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Pap an chuyén dé:

Khai niém dao ham - Giai tich 11

Vain dé 1. Tinh dao ham bang dinh nghia

Bai 1
1. Ta co: f'(xy) =2 2. f'(xg)=-2

\/x2+x+1—\/;

3. £'(2) = lim ~lim— X=2)(x+3) 5

2 x=2 X_)Z(X—Z)(\/x2+x+1+\/;):2\/;

4. f’(g):o

5. limwzlim\/x 2% +%+1 1:im g

1

Vay f'(1):%.

1
2

Bai 2
1. Ta co: f(x)—f(E)=sin2x—sinn=2cos X+ = |sin| x— =
2 2 2
f(x) - £(5) cos| x += |.sin| x— =
: P, L 2 2
= lim —%-=21lim =-2
XHE X—E X%E )(—E
2 2 2 2

2. Taco f(x)—f T :tanx—tanE:(lthanx).tan x—2
4 4 4

f(x) — (™) (1+ tanx) tan(x — Zj
Suy ra lim —4" ~ lim =2
X—>— X — E X—)E X — E
& 4 & 4
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3. Ta cé: limM =lim Xsin1 =0
x—0 X x—0 X

Vay £'(0)=0.
Bai 3
1. Ta cé: £(x)—f1) =x> —1=(x—-1)(x> +x+1)
Suy ra: limw = lim(x2 + X+ 1) =3

x->1  x-1 x—1
Vay f'(1)=3.
2.Tacd lim f(x)= lim (2x+3)=5

x—17F x—17F

%+ 2 —Tx+ 4 2
lim f(x)= lim = lim (x* +3x-4)=0

x—1" x—1" x-1 x—1"

Dan téi lim f(x)# lim f(x) = ham s6 khong lién tuc tai x =1 nén ham s&
x—1* x—1"
khong c6 dao ham tai x5 =1.
.2 )
: . sin“x .. sinx .
3. Tacd lim f(x)= lim = lim ( .smx]=0
x—0" x—0t X x—0" X

lim f(x)= lim (X +x2 ) =0 nén ham s0 lién tuc tai x=0

x—0 x—0
- ] 2
lim f)-1£(0) _ lim S X
x—07" X x—0" X2
_ 2
lim )~ 1£(0) _ T LR W)
x—0" X x>0~ X
Vay {'(0)=1.

4. Ta cb ham s lién tuc tai xg=—1 va
f(x)—f(-1) X2 +x + x+1]
x+1 x(x+1)

2
lim M: lim LZXHZO

nen xo>-1t  x+1 xo-1t X(x+1)
(D) _ 4 x*-1 _
x+1 1™ X(x+1)
f(x) —£(-1) + lim f(x) —£(-1)
x+1 w1~ Xx+1

lim
x—>-1"

Do dé lim
x——1T

Vay ham s6 khong c6 dao ham tai diém x; =-1.
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Nhin xét: Ham s0 y =f(x) c6 dao ham tai X=X, thi phai lién tuc tai diém

doé.
Bai 4
1. Ta cé: im f(x) = lim (x> +x)=2; lim f(x)= lim (ax+b)=a+b
%1+ x—1t x—1" x—1"
Ham ¢é dao ham tai x =1 thi ham lién tuctai x=1 <a+b=2 (1)
fra— 2 -

fim SO oy B EE2 e e 2

x—>1t X~ 1 x—>1t X~ 1 x—1t

lim M= lim M= Jim &X~2 =a(Dob=2-a)
x—>1" X~ x—-1" X~ x—1" X~

a=3

Ham c6 dao ham tai x=1 Q{b——l'

2. Ta thay v6i x #0 thi f(x) ludn c6 dao ham. Do &6 ham s6 ¢6 dao ham trén
R khi va chi khi ham c¢6 dao ham taix=0.
Tacéd: lim f(x)=1;, lim f(x)=b= f(x) lién tuc taix=0<b=1,
x—0" x—0"
Khi do: f'(0+) = lim M =0; f'(07)= lim M —-a
x—0" x—>0" X
=f'(0")=f'(07)<=a=0.
Vay a=0,b=1 la nhing gia tri can tim.
3.Taco lim f(x)=1=£(0); lim f(x)=b
x—0" x—0"

Ham s6'lién tuc tai x=0<b=1

lim M: lim X—_lz—l, lim M: lim a=a
x—0" x x—>0h X+ 1 x—>0" % x—>0"
Ham sd ¢6 dao ham tai diém x=0<a=-1

Vaya=-1,b=1 la gia tri can tim.

Group: https://www.facebook.com/groups/tailieutieuhocvathcs/




