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DE ON LUVEN SO 1

Ciu 1: Két luan nao sau day 1a khéng dung vé do
thi ham s8 y =ax’ +bx” +cx+d (a # O)?

A. D06 thi ham s6 bacba ludn cit truc hoanh tai
it nhat mot diém.

B. D6 thi ham s6 bac ba nhan diém cé hoanh do
la nghiém cua phuong trinh y"=0 lam tam do6i
xng.

C. Néu phuong trinh y' =0 ¢6 2 nghiém phan
biét thi d6 thi ham s6 bac ba cd mot diém cuc dai,
mot diém cuec tiéu.

D. D6 thi ham s6 bac ba khéng ¢ diém cuec tri
khi va chi khi phuong trinh ' =0 v nghiém.
Xt +3x+1

Cau2: Hamso y = dong bién trén:
x+1

A. (—oo,' —1) Vé(—1;+oo). B. (—oo;—l)u(—l;+oo).
C. R. D. (-1;1).
Cau 3: Cho dd thi ham s8 y = f(x)=x* -2x" -3
nhu hinh vé bén. Ttr d6 thi suy ra duoc sd nghiém
cia phuong trinh ‘x4 -2x° —3‘ =m véi me(3;4)
la:

y}\

Ry

A.3 B.2 C. 4 D.6

x+1
2x+3

diém trén d thi ham s& (C) c6 téng khoang cach

Céau 4: Cho ham s6 y = (C ) Tim tat ca cac

dén 2 duong tiém can la nho nhat.

M (-1;0) M(-10)
M(-2;1) M(l;%)
C. M(-1;0) D. M(-2;1)

Céau 5: Cho ham s6 y:x+2

6 d6 thi (C) thi

x-1
phuong trinh cta d6 thi ham s6 (C ) doi xting voi

(C) qua gdc toa do O la:

x—-2 2—-x

A. = B_ =
Y x+1 Y +1
x+2 x-1

= D. =
y x+1 Y xX+2

Cau 6: Biét do thi ham s§ y=x" +bx* +¢ chi ¢

mot diém cyc tri a diém c6 toa do (0;-1) thib va

¢ thoa man diéu kién nao?
A.b>20vac=-1
C.h20vac>0

Cau 7: Véi gia tri nao cia m thi duong thing

B.b<0 vac=-1
D.b>0 vactuyy.

y=x+m di qua trung diém cua doan ndi 2 di€m
cuc tri ciia d6 thi ham s6 y =x> —6x* +9x?

A.0 B.1 C.2 D.3
Cau 8: Goi M va m lan luot la GTLN va GTNN cua

ham s6 y=xy1-x* trén tap xdc dinh. Khi do

M —m bang:
Al B.2
C.3 D. dap s6 khac.

Cau 9: Huyén ¢6 mot tdm bia hinh tron nhw hinh
vé, Huyén mudn bién hinh tron d6 thanh mot
hinh cai phéu hinh nén. Khi &6 Huyén phai cit bo
hinh quat tron AOB r6i dan hai ban kinh OA va
OB lai vdinhau. Goi x la goc ¢ tam hinh quat tron
dung lam phéu. Tim x dé thé tich phéu 16n nhat?

R
y
N I O S
3 3 2 4

Cau 10: D9 thi ctia ham s6 y =x° —3x cat:
A. duong thing y =3 tai hai diém.
B. duong théng y =—4 tai hai diém.
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C. duwong thang vy :g tai ba diém.

D. truc hoanh tai mot diém.
Céu 11: Tim s6 ménh dé diang trong nhitng ménh
sau:

(1) Néuham s6 f (x) dat ciee dai tai x, thi x,

duoc goi 1a diém cyee dai cia ham s6.

(2) Gié tri cuc dai ( gia tri cyc ti€u) ctia ham s6
con dugc goi la cuc dai (cuc tiéu) va duoc goi
chung la cyec tri ctia ham s6.

(3) Choham s8 f(x) la ham s8 bac 3, néu ham
8 6 cue tri thi d6 thi ham s8 cit truc Ox tai 3 diém
phan biét.

(4) Cho ham s6 f (x) la ham s6 bac 3, néu d6
thi ham s6 cit truc Ox tai duy nhdt mot diém thi
ham s6 khong c6 gia tri cuec tri.

Al B.2 C.3 D.4
Cau 12: Giai phuong trinh log (xz +3x + 5) =2.

A. x :g B. phwong trinh VN.
C. x= =3 D. x= =
5 3
Cau13: Gia tri ctia log , 2 v6i a>0 vaa=1 bang:
A.3 B. 1 C. -3 D. -1
3 3

Cau 14: Cho g, b 1a d6 dai hai canh goc vuong, c la
d6 dai canh huyén cia mot tam giac vudng, trong
dé (c—b) #1va (c+b) # 1. K&t luan nao sau day la
dung?

A.log , a+log _,a= 2(logc+h a).(logc_b a)

B. log , a+log , a= —2(logc+h a).(logc_h a)

C.log , a+log ,a= (logﬂb a).(logc_b a)

D. log , a+log ,a= —(logHb a).(logc_h a)

Cau 15: Tap xac dinh ctia ham sd&:

y= /logl (x—S)—l la:
3

A D=|30 B. D=|310
3 3

Cau 16: Mot hoc sinh giai bai toan: “Biét
log, 5=a;log, 7=b;log, 3=c. Tinh log, 35” lan
Iwot nhu sau:
L. Ta ¢6 a=log, 5=log , 5= %log3 5. Suy ra
log, 5=3a nén log, 5=1log, 3.log, 5=3ac.
1
II. Tuong tw, b=log,7 =log ,7 = glog2 7

=log,7=3b.
III. Tt do: log, 35=1log, 2.log, (5.7)

3ac+3b  3ac+3b
log,2+log,3 1+c

1
= @(logz 5+ IOg2 7) =

Két luan nao sau day la dung?
A. Loi giai trén sai ttr giai doan L.
B. Loi giai trén sai ttr giai doan II.
C. Loi giai trén sai tir giai doan III.
D. Loi giai trén dung.
Cau 17: Dao ham cua ham s6:
f(x) :ln(x +Vx% + 1) la:
A f(x)=—— B. f(x)=
x+Vx+1 x*+1
C1+Vx? +1

C fix)=—Y X D, fx)= 2

( ) x+vVx* +1 ( ) 2(x+ x2+1)

Cau 18: Goi T = 1 ,
1 1 1 N 1

log_ x " log, x log x log,x
v6ia, b, ¢, d, x thich hop d€ biéu thirc c6 nghia.
Déng thiic nao sau day la sai?
A.T=log,. x
B. T =log_abcd

1

CT=———
log  abcd

1
N log a+log b+log c+log d

D. T
Cau 19: S8 nghiém ctia phuong trinh 22755 —1
la:

A.0 B.1 C.2 D.3
Cau 20: Chon khéng dinh sai trong cac khfmg dinh
sau:

A.logx>20<=x2>1

B. log,x<0<0<x<1
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C.log,a>log, b<a>b>0

3 3

D. log,a=log,b<=a=b>0

3 3

Cau 21: Biét thé tich khi CO,trén thé giéi nam
1998 1a V(m’). 10 ndm tiép theo, thé tich CO,

tang m% so voi nam lién trude, 10 nam tiép theo
nita, thé tich CO, tang n% so véi ndm lién trudc.

Tinh thé tich CO, nam 2016?

((100 +m)(100+ 1)) " ()

A. V2016 =V. 102
100+ m)" (100 +n)°
B. V4 p )1035 ) ()
C. Ve = V+V.(1+m+n)18(m3)
D. Vyyyo =V.(1+m+n)" (m?)

Cau 22: Ho nguyén ham cua ham sé:

4x° -5x* =1
y=—2 2 T
X
3_ 2_
A. jwdx:2x2—5x+l+C
x2 X

3_ 2_
B. dexzxz _sx+diic
x? x

3 2
C. J'4x—52x1dx =2x? —5x+ln|x|+C
x
3 2
D. J.ADC—SZJClalx:Zx2 —5x—l+C
x x

Cau 23: Mot bac tho xdy bom nudce vao bé chira
nude. Goi h(t) l1a thé tich nudc bom dwoc sau t
gidy. Cho I'(t)=3at* +bt vaa, bla tham s5. Ban
dau bé khong c6 nudce. Sau 5 gidy thi thé tich nude
trong bé 1a 150 m>. Sau 10 giay thi thé tich nudc
trong bé 1a 1100 m’. Tinh thé tich nudc trong bé
sau khi bom duoc 20 giay.

A. 8400 m® B.2200m° C.600 m’ D.4200 m’

Cau 24: Ménh dé nao la sai trong cac ménh dé sau:
A. j(x3 -x° )dx = _T(x2 -x )dx
1

2 1

B. (x3 —xz)dx :J-(x3 —xz)dx+J2.(x3 —xz)dx

(x3 —xz)dx—j(x3 —xz)dx

2

O — i Oy
S

D. j[(x3 —xz)dx = j.x3dx—j‘x2dx
0 0

0

sinxv/8 + cos xdx . Dat
u=8+cosx thi két qua nao sau day la dung?

9 8
A.I:ZI\/;du B.I:%j\/;du
8 9

O e | A

Cau 25: Cho tich phan I =

C. Iziﬁdu D. I:i\/;du
9 8

Cau 26: Dién tich hinh phang gi¢i han béi d6 thi
ham s6 y =x" -6x" +9x, truc tung va tiép tuyén
tai diém c6 toa d6 thoaman y" =0 duoc tinh bE“mg

cong thirc nao sau day?

A. T(—x3 +6x° —12x+8)dx
0
B. (x3 —6x° +12x—8)dx

C. (—x3 +6x> —10x + S)dx

O —— ) Oy N

[}

D. j(x3 —6x> +10x —S)dx
0

Cau 27: Thé tich vat thé tron xoay duoc gidi han
boi cac dudng y=+1-x*;x=0;y=0 khi quay
quanh truc Ox khong duoc tinh bang cong thikc

nao sau day?
2

A. nj(l - xz) dx
0

3
C. T{X —x—J
3

Cau 28: Tim phan thuc, phan ao cta sd phtc sau:
3—1 2+1

z= —l +— L
1+1 i

B. th.(l—xz)dx
0

L

0 3

A. phan thye: a=2; phan ao: b =—-4i

B. phan thue: 4 =2; phan ao: b=-4

C. phéan thye: a=2; phan ao: b=4i

D. phan thuc: a=2; phanao: b=4.
Cau 29: Cho a;beR. Ménh dé nao sai trong
nhitng ménh dé sau?

A. Hiéu ctia mot s6 phuc va sd phtic lién hop
ctia nd la mot sd thuan ao.

B. Tich ctia mot sO phutc va s6 phtrc lién hop

ctia nd 1a mot so do.
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C. biém M(a,b) trong mot hé toa do vudng
gbc cia mat phang duoc goi 1a diém biéu dién s§
phttc z=a+1bi.

D. M6 dun cua s6 phttc z=a+bi la
=+a* +1b*.

Cau 30: X4c dinh tap hop cc diém biéu dién sd

|2

. 1. ,
phtic z sao cho — la s6 thuan ao?
z

A. truc hoanh

B. truc tung

C. truc tung bo diém O.

D. truc hoanh bo diém O.
Cau 31: Giai phuong trinh sau z* +2iz+15=0.
Khi d6 tap nghiém S cia phuong trinh la:

A. S={1+3i;2-5i}  B. S={-3i;5i}

C. 5={3;-5i} D. S={2+3i;1-5i}
Cau 32: Xac dinh tap hop cac diém trong hé toa do

vudng goc biéu dién s6 phirc z=x +iy; (x,y¢e R)
thoa man diéu kién |z| =27

A.Duong tron x* +y* =4

B. Duong thang y =2

C. Duong thang x =2

D. Hai duong thang x =2 va y =2
Cau 33: Cho cadc diém A, B, Cva A’, B’, C’ theo th&
tu biéu dién cac s6 phiic:

1-i; 2+43i; 3+i va 3i; 3-2i; 3+2i.

Khéang dinh nao sau day la dting?

A. Hai tam gidc ABC va A’B’'C’ dong dang.

B. Hai tam giac ABC va A’B’C’ ¢6 cung trong
tam.

C. Trung diém M ctia AB d6i xtng voi trung
diém N ctia A’B’ qua goc toa do.

D. D6 dai canh BC bz‘?mg do6 dai canh A'B".
Céu 34: Cho s0 phuc z, =3+2i; z, =5+6i. Tinh
A=z2z,+5z +6z,?

A A=48+74i B. A=18+54i

C. A=-42-18i D. 42 +18i
Cau 35: Mdi dinh ctia bat dién déu la dinh chung
cua bao nhiéu canh?

A.3 B.5 C.8 D.4

Cau 36: Goi V la thé tich cua hinh 1ap phuwong
ABCD.A’B’C’D’. V, la thé tich cua t dién A’ABD.
Hé thttc nao sau day la dung?

A V=6V, B. V=4V,

C. V=3V, D.V =2V,
Cau 37: Cho mat phang (P) chtta hinh vuong
ABCD. Trén duong thing vudng goc véi mait
phang (P) tai A, 1dy diém M. Trén duong thang
vudng goc véi mit phang (P) tai C lay diém N (N
cling phia véi M so v6i mat phang (P) ). Goi I la
trung diém cta MN. Thé tich cua t& dién MNBD
ludn c6 thé tinh dugc bang cong thirc nao sau day?

1 1

A. V = E'AC'SIBD B- V ZEAC’SBDN
1 1

C.V= 5BD,SBMN D. V= EBD.SMBD

Cau 38: Cho hinh chi* nhat ABCD nhu hinh vé.
Goi M, N Ian luot la trung diém cta AB va CD.
Tinh thé tich hinh tru thu dwgc khi quay hinh ch
nhat ABCD quanh truc MN? Biét AB=a; BC =b.

A M B

a’b

AV =" dvtt B. V =a’bn dvtt

2 2
C. V:a—bn dvtt D. V:Qn dvtt
12 3

Cau 39: Cho mét cau tAm O, ban kinh R =13. Mit
phang (P) cat mat cau sao cho giao tuyén la
duong tron di qua ba diém A, B, C ma AB=6;
BC =8;CA=10. Tinh khoang c4ch tir O dén (P)?

A.10 B.12 C.13 D. 11
Cau 40: Cho hinh chép S.ABCD c6 day ABCD la
hinh ch* nhat ¢6 AD=2a,AB=a, canh bén

SA = a2 vudng géc v6i mit phang day (ABCD).
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Goi M 1a trung diém cta canh BC. Tinh ban kinh
khdi cau ngoai ti€p hinh chép S.AMD?
6 4 2 3

Ciu 41: Thiét dién qua truc cua mot hinh nén la
mot tam giac vudng can c6 canh géc vudng bang
2. Tinh dién tich xung quanh ctia hinh né6n?

A. 2742 dvdt B. 2n dvdt

C. 4my/2 dvdt D. 4r dvdt
Cau 42: Trong khong gian véi hé truc toa o Oxyz,
cho tam giac ABC c6 A(l,' 1;3),' B(Z,’ 6,'5) va toa do
trong tam G(-1;2;5). Tim toa d6 diém C.

A. C(-6;-1;7) B. C(6;1;7)
C. C( 10, 19;—£J D. C(E;Q;Ej
373" 3 3'3'3

Cau 43: Cho diém I(1;2;3). Viét phuong trinh
mat cau (S) c6 tam [ va cit mit phang
(P):x+y+2z+3=0 voi thiét dién la hinh tron 6
duong kinh bang 2.

A (S):(x=1) +(y-2) +(z-3) =2

B. (S):(x-1) +(y-2) +(z-3) =2

C. (8):(x=1) +(y-2) +(z-3)" =

D. (S):(x=1) +(y-2)" +(z- 3)2=23

Céu 44: Viét phuong trinh m3t phang (oc) di qua

+

diéem M (1;—2;3) va song song véi mat phing
(B):Zx—3y+z+5=0.

A. () :2x=3y+z+11=0
B. (a):4x—6y+2z-22=0
C. (a)
D. (a)

Cau 45: Cho mgt phéang (a) c6 phuong trinh

:2x+3y+z-11=0
tdx—6y+2z+22=0

3x+5y-z-2=0 va duong thing d c6 phuong

x-12 y-9 z-1
3

trinh . Goi M la giao diém ctia

duong théng d va mat phéng (oc) . Mat phéng (B)
di qua M va vudng géc véi duong thang D c6
phuong trinh la:

A. (B):4x+3y+z+2=0

B. (B

)
C. (B):4x—-3y+z-2=0
)

D. (B

Cau 46: Trong khong gian Oxyz, cho 4 diém

i—4x+3y+z+2=0

4x+3y+z-2=0

A(-2;6;3), B(1;0;6), C(0;2;1), D(1;4;0). Tinh
chiéu cao AH cua tit dién ABCD?
A d=5 B.d-—2%
V76 V29
Cd=—2 D.d=2
J29 24
Cau 47: Xét vi tri tuong d8i ctia cdp duong thang
) x=2-2t
d:x_lzy_ _Z23 o y=-2+t" ta két
1 3 -1 ,
z=1+3t

luan hai duong thang nay:
A. Chéo nhau. B. Trung nhau.
C. Song song. D. Cét nhau.
Cau 48: Trong khong gian véi hé toa do Oxyz, cho
ba diém A(l;l,'3);B(2;3;5);C(—1;2;6). Xéac dinh
diém M sao cho MA +2MB —2MC =0.
A. M(7;3;1) B. M(-7;-3;-1)
C. M(7;-3;1) D. M(7;-3;-1)
Cau 49: Cho mat cau (S) c6 phuong trinh:
X+ +27 —4x—2y+2z+5=0 va mat
(P) :3x -2y +6z+m=0. (S) va (P) giao nhau khi:
A. m>9 hodc m<-5 B. -5<m<9
C.2<m<3
Cau 50: Tim m d€ phuong trinh:
X +if +2° =2(m=1)x+2(2m=3)y+2(2m+1)z+11-m=0

phang

D. m >3 hodac m<2

la phuwong trinh mdt médt cau?
B.0<m«<1
C. m<-1hodac m>2 D.-1<m<?2

A. m<0 hodc m>1
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STUDY TIPS
Dé biét ham sd dong bién,
nghich bién trén khoang
nao ta thuong xét dédu cua
dao ham dé két luan.

Cong Pha Toan The Best or Nothing

1D 2A 3D 4A 5B 6A 7A 8A 9A 10C
11B 12B 13B 14A 15B 16D 17B 18B 19C | 20C
21B 22A | 23A | 24C | 25D | 26A | 27A | 28B 29B 30C
31B 32A | 33B 34A | 35D | 36A | 37A | 38A | 39B | 40C
41A | 42A | 43A | 44B 45A | 46B | 47D | 48A | 49B | 50A

HUONG DAN GIAI CHI TIET
Cau 1: Pap an D.
Meénh dé A: Trang 35 sach gido khoa Giai tich co ban 12 ¢ bang vé cac dang do
thi ctia ham s6 bac 3. Va c6 thé két luan rang day la ménh dé ding. Tir bang &6
thi ta ciing suy ra cau C la ménh dé dung.
Ménh dé B: Day la ménh dé dtng (hodc néu ban chua chic, trong qua trinh lam,
ban doc c6 thé d€ lai ménh dé d6 va xét ménh dé tiép theo).
Ménh dé D: Pay 1a ménh dé sai, vi sao lai nhu vay. Ta thdy néu phuong trinh
y'=0 vO nghiém thi d6 thi ham s6 bac ba dung la khong c6 diém cuc tri, nhung
d6 cd phai la toan b treong hop cd thé xay ra hay khong? Khong, vi néu phuwong
trinh ' =0 c6 nghiém kép thi d6 thi ham s& bac ba ciing khong c6 diém cuec tri.
(Nhu bang trang 35 SGK).
Cau 2: Pap an A.
Cdch 1: Cach giai toan thong thuong: Vi day la ham da thitc c6 bac tx 16n hon
bac mau, nén d€ tim dao ham mot cdch nhanh chong, quy doc gia nén chia da
thiec ttr 58 cho da thirc mau sd nhu sau:
Diéu kién: x # -1

X +3x+1 2x+1
= =x+

x+1 x+1°
Khi d6 y':1+2'1_1'21:1+ L —>0 Vx=-1
(x+1) (x+1)

Vay ham s3 dong bién trén (—o0;—1) va (=1;+).

Cdch 2: Dung may tinh Casio.

Nhin vao cach 1 ta thdy cach lam nay kha nhanh, nhung trong phong thi nhiéu
khi cac ban c6 thé bi r6i trong cach dao ham,... Vi thé ¢ day toi xin gidi thiéu véi
quy ddc gia mot cach lam nita st dung mady tinh nhw sau: Do sau khi dao ham
ax’ +bx+c

thi y' cddang y'= ( 1)2
X+

2
Nhép vao may tinh: E(MJ 101°. An = ( Ly giai vi sao lai nhan

dx x+1

x =100
v6i 1012: 1a do ta da gan cho x =100 nén (x+1) =101°. Muc dich cta ta la di

\ - A2 7 2 A 2 \ A /4 7 ~ \ 2
tim biéu thirc tir s6 ciia dao ham nén ta co tir sO dao ham = y'.(x + 1)

7] Math A 7] Math A

o [ HE4+55E+1 +1 =

A= [ HL]], 010171
10202
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STUDY TIPS

Nhiéu doc gia khéng nhé rd
li thuyét nén béi r6i gitra y
A va B. Nhung hay nho ki
trong chuong trinh 12
ching ta chi hoc déng bién,
nghich bién trong mét
khoang, mot doan (ntra
khoang, ntta doan) ma
khong c6 trén mot tap gia
tri nhé.

STUDY TIPS

Dé bai chi cho ta dit kién vé
ham s6, tie d6 ta phai di tim
2 tiém can ctia do thi ham
s0. Nhw & dé sd 2, toi da chi
cho quy doc gia cach tim
nhanh tiém can khi dé cho
ham phén thtc bac nhat
trén bac nhat roi.

Khi d6 may hién két qua:
X +2x+2 1

> 1+
(x+1)

10202=10202=x" +2x+2 > y'= - .
(x+1)

Quay lai nhw cach 1.
Cau 3: Pap an D.
SO nghiém cua phuwong trinh ‘x‘* -2x* - 3‘ =m la s0 giao di€ém cua 2 d6 thi ham
{y=h<x>=\f<x>\<c>

y=m (d)
Khi hoc ty luan day chinh la bai toan suy dién d6 thi quen thudc. Vi ham
h(x) = ‘f(x)‘ o h(x) = h(—x) nén h(x) 1a ham chdn c6 d9 thi ddi xtmg qua Oy,.

, v6i y=m la dudong thang cing phwrong véi truc Ox.

Cich suy dién: Gilt nguyén phan d6 thi ham s6 phia trén truc Ox, 18y d6i xting
phan d6 thi dudi truc Ox qua Ox. Khi d6 ta ¢6 d6 thi nhu sau:

A

y

ﬁ\/l

Nhin vao do thi ta thay véi me (3;4) thi d cit (C) tai 6 diém phan biét. Vay voi

A\ 4

0] x

me ( 3;4) thi phuong trinh c6 6 nghiém phan biét.
Cau 4: Dap an A.

Diéu kién: x # _73

TCN: y:% (d1) ; TCD: x:_?g, (dz).

GQiM(x o] ] I diém ndm trén do thi (C).Khi dé:
2x,+3
O x, +1 1
a(M3d,)- 2x, +3 2:| -1 |:d1
0 +1 |4, + 6|
X +3
LY |2xu+3|
d(M;d,)= — 2 =d,
|2x0+3| 1
Tacd d, +d, = +
2 2)2x,+3

Dbén day ta c6 thé nghi ngay dén BDT quen thudc, BDT Cauchy.
. ) |2x0 + 3| 1 11
Ap dung BDT Cauchy ta co: + 22, |=.—=1

2 2ex, +3 V22

Pat sach tai: Tiki.vn | Newshop.vn | Pibook.vn | Lovebook.vn | 11




Cong Pha Toan The Best or Nothing

STUDY TIPS
Nhan xét vdi
M(x,;y,) thidiém M' ddi

diém

xing voi M(xu;yo) c6 toa

do (—xo;—yo).

STUDY TIPS
Ham s6 da cho la ham s6
bac 4 trung phwong va xac
dinh trén R . Cling xem lai
bang trang 38 Sich giao
khoa Giai tich co ban ma toi
da néi dén véi quy doc gia
O dé s6 2 (muc dich cta viéc
t6i nhic lai vé bang nay
trong sach la d€ quy doc gia
xem lai n6 nhiéu lan va ghi

nhé né trong dau).

|2x0 + 3| ~ 1
~2f2x, +3|

x=-1=M(-1;0)
x=-2=M(-2;1)

Dau béng xay ra khi o(2x,+3) =1e [

Phdn tich sai lim: Nhiéu doc gia dé bi nham 1an khi tinh khoang cach gitta diém

M dén 2 duong tiém can. Khi thay y :% chéng han, doc gia sé bdi rdi khong biét
ap dung cong thie tinh khoang cach nhu thé nao.

Ta co y=%©0.x+y—%=0

X -0+y,, —1‘

VO + 17

thi vi tam 1y ctia quy ddc gia rat cang thang nén nhiéu khi cac dang duong thing

Vay cong thirc tinh khoang cach ¢ day la d = . Trong khi lam bai

bién tdu sé lam cac ban bd ngd do6i chut. Vi thé hay luyén tap that ki d€ c6 mot

két qua xiing dang nhé!

Cau 5: Pap an B.

Ta céd: —y . 2 =3 =2_x" .DPap an B.
Co—x, -1 Cox, +1

Phan tich sai [im: Nhiéu ddc gia nham 1an gitta d6i xtiing qua O véi d6i xting

qua truc Ox, d3i xting qua truc Oy, dan dén khoanh vao cac dap an con lai. Mot
1oi khuyén cho quy doc gia d6 la néu khong nhd ro kién thirc cd thé vé hinh ra
va xac dinh toa do ctia cac diém ddi xting, sé rat nhanh thoi, hay ludn gitr dau 6¢
sang suot trong qud trinh lam bai ban nhé.
Cau 6: Dap an A.
Ham s6 da cho da thoa man diéu kién a=1>0, nén d& do6 thi ham s6 da cho chi
c6 mot diém cuec ti€u thi phuong trinh y'=0 ¢6 mot nghiém duy nhat.
Ma y'=4x" + 2bx = 2x(2x2 + b) .
D€ phuong trinh y'=0 ¢4 nghiém duy nhét thi phuwong trinh 2x* +b=0 vo
nghiém hodc c6 mot nghiém x=0. Khidé 6>0.
Con diéu kién cta c thi sao, dé da cho toa dd cia diém cuc tiéu, tir dé ta cd thé
dé dang tim dwoc ¢ =-1.
Cau 7: Dap an A.
Luc dau khi doc dé bai, ban doc c6 thé bi bai roi khi dé bai cho qué nhiéu thu: 2
diém cuec tri, trung diém cua 2 diém cuc tri, bién m, duwong théng d. Nhung thuc
ra day la mot bai toan tw duy rat co ban.
Dé bai néi rang tim m d€ dwong thang di qua trung diém 2 diém cyc tri ctia d6
thi ham s0 y=x" - 6x” +9x, thi ta di tim 2 diém cuc tri roi tir d6 suy ra toa dd
trung diém, thay vao phuong trinh ctia dwong thang da cho roi ta tim dwoc m.

, ) x=3
y'=3x —12x+9:0<:>[x:1

= Hoanh d¢ trung diém ctia 2 diém cye trila x, =2
=M (2; 2) la trung diém cua 2 diém cuc tri cua d6 thi ham sd bac ba da cho.

Thay vao phuong trinh duong thang ta dwoc 2=2+m < m=0.
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STUDY TIPS
That can than trong tinh
toan, néu thoi gian gap rut
trong qua trinh lam bai, ban
¢6 thé d€ cau nay lam cudi
cung vi tinh toan va 4n kha
phtic tap.

STUDY TIPS
Vi day la dang toan tim
nhan dinh dang nén quy
ddc gia nén di kiém tra tinh
dung dén caa ting ménh
dé mot.

Cau 8: Dap an A.
Ham s3 y=xv1—x" xac dinh trong doan [—1;1].

xt 1-2x°
Tacd y'=v1-x* -
N1- \/1 x’
x:i
y'=0& \/El .
X=——

Ta lan luot so sanh cac gia tri: y(—l) = O;y(l) = O;y(%] 2_?1; y(

A 1 1
Vay M-m=——-—-—=1.
2 2
Cau 9: Dap an A.
Vi bai nay doc gia can nhé lai cong thirc tinh do dai cung tron. B§ dai cung tron

AB dung lam phéu la: Rx =2nr

2.2
<:>r— ; h=vR* -1 =, |R* - 112 25 4 - x°
T T
Thé tich cai phéu la:
3
V=Ff(x ):—nr p==R —x*\4n' —x* véi xe(0;2n).
T
Taco F'(x ( ) R? 2(871:2 —3x2)

247 J4r? -5
26

0= 8n% —3x7 —O<:>x——7c

f(x)=
Vi day la bai tap trdc nghiém nén ta c6 thé két luan ludn rang thé tich cta cai

26

phéu 16n nhat khi x ==~ Vi ta dang xét trén (0;2r) ma f'(x)=0 tai duy
nhat mot diém thi ta ¢ thé lam nhanh ma khong vé bang bién thién nita.

Cau 10: Pap an C.

Vi ménh dé A: Phuong trinh hoanh d6 giao diém cua 2 do thila: x* —3x=3.Bam
may tinh ta thdy phuong trinh chi c6 mot nghiém thuc. Vay chi ¢6 1 diém. Dap
an A sai.

V6i ménh dé B: Xét phuong trinh hoanh d6 giao diém ctia 2 d6 thi: x° —3x=—4.
Bam mdy tinh ta thdy phuwong trinh cling chi ¢6 1 nghiém, vay dap an B sai.

V6i ménh dé C: Xét phuong trinh hoanh d6 giao diém ctia 2 do thi: x° - 3x :g
Bam may tinh ta thdy phuwong trinh c6 3 nghiém phan biét. Vay ménh dé nay
dung, ta chon luon dap an C.

Cau 11: Pap an B.

V6i ménh dé (1): day 1a ménh dé ding, ta cung nho lai chu y trang 14 sach giao
khoa co ban nhé:
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Cong Pha Toan The Best or Nothing

STUDY TIPS
trinh logarit “kiém diém”.
Quy ddc gia nén nidm chic
kién thtrc vé logarit d€ giai
khong bi sai sét.

“Néu ham sd f (x) dat cuc dai (cuc tiéu) tai x, thi x, duoc goi la diém cwe dai
(di€m cyc ti€u) cia ham s8; f(x,) duoc goi la gia tri cuc dai (gia tri cuc tiéu)
cua ham s, ki hiéu la f_, ( fer ), con diém M (xa i f (xo )) dwoc goi 1a diém cuc
dai (diém cuc ti€u) ctia d6 thi ham s6.” Mong rang quy doc gia nhé rd ting khai
niém, tranh nham cic khai niém: “diém cuc dai cia ham s6” , “diém cuc dai caa
d6 thi ham s6”, “gia tri cuc dai”,....

Voi ménh dé (2), ta ti€p tuc xem Chu y 2 trang 14 SGK, va day ciing la ménh dé
dung.

Vi ménh dé (3): Ta nhan thay day la ménh dé sai, ta chi 1ay don ¢t vi du nhu hinh
vé bén.

D6 thi ham s6 & hinh vé ¢6 2 diém cyec tri nhung chi cdt truc Ox tai duy nhat 1
diém, nén két luan nay la sai.

Voi ménh dé (4): Ta ciing nhin vao hinh vé da 1ay 1am vi du minh hoa ¢ ménh dé
3 d&€ nhan xét rang day la ménh dé sai.

Vay dap an dung ctua chung ta la B: ¢6 2 ménh dé dung.

Cau 12: Dap an B.

Diéu kién: x* +3x+5>0; 0<x=1

Phuong trinh < x> +3x+5=x" @x:%‘s
(khong thoa man). Thay vao diéu kién ban dau thi khong thdéa man, nén ta chon
dap an B.

O day quy doc gia ciing c6 thé thay vao dé thit nghiém, tuy nhién ban than t6i
nhéan thdy, giai phwong trinh con nhanh hon ca viéc thay vao th tirng dap an
mot. Nhung néu ban thdy cach nao nhanh hon thi lam nhé.

Phdn tich sai lam: Nhiéu ddc gia khong d€'y x chinh 1a co s8, nén can diéu kién

0 <x#1.Nén chon luén phuong én D la sai.
Cau 13: Pap an B.

1 1

log ,a==log a=—.

8, 308473

Phin tich sai ldm: Nhiéu doc gia c6 thé chwa nam viing kién thire vé logarit va

¢6 nhitng sai [am nhu sau:

- Sai [am thit nhét: log , a=3log, a=3 . Chon dép dn A la sai.

- Sai lam tht hai: log , a=-3log, a=-3. Chon dép an C la sai.
Cau 14: Dap an A.
Nhin cac dap én quy doc gia c6 thé thay rdi mat, tuy nhién, néu &'y ki dé bai c6
cho tam gidc vudng vi thé chting ta c6 dit kién: a* +b> =c*.
Vi & cdc co s6 ctia cac ddp anla c+b va c—b nén ta sé bién doi biéu thirc cua
dinh Iy Pytago nhw sau: a* =c* =b” =(c—b)(c+b). (*)
Ta di phan tich biéu thuc:

1 1 log, (c—b)+loga (c+b)
+ =

log, (c+b) log,(c—b) log,(c+b).log,(c—b)

log.., a+log,,a=
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STUDY TIPS
O day c6 2 dang diéu kién cac
quy doc gia can luu y do la:
a. Diéu kién d€ logarit xac
dinh.
b. Diéu kién d€ cin xac dinh.

STUDY TIPS

Quy doc gia c6 thé dung may
tinh d€ thr timg budc lam,
tuy nhién y kién ca nhan t6i
thay néu ngdi bam may tinh,
ban doc sé ton thoi gian hon
1a tw duy ddy. Nén hay tap tw
duy nhiéu nhat ¢6 thé ban
nhé.

STUDY TIPS
Ta cuing nh¢ lai:
+ Cong thirc:
@ =log,a (1)
+ Cong thirc:
log, x +log, y =log, xy (2)

log, ((c—b)(c+b))

B log, (c + b).logu (c -b

] =log, (a2 ).logﬁh alog._,a =2log., alog , a

(Ta ap dung cong thirc log = )

log, a
Vay dép an dung la ddp an A.
Cau 15: Pap an B.
x-3>0 ¥>3
bic log, (x B 3) 217 {—log3 (x - 3) >1

3

x>3 x>3 x>3 10
o =S = 10 &x€|3,—].
log3(x—3)£—1 x—-3<3 xS; 3

Phién tich sai ldm: Nhiéu doc gia quén mat diéu kién dé'logarit xac dinh nén dan

dén chon dap an C la sai.

Cau 16: Pap an D.

Lai 1a mot dang bai doi hoi quy ddc gia phai doc va xem xét ki tirng giai doan
cta bai toan.

Xét giai doan thi nhat: Pay la mot giai doan dung. C6 thé nhiéu doc gia boi rdi
doan: log, 5=1og, 3.log, 5= 3ac, sau day la 10i giai thich:

log, 5
Ta co log, 5= log2 "Rat log, 5=Ilog, 5.log, 3
0

2
Twong ty v6i giai doan II va giai doan III déu dung.
Vay dap an cudi cung la D.
Cau 17: Pap an B.
2x m +x
2\/x2+1: Jal +1 _ 1
x+m x+\/x2+1 \/x2+1

AL . A A AN ea AN A A , \ u .
Phin tich sai lam: Nhiéu doc gia c6 thé quén cong thirc dao ham Inu=—. Ttc
u

1+

Ta co: f(x) =

1

la khong tinh u' nhw sau: f (x) Nl
Chon ludn dap an A la sai.
Hodc nhiéu doc gia dao ham nham u' dan dé&n chon cac dap an con lai. Vi thé
hay that can than trong tinh toan nhé.
Cau 18: Pap an B.
Ap dung vao bai todn nay ta co:

1

+T=
log a+log b+log c+log d

(@p dung cong thirc (1)). Vay y D dung.

+T (@p dung cong thirc (2)). Vay y C dung.

* log, abed
+ T =log,,.,x (ap dung cong thitc (1)). Vay y A dung.
Chi con lai y B. Vay chiing ta chon B.

Cau 19: Dap an C.
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STUDY TIPS
Day la mot cau giai phwong
trinh mii g diém, hay can
than trong tinh toan nhé.

STUDY TIPS
Day la mot bai toan tng
dung s6 mii kha don gian.
Tuy nhién vi c6 cac bién m,
n nén quy doc gia dé bi bdi
r&i khi thuee hién bai toan.

22xz—7x+5

1
=12’ -7x+5=0< 5.
2
Vay dap anla C.
Cau 20: Pap an C.
Ta lan luot phéan tich tirng y mot trong dé.
+V6iy A Tacd logx>20<logx>logl< x>1 (ménh dé nay dung)
+Voi y B. Twong tee y A ta co
x>0

1 <0& < 0<x<1 (ménh dé nay du
0g, X {logsxslo&l x<1 (ménh dé nay dung)

+ Vi y C. Tanhan thdy ménh dé nay sai do co s6 % nam trong khoang (0;1) thi
d8i chiéu bat phurong trinh. T6i xin nhéc lai kién thite nhu sau:

log, x>log, y<x<yvoi 0<a<l.

Vay ta khong can xét dén y D khi da c6 dap an la C.

Cau 21: Pap an B.

Ta c6 nhu sau:

Nam 1999 thé tich khi CO, 1a: V, =V + V.- = v/ 14 | =y, 71100
100 100 100
’ +100)
Ni&m 2000, thé tich khi CO, 1a: V, = V.| 1+ — | =v.| 2
100 100

Vay ta c6 quy ludt nén sé nham nhanh nhuw sau: tir nam 1998 dén 2016 la 18 nam,
trong d6 10 nam dau chi sd tang la m% , 8 nam sau chi s6 tang la n% . Vay thé
tich sé la:
10 8 10 8
m+100) (n+100
. :V'(m+100) (n+100) :V.( ) ( )

2016

100 100 10 -Ddp anB.

Cau 22: Dap an A.
Nhin vao phan thirc can tim nguyén ham ta thay da thirc & tit s6 c6 bac 16n hon
bac clia mau s8, nén ta sé tién hanh chia ti s& cho mau s ta duoc:

3 _ 2 _

I4x_52x1dx =I(4x—5—l2jdx 2 —5xalaC
x x x

Cdu 23: Dap an A.

Nhin vao bai todn ta cd thé nhéan ra ngay day la bai toan tinh tich phan, vi da ¢

dao ham. Nén tir cac dir kién dé cho ta co:
5
=125a +§b =150.

j(Batz +bt)dt = (utS +%bt2J .

Twong tu ta c6 10004 + 50b = 1100 .
Vay ttr d6 ta tinh dwoc a=1b0=2.

) 20 20
Vay thé tich nudc sau khi bom dwoce 20 giay la: Ih'(t)dt = (t3 + tz) 0" 8400 .
0

Céu 24: Dap an C.
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STUDY TIPS

Quy doéc gia c6 thé dung
may tinh d€ the néu khong
nhd cong thiee lién quan
dén tich phan nhuw trén. Tuy
nhién, chung ta dang trong
qua trinh 6n luyén nén hay
o6n nhd cong thuc cha
khoéng nén dung may tinh
nhiéu. Néu ban doc da rén
luyén duwoc kha nang tw
duy t6t, lac do6 ban sé tw
duy nhanh hon 1a bAm méy
tinh rat nhiéu.

25 dé cot 16i Toan 12 Ngoc Huyén LB - facebook.com/huyenvu2405

Ta lan luot di xem xét tirng ménh dé mot. Trude khi di xem xét cac ménh dé, toi

xin cung ¢6 thém cho quy doc gia mot cong thire nhw sau:

j:f(x)dx = J:f(x)derIf(x)dx,

Tt cOng thirc trén ta suy ra dwge ménh dé B la ménh dé dang.
b a

Tiép theo v6i ménh dé A: Ta ¢ If(x)dx = I—f(x)dx , nén ménh dé nay dung.
a b

V6i ménh dé D, ta thdy day 1la ménh dé dung.

Va chi con dap an C.

Cau 25: Pap an D.

Phdn tich: Ta nhan thay (cosx + 8)' =—sinx.

oct—|a
S t—_la

Vay I = |sinxy8+cosxdx =— x/8+cosxd(8+cosx)
D6i can:
x 0 T
2
u 9 8

8 9
Khi d6 1:—j\/£du:j\/ﬂdu.
9 8

Cau 26: Dap an A.
Bai toan dat ra cho quy doc gia kha nhiéu gia thiét: ham so, truc tung, tiép tuyén
tai diém cd hoanh d¢ thoa man y"=0.
Budc diau tién: Viét phuong trinh tiép tuyén tai di€m udn:
1. Tim diém uén: y'=3x" -12x+9;
y"'=(y') =(3x* —12x+9) = 6x-12
y"=0ex=2 = diémudn 1(2;2).
2. Tim phuong trinh tiép tuyén tai di€ém udn
y=y'(2)(x-2)+2=-3(x-2)+2=-3x+8.
3. Viét CT tinh dién tich hinh phang.
Ta c6 d6 thi nhw hinh bén.
Trong khi lam bai thi ta khong can vé d6 thi, nhung & day, toi van vé do thi dé
quy doc gia c6 thé hiéu rd rang ban chat cua bai toan:
Véi bai toan tong quat dang:

Tinh dién tich hinh phang gi¢i han béi: y = f(x);y = g(x);x =0;x=a,v6i a>0
thi S, = ”f(x)—g(x)|dx

0
O day ta c6: Hinh phing dwoc gidi han boi y = f(x);y =3x+8x=0x=2.

(Vi sao tim duoc can 2 thi d6 la do ta xét phuwong trinh hoanh d¢ giao diém cta

f (x) va tiép tuyén).
Khi do: S, = ﬂf —6x° +9x - (~Bx+8)|dx
0
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STUDY TIPS

Trong cuén sach nay toi da
phén tich rat rd phan thuc
va phan ao cua sd phtec z,
tuy nhién t&i van nhéc lai
voi quy doc gia mét lan
nita: V6i s6 phtic z=a+bi
(a,beR) thiala phan thyuc
va b la phan ao. Rat nhiéu
ddc gia cho rang bi 1a phan
a0 la sai.

Ma nhin vao db thi ta thy rd rang trén [ 0;2] thi -3x+8> x> —6x” +9x.

Do dd S, =j(—x3 +6x7 —12x+8)dx.

0

Cdch lam nhanh: Khi di thi quy doc gia khong thé c6 du thoi gian dé ngoi vé do
thi nhu t6i vira giai thich ki ludng ¢ trén. Chung ta c6 thé lam nhanh nhu sau:
Sau khi da viét duwgc phuong trinh tiép tuyén. Ta bAm may tinh véi mot gia tri
clla xe€ [0;2] xem ham s8 nao 16n hon trén doan dang xét, tir d6 pha trj tuyét
doi. Bay la meo lam bai, chi 4p dung tuy bai thoi ban nhé.

Cau 27: Dap an A.

Vi bai todn nay ta khong can thuc hién dt cac budc tinh dién tich hinh phéng
ma van c6 thé tim dwoc dép an ding nhu sau:

Thé tich khoi tron xoay duoc gidi han boi cac duong y = f(x);x =q;x=by=0;
b
voi a > b khi quay quanh truc Ox la: V = njfz (x)dx .

Nhin vao dédp an A ta ¢6 thé nhan thdy ngay dap an nay sai do
2
(\ll—xz) # (l—xz)z.
Vi thé€ nhiéu khi khong nhat thiét quy doc gia phai giai chi tiét bai toan ra, hay
tw duy sao cho nhanh nhét c6 thé ban nhé.
Cau 28: Dap an B.
Phin tich: Cach lam rut gon co ban:
3—i)(1-1) (2+i)i -4 - i —1—4i
Z:( )( )+( ' ) _i 4z+3Jr 1+2i _ 1 41+3—(—1+2i) o4
17 -7 i 1+1 -1 2

Cach lam trén 1a cach dién giai vé mat ban chat toan hoc, tuy nhién néu nham

nhanh nhu trén thi kha 1a 1au, nén trong khi lam bai thi, quy doc gia cd thé st
dung cong cu may tinh trg gitp nhu sau:
Buéc 1: chon — chon 2: CMPLX d¢€ chuyén sang dang tinh toan voi s6
phtec trén may tinh.

3—-i 2+i

Budc 2: Nhap vao may tinh biéu thitc z = Tt nhu sau:
+i
N CMPLE @ Math A
S—i  Z4d
1+i 1

2-4i
bén day, quy doc gia da cd thé giai quyét bai toan nhu dén budc nay ¢ cach trén.
Cau 29: Dap an B.
Phin tich: Ta lan luot di xét tirng ménh dé 1.
Véi ménh dé A: ta 6 z—z = (a+bi)—(a—bi) = 2bi day 1a mot s3 thun do. Vay dép
an A dang.
V6i ménh dé B: ta 6 zz =(a+bi)(a—bi)=a* ~b*i* =a* +b* (do * =-1).
Day 1a s0 thue, vay ménh dé nay sai, ta ¢6 thé khoanh luén ddp an B ma khong
can xét 2 dap an con lai nita. Tuy nhién, khi quy ddc gia dang doc phan phan tich
nay c6 nghia la ban dang trong qua tinh 6n luyén, vi thé ban nén doc ca 2 ménh
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STUDY TIPS

R&t nhanh phai khéng ban?
Cé thé ban dau quy doc gia
sé thdy bdi roi khai niém
tap hop diém, nhung cach
lam lai kh4 nhanh. Vi thé,
hay that sang sudt trong
qua trinh lam bai nhé.

dé dung sau d6 dé khac ghi n6 trong dau, cé thé né sé c6 ich cho ban trong khi
lam bai thi.

Cau 30: Pap an C.

Tadat z=a+bi voi a,beR.

Khi d6 l: 1 - a—bi _ a—bi
z a+bi a®-b** A +b?
P VU . . =b
Dé — la mot sO thuan ao thi ——=0va -——==0.
z a +b a‘+b

Khi d6 z=0+bi 1a s§ thuan ao. Va tap hop cac diém biéu dién s§ phitc z la
duong thang x =0, ma b =0 do d6 tap hop d6 sé trix di O.
bapanC.
Cau 31: Dap an B.
Vi bai dang nay thi ta sé nghi dén diéu gi? Ta thdy ¢ day 6 z, ¢6 i, tai sao ta
khong nghi dén tao ra i° d€ c6 phuong trinh dang cap bac 2 va khi d6 ta sé giai
bai todn mot cach dé dang.
Mot diéu rat ddi quen thuoc d6 1a i> =—1.
Ta c6 thé thém vao phuong trinh nhw sau:
Phuong trinh < 2* +2iz-15% =0 & (2 -3i)(2+5i) =0 < {Z -3
z=-b5i
Cau 32: Dap an A.
Débaicho [z|=2c X +y’ =2 x” +y’ =4.
Vay déap anla A.
Cau 33: Pap an B.
Ta Ian lwot cd thé im dwoc toa d6 cac diém A, B, C va A’, B, C’ theo cac dit kién
dé bai
Vi Ala diém biéu dién s phirc 1-i nén A(1;-1). Twong tw ta c6 B(2;3),C(3;1)
va A'(O,‘3),‘B'(3;—2);C'(3,‘2). C6 cac dit kién nay, ta lan lwgt di phan tich ting
ménh dé:
Véi ménh dé A: Ta thady d€ xem xét xem 2 tam giac c6 dong dang hay khong kha

la lau, nén ta tam thoi d€ ménh dé nay lai va ti€p tuc xét sang ménh dé B.

Voi ménh dé B: Ta lan luot tim trong tam cua ting tam giac: ta ¢ G(Z;%) ;

G'(Z;gj . Nhéan thdy G =G' nén ménh dé nay dung, ta khong can ti€p tuc xét

cac ménh dé con lai ntta, vi chi c6 duy nhat mot ménh dé dung can ching ta tim
ma thoi.

Cau 34: Dap an A.

Céch lam trinh bay r6 rang vé mat toan hoc nhu sau:
A=(3+2i)(5+6i)+5(3+2i)+6(5+6i)

=12i* +28i +15+15+10i + 30 + 36i = 48 + 74i .

Tuy nhién, néu ban khong c6 tu duy nham tdt, cd thé nhap vao may tinh dé€ lam

nhuw sau:
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Chon ché d6 phtic nhu t6i da trinh bay & cau 28. Tiép theo la gan cac gid tri
z,>A;z,>B

Bang cach bam: 3 +2i A; 5+ 6i B

Va bam biéu thitc: AB+5A +6B =, ta nhan ngay duoc dap an A.

Cau 35: Pap an D.

Ta c6 hinh vé hinh bat dién déu nhw hinh bén.

Vay dap an dung la D. 4

Cau 36: Pap an A.

Taco V=S5,,.,AA";V, :%.SABD.AA'
1 v 2S,...AA
MasS,,, ==S.;o = =-"_"4B7 " _4 = V=6V,
2 v, 1 ,
ESABD‘AA

e

Chii 3j: Nhiéu ddc gia tw duy nhanh nén chi xét ti sd gitta dién tich day ma quén
mat rang véi khdi chdp thi con tich véi % ntta, va nhanh chéng chon y D 1a sai.
Vi th€, nhanh nhung can phai chinh xac ban nhé!

Cau 37: Pap an A.

Goi O la giao diém ctia AC va BD. Suy ra IO song song voi AM, suy ra IO vudng
g6c véi mat phang ABCD = OI L AC

Ma AC L BD; Ol va BD la 2 dudng thang cat nhau cling thudc mit phang (IBD).
Khi d6 AC L (IBD); hay AO L(IBD).

d(M;(IBD)) v

Ta ¢ MN giao véi (IBD) tail = d(N;(IBD)) N

1

:Mﬂ:ﬂ/ 1% 1V (1)

MIBD —

D NIBD 2 MNBD
‘L 1 1 AC
Mgt khdc V,y, =2 A0Sy, =§.T.S,BD(2)
Tir (1) va (2) =V, = %.AC.S,BD .Dap an A.

Trén day la cach trinh bay chi tiét d€ quy ddc gia c6 thé hiéu chi tiét duoc bai
toan, tuy nhién khi lam ma khong phai trinh bay rd rang ra, chi suy luan sé rat
nhanh ch¢ khong dai dong nhu thé nay. Suy luan nhanh doi hoi d¢ chinh xac
cao, nén cac cdng thire, cac sd liéu phai that can than, ¢ thé ban mdi dat diém
cao ma khong bi mat diém dang tiéc.
Cau 38: Dap an A.
Khi quay quanh truc MN thi khéi duoc tao thanh sé la hinh tru véi day la hinh
tron c6 duwong kinh 1a AB.
Khi d6, ban kinh hinh tron la r = % :%

a’b
Thé tich cta khéitrula V=Bh=nr’b= Tn (dvtt).
Cau 39: Pap an B.
Ta thdy AB’+BC? =CA?, suy ra tam gidc ABC vudng tai B.
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STUDY TIPS
Chi can tinh y nhin ra rang
6;8;10 1a by ba s6 Pytago 1a
quy doc gia da co thé giai
duoc bai toan nay mot cach
nhanh choéng

Mit phéang (P) cat mat cau theo giao tuyén la duong tron di qua A, B, C. Tam
giac ABC vuodng tai B, suy ra AC la duong kinh ctia duong tron = r = % =5 1a

ban kinh cua duong tron.

Mit cau c6 ban kinh R=13. Khi d6 ta c6 khoang cach tir tim O dén (P)

h=+R*-7r* =12.

Cau 40: Pap an C.

Day la moét bai toan tinh toan kha 1au, néu trong qua trinh 1am bai thi, ban thdy
no lau qua, ban c6 thé d€ d6 va lam cac cau tiép theo.

Tuy nhién, dudi day la cach lam bai va phén tich chi tiét cho quy ddc gia hiéu
cach lam ctia bai toan nay.

Nhan thdy t&¢ dién S.AMD c¢6 AMD la tam giac vudng tai M (Do
AM =MD = AB* + BM? =a/2, ma AD =2a = hé thic pytago). Sau day sé la
cac budc dé tim tam ctia médt cau ngoai ti€p hinh chop.

Buéc 1: V& truc duong tron cia mat phang day.

Goi O la trung diém ctia AD,suy ra O la trong tam cta tam giac AMD.

Tt O, ké Ox vudng goc voi (ABCD).

Bu6c 2: Vé trung trye ciia canh bén va tim giao diém, giao diém d6 chinh la tam
cuia mdt cau ngoai ti€p hinh chép.

Ké Ny vuodng goc véi SA, NynOx =1.Khi d6 I chinh 1a tdm ctia médt cau ngoai
tiép hinh chop S.AMD.

Ta chi can tinh IS 1a duoc.

Ma tam gidc SIN vudng tai N = SI =+SN? + NI =

Cau 41: Dap an A.

Ta c6 thiét dién qua truc cta hinh nén 1a tam gidc vudng cé canh bang 2 <
duong sinh [ =2. Puong kinh ctia hinh tron day la canh huyén cua tam giéc
vudng. 2R=+2>+2* =22 = R=+2.

Khi d6 S, =mRI=22r (dvdt).

Cau 42: Pap an A.

bay la dang toan tim toa d¢ diém co ban trong hinh hoc giai tich Oxyz, ta chi ap
dung cong thirc sau la cd thé giai bai toan nay mot cach nhanh choéng:

Trong khong gian voi hé toa do Oxyz, G la trong tam cua tam giac ABC thi

1
X :g(xA +xB+xC)

1
Yo :g(yA +y3+yc)

z :%(ZA vz, +20)

Luc nay ban chi viéc bdm may la cd két qua.
Cau 43: Dap an A.
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STUDY TIPS

Nhiéu ddc gia khi dén day
so vao khong thiy c6 dap
an giéng y nhu thé nén béi
roi, tuy nhién néu nhin ki
vao ¥ B thi thdy y B chinh Ia
dép an dung (chi c6 diéu
dép én B chua t&i gian han
nhu két qua chung ta tim
dugc, day van la dap an
dung).

Vi mit cAu cit mit phéng (P) véi thiét dién 1a hinh tron c6 dueong kinh bang 2
— ban kinh ctia hinh tron 1a 7 = % 1.

Khoang céch tir I dén mat phang (P) la: h= d(I;(P)) = % =26
1" +1°+2
Khi 6 ban kinh ctia mat cu la: R=/r? +17 = (1 +(246) =5
Vay phuong trinh mét cau: (S):(x —1)2 +(y —2)2 +(z- 3)2 =25
Cau 44: Dap an B.
Mt phang (oc) song song voi (B) suy ra vtpt cua (cx) cung phuwong véi tht(B).
Khi d6 (a) cd dang 2x-3y+z+m=0.
Ma () di qua M(1,-2;3)
Khi d6 phuong trinh <> 2.1+(-3).(-2)+3+m =0 m=-11.
Khi dé (a) 12x-3y+z-11=0.
Vay dap anla B.
Cau 45: Dap an A.
Burée 1: Tim dwoc giao diém ctia dwong thang va mit phing (oc) . Néu dé phuong
trinh dwong thang nhu dé cho quy doc gia sé khong tim dwoc toa d6 giao diém.
Vay tai sao khong chuyén vé dang tham s6 t. Chi con mét bién, khi d6 thay vao

phuong trinh mat phang (oc) ta sé tim duwgc ngay diém do.

x=12+4t
d:3y=9+3t .
z=1+t

Khi d6 thay vao phuong trinh (oc) ta duoc:

3(12+4t)+5(9+3t)—(1+t)-2=0 <t =-3= M(0;0;-2)

Buéc 2: Viét phuong trinh mat phang (B)

(B) vudng goc véi d = Ui = 7;(;3) = (4; 3;1), (B) qua M(O;O;—Z)

= (B):4x+3y+z+2=0.

Cau 46: Dap an B

Phin tich: D6 dai dudong cao AH chinh 1a khoang cach tir di€ém A dén mat phang
day (BCD).

Vi dé da cho tat ca toa dd cic diém cua tit dién ABCD nén ta co thé viét duoc
phuong trinh mit phang day (BCD). Cé toa d9 diém A va phuong trinh mat
phéng day ta c6 thé tinh duoc khoang cach tir A d&n mat phang day.

1. Viét phuong trinh mit phang (BCD) :

Nhu 6 dé s6 2 t6i da dé cap vé cach viét phuong trinh mat phang di qua 3 diém:

BC = (—1,' 2; —5),‘C_D = (1;2; —1); Hbcp = [B—C,C—D] = (8) —6; —4)

22 | Khai béo sach chinh hang tai: congphatoan.com dé nhan 100 dé thi thii ting kem



25 dé cot 16i Toan 12 Ngoc Huyén LB - facebook.com/huyenvu2405

STUDY TIPS
Day la dang toan da duoc
dé cap trong Bai 3: Phuong
trinh dwong théng trong
khong gian sach giao khoa
hinh hoc co ban 16p 12.

(V6i bude nay quy doc gia co thé st dung cach bam may dé€ tinh tich c6 hudng
cta hai vecto va ra duoc toa d6 cuia vtpt nhu trén).

Khi d6 (BCD) qua B(1;0;6) va c6 vipt n=(8;-6;—4).

Khi d6 (BCD):8x -6y —4z+16=0 < 4x-3y—2z+8=0

[4.(-2)-3.6-23+8 24

NEESE

2. Tinh khoang cach: AH =

Cau 47: Pap an D.
x=1+t
Ta chuyén phuong trinh duong thang d vé dang tham s& d: 4y =2+ 3t

z=3-t
1+t=2-2t'
Ta xét hé phuwong trinh {2+3t =-2+t'
3-t=1+3t'

Hé phuong trinh c6 nghiém duy nhat ¢t =-1;¢'=1.
Vay 2 duong thang nay la 2 duong thang cat nhau.
Cau 48: Dap an A.
Véi dang toan nay ta nén viét cong thirc tinh tdng quat ra dé€ sau do thay sd vao
s€ nhanh hon: x, —x,, +2(xB —xM)—Z(xC —xM)=O<:>xM =x,+2x, -2x.=7
Twong tw thi y,, =y, +2y, -2y, =3; z,, =1.
Cau 49: Dap an B.
Mit cau (S) o6 tm 1(2;1;-1), bAn kinh R=1.
Ta xét vi tri twong ddi gitta mat phang va mat cau. Cach dé xét vi tri twong d6i
gita mat phang véi mat cau la so sanh khoang cach tlir tim méat cau dén mat
phang d6 véi ban kinh mat cau.
bé (S) va (P) giao nhau thi d(I;(P)) <R

[382-2.1+6.(1)+m|
=

\/32 +(—2)2 +6°
Cau 50: Dap an A.

Ta c6 cdng thuc tdng quat nhw sau:

<1 <:>|m—2|£7<:>—5£m£9

X’ +y? +2° +2ax +2by +2cz+d =0 < (x+a)2 +(y+b)2 +(z+c)2 =a’+b*+c" —d
D€ phuong trinh trén 1a phuong trinh mét cau thi a* +b% +¢* —=d >0 (diéu kién
d€ o R)

Ap dung vao bai todn nay ta co:

m>1

_ 2 _ 2 2 _ 2_
(m 1) +(2m 3) +(2m+1) +m-11>0 < 9m 9m>0<:>[m<0.
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