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Dap an chuyén de: ,
Pwéong thang va mat phang song song - Hinh hoc 11

31.
, {MN /| AC
a) Ta co

ACC(5AC)™ MN // (SAC).

b) G,,G, Ian luot la trong tm cac tam giac
SAB va SBC nén

5G, _5G, _2
SM SN 3
MN /) AC=G,G, J/ AC.
GG,/ AC
AC =(SAC)

=G,G, / MN ma

Vay

=G,G, // (SAC).

Be(ABC)n(BG,G,)

NM < (ABC)

G,G, <(BGIG,)

MN // G,G,
=(ABC)n\(BGG,)=d /MN// GG, ,Bed.

127
32.2) Ta c6 2 =N MN// AB
SA SB

c) Ta co

ay {MN PAS L MN /| (ABCD).

AB < (ABCD)

b) Tuong tw yz—@:SD// MP
SA AD

ma MP < (MNP)=SD/(MNP).

c) Ké NR // BC,ReSC, ké

RQ // SB,QeBC thi ta co

SN SR (1) va SR _BQ (2),

SB SC SC BC

Lai c6 NR=BQ=NR=PD
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NR /B
Thém ntra //BQ = NR //PD nén PDRN la hinh binh hanh, t& d6 ta c6
PD // BQ

P // DR
{N d = DR //(SCD).

DR < (SCD)

33. Goi (P) 1a mat phang qua O va song song véi AB va SC
Oe(P)n(SAC)
Ta 6 {SC = (SAC)
SC // (P)

=(SAC)n\(P)=0OM // SC,0€5A.
Twong tw

N e&(SAB)(P)

ABc(SAB)

AB// (P)
= (SAB)n(P)=MN // AB,NeSB.

N &(P)n(SBC)

SC<=(SBC)  =(SBC)n(P)=NP //SC,

SC // (P)
PeBC.
Trong (ABCD)goi Q=PONAD thi thiét dién Ia tir gide MNPQ.

Me(a)n(ABCD)
34.Ta c6 {(a)// BD
BD — (ABCD)

= (a)(ABCD)=MN //BD,N e AD
Tuong tu (a) N (SAD)=NP // SA,PeSD
(x)(SAB)=MR //SA,R €SB
Goi E=MNNAC thi (a)n(SAC)=EQ//SA,QeSC
Thiét dién la ngii giac MNPQR.
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Me () (SBC)
35. Ta c6 {SC <=(SBC)

SC// (a)
= (a)"(SBC)=MP // SC,P e BC.
Tuong tu (a) N (SCD)=NQ / SC,QeSD
Trong (ABCD) goi I= ACAPN thi
(a)(SAC)=IT //SC,TeSA
Thiét dién 1a ngfi gidc MPNQT .
2)6601 I=AO0NBC,]=AO'"BD ta cb
(AOO")(BCD) =1 do dé
00'//(BCD) <00 /1]

NS W (1).

O O
Mt khac ta C(’)O—AZﬁ (2)

Ol BI

O'A AB \
ST o (3). Tt (1),(2),(3) suy ra D
BI=B]J.

. ,IB AB IB AB
Laico —= v

— = =
IC AC  BC AB+AC
. JB AB B AB
Va = e
JD AD  BD AB+AD
ABBC  ABBD

nén IB=JB < =
AB+AC AB+AD

BD AB+AD C
b) Truong hop OO' // (BCD) va
00’ //(ACD) thi ta c§ d
(BCD)~(ACD)=CD A
00'// (BCD) =00'//CD.
00'// (ACD)
Vivay OO' va CD déng phang.
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Xét ba mat phing (ABC),(ABD),(CDOO")
d6i mot cit nhau theo ba giao tuyén la
AB,CO,DO' nén ba giao tuyén nay dong
quy.Goi I la diém déng quy nay thi I la chan
cac dwong phan giac ctia cac goc C,D trong
cac tam giac CAB,DAB tuong ting.Theo tinh J
chat duwong phan giac ta co: 15 _Da o

IB DB
IA CA B
1B CB C
DA CA _BC AC
DA_Ch B2 ()
DB CB BD AD
Két hop véi dang thitc (1) ta co

D

suy ra

A

BC_AB+AC _AC_AB+AC-AC_AD =1( Tinh chat day ti s bang nhau).
BD AB+AD AD AB+AD-AD AB

Vay BC=BD,AC=AD.

37. a) Goi O=ACNBD,I1=SONAM.
BD //(a)

Tac6 {BDc(SBD) = (a)n(SBD)=EF // BD,EeSB,FeSD,I < EF
Ie(a)n(SBD)

Thiét dién la t& gidc AEME.

b) Do O,M lan luot la trung diém

cia AC,SC nén I la trong tam ctia

tam giac SAC = B_2 , mdt khac
I0 3

EF // BD nén

SE SFRSI 2
SB SD SO 3°
Tir do6 ta co

S

1
‘s SC'SB 2
va v _SM SE 1

S« SC'SD 3

c) Dé thay K, A,] 1a diém chung ctia
hai m4t phang (ABCD) va (a) nén

2.1
3 3
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chting thang hang . Goi d = (a) m(ABCD) thi {BD d (a) =d //BD, ma
BD — (ABCD)
BD //EF=d // EF .
Vay K, A,J thudc duong théng d song song vdi EF.
38.
a)
Me(ABM)n(SCD)
Ta c6 { AB // (SCD) = (ABM)n(SCD)=1J // AB // CD,
ABN(ABM)
Mel],1eSD,J eSC.

Goi E=SNNAB,F=SMnCD= EF=(SMN)(ABCD).
b) Do M, N la trong tam ctia cac tam giac SCD va SAB nén
M 2N 2 oM SN v yEF, EF < (ABCD)=MN //(ABCD).
SF 3'SE 3 ~SF SE
¢ Tacs T D= = M _5SN

SD SF SE

=IN// DE, DE<(ABC)

=MN // (ABCD).

d) Goi A=(SAB)(SCD)
PeAc(SAB)
PeCM
=P=CMn(SAB).

Tuwong tu goi Q=ANNA thi
Q=ANN(SCD).

Ta co S,P,Q thudgc A nén chiing
thang hang.

P=CMnA :{

39. a) Trong (ABCD) goi d la duwong thang di qua A va song song véi BD thi
d cO dinh
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A e(a)
Tacd {Aed =dc (a) . Vay (a) luén chita dwong
d /) BD

théng d cO dinh.
b) Goi I= AMNHK, thé thi 5B _8D 0 nén
SH SK SI
SB SD 250 (1)
SH SK  SI
Goi N la trung diém cua MC, ta cé
SC SN+NC SN NC
SM_ SM_ SM SM oSN 1,50 4 (2).
_SN N SN -SM SM SI
SM SM

Tl (1),(2) ta c6 EJFS—D—E 250 (250 1}:1.

SH SK SM  SI SI
c) Xét cadc mit phang (a),(SAB),(SCD) ta thay
() ~(SAB)=AH, () n(SCD) = MK, S
(SAB)(SCD)=d // AB // CD.
Do dé6néu AH /MK = AH /MK //d
= AH // AH (vo6 li). M
Twong twe, Néu AK / MH ciing dan dén vé Ii.
Vay thiét dién khong thé la hinh thang.

40. Gia st () cat cac canh AC,CB,BD,DA theo 4

tht tw tai M,N,P,Q thi MNPQ 14 hinh binh

hanh. o

Ta c6 MN// AB // PQ va MQ//CD/ /NP C
MN CN CN.AB a

Doddé —=—=MN= =—CN
AB CB CB b
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Tuwong tu NP _ON =NP= CIIBN _ 2BN.
CD BC BC b

bé MNPQ la hinh thoi ta phai c6
MN =NP = CN =BN hay N la trung diém
ctia BC. Tt d6 ta suy ra dwoc M, P,Q ciing la
trung diém cua cac canh AC,BD,AD.
BA2+BC? AC? 2(a’+b%)-c’
2 4 4 '
2a? +b?) -

4
=BM=DM= MP L DB, do dé

Ta c6 BM? =

Tuwong tu DM’ =

MP” — BM:? - BD” = 2(a2+b2)—c2 _iz a2 B ?
4 4 2

a’+c* -b’

— -

— =MP.NQ=%\/(a2 +b? —CZ)(a2 +c? —bZ)

Tuwong tu ta tinh dugc NQ* =

Vay S

Me(a)n(ACD)

41.a) Ta 6 {CD<(ACD)  =(a)n(ACD)=MN/ CD,NeAC
CD //(a)

Tuong tu (a)~(BCD)=PQ// CD,QeBD.

Thiét dién la t gidc MNPQ.

\ {MN // CD
Vi
PQ// CD

hinh thang.

Dé thdy DQ=CP=x, DM=a-x, Ap dung
dinh Ii c6 sin cho tam giac DMQ ta c6

MQ? =DM? + DQ? —2DM.DQcos 60°

= MN // PQ nén MNPQ la

=MQ* =x" Jr(a—x)2 —2x(a—x)%

=3x* -3ax+a’ =>MQ=+v3x* —3ax+a’ .

Twong tu ta cling tinh duwoc

NP =+/3x* —3ax+a’> =MP=NQ.

Vay MNPQ 14 hinh thang can. Dé thdy MN =x,PQ=a—x, dudng cao hinh

thang h=%\/8x2 —8ax+3a’.
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Syovro =%[a+(a—x)].%\/8x2 —8ax+3a’ = %a\/sz —8ax+3a’ .

2

2
b) Ta c6 Sy Z%a\/8x2—8ax+3a2 :%a S(X—%J +a?>d

2
PN . z a
Vay minS, ., = ) &> X= 5"
42.
Tace {207 P AB // (SCD
D12 ep e (scp)” /(D).
AB // (SCD)
Do d6 4 AB < («) = MN // AB, hay ABMN 14 hinh thang.
(«)n(SCD)=MN
, {1 e AMc(SAC)
b) Tacé I=AMNBN = .
IeBN —(SBD)

Goi O=ACNBD
= S0 =(SAC)(SBD), thé thi

I1eSO ¢0 dinh.
c) Lap luan tuong tu cau b) ta
duoc K thudc giao tuyén cta hai
mat phang (SAD) va (SBC) ;
Vi MN//AB= 2D _ BM
MN MK
BC MB

T tw SK//BC= —=——
wong fur 5K/ BC= o = MK

suy ra % —% =0 khong doi. B
43.2) Goi ] =AC~A'C thi TJ 1a

duong trung binh cua tam giac C'B'A nén IJ / AB'.
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Vay {H C(A'IC):AB'//(A'IC).

AB'//T]
AB'//(A'IC)
b) Ta c6 < AB'c(MA'B) —PQ/ A'B.
(MA'B)n(A'IC)=PQ
Dt aM__ (0<x<1).
A'C
S : ' 1
Taco oare - ATAQ
S A'CA'T
Do AM//AC nén 2L _AM_ GoiN 1a
A'C AC
trung diém cua AC' thi ta cd A,?:‘:'M =A,A, bl - = Al;/l
N ACENC AC= CM
2A'M
B A'M _2A'M A 2x
Avcv_l(Avcv_AvM) AC+AM 1+AM 1+X
2 A'C
S ' 2
_ Sarg _ X
Sumg ATX
S 2
Dodéﬁzzazx —g<:>9x —x—1= O<:>x—1+\/§.
S, 9 14x 9 18
Vay d€ S, o :%SAA.CI thi M nam trén A'C' sao cho A'leJrl\é?’_7 A'C'.
44.
a) Goi M la trung diém cta canh AC thi M—l a LIS, —1.
B 3 MC' 3
Do d6 Ig_MG =1G / BC'
B MC B B’
Vay IG // BC'=(ABC))
=1G//(ABC').
b)
Dé thdy C,G,A' thang hang va
ACJ/A'C' = AG_CG_
GC GM

Goi N la trung diém cua B'C’

Ta co K la trong tam ciia AA'B'C' nén

AK2 A'G_AK

A'N GC AN

=GK//CN.
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Vay GK // CN<(BCC'B')=GK //(BCC'B').
Ie(IIM)(ABC)
45.a) Ta c6 { AB<(ABC)
AB // (IIM)
= (M)~ (ABC)=IE // AB,E€BC.
Tuong tw (JM)(ABD)=]F // AB,F € BD
Tir d6 ta thay EF =(MIJ)~(BCD) ma
Me(MIJ )~ (BCD)=M€eEF.
Vay tap hop diém M 1la doan EF.

JE /] AB
thang.

IE J/ AB
b) Do{ I AB n thiét dién TEF] 1a hinh

D& thay JF = %,IE = % . Ap dung dinh I{

Cosin ta co IJ* = AI* + A]> —2AIA] cos60°

a® 4a? 2a 1_13a°

a
_a p,adal
4 9 2 3 2 36
13a?
36

Twong tu ta cling c6 1E* =

, do do IEF] la hinh thang can va khong kho

225451

144

khéan gi ta c6 thé tinh duoc dién tich thiét diénla S=

Group: https://www.facebook.com/groups/tailieutieuhocvathes/




