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» DANG 4: Viét phwong trinh tiép tuyén véi duwong tron
1. Phuwong phap giai.
Cho duong tron (C) tam [ a;b , ban kinh R
e Néu biét tiép diém 1a M z,;y, thi tiép tuyén do di qua M va

—

nhén vecto IM xz, —a;y, —b lam vecto phap tuyén nén cé
phuong trinhla z, —a z—2x, + y,—b y—y, =0
e Néu khong biét tiép diém thi dung diéu kién: Puong thang A tiép
xuc dudng tron (C) khi va chikhi d I;A = R dé xac dinh tiép
tuyén.
2. Cac vi du.
Vidu 1: Cho dudong tron (C) c6 phuong trinh
2 + 17 — 6z 42y +6 = 0 vadiém hai diém A 1;—1 ; B 1,3
a) Ching minh rang diém A thudc dudng tron, diém B nim ngoai
duong tron ’ ) 7
b) Viét phuong trinh ti€p tuyén cua (C) tai diém A
¢) Viét phuong trinh ti€p tuyén cua (C) ké tu B.
Loi giai:
Puong tron (C) c6 tdm [ 3;—1 bankinh R = v3* +1—6 = 2.
a)Taco: [A=2= R;IB = W5 >R suy ra diém A thudc dudng tron
va diém B nam ngoai dudng tron
b) Tiép tuyén cua (C) tai diém A nhan JA = 2;0 lam vecto phap tuyén
nén c6 phuong trinhla 2 z—-1 +0 y+1 =0 hayz =1
b) Phuong trinh duong thang A di qua B ¢6 dang:
ax—14+by—3 =0Wdia*+b =0)hayar +by—a—3b=0
Puong thang A 1 tiép tuyén cua duong tron < d ;A = R
|3a —b—a— 3b|
=
va® + b’
+Néu b = 0, chon a = 1 suy ra phuong trinh tiép tuyén laz=1.
+ Neu 3b = 4a, chon a = 3, b = 4 suy ra phuong trinh ti¢p tuyén la
3r+4y —15 =0

Viy qua A ké duoc hai tiép tuyén véi (C) ¢é phuong trinh 14 z = 1 va
3z +4y —15=0

— 2 - =’ +0 =3 —4dab =0 <

3b=14

a
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Vi du 2: Viét phuong trinh tiép tuyén A ciia dudng tron
C :2*+y* — 4z + 4y —1 = 0 trong truong
a) Puong thing A vudng goc voi dudng thang A': 2z + 3y +4 = 0
b) Puong thing A hop vdi truc hoanh mot goc 45°
Loi gidi:
a) Buong tron (C) cé tdm [ 2;—2 ,bankinh R =3

Vi A L A'nén A nhan v —3;2 lam VTPT do d6 phuong trinh ¢6

dang
-3z +2y+c=0
Puong thang A 1 tiép tuyén véi duong tron (C) khi va chi khi

—10 +
d LA :3<:>M:3<:>c:10:t3\/ﬁ
J13

Vay c6 hai tiép tuyén 1a A : —3z + 2y + 10 £ 313 =
b) Gia st phuong trinh dudng thang A : ax +by +c¢ =0, a> +b* = 0
Puong thing A 14 tiép tuyén véi duong tron (C) khi va chi khi
|2a —2b+ c|
@ L S
va* + b

Puong thing A hop vdi truc hoanh mot goc 45° suy ra

cos A0z = & = cos45’ = —|b|

Ja* + b Va? +b?

d A =3 —3& 20—2+c =9 a>+b (%)

< a = b hoac

a =—b
THI1: Néu a = b thay vao (*) ta c6 18a* = ¢’ <:>:I:c:3\/§a,chon
a=b=1=c=+3/2 suyraA:x—i—y:l:3\/§=O
TH2: Néu a = —b thay vao (*) ta c6
‘ 5 c= 3W2—-4 4
18¢> = 4a+c¢ <
f = = 3\/5—1—4 a
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Véic = 3v2—4 a,chon

a=1b=-lc= 3J2—4 = A:z—y+3J2-4=0
Véi ¢ = — 3J2 44 a, chon
azl,b:—l,c:—?)\/i—l—él :>A:x—y—3\/§—4:0
Vay ¢6 bon dudng thang thoa man 1a
AL:z+yt32=0A,:z—y+3/2-4=0va
A4::1:—y—3\/§—4:0

Vi du 3: Lap phuong trinh tiép tuyén chung ctia hai dudng tron sau:
C, 2 +y" —4y—5=0va

C, :2>+y"—6zx+8y+16=0
Loi giai:
PBuong tron C, coétdm I, ;2 bankinh R = 3
PBuong tron C, cétam [, 3;—4 bankinh R, = 3
Goi tiép tuyén chung cta hai dudng tron c6 phuong trinh

A:ax+by+c=0véia>+b =0

A 13 tiép tuyén ch ila C, va C AL, A) =3
=
a tip tuyén chung cia C| va C, AL, A) = 3
|21)—|—c|:3\/a2—|—b2 *
=
|3a—4b—|—c|:3\/a2—|—b2
a=2b
Suy ra |2b+c|:|3a—4b—|—c|<:> —3a+ 2
¢ = ———
2

THI1: Néu a = 2bchon @ = 2, b = 1 thay vao (*¥) ta dugc

¢c=—2+3J5 néntacé 2 tiép tuybn 1a 22 + y —2 £ 335 = 0
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—3a + 2b

TH2: Néu ¢ = thay vao (*) ta duge |2b — a| = 2Va® + b <

a =0 hodc 3a +4b =0
+Voia=0=c=b,chonb=c=1tadugc A:y+1=0
+V6i 3a+4b=0=c=3b,chon a =4, b = —3, ¢c = —9 ta duoc
A:dr—3y—9=0

Vay ¢6 4 tiép tuyén chung ctia hai dudng tron 13

2 +y—2+3V5 =0,y+1=04z—3y—9 =0

3. Bai tap luyén tap
Bai 3.106: Cho dudng tron C : z® + ¢* + 4z + 4y — 17 = 0. Viét
phuong trinh tiép tuyén d cia dudng tron trong cac trudng hop sau:
a) biém tiep xuc la M 2;1
b) d di qua A(3;6) 7
¢) d song song voi duong thang A : 3z — 4y — 2008 = 0
d) d vudng goc v6i duong thaing A': 2z — 3y —4 = 0
Bai 3.107: Cho duong tron O : 2’ 4+ 3> + 22 — 4y — 4 = 0 va diém
A 2;5 .Viét phuong trinh tiép tuyén ké tir A t6i dudng tron. Gia su tiép
tuyén nay tiép xuc v6i dudng tron tai hai diém M, N. Hiy tinh d6 dai MN.
Bai 3.108: Cho C : 2 + 5> — 2z + 2y — 3 = 0. Viét phuong trinh
tiép tuyén cia (C) biét :[iép tuyén cit tia Ox, Oy lan luot tai A va B sao cho
AABC ¢6 dién tich bang 4.
Bai 3.109: Tim toa do giao diém cua hai duong tron:

C, " 4+y"—8x—2y+7=0, C, :2°+¢y" —3x—Ty+12=0
va viét phuong trinh tiép tuyén chung cta hai duong tron ay. 9
Bai 3.110Trong mat phang vdi hé toa dd Ozy , cho duong thang
d:z—y+1=0vaduongtron C :z°+ 1>+ 2x — 4y = 0. Tim toa
d6 diém M thudc duong thang d ma qua d6 ta ké duoc hai duong thang

tiép xuc vé6i (C) tai A va B sao cho AMB = 60°.
Bai3.111Cho C, : 2"+ ¢y’ +2mz—2 m—1 y+1=0
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a) Tim m dé C . 1aduong tron

b) Timmdé C  tiép xtic v6i dudong thang Atz +y +1+ N2 =0
¢) Tim m dé tr diém A 7;0 c6 thé ké dwoc 2 tiép tuyén véi C_ vudng
gbc voi nhau.
d) Tim m dé tir diém A 7;0 c6 thé ké dugc 2 tiép tuyén véi C vatao
v6i nhau goc 60°. 7
Bai 3.112Trong mat phang vdi hé toa dd Ozy , cho hai duong tron:
(C):2°+y* =100 =0,(C): 2 +y*+42—2y—20 =0
a) Viét phuong trinh dudng tron di qua cac giao diém cta (C,), (C,) va co
tAm nim trén dudng thang d : 2 + 6y —6 = 0.
b) Viét phuong trinh tiép tuyén chung cia cac dudng tron ), (C,) .
Bai 3.113Trong mit phang toa do Ozy , cho dudng tron (C) va duong
thang d lan lugt ¢é phuong trinh: (C): 2> + 3> — 8z + 6y +21 = 0,
d:z+y—1=0.Xéc dinh toa d§ cac dinh hinh vuéng A BCD ngoai
tiép duong tron (C), biét A nam trén d..
Bai 3.114Trong mét phang toa d¢ cho duong tron

C :2'+y*—22—6y+6=0vadiém M —3;1 .Goi T}, T, 1a cac
tiép diém cua cac tiép tuyén ké tir M dén (C). Viét phuong trinh duong
thang T 1.

Bii 3.115 Cho dudng tron (C) c6 phuong trinh: 7 — 3~ + ¢° = 4
Tim trén Oy diém M ma tir d6 vé& duoc 2 tiép tuyén véi (C) va 2 tiép

tuyén d6 tao thanh géc 60°
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