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Pap an chuyén dé:
Phwong trinh bac nhat va bac hai mot an — Pai so 10

Bai 3.5: a) Phuong trinh tuong duong véi 2m —4 x = m — 2

+ V61 2m — 4 = 0 & m = 2: Phuong trinh tr¢ thanh Oz = 0
Suy ra phuong trinh nghiém diung véi moi .

+ V61 2m — 4 = 0 & m = 2 : Phuong trinh tuong duong véi x = —1
Két luan

m = 2 : Phuong trinh nghiém dung v6i moi x

m = 2 : Phuong trinh c¢6 nghiém duy nhit z = —1

b) Phuong trinh twong dwong vé6i 3m*> —m —2 z =1—m

m =1
+V6i3m* —m—-2=0% 9 !
m=—=

3
e Khi m = 1: Phuong trinh tré thanh Ox = 0 phuong trinh nghiém dung vai

moi .

o Khim = —% : Phuong trinh tré thanh Oz = g suy ra phuong trinh vo nghi¢ém

m =1 1—m 1
+V6i3m* —m—-2=0 <& 2:PTe z = =
m= —= 3m*—m—2 3m+2
Kétluén:
m = —% : Phuong trinh vd nghiém
m = 1 : Phuong trinh nghiém ding v6i moi z
m = _2 va m = 1: Phuong trinh c6 nghiém z = -1
3 3m + 2
Bai 3.6: a) PK:a#0; b #0.
WHebrz+a—-b —az+b—a =b—a
Sbr+ab—0 —ax—ab+a® =0 —ad’
S b—azrz=2b—a b+a
. R 2b—a b+a
-Néub—-a#0 =b=athiz = ; =2b+a
—a

-Néub—-a=0 = b = q thi phuong trinh ¢6 v6 sé nghiém.
Vay: -Voib # a, phuong trinh ¢6 nghiém duy nhat x = 2(b + a).
-Véi b = a, phuong trinh c6 v6 s6 nghi¢ém

b) BPKXD: x = £1

&S ar—1 z+1 42 2—-1 =a 2° +1
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sSarPtar—x—1+2r—-2=az>+a
< a+lz=a+4+3

Néua+1=0=a=—1th x:a+3
a+1
-Néu a +1 =0 = a = —1 thi phuong trinh v6 nghiém.
Vay: -Véi a = —1 vd a = —2 thi phuong trinh c6 nghiém duy nhét z = a i?
a

-V6i a = —1 hoac a = —2 thi phuong trinh vo nghiém.

Bai3.7:a) Taco (m’ —m)z =2z +m* —1 < (m* —m—2)z =m*> —1
a=0 m>*—m—-—2=0

b::ohay{ m?_1=g O M7
Vay v6i m = 2 thi phuong trinh v6 nghiém

b) TacoPT< m?> —1 2 =m* —3m +2

a=0 m’—1=0
b::Ohay{m3—3m+2¢0(:)
Vay v6i m = —1 thi phuong trinh v6 nghiém.

Bai 3.8:a) Tacd

abr-a+2 = a+b—1z+1& ab—a—-b+1x=0"—2a+1

Phuong trinh v6 nghiém < {

Phuong trinh v6 nghiém < { m = —1

s a-1 b-1a=a—1"
a—1 b—1 =0 a =1
Phuong trinh ¢6 nghiém < !al b-1 =0 & {
a—1"=0 a=1

b=1<a=1

Vay a = 1 1a diéu kién can tim.
b) Phuong trinh twong duong voi
b2r—a —ab>=a 2x—b —a’b =2 a—b x=ab a—0b
a—b=0
a =
Phuong trinh ¢6 nghiém < a—b=0 <
ab a—bb =0
Vay voi moi a,b Khac khong thi phuong trinh c¢6 nghiém.
Bai3.9: A=9m’ —4 2m*> —m—1 =9m’> —8m> +4m +4 = (m +2)°

ding v&i moi a,b

Phuong trinh c6 nghiém kép khi A = (m +2)* =0 = m = —2

Nghiémkép dola z, = z, = 37m = _76 = —3.
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Bai 3.10: a) V6i m = —2 ta c6 phuong trinh:
—22° + 42 —1 =0 & 22° — 42 + 1 = 0, phuong trinh nay c6 hai nghiém phan biét
242
T = :
2
b) Vi m = 0 ta thiy phuong trinh v6 nghiém
V61 m = 0 thi phuong trinh c6 nghiém khi va chi khi
A'=m’>—m m+1 >0 m<0.

Béi3.11:a)*m—2:()<:>m:2:Pt®—6x—3:O(:>x:—%

*m—2=0em=2:AN'=m+1°—(m—-2)(m—5)=9m—9=9m —1)
+A'< 0« 9m—1) <0<« m < 1:Phuong trinh v nghiém.

m—+1

+A'=0<%< 9(m —1) =0 < m = 1: Phuong trinh ¢6 nghiém kép =z = = -2,
m_
+A'>0<« 9(m—1) >0 < m > 1:Phuong trinh ¢ 2 nghi€ém phan biét
- m+1+3Vm—1
& m— 2
~ m+1-3vm—1
) m — 2
Két luan:
+ m < 1 : Phuong trinh v6 nghi¢m
+ m =1 : phuong trinh c6 nghiém z = —2
+ m = 2 : phuong trinh ¢6 nghiém z = —%
~m+1+3Vm—1
+ 1 < m = 2 :phuong trinh c¢6 2 nghiém phan biét m—2
m+1—-3vm—1

m — 2
4
b)*m—2=0 < m=2,khido (1)<:>—Sa:+4:0<:>x:§.
* m = 2, khi do6 (1) 1a phuong trinh bac hai c6: A = —4m + 17.

i)m>%:>A<O:>(1)V6nghiém

i) m = % = A =0 = (1) c6 nghiém kép:

2m —1 10
B=g = =
(m—2) 3

i) m < % = A > 0 = (1) c6 hai nghiém phéan biét
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Lo 2m—leNAm 1T 2m 1N dm 41T

! 2 m—2 2 2 m—2

. . 4
Két luan: * m = 2 phuong trinh c6 mdt nghiém z = 3
17 . A a
*m > " phuong trinh v6 nghiém.

*m = % phuong trinh c6 nghiém kép z = %

17
xS "4 phuong trinh c¢6 hai nghiém phan biét: T, = 2m — 1+ v 2 T -
m = 2 " 2m—2

Bai 3.12: Hoanh d¢ giao diém cta duong thang d va Parabol (P) 1a nghiém ctia
m—124+2mx+3m—-1=22+m & m—-122+2m—-12+2m—-1=0

()

e Véi m = 1 ta thay (*) v nghiém nén d va (P) khong c6 giao diém

e V61 m = 1 thi (*) 1a phuong trinh bac hai c6

A= m-1 -~ m-12m-1=-mm-1

Do d6 ta c6 céc truong hop sau:

TH1:Néu m € —o0;0 U L4oo thi A' < 0 nén (*) vonghitmnéndva P khong

c6 giao diém

TH2: Néu m = 0 thi A' = 0 va (*) c6 mot nghiém z = —1

TH3: Néu m € 0;1 thi A'> 0 va (*) c6 hai nghiém phan biét

:1i,/m 1—m

m—1

Ly 9

Bai 3.13: a) Phuong trinh 22> — 5z +3 =0 < |©

— N | Lo

T =
Suyra f(r)= 20 —-3 z—1

b) g(z) =2 22 +2 2*—9 =2 2°+2 2—3 z+3
c) Plm;y) = x—2y 3x+y

d) Qry) = 2—2y—1 z+y+1

Bai3.l4: f z =(2*+m)2zx+m+1)
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Bia3.15: Taco A = 3* + 4 = 13 > 0 nén phuong trinh da cho ludn ¢6 hai nghiém
phén biét z,z,

Theo dinh 1i Viétta c6: z, + 2, = 3,22, = —1.

12

Khide: A =11, B = 83,C = 3J13.
Bai 3.16: Trudc hét phuong trinh phai c6 hai nghiém khac 0 nén:

_ 2

2 — &
Ezwio m2_4m+1¢0
a 3
4 1—m 2 _
Khi do theo dinh i Viet ta co: 2, + 2, = ————: 2, = %
o1 I 1
Tacd: —+—==-2 +z, & z +, zmz,—2 =0(Do 2w, =0)
r =z, 2
<:>m:17m:_17m:5.

z, +x, =0 lmzl

=
rx,—2=0 m> —4m -5 =0

Thay vao (*) ta thdy m = —1 khong théa man
Vay m = 1,m = 5 1a gi4 tri cAn tim.

Bai 3.17: Ta c¢6 phuong trinh c6 hai nghiém z; z, < A' >0

e m—1"= m*—3 >0 m<2 (%
T, +x, =2m—2

Theo Viet ta co: { )
x,.x, =m" —3

1
(thoa man (*))
m =2

a) z, +z, =212 <2m—2=2 m’ -3 @l

b) A=2 2 +1z, —bza,=22m—2 —5 m’—3
22

:—5m2+4m+11:—5[m—5] +3<3

Piang thic xdy ra < m = =

T m? —3 m* —3
c) B = 122 — _

v, +x, —3wx, 2m—2 —3mi-3 m —8m+13

Suyra min B = —% khi va chi khi m =1

Bai 3.18: e Gia sir hai phuong trinh da cho c6 nghiém chung z,, thé thi ta phai co:
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oz 41
x} —2mz, —4m +1=0 =g 44 . Ty = —2
) & 0 vOl1 2
r,+ 3m+1z,+2m+1=0 m:—aro—:co—l T, = —=
31, + 2 3
Suy ra o+l —ap -z —1
2z, + 4 3z, +2
& r,+1 b1l +32,+6 =0z, =—-1=>m=1

e Vi m =1 ta thay (1) va (2) ¢6 nghiém chung 1a = = —1.
Vay m = 1 1a gia trj can tim.

Bai 3.19: Goi z,1a nghiém chung cta hai phwong trinh.

) +azx, +b=0

— =n—>b (*).
x§+mx0+n=O:>(a m)% n )

Tacc’):{
HNéua—m=0&a=m,td()=n—b=0<b=n= ding.

. n—=b g . A
+)Neu m = a, tur (¥) = v, = —— thay vao mot trong hai phuong trinh ban dau ta
a—m

duoc:

2
[n—b] +a[n_b]+b:O<:> n—b’'= m—a an—>bm
a—m a—m
Bai 3.20: @ Néu trong ba sd a, b, ¢ ¢c6 mot s6 bang 0, chang han @ = 0 = (2) ¢6 nghiém
z=0.

e abc = 0, khi d6 ba phuong trinh da cho 1a ba phuong trinh bac hai 1an lugt co biét
thue: A, =b° —ac; A, = ¢ —ab; A", =a®> —be.

Taco: A\ +AVA, =a>+b0 +¢ —ab—bec—ca

:% a—b )+ b—c 4+ c—a’ >0.

Suy ra trong’ba so A';; A'y; A', ¢6 it nhat mot so kh()r}g am hay ba phuong trinh da
cho c¢ it nhat mgt phuong trinh c6 nghiém. Vay ta c6 di€u phai ching minh.

Bai 3.21: a) Taco: b* =(z, +z,)’ >4zz, > 4.

b) Do phuong trinh da cho c6 hai nghiém duong z, ,z,thoda man z, z, >1 nén b* >4c, va

26> +b+2
b<—2suyra P>————. Taco
b* +1
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8_5 20 +b+2 —8 b +1 _2b2—|—5b—|—2_ b+2 20+1

> 0 v6i moi
5 b? +1 b* +1 b? +1

Dau bang xay ra khi va chi khi b=—2,¢=1.

Vay Pmng Khi b=—2,c=1.

b
T+, =—-
Bai 3.22: Goi z,,z, 1a hai nghiém clia phuong trinh, theo Viet ta co: LY
T,T, = 4
a
2
b b
, 18_9a+[a] 1849 o, +z, + =+,
Taco: @ = =
9_39+£ 9+ 3(z, +z,) + z,1,
a a
e Ta tim Max cua Q.
Tadanh gid z, + =, qua z,, voi didukién z,z, €[0;3].
o ) < 1,
Giast 0<z <z,<3=7 ,
z, <9
Suyra z + =z, - x4z + 2z,x, <9+ 3z,
Q< 18+9 z, + 2, +3zz, +9 _ 3
9+3 7, +z, + a7,
, T, =T, = . |b=—6a b=—-3a
Dang thuc xay ra < Hay la: hoac .
z, = 0z, =3 c =9 c=20

e Tatim Min cua Q

3z +ax, +a2F+a?
Tach: Q —2 = 2 2 >0=0Q >2.
9+3 ¢, +z, +au1,

Ping thirc xay ra Sz =2=0&b=c=0.
Vay max () = 3 vd min@Q = 2.

Bai 3.23: Tu gia thiét cia bai toansuy ra: a>1,0<c §4—.
a
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Suy ra

4a® —1 4a® —1 4a* — 4a® —a® +1 a—1 40> —a—1
P> = P+12> +1= =

a’>—4a* a’>—4a! a’>—4a* a’> 1—4a*

Via>1nén4de® —a—1=a a*—1 +3a*>*—1>0 dodd

a—1 4a*>—a—1 . , _ 1
> 0 = P > —1. Dau dang thtrc xay rakhi: a=1,c=—.
a’ 1—4a 4
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