STUDY TIPS
Day la mdt cau hoi rat dé
gdy sai lam. V6i cau hoi
nhu thé nay, néu khong
ndm chic i thuyét nhiéu
doc gia sé khong tim duoc
cau tra loi dang.

Cong Pha Toan The Best or Nothing

STUDY TIPS
Ngoai ra cac em nén tim
hiéu bang trang 38 SGK vé
ham béc 4 trung phuong,
bang trang 41 SGK co ban
vé ham phén thitc bac nhat.

PAP AN
1A | 2D 3B 4B 5C 6A 7B | 8D 9B | 10A
11D | 12B | 13A | 14B | 15A | 16D | 17A | 18C | 19C | 20D
21B | 22A | 23C | 24C | 25B | 26C | 27A | 28B | 29A | 30C
31A | 32A | 33A | 34B | 35D | 36D | 37A | 38A | 39B | 40B
41A | 42A | 43A | 44B | 45A | 46C | 47A | 48B | 49C | 50B

HUONG DAN GIAI CHI TIET
Céau 1: Pap an A.
bay khong phai 1a mét kién thire khé qud, khong can tim dau xa, theo dinh ly
trang 6 sach giao khoa ta co:
“Chohamsd y=f (x) c6 dao ham trén K.
a. Néu f'(x) >0 v6i moi x thudc K thi ham s6 f(x) dong bién trén K.
b. Néu f' (x) <0 véi moi x thudc K thi ham s6 f (x) nghich bién trén K.”
Chung ta nhan thay ro ¢ day, chi ¢d chiéu suy ra va khong cé chiéu nguoc lai,
vay chang ta c6 thé loai dugcy C.
V6i y B thi ta thdy néu dao ham khong xac dinh tai hai diém dau mut thi ménh
1

dé nay khong tuwong duwong vi du nhu ham y = Jx c6 dao ham y'= e
24/x

khéng

xéac dinh tai x =0 nhung van d6ng bién trén [0 ; 2] vay r0 rang dau twong duong
o day la sai.

Véiy A vaD, soi vao dinh ly ching ta c6 thé thdy duocy A dung.

Visao y D lai sai. Ching ta cung nh¢ lai dinh ly mo rong ¢ trang 7 SGK, va nhan
thdy ménh dé nay con thiéu rang f (x) =0 tai httu han diém.

Cau 2: Pap an D.

Nhén thdy day 1a d6 thi ham bac ba nén ta c6 thé loai ngay dap an B va C.

Dé so sanh gitta y A va D thi chiing ta cing dén véi bang tong quat cac dang do thi
cua ham bac 3.

y=ax’ +bx* +cx+d.(a#0) (da dugc dé cap 6 trang 35 SGK co ban).

Nhin vao bang ta nhan thdy véi y D cé hé s6 a=1>0 nén dung dang do thi ta
chon dap an D.

Cau 3: Pap an B.

Ta tinh dao ham ctia ham sd duoc y'= —-x* —1, nhan thdy phuong trinh y'=0
vO nghiém, nén dap an dung la B, khong c6 cuc tri.

Céu 4: Dap an B.

Ta phan tich tirng ménh dé mot:

(1): O ménh dé nay, nhiéu quy doc gia sé c6 sai [am nhu sau:

Viy'=

—<0 Vxe D nén ham sd nghich bién trén D.

(+-3)

Phén tich sai lim: O séch gido khoa hién hanh, khong gidi thiéu khai niém ham

s0 (mdt bién) dong bién, nghich bién trén mot tap s, ma chi gidi thiéu khai niém

ham s6 (mot bién) dong bién, nghich bién trén mdt khoang, mot doan, nira
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khoang (ntra doan). Vi thé€ ménh dé (1) néu stra lai dung sé la “Ham sd nghich
bién trén (—o0;3) va (3;+0).”
(2): Cach giai thich rd rang vé mat toan hoc:

limy=1; limy=1= duong thang y=1 la tiém can ngang ctia d6 thi ham s3.

X—>+0 X—>—0

lim y = —0;lim y = +00 = duong thang x = 3 1a tiém can ding ctia &6 thi ham s6.

x—3" x—3"
Vay ménh dé nay la sai.
Tuy nhién minh hay nham nhanh bang cach sau (chi 1a lam nhanh thoi)
D4i véi ham phan thite bac nhat nhw thé nay, ta nhan thay phwong trinh mau s§
< x=3= dayla TCD.
Con tiém c4n ngang thi y = (hé s& ctia x & tir s8) + (hé s6 ctia x & mau s8). O vi
dy ndy th y= % ~1 chinh a TCN.
(3): Bay 1a ménh dé dung. Ham phan thirc bac nhat khong cd cuec tri.
(4): Tt viéc phan tich ménh dé (2) ta suy ra dugc ménh dé (4) nay la ménh dé
dang.
Vay dap an dang cta chung ta la B. (3), (4).
Cau 5: Pap an C.
x* +1-x2x _ -x* +1

Cidch 1: Lam theo cac budc thong thuong: y'= 5 =
(x2 + 1) (x2 + 1)

Ta thdy voi x e (—1;1) thi y'>0.

Vay dap an dung la C.

Cdch 2: Dung may tinh CASIO fx-570 VN PLUS.

Ta c6 thé nhap ham vao may tinh, dung cong cu TABLE trong may tinh:

Bugc 1: an nat | MODE] trén mdy tinh

@ o Budc 2: An'7 dé€ chon chitc ning 7:-TABLE , khi d6 may s& hién f(x)= ta nhap ham
fl=g— vao nhu hinh bén.
An 2 Tan = va may hién START?, ta an -3 =, may hién END? Ta an 3 =. STEP? Ta
gitt nguyén 1 va dn =. (Ly giai vi sao chon khoang xét 1a -3 dén 3: vi & dap an la
cac khoéng(—oo, —1);(—1,1);(1,' +oo)

vi thé ta sé xét tir -3 dén 3 d€ nhan rd duoc xem ham s6 dong bién nghich bién

trén khoang nao?)

Burée 3: Sau khi két thuc cac budce trén may sé hién nhu hinh bén.

0] Math
! *} Ffﬁfa O bén tay trai, cOt X chinh 1a cac gia tri cia x chay tir -3 dén 3, ¢ tay phai cot F(x)
3 -1l -m.s

chinh la cac gia tri ctia y twong tng voi X ¢ ¢t trai. Khi an nut (xudng) ta
nhan thay tir gia tri X=-1 dén X =1 la ham F(x) c6 gia tri tang dan, vay o
khoang (~1;1) 1a ham s& dong bién.

Vay dap an dung la C.

Cau 6: Pap an A.

Nhin qua dé bai thi ta c6 thé danh gia ré“mg day la mot cau hoi dé in diém, tuy

nhién nhiéu djc gia dé mac sai lam nhu sau:
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1. Sai lam khi nham lan cac khai niém “gia tri cuc dai (cuc dai), gid tri cyc tiéu
(cuc tiéu)”, “diém cyc dai, di€ém cyc tiéu” cta ham s6.

O day ching ta cing nhic lai nhitng khai niém nay:

“Néu ham sd f (x) dat cuc dai (cuc tiéu) tai x, thi x, dwoc goi la diém cwe dai
(di€m cyc ti€u) cuia ham s6, f(x, ) duoc goi la gia tri cwe dai (gia tri cyc tidu) con
goi la cwc dai (cwc ti€u) ctia ham s6. Diém M (xo i f (xo )) duoc goi 1a diém cuc

dai (diém cwc tiéu) cta do thi ham s6.”

K= =31 %) -(4-30 (»
I

(2=

CMPLY [0} Math A

CMPLZ [0} Math A

BiK)-(X-3)(p
10679-100001

Chung ta nhan thay néu nham 1an gitra cac khai niém diém cuc dai ctia ham sg,
va cuc dai ctia ham s thi chac han quy doc gia da sai khi nham 1an gitta y D, C
v6i 2y con lai. Vi oy D la diém cuc dai ctia ham s6 ch khong phai cyc dai.

2. Sai [am khi phan biét gitra gia tri cuc dai va gia tri cyc tiéu ctia ham so:

O day vi day 1a ham bac bon triing phuong c6 hé s6 a=1>0 nén do thi ham s&
c6 1 diém cue dai tai x =0 (xem lai bang dang ctia d6 thi ham trung phuwong trang
38 SGK) => gia tri curc dai ctia ham s 1a y,, = f(0)=2. Vay dap anla A.

Cau 7: Pap an B.

o (2} 2x  x
Tacoy—(\/37)—2\/37—\/372

Ta c6 thé loai ngay hai phwong 4n sau vi ham s nay khong c6 dao ham tai x =0.

= ham s6 khong c6 dao ham tai x =0

Tuy nhién ta thay ham s8 van dat cuc tiéu tai x =0. Nén dép 4n B dtng.
Cau 8: Dap an D.
DPay la mot cau hoi dé 14y diém. D& tim dugc GTNN ctia ham s3 trén doan
‘s . . x=-1
[—4;4] ta giai phuwong trinh y'=0 < 3 -
X =
Ta lan luot so sanh f(—4), f(4), f(-1), f(3) thithdy f(-4)=-70 lanho nhat.
Vay dap an dang la D.
Cau 9: Dap an B.
Céch giai nhanh bang MTCT.
Thay x #3. Vay phuong trinh hoanh d6 giao diém cua do thi phai ¢ 2 nghiém
phan biét khac 3.
Phuong trinh < x* = 3mx =(mx -7)(x -3)
Dung may tinh dn nut chon 2: CMPLX (dinh dang s6 phtic)
Nhap vao méy tinh nhu sau: (X* - 3iX) - (X - 3)(iX-7)
An CALC va gan X =100 ttr d6 man hinh hién két qua nhu sau:
10679 =106 79 =x* + 6x + x =21 =x* +7x - 21
10000 =1 00 00 = x*
Vay phuong trinh < x* +7x - 21 - mx® :0<:>(1 —m)x2 +7x-21=0

£(3)%0

D€ phuong trinh cé 2 nghiém phan biét khac 3 thi
PrHons shemp ‘ {72—4(1—m).(—21)>0

4 DA 7 A A A s 2. A? ’ 3\ AY 1
V& dau ctia hé ta khong can giai dé sau do thay vao. Phuong trinh (2) < m< %

vam=#1.
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53 . MathVA
A=Yalue Minimum=

Sd—Zd45
11

Phin tich sai ldm: Rat nhiéu em hay mac sai [am la thi€u mat diéu kién 1a 2

nghiém phan biét khéc 3 1a sai. Nhiéu ddc gia khac lai mac sai [am khi giai bat
phuong trinh cudi cung, nham ddu, khong dao dau bat phuong trinh,... Vi thé
quy doc gia phai hét strc can than tinh todn khi lam bai.

Cau 10: Pap an A.

Goi d¢ dai canh hinh tam giac déu la x (m) khi d6 dd dai canh hinh vudng la
6—3x

2
2
Téing dién tich khi d6 1a: 5= 332 +[673%) _ i((9 +43) 7 ~36x + 36)
z ) 16
Dién tich nho nhat khi x = 0 =18
2a 94 4\/5
18

Vay dién tich Min khi x =

9+4\/§.

Hodc dén day ta cd thé bAm mdy tinh giai phuong trinh (9 +443 ) x* —36x + 36

4n bang va hién gia tri nhu hinh bén.
Day chinh la ddp an A ma ta vira tim duoc ¢ trén.
Cau 11: Pap an D.

Giai phuong trinh x* —-2x=0< *
x

Tacd limy=—o0 ; lim=+00 ,suyra x=0 la1TCD.
x—0" x—0"

limy =+c0 ; lim =—o0, suyra x=2 la1 TCD.
x—2" x—2"

limy=2, hm =2, suyra y=2la1lTCN.

Vay dap an la D, 3 tiém can.
Cau 12: Dap an B.
Phuong trinh < 2x —3=5" <> x=1564 . D4p an B.
Nhén xét: O day, nhiéu doc gia khong ndm rd duoc kién thiee Iy thuyét vé logarit,
nén giai sai nhu sau:
Huéng gidi sai 1:
log, (2x-3)=5<2x-3=5<x=4= dap 4n C.
Huéng gidi sai 2: log, (2x —3) =5<2x-3=1 (vinghi VP :g: 1 = dap an D.
Vi thé & day, t6i mudn chti y v6i quy ddc gia rang, can nam rd ban cht coi ngudn
cac khai niém dé&lam bai thi mot cach chinh xdc nhat, tranh nhitng sai [am khong
déang co.
Cau 13: Pap an A.
x<0

Diéu kién
x>2

x>1+\/g
x<1—\/g.

Khi d6 bat phuong trinh < 2x* —4x>10 < 2x* —4x-10>0 <
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STUDY TIPS
Day 1a mot cau dé &n diém
nén chdng ta can chd y cén
thén ting chi tiét:
O day c6 2 diéu kién can
dap tng:
1. Diéu kién d€ ham phéan
thirc c6 nghia
2. Diéu kién d€ ham log xéc
dinh

STUDY TIPS

Néu khong nghi ra huéng
giai quyét nao, ta co thé
dung may tinh va thay 2 s8
a, b bat ki théa méan yéu cau
dé€ soat dap an (do ludn
dung). Ta cling chon duoc
dap an D.

STUDY TIPS
Day la bai toan tng dung
vé ham s6 mi ma ching ta
da hoc, bai todn rdt don
gian.

Gigi thiéu thém: trong may tinh Casio 570 VN Plus ¢ tinh nang giai bat phuong
trinh da thitc bac 2, bac 3. C4c ban chi can 4n — miui tén xudng va chon
1: INEQ (inequality), sau d6 chon cac dang bat phuong trinh phu hop.

Cau 14: Dap an B.

Tacéd (logﬂ u)' = . Ap dung vaoham s3 tréntacé y'= Zx;.LIJ;llO = x.112110 =
dap an B.
Céu 15: Pap an A.
Vay ta c6 {xil @[x>3
; (x_3)(x—1)>0 x<1

Cau 16: Pap an D.
Nhén thdy a, b la 2 s6 duong phan biét:

o logb b=1
Voiy A < log b=logh < —2—=logbh < logh =loga.logh <
loga a=10
(khong Iudn dung véi moi g, b)
Tuong tur voiy B.
VéiyC.Tacd C & logh _loga (do a, b) phan biét nén dang thitc khong dung.
loga logb

Theo phuong phap loai trir ta chon dap an D.

Ta cuing chitng minh dap an D.

D < loga'®’ =logh'**" < logb.loga=1oga.logh (ludn dung)
Céau 17: Pap an A.

Véi dang bai biéu dién mot logarit theo 2 logarit da cho thi buwdc dau tién 1a
chuyén log co sd can tim vé co sd ban dau, roi phan tach nhu sau:
log,7 b b

log,3 log,6-log,2 a-1

Cau 18: Dap an C.

Tuy nhién nhiéu doc gia c6 thé méc sai [am nhu sau:

Loi gidi sai:

Gié xéng 9 nam sau 1a: 12000(1+0.05).9 =113400VND / lit .

Va chon A hay B (do nhin nham chang han).

Loi giai diing:

Gi4 x&ng nam 2008 1a: 12000(1+0.05)

Taco log,7 =

Gié x&ng ndm 2009 la: 12000(1+0.05)’

Gia xang nam 2016 la: 12000(1 + 0.05)9 ~18615,94VND / lit
Céau 19: Bap an C.
Day la bai toan tinh dao ham doi hoi quy ddc gia phai nh¢d cong thirc. Ta cung

nhac lai cac cong thirc dao ham can st dung: (E) = w ; (e")' =e"
v v

Vay o day y'= s +1)—22x.e* = -y ez

(x2 + 1) <x2 + 1)

. Vay ta chon dap an C.
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STUDY TIPS
Nhiéu ban hay sai khi thiéu
n hodc thiéu binh phuong
nén chon cac dap an con lai.
Cac ban cha y nhé chinh
xac cong thic va tinh toan
that can than nhé.

0] Math
&% (0] 2=
Ngoai ra cac ban c6 thé st dung nut trén may tinh roi
thr ttng dap an, tuy nhién day la mot bai toan dao ham kha don gian nén ta
khong can thiét st dung may tinh, sé lam ton thoi gian hon rat nhiéu.
Cau 20: Pap an D.
Ta thay VT c6 thé nhan lién hop dé tao ra co s6 & VP.

BPT@(\/E—\/E)X >m®(\/ﬁ—«/ﬁ)x >(\/ﬁ—\/ﬁ)_1

Dén day rat nhiéu doc gia méc sai [Am ma chon y C. Do mudn lam bai that nhanh
chéng ma khong dé'y dén yéu t3 1a can phai can than. Do co'sd 0 <13 -v12 <1
nén bpt < x <—-1. bap an dungla D.

Cau 21: Pap an B.

1 urﬁ—l

u'.(n+1)’ e

Day la dang tim nguyén ham co ban J‘u”dx =

Ap dung cong thiic trén vao thi:

J.f(x)dx=;.(\/3x+2)l+; +e :§(3x+2)x/3x+2 +c
3.(1+;)

Ngoai ra ta c6 thé dn vao may tinh va thir tirng dap 4an mot, trong may tinh ta st
[ @ Math

[

dung nuat |
Cau 22: Pap an A.
Thuc chat day la mot bai toan tim nguyén ham. Cho N (x) vaditim N (x) .

Ta co _[ 2000

- dx =2000.In[1 + 2|+ 5000 (Do ban dau khéi lwong vi khudn la 5000).
+X

Voéi x =12 thi s6 luong vi khuan 1a ~ 10130 con
Cau 23: Dap an C.

Nhin vao do6 thi ta thay f(x) >0 véi x e [—2;0] =S, = jl f(x)dx
-2
f(x)SO vOi xe[0;3] =5, :j.f(x)dx:—jf(x)dx.Ta chon dap an C.
3 0

Phin tich sai lim: Nhiéu doc gia nghi ctt tich phan S, thi x phai chay tir s bé

dén s6 1on. Tuy nhién ta phai xét rd xem f (x) am hay duwong trén doan d6. Vi
sai [am nay nén nhiéu ddc gia sé chon dap an D. Hodc nhiéu ban nham dau gitta
xva f(x) nén chon dap an B Ia sai.
Cau 24: Dap an C.

b

Véi dang nay ta can nho cdng thic tinh V= n_‘- £ (x)dx (dvtt).

Déu tién ta tim giao cua d6 thi voi Ox ta dwoc x=0v x =4.

Luc nay ta chi can nhap biéu thirc vao may tinh nhw sau:
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STUDY TIPS
bay la mét cau hoi li thuyét
rat dé gay hidu lam. Vi thé
cac ban doc gia nén doc ki
ting ménh dé dé két luan
xem ménh dé nao dung,

ménh dé nao sai.

Cong Pha Toan The Best or Nothing

e O] 2 Math A
| o CRC4=10 %
=3
s 1
Vay dép énla C.
Cau 25: Dap an B.
Cdch 1: Cac ban ddc gia thay ¢ day sinx=—(cosx)"

b
Ta sé chuyén vé dang Jf(u)u'dx .

Giai toan thong thwong:

—jgcos2 xd(cosx) = eosts|" = —l(cosn —cos0) = —l(—l -1)= 2
0 3 0 3 3 3

Cich 2: Céc ban chi can nhap vao mady tinh 1a cé két qua, day la cau hoi dé &n

diém nén cac ban ddc gia luu y can hét strc cdn théan trong tinh toan dé€ khong bi

mat diém phéan nay. Nhap két qua vao may tinh ta tinh dwoc dap an B. Céc ban

nh¢ chuyén sang ché dd Radian khi tinh todn nhé.

Cau 26: Dap an C.

Véi ménh dé tht nhdt va ménh dé thi 3, ta cung quay lai voi trang 130 SGK co

ban: “Dai voi s6 phirc z = ax + bi, ta ndi a 1a phan thuc, b la phan ao cua z.”

Vay ta c6 thé suy ra A dung, C sai.

Phén tich sai lim: O day rat nhiéu ban nghi ring cau C 1a dung vi thé dan dén

bdi 16 trong viéc xét cac cau con lai. Tuy nhién cac ban doc gia nhé ki rang phan
ao chi c6 b ma khong c6 i. Cac ménh dé con lai la diing, tuy nhién cac ban nén
doc ca nhitng ménh dé dé va ghi nhé ludn, vi ching ta dang trong qua trinh 6n
tap nén viéc nay la rat can thiét.

Cau 27: Pap an A.

Cdch 1: Cach giai toan thong thuong:

2
2(7+6i) +1 1 2 1
.- ( 3) =98+16813+721 +1 =27+31681=9+561. do =1

Dén day nhiéu doc gia khong nhé kién thirc mo- dun 1a gi dan dén két qua sai

khong dang cé nhu sau:
(M6 dun cua z,) =9 + 56> =3217 = dap an C.
Vi thé quy ddc gia can nam rd cac cong thirc:

, 6 gia tri |z|=|a+ bi| =V/a’ + b , hay chinh Ia

Mo dun ctia s phtrc z ki hiéu la |z

d6 dai ctia vecto OM (v6i M 1a diém biéu dién s6 phic z =a+bi).

Cdch 2: Cach bdm mdy tinh nhanh:

Néu ban nao ¢d t duy nham tdt thi ¢ thé nham nhanh theo cach trén, con néu
tw duy nham khong dwoc tot, cac ban cé thé thao tac trén mdy tinh nhu sau: (boi
vi nhiéu khi thoi gian cac ban nham con nhanh hon la thoi gian cam mady tinh
lén va bam tung nut)

Buéc 1: An nit trén mdy tinh, chon ch& d6 phtic 2: CMPLX bang céch dn
nat s 2.

Burée 2: Nhap vao mdy tinh nhu sau:
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STUDY TIPS
Nhiéu ban bdm nham may
tinh ¢ thé ra cac két qua
khéac nhu C hoac D. Vi vay
mot lan nita t6i khuyén cac
ban cAn hét sttc cAn than khi
doc d@é bai, khi tinh toan.

STUDY TIPS

Nhiéu déc gia gép bai toan
nay sé thdy boi rdi, va thi
cac gia tri B, C hoac D vao
thdy thao man sé khoanh
ngay, do la cac két qua sai.
Vi thé cac ban can giai ra
xem két qua rdo rang nhu
thé nao nhé!

STUDY TIPS
Day la mot bai toan an
diém, nhung néu doc
khong ki ting cau chi
trong dé bai cac doc gia rat
6 thé sai

CMPLX ] Math A
FIT+EAI L 41
=

S+h6i1

Tt d6 ta tim dugc s6 phitc z, va di tinh m6 dun sd phirc nhu cach 1.
Cau 28: Pap an B.

Quy doc gia lan luot thé z,,z, vao biéu thirc z tir d6 tim dugc z. Hodc nhap vao
may tinh nhu cdc budc da hudng dan & Cau 27 thi ta tinh dwoc két qua nhu sau:
z=5(3+2i)+6(6+5i)=51+40i.

Dén day nhiéu ban voi vang khoanh A, dan dén két qua sai. Vi & day 1a tim s

phtic lién hop ctia z chit khong phai tim z. Vay dap an cta ta la B.
Cau 29: Dap an A.
Ta céd: < a” +2abi+b*" +a’ +b* =0 < 24 +2abi =0
& 2a(a+bi)=0 (do i* = 1) @[” -0
a+bi=0<2z=0
Véi a=0 thi z=0+bi lasd thuan ao.
Véi z=0.
Vay dap an dang la A.
Cau 30: Pap an C.
Nh¢ lai khéi niém vé diém biéu dién sd phtrc, cling xem lai & d4p 4n B, cau 26.
Vay ¢ day ta thdy néu 1y mot diém bét ki trong phén gach chéo 1a M(a,b) thi
-1<a<l1
{OM <2
Vay dap an cua chung ta la C.
Phian tich sai lim: Nhiéu ban khong phan biét dugc gitra cac khai niém “nhd

hon” va “khéng vuot qua”.

O day vi du: khong vurot qué 2 1a bao gom ca 2. Con nhé hon 2 1 khong bao gom
2. Hoéc nhidu ban quén khong tinh ca cac diém nam trén duong tron trong phan
gach chéo, va cac diém nam trén 2 duong thang x = -1;x = 1 trong phan gach
chéo. Dan dén khoanh vao cac dap an con lai nhu A, B hoac D.

Cau 31: Pap an A.

Ta c6 khdi rubic nhu hinh bén.

Huodng sai 1: Nghi rang mdi canh ctia & vudng la 4 nén chiéu dai mdi canh ctia
khdi rubicla a=43=12=V =12’ =1728 = B.

Huéng sai 2: Nghi rang chu vi mdi 6 vudng 1a tong d6 dai ctia ca 12 canh nén
S qne L Xe N , . .o
chiéu dai moi canh la 3 nén dd dai canh cua khoi rubic la:

a:%.3:1:>V:13:l:>C.

Huéng sai 3: Nham cong thikc thé tich sang cong thirc tinh dién tich nén suy ra y
D.
Cach lam diing: Chu vi ctia mot 6 nho la 4 cm nén d¢ dai mdi canh nho 1a 1em,

vay d0 dai canh ctia khéi rubicla: a =3.1=3cm = V =3.3.3=27cm’. D4p an A.
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Dé c6 thé lam duoc cac cau
trdc nghiém ly thuyét mot
cach nhanh chéng, cac ban
nén ndm chéc kién thic I
thuyét, phan biét 16 rang
tieng khai niém, va dac biét
14 hiéu r6 ban chat cac dinh
ly, khai niém trong sach
gido khoa (mot phuong tién
rdt can thiét trong viéc on

STUDY TIPS

thi THPT QG).
A A’ B
D’ B’
D Cl C
STUDY TIPS

Day la bai toan vira két hop
yéu t& hinh hoc va yéu t8
dai s6. Yéu td hinh hoc &
day la cac cong thiic tinh
dién tich toan phan, dién
tich xung quanh, thé tich
ctia hinh tru. Con yéu t6 dai
s6 & day la im GTNN cuta

S

i *

Cau 32: Pap an A.

Day la mot cau héi ly thuyét doi hoi quy ddc gia can ndm ving cac kién thize vé
khéi da dién, hinh da dién, t6i xin dwoc nhac lai nhw sau:

Hinh da dién la hinh duoc tao bdi mét s6 hitu han cac da gidc thoa mén hai tinh
chat:

a. Hai da giac bat ki hodc khong c6 diém chung, hodc c6 mét dinh chung, hodc
c6 mot canh chung.

b. Mbi canh ctia da giac 1a canh chung ctia dting hai da giac.

+ Khéi da dién 1a phan khong gian dwgc gidi han boi mot hinh da dién, ké ca
hinh da dién d6.

Vay tir cac thong tin ma t6i da dwa ra & trén, quy ddc gia cd thé nhan ra dugc cac
y B, C, D 1a cac dép an dung. Con dép an A khong thoa man tinh chat ctia hinh
da dién, thiéu hin 2 diéu kién du quan trong d€ c6 hinh da dién. Dap an A.

Cau 33: Dap an A.

Phdn tich: Ta thdy 2 hinh chép S.ABCD va S.A'B'C'D". C6 chung chiéu cao ké
te dinh S xudng day. Vay d€ di tim ti sd khoang cach thi ching ta chi can tim ti
s dién tich 2 day ma ta ¢ hinh vé nhu sau:

Ta thay:

5 EZESABCD: v 5

ABCD

2
e [@2) a1 Vigen 1
A‘B'C'D':AD'AB:{T] = ABCD _ 4

Phn tich sai lim: O day cht yéu quy ddc gia c6 thé bi sai [am vé mét tinh toan,

nén mot [an nita ti xin Iy y rang, khi lam bai thi, mong rang quy ddc gia hay
c8 gang that can than trong tinh toan dé€ 1am bai thi mot cach chinh xéc nhat.
Cau 34: Dap an B.

Vv

bé bai cho V:B.h:nRZ.h:h:? *)
T

Stp = qu + ZSday =2.nR* +2nRh = 2(7cR2 + nR.Lz) = Z(RR2 + K)

R R
Dbén day ta c6 hai hudng giai quyét, d6 la tim dao ham roi xét y'=0 ro6i vé bang
bién thién tim GTNN. Tuy nhién ¢ day t6i gidi thiéu dén quy doc gia cach lam
nhanh bang BDT Cauchy.
Ta nhén thdy ¢ day chi c6 mot bién R va bac ctia R ¢ hang tir thit nhat la bac 2,
nhung bac cta R ¢ hang tir tht 2 chi 1a 1. Vay lam thé€ nao d€ khi ap dung BDT

Cauchy triét tiéu duwoc bién R. Ta sé tim cach tach % thanh 2 hang ti béng nhau

dé khi nhan vao triét tiéu dwoc R* ban dau. Khi d6 ta c¢é nhu sau:

2
5 =2 art+ L2V 503
b 2R

= dap 4n B.
2R P

Cau 35: Pap an D.
Khi quay ntra duong tron quanh truc AB ta duoc khoi cau tam O, ban kinh

ﬁ:Z.Khi do V. :énR3 :é.n.23 :Qn (dvtt).
2 3 3 3

cau
Nhiéu ban c¢é thé nhé nham cong thikc tinh thé tich khéi cau thanh cong thie tinh

dién tich mat cAu S = 4nR*dan dén chon phuong an B 1a sai. Hogc nhiéu ban lai
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STUDY TIPS
Cén than trong tinh toan va
nhé ki céng thie. Nhiéu
doc gia quén mat % nén
dan dén tinh sai cong thirc,
mot cau hoi rat dé &n diém.

STUDY TIPS
Nhiéu ban tim dwgc duong
kinh ctia hinh tron lai quén
khéng chia 2 d€ tim béan
kinh nén ap dung cong thitc
luén dan dén tinh toan sai
va chon nham két qua.

gitr nguyén duong kinh AB nhu thé va 4p dung cho cong thitc véi ban kinh dan
dén khoanh y A, hay y C. Nén cac ban luu y doc that ki dé bai va nh¢ chinh xac
cong thirc.
Cau 36: Dap an D.
Puong sinh cta hinh nén quay dwoc thuce chét chinh la canh huyén AB cta tam
giac vudong ABC. Ma tam gidc vudng da cé mot canh bén va duong cao, ta chi
can ap dung cong thirc hé thic lugng trong tam gidc:
1114 1
W* CA* CB* 34 a* CB’
Cau 37: Pap an A.

1 S senh = %.SABCD SA = %.AB.AD.SA = %.a.Zu.Za = %aS

= CB=a+/3 = AB=2a (theo dinh ly Pytago).

1%

s.ABCD ~ 3"
Cau 38: Dap an A.

Ta c6 tam cuia mdt cau ngoai ti€p hinh hop chit nhat trung véi tam d6i xing cua
hinh hép. Nhu hinh 1ap phuwong ABCD.A’B’C’D’ ¢6 tam la I, 1a trung di€ém cua

AC’, ban kinh r = %

Tam gidc A'C’A vudng tai A' = AC'=JAA?+ A'C? =y/c* + A'C* (1)
Mt khac tam giac A'D'C'vudng tai D’

= A'C'=JA'D?+D'C? =\a* +* (2)

Tix (1) va (2) tacd r=%.\/a2 +b7 4+t

Cau 39: Dap an B.

Ta c6 hinh vé bén.

Ta thay hinh tron ndi tiép hinh vudng canh a c¢6 duwong kinh c6 do dai a. Khi d6
2
thé tich ctia khéi tru la: V =Bh=an.R* = a.n.(g] = %.f T

Cau 40: Dap an B.

Nhiéu dc gia cé thé nham gitra khai niém hinh chép va khdi chép. Nén khoanh
y A. Tuy nhién cac ban nén phan biét ro rang gitta hinh chép va khéi chdp néi
chung, hay hinh da dién va khdi da dién noi riéng.

+ Hinh da dién la hinh dwoc tao boi mot s6 hiru han cac da giac thoa méan hai
tinh chat:

a, Hai da giac bat ki hodc khong c6 diém chung, hodc c6 mét dinh chung, hodc
c6 mot canh chung.

b, Mbi canh ctia da giac la canh chung ctia dting hai da giac.

+ Khoi da dién la phan khong gian dugc gidi han boi mot hinh da dién, ké ca
hinh da dién do.

Vay khi doc vao tiing dap 4n ¢ day thi ta thay:

+Y A chinh la khai niém ctia hinh chép.

+Y B 1a khéi niém ctia khdi chép.

+Y C la ménh dé bi thiéy, y D sai.

Vay dap anlayB.

Céau 41: Dap an A.
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Ta c6 cho mit phang (P) tax+by+cz+d=0 thi vecto phap tuyén cta (P) la
n= (a, b, c) .

Ap dung vao bai toan ta thdy: 5x + 6y +2=5x+ 6y + 0z +2 = ;1=(5,6,0).

Cau 42: Dap an A.

Dé viét duoc phuong trinh mit phang (ABC ) ta can biét 1 diém trén mit phang,
va vtpt cila mét phang do.

Viéc tim 1 diém trén mit phang d6 thi ta khong can ban tam nita, vi & day da c6
3 diém roi. Viéc ching ta can lam ngay ltic nay la tim vtpt ctia mat phang (ABC )
Ta cung xem lai phan bai toan trang 70 SGK Hinh hoc 12 co ban. Va ta thdy o day
da c6 2 vecto khong cung phuwong AB :(—8, —8,—4),A—C :(—7, -8, —1)
—n-[B,C].

Ma | AB, AC |=(-24;20;8) do d6 n=(-24;20;8).

Mat phéng (ABC) di qua A(6; 9,'1) va co vtpt n= (—24; 20; 8)

= (ABC):-24.(x-6)+20(y—-9)+8(z-1)=0

< (ABC):—24x+20y +8z-44=0 & —6x+5y+2z-11=0

Phan tich huéng ¢idi sai lam:

a. Déu tién, day khong han 1a sai [Am, ma la lya chon cach lam khong nhanh
chéng. D6 la nhiéu doc gia dit phuong trinh ctia mat phéng
(ABC ) rax +by + cz+d =0. Sau d6 thay toa dd tiing diém vao va giai hé, nhung
hé phuong trinh 4 an 3 phuong trinh nén dén day nhiéu doc gia sé rat boi roi. Va
nghi dé bai khong cho du dit kién vi thé khoanh ludén y D.
b. Sai lam ti€p theo la nhiéu ban khong nhd ro cong thikce tinh tich ¢ hudng, dén
day, t6i xin gi6i thiéu véi ddc gia cach tinh tich vo hudéng bang méy tinh cam tay.
Di nhién néu ban da nhd rd cong thie, thi khong can ap dung cong thikc nay.
Buéc 1: An ntit chon 8: VECTOR — Chon 1: VctA— 1:3
Bu6c 2: Nhap toa do cua vecto AB vao, an|AC dé xéa man hinh,
Buée 3: Ti€p tuc dn nut chon 8:VECTOR — Chon 2: VctB— 1:3

. e Buée 4: Nhap toa do ctia vecto AC vao, an dé xéa man hinh.

h =l 2 Bue6c 5: An —> chon 3: VctA, tiép tuclap lai budce 5 va chon VetB. Nhan
“Z4 2 vecto v6i nhau ta dwoc két qua nhu hinh bén.

Cau 43: Dap an A.
Cau 44: Dap an B.
Cong thtic tinh khoang cach tir diém A(2;6;9) dén mit phang (P)
1(4,(P)- 2+26+39+9 2514 '

T 7

Nhiéu doc gia dén day da voi vang khoanh y A.

e Lt s s em A 2, . A s
Nhin ki vao bai toan thi con thiéu nhan voéi 3 Khi d6 sau khi nhan vao ta duwgc

50421

14
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V6i dé bai dang nay, néu
lam theo cach dai s8 vé bang
bién thién thi thwc s rat 1au.
Di nhién la két qua van
dung néu ban tinh toan can
than. Tuy nhién, t6i mudn
gidi thiéu véi quy doc gia
cach lIam hinh hoc dé rat
ngén thoi gian, ma khong
can tinh toan phtc tap.

STUDY TIPS
Nhiéu doc gia c6 thé mic
modt nham 1an nho trong
viéc tinh toan ban kinh vi
khong nhé chinh xac cong
thitc tinh khoang cach. Hay
nham 1an khi tinh nhdm viét
phuong trinh mét cau. Vi
th& hdy cén than nhé!
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STUDY TIPS
Day la dang toan tim ménh
dé dung vi thé ta can kiém
tra tng ménh dé mét ch
khong thé thir duoc.

Cau 45: Dap an A.

Vi khoang cach tir A d&én mét phang (P) la thay d6i nén can tim mot dai luong
la hang s8 sao cho AH > const.

Nhén thdy dé cho diém A(1;1;3) va duong thang A . Vay khoang cach tir A dén
A 1a hing s6. Tir d6 ta da dinh hwéng duoc cach lam.

Goi H, K Ian luot la chan duong vudng goc ké tir A xudng (P) , A. Tam giac
AHK vuéng tai H. = AH < AK =d(A;A).

D&u = xay ra khi vachikhi H=K < (P) qua K va nhan AK lam vtpt.

Vi KeA nén K(51+252+2t) = AK=(t-1;2;2t-1).

Ma AK LA dodé AKu, =0 < t-1+22t+2(2t-1)=0 c>9t:3<:>t:%

Mit phang (P): qua K(%;g;%j va c6 vtpt

(334 4o 355

< (P):—6x+6y -3z=0.
Cau 46: Dap an C.
Mit cau (S) ti€p xtic v6i mat phang (P):x+2y+2z+9=0thi khoang cach tir |

dén mat phing (P) chinh la bén kinh R.
[1+1.2+2.3+9|

a(L;(P
( ( )) V12427422

:>(S):(x—1)2 +(y—1)2 +(z—3)2 =36 < (S):x* +y’ +2°-2x-2y-62-25=0
Cau 47: Dap an A.
Docbai todn nay quy doc gia cé lién twong dén bai toan nao trong dé nay khong?
Chinh xac 1a Cau 45. Vay nhu ching ta thdy, & day dé cho diém M, cho duong
thang dang chinh tac c6 han 3 an. Cé cdch nao d€ chuyén thanh mot an khong?
Luc nay ddc gia c6 thé nghi ngay dén phuong trinh dang tham s6. Sau khi da
chuyén thanh dang tham s, ta s& dé dang tham s3 dwoc diém H. D& tim duoc
toa d¢ diém H ta chi can mot dir kién nira. Poc tiép dé bai thi ta nhan ra con dv
kién d6 la MH L d. Bai todn dén day da duoc giai quyét.
Goi H 1a hinh chiéu caa M(2;0;1) 1én dudng thing d.

= H(1+5262+1) = MH = (t=1;26;¢ +1)

MH.uq =0 (£-1).142t2+(¢+1).1=0 <6t =0 t=0=H(10;2).
Cau 48: Dap an B.
Ménh dé A: ta thdy BC =(4;0;0);CA =(~4;6;-8)Nhén thdy BC.CA#0 nén ménh
dé A khong dung, tir d6 ta loai duwoc phuwong an D.
M¢nh dé B: Ta thay néu BC vudng goc véi mp (OAB ) thi BC song song hodc trung
vOi vtpt cia mp (AOB) .

Pat sach tai: Tiki.vn | Newshop.vn | Pibook.vn | Lovebook.vn | 39



Cong Pha Toan The Best or Nothing

Ma @ = [&,@} = (48;0;0) . Nhén thay BC song song vdi vitpt ctia (OAB) nén

ménh dé nay dang vay ta chon luén dép an B ma khong can xét dén C nira.
Céau 49: Bap an C.
O day ta c6 phuong trinh duong thing d dang chinh tic c6 téi tan 4 dn. Thé tai
sao ta khéng chuyén vé dang tham s6 dé€ chi con 2 &n nhi. Sau d6 Ian luot cho
céc gid tri x,,z cia 2 duong thang bang nhau (hay néi cach khac 1a xét hé 2 giao
di€m).
1+mt'=t+5
Ta cé hé giao diém nhu sau: {3+t'=2t+3
—5+mt'=—t+3
r=2t {(Zm—l)tzﬁl
=>2mt+1=t+5 <
omt-5-—t+3  ((2H1)=8
4

Hé c6 nghiém duy nhit © ——=—5 _ e m=3.
2m—-1 2m+1 2

Cau 50: Pap an B.

Nhan thay khoi chép da co dién tich day, viéc ta can lam bay gio la di tim chiéu
cao ctia khdi chép. Ma nhan thdy mit phiang day da c6 phuong trinh, biét toa dd
dinh S ta dé dang tim duoc khoang cach tlit dinh S dén mit phang day bang
cong thuc tinh khoang cach. Viéc ma quy ddc gia can chu y luc nay chinh la tinh
toan hét sttc can than.

1(5:(P)) - |1.1—2.2+1.2—1+2| :g

\/12 +(-2) +1°

Y6 6206

DV:l. .
3 3 3
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