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= DANG 3. Sy twong giao gitra cac duwdng conic va voi cac duong
khac.
1. Phwong phap gidi.
Cho hai duongcong f x;y =a, g z;y = b khido
e S giao diém cua hai duong cong trén chinh 13 s6 nghiém cua hé
Y =a
phuong trinh [f 4
g xy =b

e Toa do giao diem(néu cd) cua hai duong cong la nghiém cua hé

[ zy =a
g wmy =0
2. Cac vi du.
) xQ y2
Vidu 1: Cho duong thang A : 2z —y + m = 0, elip (E): E+§ =1
:Z:Q y2
va hypebol (H): 1 8 =1

a) Vi gid tri ndo ciia m thi A cét (E) tai hai diém phén biét ?

b) Ching minh ring véi moi m thi A cét (H) tai hai diém phén biét thudc
hai nhanh khac nhau ctua (H)

¢) Tim toa d¢ giao diém cua (E) va (H). Viét phuong trinh dudng tron di
qua cac giao di€m do.

Loi gidi:

a) Xét h¢ phuong trinh

20 —y+m=0 y=1z+m
%24_%2:1 = 92° + 8mx + 2m* —6 =0

Do d6 A cit (E) tai hai diém phan biét khi va chi khi phuong trinh
92% + 8mz + 2m* — 6 = 0 ¢6 hai nghiém phén biét hay
A'=16m?—9 2m?* —6 >0 < —3V3 <m < 3V3.
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b) Xét h¢ phuong trinh
2 2 RN
r ¥ _q T2 —2mx —m®> —8 =0 *
1 8

Do ac = —7. m®> +8 < 0 nén phuong trinh (*) ¢6 hai nghiém trai dau
suy ra A cit (H) tai hai diém phan biét ¢6 hoanh d6 trai dau nhau

Vay A cat (H) tai hai diém phan biét thudc hai nhanh khéc nhau cta (H)

2 2
s Yy
q = = N
¢) Toa do giao diém cia (E) va (H) 1a nghiém ciia hé: 52 3 I
Yy
1 8
T == 22
Giai hé (1) ta duge 17
_ 4o |10
i 17

Toa d6 giao diém cua (E) va (H) 1a nghiém cua hé (I) nén thoa mén
phuong trinh

27
1L 17

2 2 2 2
Y a S Y sl hay ot 4 = 2
6 3 8

Vay toa do giao diém cua (E) va (H) 1a

M, Jg;z/@ , M3 —Jg;%/& , M, Jg;—ﬂg M, —,/g;—zqu
17 N17 17 N17 17 17 - V17 17

va phuong trinh dudng tron di qua céc diém doé phuong trinh 13
62
2 + o
T

Nhén xét: Bé viét phuong trinh dudng tron qua giao diém cia (E)
2 2 2 2

Ly o y o
sy W ETE T
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ta chon «, 3 sao cho %+£:g—£=k>0,a—|—ﬁ>0 Khi dé
a alZ b? b|2
phuong trinh duong tron can tim 13 2% + y* = O‘kj

Vi du 2: Cho elip (E): % + y_92 — 1 va diém I(1; 2). Viét phuong trinh
dudng thang di qual biét rang duong thang d6 cit elip tai hai diém A, B
ma I la trung diém cua doan thang AB.

Loi gidi:

Cdch I: Pudng thaing A di qua I nhan Zo a;b  1am vecto chi phuong co

dang v=1tat (v6i a* +b* = 0)
' y=2+10bt

A Be A suyratoadd A, B codang A= (1 +at;;2 +0t,),

B =(1+at;2+0t,).
I 12 trung diém ctia AB khi va chi khi
[23:[ =z, + 2, N {a t,+t =0

st +t,=0(1)

2%, = &, + 1y bt+t =0

(do a*> +b* = 0)
A, B e E nént, t, langhiém cia phuong trinh

(14 at)? n (2 4 bt)?
16

Theo dinh ly Viettaco ¢, +1¢, =0 < 9a 4 32b =0

Ta cé thé chon b = —9 va a = 32.

=1% 9a>+16b" *+2 9a+32b ¢t —139 =0

: —1 —2
Vay duong thang d cé phuong trinh x32 — ¥ 5 hay

9z + 32y — 73 =0

Cdch 2: Vil thuoc mién trong cua elip (E ) nén lay thy y diém
A(z;y) € () thi duong thang IM luon cat (E) tai diém thir hai 1a

B z'y" .
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I 14 trung diém diém AB khi va chi khi
2t, =z, + r'=2—-=z

! 8 b : = M'2—-—5d—y
20 =, +iy y'=4—-y

y
M,M'c (E) & %6 )9

o 2
I k)
16 9

Suyra A=4% | 16— 8y
16 9

Toa d6 diém M, I thoa man phuong trinh (*) nén dudng thang can tim 13
9z + 32y — 73 =0

= 0 hay 9z + 32y — 73 = 0 (*)

2 2
T+l —1a>0>0

Nhdn xét: Bai toén tong quat " Cho elip (E ) : = 3

@

2
« X 7. i ~ hY < A Py <A 2
va diém I(z,;y,) voi —0 -+ z—o < 1 (nghia la diém I thu¢c mién trong cua
a’

elip) . Viét phuong trinh duong thang di qua I , biét rang duong thang d6
cét elip tai hai diém M, M’ sao cho I 1a trung dlem ctia doan thang MM’
La‘lm tuong tu cach 2 ta ¢6 phuong trinh dudng thang can tim 1a

a? b B

4r2 —4x.x 4
0 0 _|_ y

2 2

Vi du 3: Cho hypebol (H): % - % — 1 va hai duong thing

A:xz+my=0A":me—y=0

a) Timm dé A va A' déu cat (H) tai hai diém phan biét

b) Xac dinh m dién tich t&r gidc tao boi bon giao diém cia A, A' va (H)
dat gia tri nho nhat.

Loi giai:
a) Tir phuong trinh A thé & = —my vao phuong trinh (H) ta duoc

mt 1),
[I—gly =1
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Suy ra A cét (H) tai hai diém phén biét khi va chi khi phuong trinh (*) ¢6

hai nghiém phan biét hay

m? 1 , 4 2
——=>0&m >=-<%me —;+o00
4 9 9

—o0;—— | U

3

Tuong ty tir phuong trinh A thé y = ma vao phuong trinh (H) ta dugc

2
- _ # =1
4 9

Suyra A' cit (H) tai hai diém phan biét khi va chi khi

1 m? , 9 33
———>0em<-eme|——;=
4 9 4 59
Vay A va A' déu cat (H) tai hai diém phan biét khi va chi khi
2" 3] 1372

.. 3 2] (23] 4 O . A A s
b. Véi m € —5;—5 U 5,5] thi A va A' cat (H) tai bon diém phéan
biét (**) 7
D¢ dang tim dugc giao diéem A va (H) 1a
A[ —om : o ];C’[ i ; - ]Végiaodiém A

Vom? —4 Jom? —4 Jom? —4 Jom? —4
va (H) Ia B[ o4 _._yUm ];D[ 6 . om ] A dbi

V9 —am? N9 — am? V9 — 4m? V9 — 4m?

xtng voi C va B d6i xtmg v6i D qua gbc toa ¢6 O. Mat khac A L A' do
do tr giac ABCD 1a hinh thoi.
72 m® +1

\/9m2—4 9 — 4m?

Ap dung bat dang thirc Cosi ta c6
72 m? +1 144. m* +1 144

S = > =
ABCD \/9m2_4 9_4m2  9mE—4 + 9—4m? 5

Suyra S,;., = %AC.BD =

D4u bang xdy ra khi va chi khi 9m? —4 = 9 — 4m?® < m = +1(thoa
man (**))
Vay m = =£1 thoa man y€u cau bai toan.

Group: https://www.facebook.com/groups/tailieutieuhocvathcs/




Truy cip website: hoc360.net dé tai tai liéu dé thi mién phi

Vi du 4: Trong mit phang Ozy cho parabol (P): y* = 8z . Puodng thang
A khéng trung véi truc Oz di qua tiéu diém F cua (P) sao cho géc hop
boi hai tia Fr va Ft latia cia A ndm phia trén truc hoanh mot géc bang
« «a = 90° . Ching minh rdng A Cit (P) tai hai diém phan biét M, N va
tim tap hop trung diém I cia doan MN khi « thay do6i.

Loi giai:

Theo gia thiéttacd F 2; 0 , duong thing A c6 hé sd goc k = tana

=g’ tan o
Suyra A:y = z—2 .tanca. Xét h¢ phuong trinh § g
Yy =or

*)

Suyra tana.y’ — 8y — 16tana = 0 (*¥)

A" =16 + 16tan® a > 0 do d6 phuong trinh (**) ludn ¢6 hai nghiém

phan biét, hé phuong trinh (*) c6 hai nghiém phan biét diéu nay ching to

rang A Cét (P) tai hai diém phan biét.
Goi toa d0 hai giao diém dé1a M =

il 1 IV Tty 5 4 25y, 14

trung diém ctia MN

Theo dinh ly Viét ta co:
+ 4

Yy T Uy = >0=y =2 " .

tan « 2 tan o
Mait khac tir (*) ta cé

4
Yy T Yy = T, +x — 4 tanoz:>:1;1:$M+xN: +92
2 tan® o

2
Suyra z, = 4[%] +2 hay y; = 4z, + 8
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2

Vay tap hop diém I 1a dudng cong ¢6 phuong trinh : 4* = pz + %
.(Cling goi la Parapol)

3. Bai tap luyén tap.
2 2

Bai 3.142: Cho (E): % + yz —1

a) Xac dinh m dé duong thang d : y = x + m va (E) ¢6 diém chung

b) Viét phuong trinh duong thang di qua M 1;1 va cit (E) tai 2 diém A,
B sa0 cho M 1a trung diém ctia doan AB.

2 2

Bii 3.143: Cho (E): f—6 + % — 1 va dudng thing A : 3z + 4y —12 = 0

a) Chimg minh rang A cét (E) tai 2 diém phan biét A, B. Tinh d6 dai AB
b) Tim toa d6 C thudc (E) sao cho AABC' can tai A(bict hoanh d6 A bé
hon hoanh d¢ B)

372 2

B 3.144: Cho (B): -~ + yz — 1 va hai duong thing
A :mz—nz=0,A,:nz+my=0m"+n*=0

a) Xéc dinh giao diém M, N cia A, véi (E) va P, Q clia A, véi (E)
b) Tinh theo m, n dién tich tr gidc MPN(Q
¢) Tim diéu kién m, n dé dién tich tr giac MPN(Q nho nhat
Bai 3.145: (KB 2010) Trong mit phing toa d Ozy , cho diém A 2; J3

2 2
va elip (E): % + % — 1.Goi F, F, 1a céc tiéu diém cua (E) (F c6
hoanh d6 4m); M 13 giao diém c6 tung d6 duvong cua dudng thing AF, véi
(E); N 1a diém ddi xing cua F, qua M. Viét phuong trinh duong tron
ngoai tiép tam giac ABE,.
Bai 3.146: Cho (H): 2% — 4y®> = 20 va duongthing A:z —3y =0

a) Ching minh rang A cit (H) tai 2 diém phan biét A, B. Tinh d6 dai cta
doan AB.
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b) Tim toa d6 diém C thudc (H) sao cho tam gidac ABC ¢6 dién tich bang
4

¢) Lap phuong trinh duong thang d di qua M 0;2 sao cho d cat (H) tai 2

diém phan biét A, B sao cho 31\7/1 — 5% = 6 :
Bai 3.147: Trong mat phang vdi hé truc Oxy cho Hypebol

2 2
:xz — ‘71J—2 — 1 va dudng thang d :z + 3y + 2007 = 0. Viét phuong

trinh tong quat ciia duong thang A biét raing A vudng goéc véi d va A
cit H tai hai diém M, N thoa man MN = 2310

x?

2
Bai 3.148: Cho (H): = — 3;—2 = 1. Mot duong thing A céit (H) tai M, N
a

cat hai tiém cén tai P,Q. Ching minh PM = NQ.

Bai 3.149: Trén mat phang Oxy, cho (E) 1a mét elip di dong nhung luén

2 2

nhan hai tidu diém caa hypebol (H): ‘% — yz — 1 1am céc tidu diém va

ludn ¢6 diém chung v6i duong thang A : z — y + 6 = 0. Tim gia tri bé
nhat ctia d6 dai truc 16n cua elip (E).
Bai 3.150: Cho (P): 3 = 122 va dudng thing d : mz —y —3m = 0

m = (
a) Chung minh rang v&i moi m = 0, d ludn di qua tiéu diém cua (P) va
cat (P) tai 2 diém phan biét A, B ’ v
b) Ching minh rang duong tron duong kinh AB ti€p xtc véi duong chuan
cua (P).
Bai 3.151: Cho (P): 3 = 2px c6 tiéu diém F. Céc duong thang A, A,
qua F va vuong goc voi nhau. A, cat (P) tai M, N ; A, cat (P) tai P, Q.
2

Chtng minh rang S unpg = 8P
Bai 3.152: Trong mit phiang Ozy, cho parabol (P): y = 2> — 2z va elip

2

(E): % + * = 1.Chtng minh rang (P) cat (E) tai bén diém phan biét

cling nam trén mot duong tron. Viét phuong trinh dudng tron do.
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2 2

Bii 3.153: Cho (E): % + yz — 1vadiém M 3;2 .DPuong thing A di
qua M cat (E) tai hai diém phén biét A, B sao cho MA = 3MB , xé4c dinh
toa do cac diém A, B. 7 7
Bai 3.154: Trong mat phang toa d0 Oxy, cho dudng thang

2 2

d:2x+y+3=0vaelip (E): a:z + yT = 1. Viét phuong trinh duong

thing A vudng goc void va cit (E) tai hai diém 4, B sao cho dién tich
tam giac OAB bang 1.
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