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B. CAC DANG TOAN VA PHUONG PHAP GIAL
» DANG 1 : Xdc dinh biéu thirc tich vé hwong, goc gitka hai vecto.
1. Phwong phap giai.

= |—

al.|b

- —

cos a;b

e Duya vao dinh nghia a.b =

e St dung tinh chit va cac hing ddng thic cia tich vé hudng cia hai vecto
2. Cac vi du:
Vidu 1: Cho tam giac ABC vudngtai A c6 AB = a, BC =2a va G la trong tam.
a) Tinh cac tich v6 huéng: BA.BC'; BC.CA
b) Tinh gi4 tri cia biéu thiuc AB.BC + BC.CA + CA.AB
¢) Tinh gia tri ciia biéu thirc GA.GB + GB.GC + GC.GA
Loi gidi (hinh 2.2)
a) * Theo dinh nghia tich vé hudng ta cé C

BABC — ‘ﬂ”% cos ﬂ,% = 2a’cos a,B—C; .

Mit khic cos E‘LB—C: = cosABC = 2 = ! N M
2a 2
Nén BA.BC = a? G
*Tac6 BC.CA = —CB.CA = —‘CB‘.‘CA cosACB
A P B
2
Theo dinh 1y Pitago ta ¢c6 CA =/ 2a = —a* = a3 Hinh 2.2

= —3a®

Suyra BC.CA = —a3.2a. "2 a3

2a

b) Cach 1: Vi tam glac ABC vuong tai A nén CA.AB =0 va tu’ cau atacod

—_— — _

AB.BC = —a* BCCA = —3a’. Suyra ABBC+BCC’A+CAAB = —4a®

Cich 2: Tt AB + BC +CA = 0 va hing dang thic

AB+BO + CA = AB* £ BC® + CA* +2 ABBC + BO.CA + CAAB Tacé
E.@+%.ﬂ+@.2§:—% AB? + BC? + CA? = —4g?
c)Tuo‘ngtu’céchZcﬁacéub)Via+@+@:6nén

_ _—

GAGB + GBGC +GC.GA = —= GA2 + GB? + GC?
Goi M, N, P 1an luot 12 trung dlem ciua BC, CA, AB

2 2
D@ thay tam giac ABM déunén GA?> = [%AM ] = %
Theo dinh ly Pitago ta co:
2 2
GB =2pne =2 Appan: =330 | T
9 9 9 4 9

Gee = 30132 :g AC? 4+ AP — %[3& n
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2 2
Suyra GAGB + GB.GO + GOGA = 1|44 70 13| 4o
21 9 9 9 3
Vidy 2: Cho hinh vuéng ABCD canh a. M 1a trung diém ctia AB, G la trong tAm tam gidc
ADM . Tinh gia tri cac bi€u thirc sau:
a) (AB+ AD)(BD + BC) b) CG. CA+ DM
Loi gidi (hinh 2.3)
a) Theo  quy the hinh binh hanh ta c6 AB —l— AD = AC C
Do d6 (AB+AD)(BD+BC) ACBD+AC’BC A M B

— CACB = ‘CAHCB cosACB
o

——i—3 —  —= G
(AC.BD = 0vi AC L BD)
Mit khiac ACB = 45° va theo dinh 1y Pitago ta c6 :

—Ja? +a = a2 D C
Suyra (AB + AD)(BD + BC) = a.av?2cos45® = a? i
b) Vi G la trong tdm tam giac ADM nén FCT; = @ et 071 == CTW
Mit khéc theo quy tic hinh binh hanh va hé thirc trung diém ta c6 CA = — AB 4+ AD va
— ] == = == —— 1 — 9 —
CM =2 CB+CA = 5[03— AB + AD ]:-5 AB +2AD

R

Suyra CG = —AB— AB+ AD —% AB + 24D — [5E+2AD]
Talgic6 CA+ DM — — AB 4 AD +M_E:_[%ﬁ+zﬂj]
Nén OG. CA + DM :[SEHE][%EHE]

21a*

L ZABQ 1 4AD =

Vi du 3: Cho tam gidc ABC ¢6 BC = a, CA = b, AB = ¢. M la trung diém cua BC, D la
chan duong phan giac trong goc A.
a) Tinh AB.AC', 1disuyra cosA.

—_—2 —2
b) TinhAM va AD
Léi gidi (hinh 2.3)
a) Ta co 4
e 1 — 92 — 2 —_ —_ 2
ABAC =5 AB +AC — AB—-AC

— %[ABQ +ACT =B | =3 ¢ 45 —a

Mit khac TBTCz = AB.ACcosA = cbcos A D M
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2

2 2 2
Suy ra % ¢ +b>—a®> =cbcosA hay cosA:m

2bc
b) * Vi M 13 trung diém ctia BC nén m:% AB+AC

9 1 — — 9

—2 —_—
Suyra AM = | AB+ AC :i[AB +2ABAC + AC

Theo cau a) ta c6 ABAC — % 2 +b>—a® nén

AM :i & +2é ¢ + b —a? +b2] 2 b2+f —@
* Theo tinh chit dudong phén giac thi gg jg %

Suy ra ﬁ_g—gpo_ "DE ¢

Mit khdc BD = AD — AB va DC = AC — AD thay vio (*) ta duoc
— —— b

AD—-AB=2 AC—-AD < b+c AD=bAB+cAC
C
& btc?AD = bAB +2cABAC + cAC

—2
& b4c’AD :b2c2—|—2bc.% A +b—a +cW?

—2
SAD =—2 _bte—o bictd
b+c
Hay Ezz Abe D pP—a
+c

Nhdn xét : Tur cau b) suy ra do dai duong phan giac ké tudinh A la [, = iﬁ NP p—a

3. Bai tap luyén tap: : )
Bai 2.13. Cho tam giac ABC d€u canh bang a. Tinh cac tich v6 hudng:

a) ABAC b) ACCB ¢) AB.BC
Bai 2.14 .Cho tam giac ABC ¢6 AB=5,BC =7, AC =8.

a) Tinh TBE’ , 101 suy ra gia trj cia géc A.
b) Tinh AC.BC'.
¢) Goi D 1a diém trén CA sao cho CD = 3. Tinh CD.CB.

Bai 2.15. Cho cac vécto a,b co do dai bﬁng 1 va thoa man diéu kién

b| = 7. Tinh

- -

cos a,b .

Bai 2.16. Cho cac vécto a, b co do dal bang 1va goc tao bai hai vée to bang 60°. Xéc dinh

— - -

cosin goc gitta hai vecto wva v Vi u=a+ 2b,v=a-—0
Bai 2.17. Cho hinh vuéng ABCD canh béng 3. Tren canh AB lay diém M sao cho BM =1,

trén canh CD l4y diém N sao cho DN = 1 va P la trung diém BC. Tinh cos MNP.
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Bai 2.18. Cho hinh chit nhiat ABCD ¢6 AB = 2. M la diém duoc xé4c dinh béi

AM = 3MB, G la trong tam tam giac ADM . Tinh MB.GC

Bai 2.19. Cho ti gidc ABCD . Goi M, N 1an luot 14 trung diém ciia DA, BC. Tinh géc giita
hai duong thing AB va CD biét AB = CD = 2a, MN = av/3.

Bai 2.20: Cho t giac ABCD cé

AB = BC =25, CD = BD = 5vJ2,BD = 3J10, AC = 10. Tim gdc gitra hai vecto
AC,DB.

Bai 2.21: Cho tam gidc ABC déu c6 canh bang 1. Goi D 13 diém dbi xtig véi C qua dudng
thing AB, M 14 trung diém cua canh CB.

a) Xac dinh trén duong thing AC diém N sao cho tam gidc MDN vuéng tai D. Tinh dién
tich tam giac do.

b) Xac dinh trén duong thing AC diém P sao cho tam giac MPD vudng tai M. Tinh dién
tich tam giac do.

¢) Tinh cdsin goc hop boi hai duong thing MP va PD
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