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Chuyén dé nang cao 2
PINH LI ME-NE-LA-UYT, PINH LI XE- VA

A.KIEN THUC CAN NHO

Bai toan 1. Cho tam giac ABC, mét duong thing d khong di qua cac dinh tam giac, cét cac
B'A A'C C'B 1
B'C'A'B C'A

duong thang BC, AC, AB theo thir ty & A’, B’, C’ . Chang minh rang
Giai

Ké AH, BK, CN cling vudng géc véi duong thang d. Suy ra AH || BK ||CN .
B'A_ AH _A'C CN C'B_BK

B'C CN'A'B BK'C'A AH

B'A A'C C'B_AH CN BK 1

Theo dinh i Ta-1ét ta co

Do d6 . . = . . =
B'C AB C'A CN BK AH
A
. C A
HINH 3.44.
Chay:

bao lai ta cling ¢o : néu cac diém A’, B’ , C’ theo thir tu thudc cac dudng thing BC, AC,

AB sao cho trong ba diém A’, B’ , C’ ¢6 diing mdt diém, hoic ca ba diém nam ngoai tam giac
B'A A'C C'B
B'C A'B'C'A
Cac dinh li thuan va dao trén mang tén Ménélauyt ( Ménélaus)

ABC va théa man =1 thi ca ba diém A’, B’ , C’ thang hang.
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Bai to4n 2: Cho tam giac ABC. Céac diém A’, B’, C’ theo thir tu thudc céc canh BC, AC,
B'A AC C'B 1

AB sao cho AA’, BB’, CC’ dong quy & O. ching minh rang . . =
B'C A'B C'A

Giai
Qua A v& dudng thing song song véi BC, cat CC’, BB’ thtr ty 6 M, N

Theo dinh i Ta-1ét ta co

B'A_ AN
5c Bc )
C'B_BC

caaw @

Ciing theo dinh i Ta-lét:

CA'" OA' A'B ., CA'" MA
= = nén = (3)
MA OA AN A'B AN

Al C
Nhan cac dang thiec (1), (2), (3) theo HINH 3.45
ting vé ta duoc :
B'A A'C C'B_ AN MA BC 1
B'C'A'B C'A BC AN AM
Chuy:
D40 lai ta ciing ¢6 : “ néu cac diém A’, B’ , C’ theo thu ty thudc cac duong thang BC, AC,
. B'A A'C C'B .
AB cua tam giac ABC sao cho : : =1 thi cac duong thang AA’, BB’ , CC’
B'C A'B C'A

dong quy.”

Hodc : “ Néu cac diém A’, B’ , C’ theo thtr ty thudc cac duong thang BC, AC, AB chtra cac
canh ctia tam giac ABC sao cho trong ba diém A’, B’ , C’ ¢6 dung hai diém nam ngoai tam
B'A A'C C'B
B'C A'B C'A
quy hoac song song véi nhau.”

Cac dinh li thuan va dao trén mang tén Xéva( Céva)

giac ABC va théa man =1 thi cac duong thing AA’, BB’ , CC’ hoic dong

B.MQT SO Vi DU
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Vi du 1.Cho tam giac ABC, M la diém bat ki trong tam giac. Cac duong thang AM, BM, CM
theo thir tw cit cac canh BC, CA, AB tai N, P, Q. Goi R 1a giao diém cua PQ va BC. Ching
.. . NB RB
minhrang —=—
NC RC
Giai
Xét tam giac ABC c6 cac duong thing AN, BP, CQ dong quy nén theo dinh i Xé va c6:
ﬁﬁ% =1 (1) A
NC PA QB
xét AABC c6 P, Q, R
thang hang nén theo dinh
li Mé-né-la-uyt ta co:

RB PC QA

ML @

RC PA QB v

Tu (1) va (2) suy ra HINH 3.46
NB _RB

NC RC

Vi du 2. Cho tam giac ABC. V& phia ngoai AABC dung ABCO vuong can & O. AB cit CO &
E, AC cit BO 6 F. Ké EN || FM (N thudc AC va M thuoc tia AB). MN cét BC ¢ Q. Chuing
minh AO vuodng goc vai OQ.

Giai

Lay C’ d6i xting voi B qua O, E’ thudc tia OB sao cho OE’ = OE, F’ thudc tia d6i ciia OC sa0
cho OF’ = OF. E’C cat F’C’ ¢ A’. Ta chang minh OA vudng goc va bang OA”’.

That vay, dé thiy :

Group: https://www.facebook.com/groups/tailieutieuhocvathcs/



https://www.facebook.com/groups/tailieutieuhocvathcs/

Truy cap website: hoc360.net dé tai tai liéu dé thi mién phi

BE = E'C(AOEB = AOE'C) 1
= ABEC = ACE'C'(c.c.c) M
= EBC=E'CC’ RVARN
i S
= ABC = A'CC'(tinh chat k& bu) [ S Vet A
i ‘__,-'"' \\ |I .-'}‘-._- L
I{_._.—-" -L____"x" "\:{ =
Tuong ty CF =C'F '(AOCF = AOC'F ) A= W
ff.}.d-"d:‘l:.--. T -7 ’ \.K‘x
1 1 1 1 'f":--f 'II . o . )
— ABCF =ACC'F'(cc¢)=BCF =CC'F' & i x

= ABC = A'C'C ( tinh chét k& bu)
Vay

AABC =AA'CC'(g.c.9)

= AOBA=AOCA'(c.g.c)

= AOB = A'OC = OA L OA'( VI OB vuéng goc véi OC)
Ta can chirng minh ba duong thang BC, OA’ va MN dong quy.
pit OB =0C = x,0E=0E=y . Goi Q 14 giao diém ciia OA’ va BC. Ap dung dinh li M&-né-la-

uyt
Cho tam giac E’BC véi cat tuyén OA’Q, ta duoc:
%_ﬁ_ﬁ =1 (1)
QB y A'C
Tir cac két qua trén suy ra
AC'=AB,A'E':AEV<§1£:E=ﬂ (2)
A'C AB AC

Tir (1) va (2)tace 2= X AN 4 (3)

QB y AC
Goi Q’ 1a giao diém ciia MN véi BC. Ap dung dinh Ii Mé-né-la-uyt trong tam giac ABC véi
cat tuyén MNQ’, ta c6: QC MA NA_QC FC NA (4)

Q'B'MB'NC Q'B FA'NC
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Ap dung dinh Ii M&-né-la-uyt trong tam giac AEC véi cat tuyén FOB, ta suy ra
Fe §1=ﬂ§demthevao(4)tacoQC X.AN =1 (5)
FA BA y CAvy Q'B

Tur (3) va (5) suy ra Q tring véi Q’, két thic ching mlnh.

Vi du 3 Cho tam gidc ABC, I 1a diém nam trong tam giac. C4c tia Al, BI, Cl lan luot cit BC,
AC, AB tai A’, B’ va C’. Xéc dinh vi tri ciia I dé tich AB'.CA'.BC'c6 gi4 tri 16n nhit.
Giai

Ké AM, CP, BN 1a ba dudng trung tuyén caa tam giac A
ABC cit nhau tai G. - AN
2 ///\ [ ‘\J.
Taco: AB'.B'C< [AE”—'BCJ = AN? P AN
2 /TG N,
Vs ? i "--'HH"II '\.\\.'-_\‘
£ [ T
Twong ty CA".A'B<CM?* BC'.C'A< BP? *,_,/ [ 2
B M A C
Suyra: Hinh 3.48

(AB'CA"BC')(B'C.A'BC'A)<(AN.CM.BP)’

Theo dinh li Céva ta cd

C.BAI TAP

3.81. Cho tam giac ABC cén tai A, M 1a trung diém caa BC, duong phén giac trong BE va
duong phan giac ngoai tai C cua tam giac cat duong thang AB tai F. Ching minh rang E, M,
F thang hang.

3.82.Cho tam giac ABC, duong phan giac BE, CF va duong phén gidc ngoai tai dinh A cua
tam gic cat dudng thang BC tai D. Chirng minh rang E, F, D thang hang.

3.83. Trén cac canh AB, AC cua mot tam giac ABC vuong tai A. Dung ra phia ngoai tam giac
céc hinh vudng ABEF va ACGI. BG cit duong cao AH tai O. Chiring minh rang C, O, E thang
hang.

3.84. Cho tir gidc ABCD . Hai dudng thing song song véi duong chéo AC, lan luot cat cac
canh BA, BC, DA, DC theo thir ty tai G, H, E va F ( cac giao diém nay khdng tring vai trung
diém cac canh ti giac ). Chung minh rang cac duong thang GE, HF,BD dong quy.
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3.85. Trén dudng trung tuyén AD cua tam giac ABC lay diém K sao cho AK = 3KD; BK cit
AC tai P. Tinh ti s6 dién tich cua hai tam gi4c ABP va BCP.

. L . AK 1 L .
3.86. Cho tam giac ABC, mot diém K trén AB sao cho B = 3 ,mot diém L trén BC sao cho

% =2. Goi Q 1a giao diém cua cac duong thang AL va CK. Tim dién tich tam giac ABC,
biét dién tich cua tam giac BQC bang 2012 ( don vi dién tich)

3.87. Trén hai canh AB,AC cua tam giac déu ABC lay hai diém E, D sao cho :

BE_ EE 1 . Céc duong thing BD va CE cét nhau tai O. Chung minh rdng AOC =90°
EA 2 DC 2

3.88. Cho tam giac ABC, mot diém E trén canh AB, mot diém F trén canh AC va duong cao
AM. Chting minh rang diéu kién can va du dé MA la tia phan gi4c cia goc EMF 1a ba doan
thang AM, BF, CE dong quy.

3.89. Cho tam giac ABC. V& phi ngoai tam giac ABC dung ABCOvubng can & O. AB cit
CO¢E,ACcatBO 6 F, ké EG||BC || FF'( G thudc tia BO va F’ thudc tia CO ). F’G cit BC
& Q. Chang minh AO vuéng goc véi 0Q.

3.40. Cho tir giac ABCD c6 cac cap canh dbi AB va CD, AD va BC tht ty cat nhau tai M va
N. Chung minh rang cac trung diém I, J, K caa AD, BD ,MN thang hang.
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