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GOC GIJA HAI BUONG THANG

e Cich xac dinh goc giira hai dwong thing chéo nhau a va b:
Chon diém O thich hop, rdi ké hai duong thing di qua diém O: a’// a va b’// b.

e Cac phwong phap tinh géc:
+ Sir dung h¢ thirc lugng trong tam giac:

Dinh i sin: b _ <
sinA sinB sinC
2 2 2
Pinh li cos: cosA = b+c-a
2bc

u,u,
+ Tinh goc theo vecto chi phuong: cosp =——
ul . 1,12

eChuy. +0°<¢p<90°
+ AB L CD < AB.CD =0.

+ Néu a va b song song hoic trang nhau thi ¢ =0°.

Cau 1: Cho hinh chép S.ABC ¢6 SA =SB =SC=AB=AC =a, BC = a\2.
Tinh goc giita hai duong thiang SC va AB.

LOI GIAI s
Goi E, F, G lan luot 1a trung diém cua BC,
AC, SA. Ta co EF || AB, FG || SC

o —

- [SC, AB} - [EFFGJ — EFG hoic

180° —~EFG. Taco FEzFGz%AB:%
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ABAG = ACAG(cgc)=>GB=GC.  Tam
giac GBC can tai G ¢6 GE la duong cao

GE =+/BG? —BE? = J(ﬁj —(ﬁy s

2 2 2

Tam gidc EFG déu vi c6 3 canh bang nhau. Vay EFG =60".

Ciau 2: Cho hinh hop ABCD.A'B'C'D' ¢6 d6 dai tat ca cac canh déu bang a > 0
va BAD =DAA' = A'AB=60". Goi M, N lan luot 14 trung diém ctia AA', CD.
Ching minh MN || mp(A'C'D) va tinh cosin ctia goc tao boi hai duong thang
NM va B'C.

LOI GIAI

Goi I trung diém ciia DC'. Trong tam giac CDC'
c6 NI 1a duong trung binh cua tam gidc, nén :

NI || CC’
NI=Lcc
2
C(ccraar [NITAA NI || MA'
a = 1 SN
cC'=AAT |NI=2AA T [NI=MAT /

Vay to gidc MNIA' [a hinh binh hanh nén MNJIA" ma
IA'c(A'C'D')=>MN||(A'C'D).

MN || TA’ _ -
‘1{ I :(CB',MN)z(DA',IA')zDA'I hodc 180° —DA'T

CB'|| DA’
Ta c6 tam gidc DAA' déunén DA'=a .
Ap dung dinh 1y cosin cho A ABC ¢6 ABC=120":
AC? = AB? +BC? ~2AB.BC.cos120° =3a> = AC =av/3 .
AB'=av3.
Vayc6 AC=A'C'=a, AB'=DC'=aV3.
Trong ADA'C' c¢6 A'l 1a dudng trung tuyén

(a2 DA"+A'C” DC” _a2+3a2_£_512:>1A'——a\E
2 4 2 4 4 2
— 2 2 2
Trong AA'DI ta Cé:cosDA'I:DA +IA"-DIF _ 3 >0.

2DA'IA" 25
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Két luan : cos[MN,CB'} :‘cos D/A\'I‘ :izﬁ.
245 10

Cau 3: TSPH K.A 2008
Cho lang tru ABC.A'B'C' ¢6 do dai canh bén bang 2a, ddy ABC 1a tam giac
vudng tai A, AB =a, AC = a+/3 va hinh chiéu vuéng goc ciia dinh A' trén mit
phiang (ABC) 1a trung diém ctia canh BC. Tinh cosin ctia goc giita hai duong
thing AA', B'C'.
LOI GIAI
Goi H trung diém cua BC , theo dé
A'H L mp(ABC).

Ma mp (ABC) // mp (A'B'C')
= A'H Lmp(A'B'C")
Tam gidc ABC vuong tai A :

BC=vAB?*+AC*=2a=BH=a
AA'||BB'
Ta co: { I

: = (AA,B'C')= (BB, BC)=B'BH.

B'C'||BC
Trong tam gidc A'B'H vudng tai A'¢6: HB'=VA'B* +A'H” =2a.
Ap dung dinh 1y ham cosin cho tam gidc B'BH c6 :

P 2 2 prpy2 2, .2 4.2 -
CosB'BH:BB +BH -BH _da +a —da :l>0(th6a):>B'BH:arccosl.
2.BB'.BH 2.2a.a 4

Cau 4: TSDH K.B 2008

Cho hinh chop S.ABCD c6 day ABCD la hinh vudng canh 2a, SA = a, SB =
a+/3 va mit phing (SAB) vudng goc voi mit phing day. Goi M, N 1an luot 14 trung
diém cua cac canh AB, BC. Tinh cosin ctia goc giita hai duong thing SM, DN.

LOI GIAI

Ha SH L ABtai H. Vi mat
phang (SAB) vudng goc mit
phing (ABCD) theo giao tuyén
AB. Suy ra SH L mp(ABCD).
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Trong mit phang (ABCD) tir
Mké ME || DN voi E thude AD.

Viay goéc gitia SM va DN
chinh 1a goc gitra SM va ME .

Xét tam giac SAB cO : AB* =SA* +SB” =4a*. Vay ASAB vudng tai S.

RN TS NCY
3a> 3a’ 2

Va: = + -
SH*> SA? SB*> a

1 1 1 1
2

2
Tam giac SHA vuong tai H: HA =+/SA*> -SH* = az_%:_

Goi K trung diém cua AD ta ¢6 ME| BK| DN, nén ME la duong trung binh
tam giac ABK.

Vay AE:%AK:%; ME :EBK_—\/ABZ +AK? =
2 2
Tam giac HAE vudng tai A : HE =V AH? + AE? :1/%+az ===

Tam giac SHE vuong tai H: SE =+/SH? + EE* = - 22 #.

Ap dung dinh 1y ham cosin cho tam giac SME ¢ :

2 5a® 5a’ i

- 2 2 2 EE— -

cosSME—SM +ME —SE = 4 4 =—5>0:>SME=arccos—5.
2.SM.ME - a5 5 5

2

Két luan (SM, DN) = arccos@ .

Ciu 5: Cho khdi chép S.ABCD c6 ABCD i hinh vudng canh a, SA =a+/3 va SA
vudng goc voi mit phing day. Tinh cosin cua goc giita hai duong thang SB, AC.

LOI GIAI

Qua B ké duong thiang Bx song song véi
AC . Bx cit AD tai F. Goc giita AC va SB,
chinh la goc gitra Bx va AC. Ta c6 AFBC la
hinh binh hanh , nén AF = BC va AC = FB.




Truy cap website: hoc360.net dé tai tai liéu dé thi mién phi

Suy ra SF =SB, tam giac SBF cén tai S. Co
SB=+vSA®+AB? =2a. FB=AC=a\2
Ha SH L1FB, thi H trung diém FB

a2 5
cosS/BTJ:E: 2 :—2:>S/]3T3:arccos—2
SB  2a 4 4

Cau 6: Cho hinh chép S.ABCD c6 tit ca cac canh déu bang a, day 1a hinh
vudng. Goi N 1a trung diém SB. Tinh goc giira AN va CN; AN va SD.
LOI GIAI

S

Theo dé bai

SA=SB=SC=SD=AB=BC=CD=DA=a

Goi O=ACNBD, ¢co

aV3 Q(ASBC déu).
2 2

Ap dung dinh 1y cosin cho tam giadc ANC:

AN = 22 (ASAB déu). CN =

e 2 2 _ 2 _ o
cosANC:AN +CN -AC :—1 <0 = ANC =arccos 1
2.AN.CN 3 3

Trong tam gidc BDS c6 ON la dudng trung binh cta tam gic.

(AN, SD) - (AN, No) = ANO hoic 180— ANO
Ap dung dinh 1y cosin cho AANO:

S 2 2 2 -
cos ANO = AN"+ON” - AO = ? >0 = ANO = arccos [?]

2.AN.ON

Vay (AN, SD) = arccos[@} .

282



