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Van dé 1. Xét tinh lién tuc ctia ham s6 tai mot diém

Phuong phap:
e Tim gi6i han ciia ham s& y = f(x) khi x — x, va tinh f(x)

e Néu ton tai lim f(x) thitasosanh lim f(x) véi f(x).
X—)XO X—)XO

Chu y:
1. Néu ham s6 lién tuc tai x thi trzéc hét ham s6 phai xac dinh tai diém d6
2. lim f{(x)=1< lim f(x)= lim f(x)=1.

X=>X0 x—>x6r X=X

f(x) khix=#
3.Ham sd y = (0 Khix=x, lién tuc tai x=x; < lim f(x)=k.
k khi x = Xp X—X()

f,(x) khi x>x
4. Ham so f(x) = lién tuc tai diém x =x, khi va chi khi
f,(x) khi x<x

lim f;(x)= lim f,(x) =£(xg) -

X—=X() X—=X(
Chay:
o f(x) khix=#x,
e Ham sO y = lien tuc tai x =x;, khi va chi khi
k  khix=x,
lim f(x)=k.
X=X

o f(x) khix>x,
e Ham sO y = lién tuc tai x =x; khi va chi khi
khi x <
g(x) khix<x,

lim f(x)= lim g(x).

x—)xa' x—)xa

Cacvi du

Vi du 1. Xét tinh lién tuc ctia ham s0 sau tai x =3

3_
’2‘—27 Khix # 3
1. f(x): X®—x—6 2.
10 khi x =3
3
khi x<3

x—3
f(x): N2x+3 -3

(x—l)z khi x>3

Loi giai.
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1. Ham s6 xac dinh trén R

3 f—
Ta co £(3)= 10 va limf(x)=1lim X =27 (X B)(" +3x+9)
3 x—3 Xx-3x2 _x — 6 x—>3 (x=3)(x+2)
lim x> +3x+9 27 £1(3).
x-3  X+2 5

Vay ham s6 khong lién tuc tai x=3.
2.Taco £(3)=4 va lim f(x)= lim (x-1)*> =4 ;

x—3+ x—3+t

N2x+3+3

hm f(x)= hm = lim ————=3# lim {(x)
‘>3 »\/2x+ —3 x5 2 x—3"

Vay ham s6 gian doan tai x=3.

Vi du 2. Xét tinh lién tuc cia ham s0 sau tai diém chi ra

2 .
1. f(x):{X +1 Khi xz1 tai diém x, =1

2 khi x=1
‘x2 —X— 2‘
2. f(x) = i khi x # -1
1 khi x=-1
Loi giai.

1. Ta c6 £(1) =2 va Limf(x) = im(x® +1) =2 =£(1)
x—1 x—1

Vay ham s6 lién tuc tai diém x=1.

2. Tacod f(-1)=
‘(x N o 2)‘ )
lim f(x)= — = lim (2-x)=3
x—>-1" X—>— 1+ x+1 x—>-1"

lim f(x)= lim w: lim (x-2)=-3# lim f(x)

x—>—1" x—=>—1" x+1 x—>—1" x—-1"
Suy ra khong ton tai gidi han ciia ham s0 y =f(x) khi x - 1.

Vay ham s0 gian doan tai x=-1.

Vidu 3 Tim a d&€ham s6 sau lién tuc tai x=2

3 4 g2

Jax -2 Khi X2 X357X+4 Khi <2
1. f(x)= x =2 2, f(x)z x> -8

a khi x=2 ax? +x+1 khi x>2

Loi giai.
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3 —
1.Taco f()=a va limf(=lim VX =2 _ iy 4
X—>

x—=2 X—=2 x—2 3?(4X)2 +2%/&+4

Ham s0 lién tuc tai difm x =2 < limf(x) =f(2) < a = 4 .
X—2 3

_1
3

4 £ 2 2
2. Tacs: Bim 6= lim B 0K T4 _ g, & —Lixt3)

_ _ 2
x—2 x—»2 3-8 x—=27 X +2x+4

lim f(x)= lim (ax2 X+ 1) —4a+3=1(2)
x—2F x—2F
Ham s6 lién tuc tai x=2 < lim f(x)= lim f(x)=£(2)
x—2+ x—2"

=1

<:>4a+3=1<:>a=—%.

CAC BAI TOAN LUYEN TAP
Bai 1 Xét tinh lién tuc cia ham s6 y =f{(x) tai di€ém chi ra

Vx-2 khi x =4
1 f(x)={ X—4 tai x =4
1 khi x=4
2_
X o9XH2 o 11
2. f(x)= x—1 tai x=1
3 +x—1 khi x <1

X 4
3. f(x)= COS? 2 ‘X‘Sl tai x=1va x=-1.

x=1]  khi |x|>1
Bai 2. Chon gia tri £(0) d€ cac ham s6 sau lién tuc tai diém x=0.

% 1 T Jox+8—

L f(X)=———— 2. f(x) =

2
x(x+1) V3x+4-2

Bai 3. Xét tinh lién tuc ctia cic ham s0 sau tai diém da chi ra

XIVXE2 x> 1

1. f(x)= x+1 tai x,=-1
2x+3 khi x <-1
x+1+¥x=1 4o

2, f(x)= X tai x, =0
2 khix=0
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3 J—
\/; 1 khi x#1
3. f(x)=4 X1 tai x5 =1
1 khi x=1
2
x7x2+2x khix>2
4. f{(x) = x—2 tai x; =2
x> —x+3 khi x<2

Bai 4. Tim a d€ cac ham s sau lién tuc tai cac diém da chi ra
x+2a khi x<0

1. f(x)= 5 tai x=0
x“+x+1 khi x>0

EEL=L 9hi mwl
2. f(x) =1 ax? +(2a+1)x tai x=0
3 khi x=0
NOX+1-2 e
2_4 _
3. f(x)= X2 tai x=1.
A" 72 ypi x<1
x—-3
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