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CO AIAF = AIDE(g.cg)=1IF=1IE
2

Trong ASEF c6 SI 1a dudng trung tuyén va SS_(I; -2

= G la trong tdm cia ASEF.
HG 1

Do d6 —=—.
HE 3

Cau 6: Cho hinh chép S.ABCD c6 déy 1a hinh thang day 16n AB va AB=2CD. Goi M la trung diém
canh SB va P 1a diém thudc canh SA sao cho AP =2SP
a). Tim giao tuyén K ciia AM voi (sCD)

b). Tim giao diém S ciia BC v6i (DMP) . Tinh ti s6: = .

LOI GIAI
S e (SAB)N(SCD)
a) Co {AB||CD
AB < (SAB); CD < (SCD)
= (SAB) N (SCD) =Sx || AB||CD.
Trong mp(SAB) goi

K=AMnSx, cb A
Ke AM
— K = AM(SCD)
K e Sx < (SCD)
b) C6 D e (DMP)~(ABCD) (1.
Trong mp(SAB) goi
F=PMnNAB, cb
{F €ABS(ABCD) ¢ ABCD)~(DMP) (2).
F e PM c (DMP)
Tu (1) va (2) suy ra (ABCD) ~(DMP) =DF.
. ., |EeBC
Trong mp(ABCD) goi E=BCNDF, c6 { = E=BCn(DMP).
E € DF c (DMP)

Trong mp(SAB) dung BG||SA,G cFP. C6 AMBG = AMSP(g.cg)= BG=PS

Ngoai ra PS = %E’ = BG= %E .Trong AAFP ¢6 BG= %E = BG la duong trung binh cta tam giac

nay. Do d6 B la trung diém cua AF.
Cé AEBF~AECD(g.g):>E=E=ﬁ=2. Kétluan 22 _»
EC CD CD EC
Suy ra thiét dién can tim 1a tir giac DEMP.

¢) Trong mp(SBC) goi H=SCNME, cd

S
HeSC
— H=SC~(DMP). "
H e ME < (DMP)
c B
E L
H
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Tam giac SBH duogc vé lai 6 hinh 2. Dyng ML ||SH,L e BC=L trung
diém ciia BC va % - % (3). Nén EC=2EL . C6

AEML ~ AEHC = ME _EL 14y
HC EC 2

HC 1
Tu (3) va (4 —=—.
u(3)va(4)suyra s =2

Cau 7: Cho hinh chép S.ABCD c6 day ABCD 1a hinh binh hanh tim O. Goi M, N lan luot 12 hai diém

trén hai canh SB, SD sao cho: SM_15SN_2

SB 3'SD 3
a) Tim giao diém I cua SC va CD mit phing (AMN). Suy ra thiét dién ctia hinh chop bi cit boi mat
phang (AMN).

b) Goi K 14 giao diém cua IN va CD. Tinh ti s : % .

LOI GIAI s
a) C6 (SAC)(SBD) =SO
C6 Ae(AMN)N(SAC) (D).

Trong mp(SBD) goi E=MNNSO, ¢6 {E € MN < (AMN)
E eSO c (SAC)

= E e (AMN)(SAC) (2).

Tu (1) va (2) suy ra

(AMN)N(SAC)=AE.

(SN N S0 U

IeSC

£
=1=SCn(AMN).
I e AE c (AMN)

Trong mp(SAC) goi I=AENSC, ¢ {

Tir d6 suy ra thiét dién cua hinh chop S ABCD bi cat boi mat phang (AMN) 1a tir gidc AMIN.
b) Tam giac ABD duoc vé lai ¢ hinh 2. Qua O dung duong thang d song song véi SB, d cat MN va SD lan
luot tai F va G.

Do d6 G la trung diém SD va OG = %SB .

Trong ANMS c6 N—G=E=12FG:%SM

NS MS 4

Céo OG=OF+FG<:>%SB=OF+%SM

(0]
Hinh 2

@ESM:OF+18M:OF=ESM
2 4 4

EO_FO_5
ES MS 4
Trong ASAC dung OH || AI,HeSC = H trung diém cta CIL.

Ngoai ra co ﬂ:S_E:éjgzizz_
IH EO 5 IC 10 5

CO AEFO~AEMS(g.g)=
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Trong ASCD dung IF|CD,FeSD cé SL_SF_2
IC FD 5
Co SN=%SD va SF:zSD:gzézFNzéSF:ESD .
3 7 SN 7 3 21
8
—SD
Tirdésuyramzzll—:g.
—SD
3
Ngoai ra c6 ANFI~ANDK(g.g):>£:£:§:>DK:ZFI *)
DK ND 7 8
a E_SL_2_op_Zip (w),
Cb SC 7 2
CD KC
Tu (¥) va (**)suyra —=4.Vidy —=5.
(*) Vi () suy ra =4 Viy <=

Cau 8: Cho hinh chop S.ABCD c6 day ABCD la hinh thang AB day 16n va AB=3CD. Goi N la trung
diém cta CD, M 1a diém trén canh SB théa SM =3MB, diém I trén canh SA va thoa AI=3IS.
a) Tim giao diém cua dudng thing MN v&i mp(SAD).

b) Goi H 14 giao diém ciia CB véi mp(IMN). Tinh ;I—E .

LOI GIAI
a) Chon mp(SBN) chira MN.
Trong mp(ABCD) goi E=ADANBN. Suy ra SE la giao tuyén
cua (SAD) va (SBN).
Trong mp(SBN) goi S
F=SENMN=F=MNN(SAD).

b) Trong mp(SAB) goi G=IMNAB. Suy ra NG la giao tuyén
ciia (IMN) va (ABCD).
Trong mp(ABCD) c6
H=NGNBC=H=BCA(IMN).

Trong mp(SAB) dung MK ||SA, cO
BM BK MK 1

BS BA SA 4
— AB=4BK = AK =3BK (1)

vaco SK_MK _1_ oA _3GK= AK=2GK (2)
GA 1A 3

Tir (1) va (2) ¢6 SBK:ZGK<:>3BK:ZGB+ZBK@BK:ZGB:GB:%.
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L AB
Tac6 AHCN ~AHBG = HC N _6 =~ _ 4
HB BG 1 3

SAB

Cau 9: Cho tir dién ABCD . Goi I va K 1a trung diém cua AB va CD . Goi J 1a mot diém trén doan AD
sao cho AD = 3JD.

a) Tim giao diém F cua IJ va (BCD)

b) Tim giao diém E cia (IJK) va duong thang BC. Tinh % :

¢) Chimg minh ba dudng thing AC , KJ , IE dong quy tai diém H. Tinh % :

d) Chtng minh EJ || HF va dudng thing IK di qua trung diém cta doan HF.
e) Goi O trung diém IK va G la trong tAm cuia tam gidc BCD . Chtng minh A , O ,G thing hang. Tinh
oA
oG’
LOI GIAI

a) Trong mp(ABD) goi F=1JnBD cé

Fell F =1 ~(BCD
FeBDc(BCD):> =1AECD) . B

b) Trong mp(BCD) goi E=]JKNBC c6
EeBC
= E=BC(IK).

{E e FK c (UK)
Trong mp(ABD) dung DL||AB,Lel],

. Al JA
AJAL~AJDL(g.g) = = =22 =2 = AT=2DL,
cd AJAL-AIDL (gg)= %

Trong ABIF ¢6 DL = %ﬁ = D trung diém cia BF. Y

Trong mp(BCD) dung DM || BC,M € EF = BE = 2DM, ngoai ra c6 AKDM = AKCE(g.c.g)=>CE =DM
.Vay —=2.
Vay o5

HeIE c (ABQ)

He JK o (acD) = 1 S(ABQ)N(ACD) . Hay H thude giao tuyén

c) Trong mp(IJK) goi H=]JKNIE, ¢0 {

AC cia mp(ABC) v6i mp(ACD). Két ludn 3 duong thing AC, JK va IE dong quy tai diém H.

., CE EN 1
Trong mp(ABC) dung EN|| AB,N e AC . Trong AABC cd CE_EN_1
CB AB 3
EN 2 . HE EN 2
= ——=—,trong AHAI —=——=—=E 13 am cia AABH
AL 3 trong co - AL 3 a trong tam cua
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HC _1
A 2
g IE 2. . ., ) o ,
d) Trong AIHF c0 E- IO 3 (tinh chat trong tim) = EJ || EH (dinh 1y ddo Talét).

&) C6 m:mﬁ;:@%ﬁ:mg(ﬁ_@):%m%ﬁ
=2 AT+ 2 AK=2(Al+AK) (1),
3 3 3

Va E:%(ﬁ+ﬁ<) (2). Tur (1) va (2) suy ra AT}:%E) .

£ .2 . OA
Két luan 3 diém A, O, G thang hang va oG- 3.

Cau 10: Cho hinh chép S.ABCD, ABCD la tir giac co cac cap canh dbi khong song song nhau. Goi M, E

.2 1
la trung diém SA, AC; FeCD sao cho CF= ECD .

a) Tim giao tuyén ctia (SAB) va (SCD) .

b) Tim giao diém N cta SD va (MEF). Tinh %

¢) Goi H=SENCM;K=MFNNE . Ching minh 3 diém D, H, K thing hang.

HM HS KM KN KH

d) Tinh céc ti s sau: — ; — | —— ;= ;——.
) HC  HE KF KE KD

LOI GIAI
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a) Co Se(SAB)N(SCD) (1).
I ABc (SAB)

lecDe(scD) ™ Ie(SAB)N(SCD) (2).

Trong mp(ABCD) goi I=ABNCD, {
Tur (1) va (2) suy ra (SAB)(SCD) =SI.
b) Chon mp(SAD) chita SD. Tim giao tuyén cua (MEF) va (SAD):
J e AD = (SAD)

] € EF « (MEF) J € (SAD) N (MEF) (3).

Trong mp(ABCD) goi J=ADNEF, {

Va M e (SAD)~(MEF) (4).

Tir (1) va (2) suy ra (SAD)~(MEF) =M . Piém N céan tim 14 giao diém ciia duong thang JM va SD.

Goi P trung diém cta DF, xét ACAP ¢6 EF 1a duong trung binh nén EF || AP . Xét ADJF c6 AP 1a duong
trung binh nén A trung diém cia DJ.

Trong mp(SAD) dung AO||SD,0€JM . C6 AMAO=AMSN(g.cg)=>AO=5N (5)

Ngoai ra trong AJDN, AO la duong trung binh nén AO = %DN (6).

NS 1
Tu 2=
u (5) va (6) suy ra 5

H e SE c (SDE)

¢) C6 H=SENCM (vi SE, CM <= (SAC)). Vi {
H e MC < (MCD)

= H e (SDE) n(MCD) (7).

C6 K=MFANE (Vi MF, NE  (MEF)). Vi {K €EN < (SDE)
K e MF = (MCD)

=K € (SDE)n(MCD) (8).

Va D e (SDE) n(MCD) (9).

Tir (7), (8), (9) suy ra ba diém H, K, D thing hang.

HM 1
d) Co H la trong tdm ctia ASAC nénsuy ra ——=— HS _
HC 2' HE
E M 3 E M ME 3
Theo ching minh & ciu b) ¢6 ;—E=Z va % 1 , do do ;E ;N = ME||INF v _NF =1 Tir d6 co

AKEM ~ AKNF(g.g) = M _ KE _EM_3
KF KN NF 4
Tam gidc AMCD dugc v& lai & hinh 2. Dung HV [|CD,V e MF | tir d6
co: M

_HV
AKHYV ~ AKDF
(gg) KD DF’
H
. HV §CF 1 KH 1 K
2 —=— Kétlian ——==
DF 2CF 6 KD 6°

Hinh 2 F
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Cau 11: Cho tir diéen ABCD. Trén cac canh AB, AC, BD lan luot ldy 3 diém E, F, G sao cho
AE_1 AF_1DG_1

AB 3'AC 2'DB 4°

a) Tim giao tuyén cta hai mit phang (EFG) va mp(BCD).

b) Tim giao diém H ciia duong thang CD v&i mp(EFG). Tinh ti s6 g—g .

¢) Tim giao diém I ctia duong thing AD v6i mp(EFG). Tinh ti s6 % .
d) Chting minh 3 diém F, H, I thang.

. .2 . . . AK
e) Goi J 1a trung diém ctia BC, AJ cat EF tai K. Tinh ti s6 A

A

LOI GIAI
2) C6 {G e(EFG)
G e BD c (BCD)
= G e (EFG)~(BCD) (1)
Trong mp(ABC) goi
P=EFNBC, ¢c6

P <EF c (EFG)
{P € BC c (BCD)
— P e (EFG)~(BCD) (2) |
Tu (1) va (2) suy ra (EFG)(BCD)=GP..
b) Trong mp(BCD) goi H=GP~CD , ¢6 {H [V — H=CDn(EFG).
H e GP c (EFG)

Trong mp(ABC) dung CM]|AB,MePE= AFCM=AFAE(gcg)=CM=AE. Trong ABEPc6
CM = %ﬁ[do CM=EA= %ﬁj . Vay CM la duong trung binh ctia ABEP nén C trung diém ciia BP.

Trong mp(BCD) dung CN||BD,N e PG= CN la duong trung binh cuia ABGP

1
HC CN o 3

HD DG %BG 2

BG
= CN = %BG . Ngoai ra AHCN ~ AHDG(g.g) =

Két luan H—C = z .
HD 2

¢) Trong mp(ABD) goi I= ADAEG , c6 {I €AD — 1= ADN(EEG) .
1< EG c (EFG)

Trong mp(ABD) dung

DO|| AB,O € EI = AGDO ~ AGBE(g.g):@:@ 1
BE GB 3
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DO 1 DO 2 . ID DO 2
> —=—o-—==—_A inh 1y Ta 1ét tr AAEICO —=—=—.
2AE 37 AR 3 /P dungdinhly Taléttrong ©TATAE 3
, ID 2
Két lugn — ==
é uanI 3

d) Ta c6 3 diém F, H, I cung thudc ca hai mit phing (EFG) va mp(ACD). Suy ra 3 diém F, H, I thudc giao
tuyén hai mat phang (EFG) va mp(ACD), nén 3 diém nay thiang hang.

e) C6 JF la dudng trung binh ciia AABC= JF|| AB nén AKJF ~ AKAE(g.g)

1
K _JF % 3 AK 2
KA AE 1 T T

—AB
3
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