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Pap an

1I-A 2-B 3-C 4-A 5-A 6-A 7-D 8-C 9-D 10-B

11-A 12-A 13-B 14-B 15-D 16-D 17-B 18-A 19-C 20-D

21-B 22-A | 23-C 24-B 25-D 26-D 27-A 28-C 29-A 30-D
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LOI GIAI CHI TIET
Cau 1: Pap an A

Cau 2: Pap an B

Tacd lim
X400 X + 3 x4 3

+ N

X

Cau 3: Pap an C
Cau 4: Pap an A
Cau 5: Pap an A
Cau 6: Pap an A
Cau7: Pap an D

Cau 8: Pap an C
Ta c6 log(3a)=log3+log,,loga’ =3loga.
Cau 9: Pap an D
Taco [f(x)dx=[(3x* +1)dx=x"+x+C

Cau 10: Pap an B

Cau 11: Pap an A
Ta thay d6 thi ham s6 ¢ hinh bén 1a d6 thi ham s trung phuong.
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Xét ham s6 y =ax* +bx* +c¢. Dya vao hinh dang cua d6 thi ham s6 suy ra a <0, ma dd thi
ham sb ¢6 3 cuc tri nén ab<0=b>0. Do d6 ta loai duoc dap an B, C, D.

Cau 12: Pap 4n A

Véc to chi phuong ciia duong thang d 1a u, = (-1;2;1)

Cau 13: Pap an B

Tacé 27 >2"° < 2x <x+6 <= x <6 = x €(—0;6)

Cau 14: Pap an B

Di¢n tich xung quanh cta hinhnénla S, =nrl = 3na’ <> mal =3ma’ < 1=3a.

Cau 15: Pap an D

Phuong trinh mét phing (MNP): %+ DALY

Cau 16: Pap an D
Phan tich cac dap an:

x> —3x+2 _ (x=1)(x-2)

" 0 =x—2 nén ham s6 khong co tiém can
X— X —

+) Dap 4n A. Taco y=

diang
+) Dap 4n B. Phuong trinh x> +1=0 v6 nghiém c6 tiém can dimg

+) Pap an C. P thi ham s y =+/x* —1 khong co tiém can dung

+) Pap an D. Db thi ham s y= Ll c6 tiém can ding la x =—1.
X+

Cau 17: Pap an B

Duya vao bang bién thién suy ra phuong trinh f (x) —2=0 c6 3 nghiém phan biét.
Cau 18: Pap an A

x=0

Xzix/?
Tacé £(0)=5:F(v2)=1f(—v2)=1:f(-2)=5£(3) =50

Ta co y'=4x3—8x,y'=0<:>[

Do d6 gia tri 16n nhét ctia ham s6 1a 50 khi x = 3.

Cau 19: Pap an C

2 2
Tacéj dx :Id(x+3):1n(x+3)‘§:1n5—1n3:1n§
Xx+3 ¢ x+3 3

Cau 20: Pap an D
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1+/2i
Z =

Taco 47° —42+3=0<> 2= 2 =z, +]z,| =3
z° -4z z L |z,|+|2,|

2

7Z=7Z=

Cau 21: Pap an B

Goi O la giao diém cua AC va BD, O’ 1a giao diém ciia A’C’ va B’D’ I 3
e —
Ta co OO'//AA':>OO'L(ABCD) va OO'L(A'B'C'D') 1 , ¥
00' L BD ‘ o , ! :
= = 00" 1a doan vudng goc chung cua BD va A’C’ ! :
OO0'LA'C' [ —— .
A
= 00' 1a khoang cach gitra A’C’ va BD o 7 A

=d(A'C',BD)=a.

Cau 22: Pap an A

S tién nguoi d6 nhan dugc sau 6 thang 12 100.000.000(1+0,4%)° =102.424.000
Cau 23: Pap an C

S6 cach dé chon 2 qua cau tir hop la C;, = |Q| =C;,

Tiép theo ta s& tim s6 cach dé 14y 2 qua cau ciing mau tir hop

Truong hop 1: Chon dugc hai qua ciu mau xanh => ¢ C§ cach chon

Truong hop 2: Chon dugc hai qua ciu mau do=> co C; céch chon

. 3 Q
Do d6 s6 cach dugc chon 2 qua cau cing mau la C; +C; =|Q,|=C; +C; =P, = % = %

Cau 24: Pap an B

Mit phang d6 cé véc to phap tuyén lan, = AB=(3;-1;-1)
Ma mit phang d6 qua A(—l; 2;1) = (P) :3x—y-z+6=0.
Cau 25: Pap an D

Goi O 1a giao diém ctia AC va BD = SO L (ABCD)

Qua M ké duong thing song song v6i SO cét BD tai H = MH L (ABCD)
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Ta c6 MBN(ABCD)={B} va MH L (ABCD)

— (MB,(ABCD)) = (MB, HB) = MBH
Ta c6 AC =+ AB* +BC’ =a\/§:>OA=ATC=#

Ta c6 SO =+/SA* —0A* =¥:MH=%=&

4
Taco BH=>BD=>ay2 = 322
4 4 4

aﬁ

Tacd tanl\fB\H—@ —l:> tan(MB (ABCD)) =l
BH 3af 3 3
4

Cau 26: Pap an D
Piéu kién: n>?2.

n! n! n=10

Taco Cl +C2 =55

1
1!(n_l)!+2!(n_2)!=55<:>n+5n(n—1)=55<:>

n 10-n
Khi dé (X3 +%j (X +—) ZC ( 22) ZCH 210 n 5n 20
X X
S6 hang khong chira x khi 5n—20 =0 n=4= sb hang khong chira x Ia
C}.2"* =13440.

n=-11(1)

Cau 27: Pap 4n A

Diéu kién: x >0. Ta co
2 2
log, x.log, x.log,, X.log,, X = 3 < log;, x. log3 log3 log3 =3
X =

1 ? log,x=2
o —loghx==<log", x=16 < S &
24 3 log,x=-2 " | x=

S=xl+xz=g

\O'*—‘ \O

Cau 28: Pap an C
Do OA, OB,0OC d6i mdt vudng goc vai nhau va OA =0OB=0C nén tam giac ABC la tam
gic déu

Qua M ké duong thang song song voi AB cat AC tai N

Ta c6 MN//AB= (OM, AB) = (OM,MN)
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Gia sit OA=0B=0C=2a= AB=BC=CA=2a2

Ta co OM:B—Czﬁ,ON:A_Czﬁ,MN:&:&
2 2 2 2 2 2

— AABC la tam giac déu = OMN = 60°

= (OM,MN)=60".

Cau 29: Pap 4n A

Gia st duong thang d cit d,,d, 1an luot tai
M,N=M(3-t;;3-2t;-2+t,),N(5-3t,;-1+2t,;2+t,)

Taco MN =(t, —3t, +2;2t, +2t, —4;—t, +t, +4) va n, = (1;2;3)

t,—3t,+2=k t, =2 M(1-10)
Ma d vuéng goc véi (P) nén MN =kn, =12t, +2t, -4=2k <>t =1 = C
N(2;l;3)
—t, +t, +4=3k k=1

Ta co m=(1;2;3):>d:X—_I=Y_+1=E
1 2 3
Cau 30: Pap an D

Tacod y'=3x" +m+L6 dé ham s6 dong bién trén khoang (0;+0) thi y'>0,x & (0;+%)
X

x 1 1 1
Tadécd ©3x +—=x"+x"+x"+—24=3x’+—+m>2m+4>0=>m> -4
X X X

Theobairatacdé me {—4; —3;—2;—1}.

Cau 31: Pap an B

. 0<x<2
Phuong trinh hoanh d¢ giao diém la: VxP=\4-x* = {3 N < x=1.
X '=4-x

1 2 3
Duya vao hinh v& ta co: S:f\/gxzdx+'|.\/4—x2dx:\/§x?‘é+Il :§+I1
0 1

2
Véi I, = J.\/4 —x*dx, sir dung CASIO hoic dit x =2sint = dx = 2cos tdt
1

2(1+ cos2t)dt =(2t—sin 2t)

x >
Doi can ¢ =1, =) V4—4sin’ t.2cos tdt =
2

o8 =3
EYERSIE]

ala
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1 , 4n-f3
311:5(4n—3\/§).DodOS= P
Cau32: Pap an D
Tac<')I:2 dx
11/x(x+1)(\/x+1+\/;)
2 2
Lai co: x+1+Vx )(Vx+1=-Vx)=1=1= L_\/;dx: 1t X
( v “
1 AX(x+1) VX Wx+1

:(2&—2@)

Vay a+b+c=46.
Cau 33: Pap 4n A

=42 -2J3-2=32-12-2=a=32;b=12;c=2

Dung hinh nhu hinh vé bén ta c6:

43

Ban kinh dudng tron néi tiép day: r= HM = %BM = r

2
Chiéu cao: h=AH =+AB?>-BH? = 42—(ﬁj :ﬁ.

3 3

=2nrh = 167&/5 .
(T) 3

Dodo S
Cau 34: Pap an B

2x X
Taco PT@(?) —2(%) +m-2=0

bt tz(gj >S0=>t?-2t+m-2=0=t"-2t—-2=-m

Khi d6 PT c6 nghiém duong < PT c6 nghiém l6n hon 1.
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Xét ham s6 g(t) =t —2t—2(t > 0) va duong thing y = —m

Duya vao d0 thi ta thdy PT c¢6 nghiém 1én hon 1 < -m>-3 < m<3
Vay c6 2 gia tri nguyén duong ciam 1d m=1;m =2 thoa man yéu cau bai toan.
Cau 35: Pap an A

bit /m+3sinx =a;sinx =b ta co: {

m+3b=a’

IYm+3b=a

:>3(a—b):b3—a3 :(b—a)(b2+ba+a2)<:>(b—a)(b2+ba+a2+3):0

JYm+3a=>b {m+3a=b3
2=

Do b’+ba+a’+3>0=a=b=m+3sinx—sin’ x < m=sin’ x -3sinx =b* -3b=f(b)
Xét f(b)=b’-3b (be[-1;1]taco: f'(b)=3b*-3<0(Vbe[-11]))

Do d6 ham s6 f(b)nghich bién trén [-1;1]

Vay f(b)e[ f(1);f(~1)=[-2:2]]. Do do6 PT da cho c6 nghi¢m < m e[-2;2]
Vay ¢6 5 gié tri nguyén ctia m théa man.

Cau 36: Pap an B

Xét ham s6 f(x)=x’—3x+m trén doan[0;2]

Tacé: f'(x)=3x’-3=0=>x=1

Lai co: £(0)=m;f(1)=m-2;f(2)=m+2

Do d6 f(x)e[m—2;m+2]

Néu m—220:>1\[/g;221]x|f(x)|=m+2=3<:>m=1(loai).

Max ‘f(x)‘=m+2
[0:2]
ll\gg)](‘f(x):2—m‘

Néu m—-2<0 suyra [
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TH1: Max f(x)|:m+2:3<:>m:1:>2—m:l<3(t/m)
[0:2]

TH2: Max|f(x)|=2-m=3 o m=-1=>m+2=1<3(t/m)
[02]

Vay m=1L,m=-1 la gia tri can tim.
Cau 37: Pap an C
Ta céd If'(x)dx=ln|2x—l|+C

Ham sé gian doan tai diém x:%

Néu x>%:>f(x)=ln(2x—1)+c ma f(1)=2=C=2
Viy £(x)=In(2x-1)+2 khi x>

Twong ty f(x)=1In(1-2x)+1 khi x<%

Do d6 f(—1)+f(3)=In3+1+In5+2=In15+3.
Cau 38: Pap an D

bit z=a+bi=a+bi+2+i—va’+b’ (1+i)=0

{a+2—\/az+b2=0 {a+2=b+1 Ezbl‘l EZbl_l
< < = >— = >
— /g2 2 _ b+1=+a2+b?
b+1-+va“+b° =0 +1=+a"+ b2 +2b+1=a2+b? 2b+1=(b—1)2

b=0a=-1
= Do |7|>1=a=3b=4.
b=4;a=3

Cau 39: Pap an C
Taco [f(2-x)]'=f"(2-x).(2-x)'=—'(2-x)>0 = '(2-x) <0

N . 2-x<-1 x>3
Duya vao do thi ta co: f'(2-x)<0<

=
1<2-x<4 —2<x<1
Vay ham s dong bién trén (—2;1).

Cau 40: Pap an C

Phuong trinh tiép tuyén cia (C) tai M(xo; %o +12J la:

X0 ™
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X t+2 -1
Xo_l (X0—1)2

y=f'(x0)(x—xo)+ Ht2

(x—x,)+ -

Do tiép tuyén di qua diém A(a;1)nén 1= X 79 +((2_ Xlgz(xo 1)
XO -

<::>(XO—1)2 =—x, +4x,-2-a < 2x,” —6x,+3+a=0(*)

Dé co dung mot tiép tuyén di qua A thi (*) c6 nghiém kép hodc (*) c6 2 nghiém phan biét
A'=3-2a=0

trong d6 c6 mot nghiém x, =1<|A'=3-2a>0 <
21-6+3+a=0 a

il SRS

Cau 41: Pap 4n A

Phuong trinh mat phéng (P) Vo1 3+%+E:1,Vcﬁri A(a;O;0),B(0;b;0),C(O;O;c).
a c

Tac()OA=OB=OCC>|a|=|b|=|c|véMe(P):lJr%Jr%:l(*).

a c

a=b=c ‘[a:b:—c . . ST
va , ma a=b=—c khong théa man diéu kién (*).
c

Suy ra
Y L:—b:

a=-b=-c
Vay c6 3 mit phang thoa man yéu cau bai toan.

Cau42: Pap an B

Dit t =./2+logu, —2logu,, >0 < logu, —2logu,, = t’ —2, khi d6 gia thiét tr& thanh:

t=1

logul—2logu10+\/2logu1—2logum=0<:>t2+t—2=0<:>[t_ 5
= logu, —2logu,, = ~1& logu, +1=2logu,, < log(10u,) =log(u,,)’ & 10u, =(u,)" (1).

Tir (1),(2) suy ra 10u, :(29‘11 )2 < 2% =10u, o, =£3 u, =2“‘1-%: 22.11—0.

2n.1 100. 19
Do d6 u, >5'" <:>2—190>5100 <:>n>10g2[ 0 J=—10g210+10010g25+19z 247,87.

Viy gia tri n nho nhat thoa man 13 n = 248.
Cau43: Pap an D
bat f(x) =3x" —4x’-12x* > f'(x) =12x* -12x* - 24x;Vx € R.

f'(x).[f(x)+m]

|f(x)+m|

f'(x)=0

f(x)=-m ()

Khi d6 y:|f(x)+m|:>y': . Phuong trinh y'=0<:>{

Group: https://www.facebook.com/groups/tailieutieuhocvathes/




HOC360.NET - TAI LIEU HOC TAP MIEN PHI

Dé ham s6 da cho c6 7 diém cyc tri <> y'=0 c6 7 nghiém phan biét

Ma f'(x) =0 c6 3 nghiém phan biét = f(x) =-m c6 4 nghi¢m phan biét.

Duya vao BBT ham s f(x), dé (*) c6 4 nghiém phan biét < -5<m<0<me (0;5).
Két hop voi m e Z suy ra co tit ca 4 nghiém nguyén can tim.

Cau 44: Dap 4n A

Ta co [Oj,O—B] =k(1;—2;2) = Vec to chi phuong clia duong thing (d) 1a u= (1;,-2;2)

Cach 1: K¢ phan giac OE (EeAB) suy ra %zﬁzgzzﬁ:gE:E 0;2;1— )
OB BE 4 4 77

Goi I 1a tam dudng tron ndi tiép AOAB = I € (OE) = Ol =kOE, véi k > 0.

Tam giac OAB vudng tai O, ¢6 ban kinh duong tron noi tiép r=1=10 = V2.

Ma AE=175;0A=3;COS@=§—>OE= 12;5

suy ra OF :%()—f: 1(0;1;1)

Vay phuong trinh duong thang can tim 1a (d): x*l_y _23 S Z; 1 :

Cach 2: Chu y: Vi I 1a tam duong tron ndi tiép AABC, c6 cac canh a,b,c ta co dfmg thirc

véc to sau:
. = BCx, +CAx; +AB.x,
1 BC+CA +AB
alA +bIB+cIC = 0= Toa dd diém I théa min hé y, = BCy, +CAy, +ABy,
BC+CA +AB
7 - BCz, +CA.z; + AB.z,
1 BC+CA + AB

Khi d6, xét tam giac ABO=> Tam ndi tiép ctia tam giac 1a I(O; 1;1)

Vay phuong trinh duong thang can tim 1a (d): x :_1 =7 _23 = Z; ! :

Cau45: Pap an D
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Vi S dbi xtmg véi B qua DE = d(B;(DCEF)) = d(S;(DCEF))
Goi M la trung diém ciia CE = BM L (DCEF) = d(B;(DCEF))=BM

Khi d6, thé tich

1
Viscoser = Vaprsce T Vspcer = AB X S, \pr +§d(S;(DCEF)) X Spegr
1142 115
=l.—+——N2=—+—==.
2 3 2 2 3 6

Cau 46: DPap 4n A

Goi M(x,y) la diém biéu dién sé phtrc z.

Tur gid thiét, ta c6 |z—4-3i|= J5 < (x—4)2 +(y—3)2 =5=M thudc duong tron (C)tdm
1(4;3), ban kinh R =+/5. Khi d6 P = MA +MB, véi A(~1;3),B(L-1).

Tac6 P’ =MA” + MB’ +2MAMB <2(MA” + MB?)

MA®’+MB’ AB’

Goi E(0;1)1a trung diém ciia AB= ME’ = > ]

2 2
Do d6 P> <4ME’ + AB’ ma ME <CE =345 suyra P’ < 4.(3\6) +(2\B) = 200.
Vi C la giao diém ciia duong thang EI véi duong tron (C).

MA =MB

Vay P <10+/2. Diu“="xdy ra <
M=C

:>M(6;4):>a+b:10.

Cau 47: Pap an B

i N '
b Y L
\\‘ u - ///
. ]
N 5 '
3 P B
5
LA N
/i b
-~
5
/’, ! .
2 b
A N
ESSCoTo--- 5
4 ST a .
P
B

D& théy (AB'C");(MNP)=(AB'C");(MNCB)

=180 ~(AB'C');(A'B'C")~(MNBC);(A'B'C')
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=180’ —(A'BC);(ABC) - (MNBC);(ABC)

Ta co (m) =(A'P;AP)= A'PA = arctan%,

v6i S 1a diém d6i ximg v6i A qua A’. thi SA =2AA'=4.

Suy ra cos(AB'C');(MNP) = cos(180° —arctan%— arctangj = g

Cau 48: Pap an B
Goi phuong trinh mit cau can tim 1a (P) :ax+by+cz+d=0.

Vi d(B;(P)) = d(C;(P)) suy ra mp(P)//BC hogc di qua trung diém ctia BC.

. [2b+c+d|
TH1: V61 mp(P)//BC=a=0=(P):by+cz+d=0 suyrad(A;(P))=—F——==2
(®) (®) (7)) ==
4b=c+d

c+d=0

(5:(P)) -b+c+d {|2b+c+d|:2|—b+c+d| {
va d(B;(P))= 1y PN
_ —n2 2
|-b+c+d =vb*+c Cbcsd/- e

Vb +¢?

suy ra c6 ba mit phing thoa man.

o 3|b|: Vb® +¢? - 8b> =¢? = ¢ = +2/2b
|b|=«/b2+cz c=0=>d=0
TH2: Mit phang (P) di qua trung diem BC = (P):a(x—1)+b(y+1)+c(z—-1)=0

3Jb) 2[al

Do d6 d(A;(P))=——2 = 2:d(B;(P))=——2___—1
00 ( ()) Ja?+b*+¢? ( ()) Jal+b*+¢?
q 3|b| = 4/a 3|b| = 4a|
uy ra o
Y 2|a| =a’ +b* +¢? 3a’ =b*+c’
bl=4 =+ 3;4;\/ﬁ ; 3;—4;\/ﬁ
Chon a=3(*)<:>{| | <:>{b2 +4:>(a;b;c): ( )( )
b’ +c? =27 c =11 (3;4;_\/ﬁ);(3;_4;_\/ﬁ)

Viy c6 tat ca 7 mat phang thoa man yéu cau bai toan.

Cau 49: Pap an A

Ki hiéu hoc sinh cac 16p 12A, 12B, 12C lan luot 14 A, B, C

Ta s& xép 5 hoc sinh cta 16p 12C trudc, khi d6 xét cac truong hop sau:

THI1: CxCxCxCxCx v6i x thé hién 1a ghé tréng. Khi d6, s cach xép 1a 51.5! cach.
TH2: xCxCxCxCxC giéng v6i TH1=> c6 5!.5!cach xép.
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TH3: CxxCxCxCxC véi xx 1a hai ghé tréng lién nhau.

Chon 1 hoc sinh 16p 12A va 1 hoc sinh 16p 12B vao hai ghé trong d6 => 2.3.2! cach xép.
Ba ghé trong con lai ta s& xép 3 hoc sinh con lai cta 2 16p 12A-12B => 3! cach xép.

Do d6, TH3 c6 2.3.21.31.5! cach xép.

Ba TH4. CxCxxCxCxC. THS. CxCxCxxCxC. TH6. CxCxCxCxCxx tuong ty TH3.

Vay co tat ca 2.5!.51+4.2.3.21.31.5!=63360 cach xép cho céc hoc sinh.

Suy ra xéc sudt can tinh 1a P = 63360 = LS
10! 630

Cau 50: Pap an A

=f du=f'(x)d ! !
bat " (X) = " (X) X, khi d6 j3x2f(x)dx=x3.f(x)‘;—jx3f'(x)dx.
dv =3x’dx : 0 0

V=X
1 1 1

Suyra 1= f(l)—J.x3f'(x)dx = jx3f'(x): S R= J.14x3f'(x)dx =-7
0 0 0

Ma

j.49x6dx =7 suy ra j.[f'(x)]z dx + j7x3f'(x)dx +J1-49x6dx =0 j[f'(x)+7x3]2 dx =0.
0 0 0 0 0

1
Vay £'(x)+7x° =o:>f(x)=—%x4+c ma f(1)=o:»f(x)=%(1—x4):»jf(x)dx=
0
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