giac ABC.

HD: BC=R\3, AC=R\2, AB=2Rsin15", §=

IX. PO DAI PUONG TRON, CUNG TRON

1. Cong thirc tinh d¢ dai dwong tron (chu vi duwdng tron)
Do dai C cua mot dwong tron ban kinh R dwoc tinh theo cong thirc:
C=27R hogc C=rd (d=2R)
2. Cong thirc tinh d¢ dai cung tron
Trén duong tron ban kinh R, do dai I cia mot cung n° dwoc tinh theo céng thirc:

B 7TRn
180

BAI TAP:

Bai 1.Cho z =3,14. Hiy dién vao cac bang sau:

Ban kinh R Duong kinh d bo dai C Dién tich S
5

94,2

28,26

HD:

“ Bai 2. Cho dudng tron (O) ban kinh OA. Tir trung diém M ciia OA v& diy BC L OA. Biét “
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do dai duong tron (O) 1a 47(cm). Tinh:

a) Ban kinh duong tron (O). b) Do dai hai cung BC cua duong tron.

HD:
a, C=2m.R=4m =>R=2cm
b, Vi OB=2cm, OM=1cm nén OBM = 30° => COB = 120°. Tir dé tinh cung BC

Bai 3. Tam gidc ABC c6 AB=AC =3cm, A = 120°. Tinh d6 dai duong tron ngoai tiép
AABC.

HD: Goi M la trung diém BC => A,0,M thang hang va CAO = 60° nén ACAO
déu =>0A4=AC=3cm.

Bai 4. Mot tam giac déu va mot hinh vudng ¢ cung chu vi 1a 72¢m. Hoi do dai dudng

tron ngoai tiép hinh nao 16n hon? Lén hon bao nhiéu?

HD:

Bai 5.Cho hai duong tron (O; R) va (O’; R’) tiép xtic ngoai véi nhau tai A. Mot dudng
thang qua A cat duong tron (O) tai B, cit duong tron (O') tai C. Chimg minh rang

£ 1 v 3A AN: o S , A In: o v e s
néu R = ER thi d dai cia cung AC bang ntra do dai cua cung AB (chi xét cac

cung nhd AC, AB).

HD:

Bai 6.Cho dudng tron duong kinh BC =2R. Trén dudng tron ldy mot diém A sao cho

AB=R\3. Goi P, P,,P, 1a chu vi cac duong tron c6 duong kinh lan luot 1a CA, AB,

2 2 2
BC. Chirng minh rang: . E B :
1 3 4
HD:

Bai 7.Cho tir gidc ABCD ngoai tiép duong tron (O). V& ra phia ngoai tt giac nay bon

nira dudng tron ¢ duong kinh 1an luot 1a bdn canh cia tir giac. Chirng minh rang
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téng do dai cua hai nira duong tron c6 dudng kinh 13 hai canh d6i dién bang tong

do dai hai ntra duong tron kia.

HD:

Bai 8. Cho ntra dudng tron (O; 10cm) c6 duong kinh AB. V€ hai nra duong tron duong
kinh OA va OB ¢ trong nira dudng tron (O; 10cm). Tinh dién tich cta phan nam

gilta ba duong tron.

HD:

Bai 9. Cho ntra dudng tron (O) dudng kinh BC. Ly mot diém A trén (O) sao cho AB <
AC. V¢ hai nra duong tron duong kinh AB va AC ¢ phia ngoai tam giac ABC.
Chtng minh dién tich tam giac ABC béng tong hai dién tich ctia hai hinh tring
khuyét & phia ngoai (O).

HD:

X. DIEN TICH HINH TRON, HINH QUAT TRON

1. Cong thirc tinh di€én tich hinh tron

Dién tich S ciia mot hinh tron ban kinh R dwoc tinh theo cong thirc: S = zR*
2. Cong thire tinh dién tich hinh quat tron

Dién tich hinh quat tron ban kinh R, cung n° dwoc tinh theo cong thirc:

_ 7R n

S=
360

hay S= %R (1 la do dai cung n° ciia hinh quat tron).

BAI TAP:

Bai 1. Mot hinh vuéng va mot hinh tron cé cung chu vi. Hoi hinh nao ¢6 dién tich 16n

hon.
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s N A 2 4
HD: Goi chu vi moi hinh la 4a = S, =a",S§,, =4 =5,>S,,

Bai 2. Chirg minh rang dién tich hinh tron ngoai tiép hinh vudéng bang hai lan dién tich

hinh tron ndi tiép hinh vudng do.

HD: Goi do dai canh hinh vuong la a = S SRS SUNN L

ngoaitiép 2 *Mngitiép 4

Bai 3. Tinh dién tich hinh vanh khin tao thanh béi dudng tron noi tiép va duong tron

ngoai tiép tam giac déu canh 6cm.

HD: R . =——9% _5[3 R

ngoaitiép

3 = S=9z(cm?).
180O

njiticp —

2tan

Bai 4. Mot tam giac déu canh @ ndi tiép trong dudng tron (O). Tinh dién tich hinh vién

phan tao thanh b&i mdt canh ctia tam giac va mot cung nho cang canh do.

2
HD: S——— \/_
9 12

Bai 5. Tam gidc ABC vudng tai A, duong cao AH = 2¢m. Trén cing mot nira mit phang
bo BC ¢6 chita A ta vé ba nira dudng tron c6 dudng kinh 1an luot 1a BH, CH va

BC. Tinh dién tich mién gi6i han béi ba nira dudng tron do.

HD: Dt HB=2R,HC =2r = AH> =HB.HC =4Rr = Rr=1 = S=zRr=r(cm?).

BAI TAP ON CHUONG III

Bai 1. Cho ntra dudng tron (O; R) dudng kinh AB. Tir A va B vé& cac tiép tuyén Ax va By
v6i ntra dudng tron. Mot goc vudng quay quanh O, hai canh ctia goc cat Ax va By
1an luot tai C va D. Hai duong thang OD va Ax cit nhau tai E. Chimg minh ring:
a) AC.BD=R>.

b) Tam giac CDE la tam giac can.
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¢) CD la tiép tuyén cuia nira dudng tron (O). “

HD: a) AA0OC ~ ABDO = AC.BD = OA.OB = R*.
b) ACDE c6 CO vira la dwong cao, vira la trung tuyén.
¢) Vé OF L CD = AFOD = AAOE = OF = OA = R = CD la tiép tuyén ciia (O).

Bai 2. Cho duong tron (O; R) dudng kinh AB, tia tiép tuyén Ax. Trén tia Ax lay diem M
sao cho AM =R\/3. V& tiép tuyén MC (C 1a tiép diém). Puong thang vudng goc voi
AB tai O cit tia BC tai D.
a) Ching minh rang BD // OM.
b) Xac dinh dang cua céac tir giac OBDM va AODM.
¢) Goi E 1a giao diém ctua AD voi OM, F 1a giao diém ctia MC v6i OD. Chung

minh rang EF 1a tiép tuyén cta dudng tron (O).

HD:
a) AOM = B= BD // OM.

b) OBDM la hinh binh hanh, AODM la hinh chit nht.
¢) OF =R, FE | OF = EF la tiép tuyén ciia (O).

Bai 3.Cho hai duong tron (O) va (O’) cat nhau tai A va B. V& cac duong kinh AOC va
AO'D. Puong thang AC cat duong tron (O') tai E. Puong thang AD cat duong
tron (O) tai F. Chtrng minh rang:

a) Ba diém C, B, D thang hang.
b) T giac CDEF ndi tiép.

¢) A 1a tAm dudng tron noi tiép (hodc bang tiép) cua tam giac BEF.

HD: a) ABC = ABD = 90°. b) CED = CFD = 90°.
c) Chung minh FA la tia phan gidc trong (hodc ngoai) cua goc F, EA la tia phdn
gidc trong (hodc ngodi) ciia géc E ciia ABEF = A la tam dwong tron ndi tiép

(hodic bang tiép) ciia tam gidc BEF.
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Bai 4. Tir mot diém A ¢ ngoai dudng tron (O) v& tiép tuyén AT va cat tuyén ABC véi
duong tron (B nim giita A va C). Goi H 14 hinh chiéu cua T trén OA. Chimg minh

rang: a) AT = AB.AC b) AB.AC = AH.AO c) T giac
OHBC noi tiép.
HD: a) AATB «~ AACT = AT* = AB.AC. b) AB.AC = AH.AO = AT,

¢) AAOC —~ AABH =ACO = AHB = ACO + BHO = 180° = OHBC néi tiép.

Bai 5.Cho tam giac ABC ndi tiép dudng tron (O) (AB < AC). V& day AD // BC. Tiép
tuyén tai A va B ctia dudng tron cat nhau tai E. Goi I 1a giao diém ctia AC va BD.
Chtng minh rang;

a) AIB = AOB = 90°.
b) Nam diém E, A, I, O, B cung nam trén mot duong tron.

¢) 10 L IE.

HD:
a) AIB = sdAB = AOB. b) ABOI, AOBE néi tiép.
¢) EI0 = EAO = 90° =10 L IE

Bai 6.Cho hinh vuong ABCD. Trén hai canh CB va CD lan luot 1iy hai diém di dong M
va N sao cho CM = CN. Tt C vé& dudng thang vudng goc voi BN, cit BN tai E va
AD tai F. a) Chung minh tr giac FMCD 1a hinh chit nhat.
b) Chling minh nam diém A, B, M, E, F cung nam trén mot duong tron. Xac dinh
tam O cua duong tron do.
¢) Puong tron (O) cit AC tai mot diém thir hai 1a I. Chimg minh tam giac IBF
vudng can. d) Tiép tuyén tai B ctia dudng tron (O) cit dudng thang FI tai K.
Chtng minh ba diém K, C, D thing hang.

HD: a) AFDC = ANCB = FD = CN =CM
b)A, B, M, E, F nam trén duwong tron duwong kinh BF. O la trung diém ciia BF.
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c¢) Cung IF=Cung IB = IFF = IB
d) IBKC néi tiép = BCK = BIK = 90° = BCK + BCD = 180°.

Bai 7.Cho duong tron (O). V& hai ddy AC va BD bing nhau va vudéng goc v6i nhau tai I
(diém B nam trén cung nho AC). Chirng minh rang:
a) Tt giac ABCD 1a hinh thang can.
b) Tong dién tich hai hinh quat tron AOB va COD bang tong dién tich hai hinh

quat tron AOD va BOC (cac hinh quat tron img véi cac cung nho).

HD: a) BDC = ABD = AB// CD

RZ
b) Squat AOB + Squat coDpD — Z_6(ngAB + SdCD)

RZ
SquatAOD + Squat BOC — :_6(ngAD + SdBC)

Bai 8. Cho ntra duong tron duong kinh BC = 10cm va day BA = 8cm. V& ra phia ngoai
cua tam giac ABC céac nura duong tron duong kinh AB va AC.
a) Tinh di¢n tich tam gidc ABC.
b) Tinh téng dién tich hai hinh vién phén.
¢) Tinh tong dién tich hai hinh trang khuyét.

HD: a) S, =24(cm*) b)s,, =%;z—24(cm2) c) S, =24(cm®).

Bai 9. Cho tam gidc ABC néi tiép duong tron (O). Biét BC = 2¢m, A = 45°.
a) Tinh dién tich hinh tron (O).
b) Tinh di¢n tich hinh vién phan gidi han boi day BC va cung nhé BC.
¢) Xac dinh vi tri ciia diém A dé dién tich tam giac ABC 1a 16n nhat. Tinh dién tich

16n nhat do.

T—2 2

HD: a) R=0B= 2 = 5= 27(cm?) b) S,y = (cm”®)
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c) Supc lon nhdt < A la diém chinh giita cung Ién BC. Khi dé Sapc = V2 +1(em?).

Bai10.  Cho tam gidc ABC nhon. Pudng tron dudng kinh BC cat AB ¢ N va cit AC ¢
M. Goi H 1a giao diém ctia BM va CN.
a) Tinh sb do cac goc BMC va BNC.
b) Chuing minh AH vuong goc BC.
¢) Chtrng minh tiép tuyén tai N di qua trung diém AH.

HD:

Bai 11.  Cho duong tron tim O, dudng kinh AB = 2R va diém M trén dudng tron sao
cho goc MAB = 90°. K¢ didy MN vudng goc véi AB tai H.
a) Chtirng minh AM va AN 1a cac tiép tuyén cta dudng tron (B; BM).
b) Chimg minh MN? =4AH .HB.
¢) Chtrng minh tam giac BMN 13 tam giac déu va diém O 13 trong tAm cua no.
d) Tia MO cit duong tron (O) tai E, tia MB cit (B) tai F.Chirng minh ba diém N,
E, F thang hang.

HD:

Bai 12.  Cho duong tron (O; R) va diém A cach O mot khoang bang 2R, ké tiép tuyén
AB t6i dudng tron (B 1a tiép diém).
a) Tinh sb do cac goc cia tam giac OAB.
b) Goi C 1a diém d6i xtmg voi B qua OA. Ching minh diém C nam trén dudng
tron O va AC 12 tiép tuyén ctia duong tron (O).
¢) AO cat duong tron (O) tai G. Chimg minh G 1a trong tdm tam giac ABC.

HD:

Bai 13. Tu mot diém A ¢ ngoai duong tron (O; R), ké hai tiép tuyén AB, AC (voi B va
C 13 hai tiép diém). Goi H 1a giao diém ctia OA va BC.
a) Chung minh OA 1 BC va tinh tich OH.OA theo R.
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b) K¢ duong kinh BD cua duong tron (O). Chimg minh CD//OA.
¢) Goi E 14 hinh chiéu cua C trén BD, K 1a giao diém ctia AD va CE. Ching minh
K 14 trung diém CE.

HD:

Bai 14.  Tu mot diém A & ngoai duong tron (O; R), ké hai tiép tuyén AB, AC (vé6i B

va C 1a céc tiép diém). K¢ BE L ACvaCF L AB (E €AC,F e AB), BE va CF cit
nhau tai H. a) Chung minh tir gidc BOCH 1a hinh thoi.
b) Chtng minh ba diém A, H, O thang hang.

¢) Xac dinh vi tri diém A dé H nidm trén dudng tron (O).

HD:

Bai15.  Cho duong tron (O; 3cm) va mot diém A c6 OA = 6 cm. Ké céc tiép tuyén AB

va AC voéi duong tron (B, C 1a céc tiép diém). Goi H 1a giao diém cua OA va BC.
a) Tinh d6 dai OH.

b) Qua diém M bét ki thudc cung nho BC, ké tiép tuyén voi dudng tron, cit AB va
AC theo thtr tu tai E va F. Tinh chu vi tam giac AEF.

¢) Tinh s do goc BOA.

HD:

a, OB’=0H.0A =>0H=1,5cm.

b, AE+EF+FA=AE+EM+MF+FA=(AE+EB)+(CF+FA)=AB+AC=2A4B.
OB’+AB’=0A4° nén AB=5cm, => chu vi=I10cm.

¢, Vi OA=20B nén BAO = 30° => BOA = 60°

Bai 16.  Cho nura duong tron tam O duong kinh AB. Goi Ax, By la cac tia vuéng goc

v6i AB (Ax, By va nira duong tron thudc ciing mot nira mit phang bd AB). Qua
diém M bat ki thudc tia Ax, ké tiép tuyén véi ntra dudng tron, cat By & N.
a) Tinh s6 do goc MON.
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b) Chung minh MN = AM + BN.
c¢) Tinh tich AM.BN theo R.
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