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Bai toan 02: UNG DUNG PHEP NGHICH PAO TRONH BAI TOAN
CHUNG MINH THANG HANG VA PONG QUY.

Cacvidu

Vi du 1. Cho dudng tron (O;R) néi tiép tam giac ABC, ti€p xtic v6i cac canh
BC,CA,AB lan luot tai A,B,,C,. Goi A,,B,,C, la cac giao diém thit hai ciia
AA,,BB,,CC, v6i (O), M,N,P Ian luot 1a trung diém cta B,C,,C,A;,AB, .

1" 717
Chting minh:
a) Buong tron ngoai ti€p cac tam giac MA A,,NB B,,PC,C, diqua O.

b) Ba duong tron trén c6 diém chung thit hai.

Loi giai.
a) b€ chiing minh duong tron ngoai ti€p cac tam giac MA A,,NB B,, PC,C
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di qua O. Ta chi ra cé phép nghich chéo cec O, phuwong tich k nao d6 bién
cac duong tron nay thanh dueong thang.
Xét phép nghich déo X .

Dé thdy A,M,O thang hang, tam

giac AB,O vudng tai B, c6 duong

cao BM nén OM.OA = OB? =R?

=2 :M—> A . Mit khac

Mat khac (O;R) la dwong tron

nghich dao ctia fX nén moi diém

cua (O) déu 1a diém kép. Do d6

= A 5>A,A SA,. Vay

duong tron (MAlAz) c6 anh di qua

A,A A, . Day 1a mot duong thang

nén (MAlAZ) phai di qua cyc O.

Tuong ty cac dwong tron B
(NBB, ),(PCC,) ciing di qua O.

b) D€ chitng minh ba du’&fng tron trén ¢6 chung diém thit hai ta chi can
chitng minh ba duong thang anh AA ,BB,,CC, dong quy.
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AB BC CA
AC BA CB

quy tai diém I, khi d6 ba dudng tron trén cung di qua diém I' 1a anh ctia I

Dé thay =-1 nén theo dinh li cesva thi AA,BB,,CC, dong

qua phép nghich dao £,

Vi du 2. Cho duong tron (O) duong kinh BC . Mot diém A nam ngoai
duong tron. Goi B, C, la cac giao diém cua AC, AB vdi (O) Goi M,N lan
lwgt 1a cac ti€p diém cuia ti€p tuyén vé tir A dén (O) . Chttng minh H,M,N
thang hang.

Loi giai.
Pé chitng minh cac diém H,M,N thing hang ta chiing minh né 1a anh ctia

ba di€m ndm trén mot dwong tron di qua cuee trong mot phép nghich dao nao

do.
Xét phép nghich dao cuc A, phuong tich k=AM? = AN?.
Tac6 2 :M —M,N — N nén

£ :(AMN) > MN. Goi A, laanh cia H trong

phép nghich dao nay.
Dé chitng minh H,M, N thang hang ta can ching
MY /

minh A/ e (AMN) .

Ma AH.AA, = AN? = AB,.AC nén t gidc
A,CB,H ndi tiép = HA C=CBH=90", do d¢6
diém A, nhi doan OA dudi mot goc vudng suy
ra A, e (AMN)

B

vivay £ (A,)=HeMN, hay H,M,N thing
hang.

\

V‘é"‘ N X
LA

Vi du 3. Cho A,B,C,D 1a bén diém phan biét ndm trén mot duong thang va
duwoc sép x€p theo tht tye d6. Cac duong tron duong kinh AC,BD ¢t nhau
tai cac diém X,Y. Duong théng XY cit BC tai Z.Cho P la mét diém trén

duong thang AB khéac Z. Puong thang CP cit duong tron dudng kinh AC
tai diém thit hai M, duong thang BP cat duong tron duong kinh BD tai N .

Chtng minh AM,DN, XY dong quy.

Loi giai.
D€ chitng minh ba duong thang dong quy thieong ta c6 hai huéng sau:
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- Chtng minh no la anh ctia ba dwong tron trong phép nghich dao cuc O,
phuong tich k nao d6 ma ba duwong tron d6 c6 di€m chung Ikhac O, khi
do ba duong théng nay dong quy tai I'= f(l: (I) .

- Chting minh hai duong thang 1a anh cta hai duong tron cat nhau trong
phép nghich dao cuc O, phuong tich k nao d6 va dwong con lai di qua
cuc O, dong thoi 1a truc dang phuong ctia hai duong tron d6, khi d6 ba
duong thang sé dong quy tai diém I'( I' 1a anh ctia giao diém (khac
cuc)cua hai duong tron)

Duwa vao sy phan tich nay ta c6 10i giai sau kha tu nhién
Goi (C1 ),(CZ) lan lwot 1a duong tron duong kinh AC va dwong tron duong

kinh BD va A'=PAN(C,),D'=PDN(C,).Do P
nam trén XY ( truc dang phuong ctia (C1) va (CZ))

-P, . =PBPN=PCPM =k .Xét phép

nén P o)

P/(C1)
nghic dao cyc P, phuong tich k. Ta c6
fy:M> C A A’ =(PA'C)—> AM.

Tuong tw £y : N+ B,D D'=(PBD')>NB. Do

fI],‘ : XY - XY nén dé€ chiing minh AM, DN, XY
déng quy ta sé chitng minh XY la truc dang
phuong cta hai duong tron (PA'C) va (PBD'). Do

PZC=PA'C=90"=Ze(PA"C). Tuong tu

Ze (PBD') suy ra PZ la truc dang phuong ctia hai
duong tron (PA'C) va (PBD').
Vay AM,DN, XY dong quy.
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