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x» Dang 4. Cic bai toan dinh tinh vé ba dwdng cénic.
1. Phwong phap giai.

Duea vao phirong trinh chinh tic cia ba dweong cénic va gia thiét dé thiét
ldp va churng minh mot so cdc tinh chdt cua ba dwong conic.

2. Cac vi du.
: oy 2
Vidy I: Trong mét phang Ozy cho (E): — + W =1 va hai diém M, N
a
thudc (E) sao cho OM vudng géc véi ON. Ching minh ring

a) ! + L _i+l
OM*> ON* o bV

b) Pudng thing MN luén tiép xtic véi mot dudng tron ¢b dinh.

Loi gidi.

a) + D& thdy mot trong hai diém tring véi bon dinh cua (E) thi dang thirc
hién nhién dung

+ Néu ca hai diém khong trung véi cac dinh cia (E):

Goi M z, k k=0 1ahésd goc cua duong thing

1

Yy s N

N Yy o

5 1 .
OM thi hé s6 goc cua ON la — v (vi OM vuong goc v ON ).

2 2 2 2
Do M,N e E nén 2y —q ) Zxy I
a b’ a b
Puong thing OM c¢6 phuong trinh 1a y = kz suy ra Y, = kx,, (3)

. 1 i
DPuong thang ON c6 phuong trinh 1a y = — P T suyra y, = — P z, (4)

Thay (3) vao (1) suy ra

w2, ke [ 1 & 5 a’b’
a—“b—zM:lmM[Wb—z ST e
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kb
N 2 — k2$2 —_
Y = F e T e
S O
DOdOOM :.CEM—FyM:m

Tuong tu thay (4) vao (2) suy ra

1,
2 Ly 27,232
x—NJer =1 13 i+ L =1& 722 = kb
a2 2 aQ k2b2 a2+k2[)2
:>y2:i = a2b2
YRt @+
212 2
DOd(’)ON?:a:JQV—i—y]Qv:—ab i
a® + k*b?
Suy ra
LS S e o i o> FEB a’+0 B+l
OM?>  ON’> % K +1 & K+1 o B+1 @
1 1 1 1
Vay - =—+=

OM? ON?> a* b
b) Goi H 1 hinh chiéu ctia O 1én dudng thing MN khi d6 OH 1a dudng

cao cua tam giac vuong MON. Theo h¢ thtrc lugng trong tam gidc vuéng

ta co
1 1 1 1 1 ab
= - =—+—©O0H=——
OH? OM?* ON? a> b Na® + b

Suy ra MN luén tiép xtic véi duong tron cé dinh tim O ban kinh

ab

Jai + b2
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2

2
Vi dy 2. Cho hypebol (H): = — ?;—2 — 1 ¢6 cac tiéu diém F, F,. LAy M 1a
a

diém bt ki trén (H). Chtrng minh rang tich khoang cach tir M dén hai
duong tiém cén 13 hang sd.

Loi gid.

Phuong trinh hai dudong ti€ém cén cua (H) la:

Alzyzgxhaybx—ay=0

AQ:y:—Q:U hay bz +ay = 0

a
Giast M =z,,;y, khido theo cong thirc khoang cach tir mot diém t6i
dudng thang ta co
br,, —a bx,, +a
Ja® + b’ va® + b
Suy ra
DOUA 4 MA - |ba:M —ayM|'|b33M -I—ayM’ _ bz, — a’y,
o T Ja2 £ Na? v a’ + b
@ r A A.xMQ yMQ 2.9 2.2 _ 212
Mit khac M thudc (H) nén : PrEmvE 1 hay b°z;, —a’y;, = a’b
a’*.b’ : .
Dodé d M;A, d M;A, = la hang s6
a’ + b’

Vi du 3. Cho parabol (P): y> = 2az . Puong thing A bit ky di qua tiéu
diém F co hé s6 géc k k = 0 cat (P) tai M va N. Chimg minh rang tich
khoang cach tir M va N dén truc Oz 13 hing sd.

Loi giai

Tiéu diém F' a;0 . Vi di qua ti€u diém F c6 hé s6 goc £ = 0 nén co

phuong trinh: A : y = k{aj —g]

Group: https://www.facebook.com/groups/tailieutieuhocvathcs/




Truy cip website: hoc360.net dé tai tai liéu dé thi mién phi

Hoanh d¢ giao diém ciia A va (P) la nghiém cuia phwong trinh:

2
kQ[m—g] = 2ax < 4k*z® —4 2a +k’a z +ka® =0 (%)

A'=4 20 +ka —4k'a®> =160 1+k >0

CL2

Theo dinh ly Vietcoé z,,.z, = Z

Mitkhictaco d M;0z =|y,|; d N;Ozx =|y,]

Suyrad M;Or d N;:Ox = |yM.yN| = ﬁ/4a2‘xM.xN| = a’

3. Bai tap luyén tap.
x? yQ ,
Bai 3.155: Cho elip (E): — + o =1 a>b>0 vdéicactiéu diém
a
F, F, va A, A, 1a cac dinh trén truc I6n cua (E). M la diém tuy y trén (E)

¢6 hinh chiéu trén Oz 1a H . Chtng minh rang

a) OM? + MF.MF, = a® + b?
b) MF —MFE, =4 OM> —p?

¢) a2HM? + b2 HA HA, = 0
: Y o
Bai 3.156: Cho elip (E): — + o =1a>b>0 ,tieudiem F ¢0 ,
a
mot dudng thang A quay quanh F, cét (E) tai M, N. Chtitng minh ring
1

—+ b N khong doi.
FM FN

2

2
Bai 3.157: Cho elip (E): = + 2—2 —1a>b>0 véichc tidu diém
a

E, F,. M 1a diém chay trén (E). Phéan gidc géc F,MF, cit FF, tai N, H1a
hinh chiéu cua N trén MEF; . Chirng minh rang MH khong d6i.
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2

Bai 3.158: Cho hypebol (H): % - Z—j — 1 véi cac tidu diém F, F, va
A, A, 1a cdc dinh trén truc 16n cua (E). M 1a diém tuy y trén (H) c6 hinh
chiéu trén Oz 1a H . Chirng minh ring

a) OM* — MF, MF, = o® — b

b) MF + MF, =4 OM® + 1’

¢) aXHM? = b2HA HA,
:L,Q yQ )
Bai 3.159: Cho (H): — — = =1 voicacti€udiém F, —¢0 , F, 0
a® b’
va duong tron (C): 2° + 3° = a*, A la mot trong hai tiém cén cia (H),
A cit (C) tai B, E, zy; <0z, >0 .Motduong thang song song véi

truc tung cit (H) tai M va cit A tai N. Chitng minh ring
NE, = MF;; NE, = ME,.

Bai 3.160: Cho parabol (P) : 3> = 2pz p > 0 va duong thang A di qua
tiéu diém F cua (P) va cat (P) tai hai diém M va N. Goi
a= 3 FM O0<a<m

a) Tinh FM, FN theo p va «

n 1 1 ,
b) Chirng minh rang khi A qua anh F thi — 4+ —— khong do1
) g g quay qu YR, g

¢) Tim gia tri nho nhit cua tich FM.FN khi o thay doi

Bai 3.161: Cho parabol (P) ¢6 dudng chuan A va tiéu diém F. Goi M, N
1a hai diém trén (P) sao cho duong tron duong kinh MN ti€p xtic véi A.
Chung minh rang duong thang MN di qua F

Bai 3.162: (DH 2008D) Trong mét phéng vdi hé toa do Ozy , cho parabol
(P): y* = 16z va diém A 1;4 . hai diém phan biét B, C (B va C khac A)

di dong trén (P) sao cho goc BAC = 90°. Chting minh ring duong thing
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BC luén di qua mot diém cb dinh.
Bai 3.163: Cho duong tron duong kinh AB tam O. Mot ddy cung MN

chuyén dong va luon vudng goc véi AB tai H, T1a diém thudc doan HM

sao cho HI = k.HM, 0 < k < 1. Tim tap hop diém L

Bai 3.164: Trong mit phing toa d6 Ozy cho parabol (P): 3> = 4z. M la
mot diém di dong trén (P). M = O, T la mét diém trén (P) sao cho

T = O, OT vudng goc voi OM.

a. Chtmng minh rang khi M di dong trén (P) thi dudng thang MT luén di qua
mot diém cb dinh.

b. Ching minh rang khi M di dong trén (P) thi thi trung diém I ciia MT chay
trén 1 parabol cb dinh .

Bai 3.165: Trong mat phang toa dd Oy, cho parabol (P) : 3> = 4x c6

tiéu diém F. Goi M 1a diém thoa man diéu kién FM = —3FO; d la
duong thang bat ki di qua M, d cat (P) tai hai diém phan biét 4 va B.
Chirng minh rang tam giac OAB 1a tam giac vuong.
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