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TiCH PHAN
A. KIEN THUC CO BAN

1. Pinh nghia

Cho f |a ham sé lién tuc trén doan [a;b]. Gid s& F |a mot nguyén ham cda f trén [a;b]. Hiéu
s6 F(b)-F(a) dwoc goi la tich phan tir a dén b (hay tich phan xac dinh trén doan [a;b] cha

b
ham sé f(x),ki hiéu la j f (x)dx.
Ta dung ki hiéu F(x) = F(b)- F(a) dé chi hiéu sb F(b)—F(a). Vay
B b
[ f()dx=F (%), =F(b)-F(a).

b b
Nhan xét: Tich phan cia ham sb f tir a dén b c6 thé ki hiéu béi | f(x)dx hay j f (t)dt. Tich
a a

phan dé chi phu thudc vao f va cac can a, b ma khéng phu thudc vao cach ghi bién sé.
Y nghia hinh hoc cda tich phan: Néu ham sé f lién tuc va khéong am trén doan [a;b] thi tich
b
phan jf(x)dx la dién tich S cha hinh thang cong gi¢i han b&i d6 thi ham sé y = f (x), truc Ox
. b
va hai dwong thang x=a,x=b. Vay § = f (x)dx.

2. Tinh chét caa tich phan

a b a
1. jf(x)dx:O 2. jf(x)dx:—jf(x)dx
a a b
b c ¢ b b
3. [ FO9ax+[ f(dx =] f(x)dx (a<b<c) 4. [kfeydx=k[ f()dx (k eR)
a b a a a

b b b
5. [Lf()*g(0]dx = f(x)dx=[g(x)dx.

A.KY NANG CO BAN
1. Mét so phwong phap tinh tich phan
I. Dang 1: Tinh tich phan theo cong thirc

Vi du 1: Tinh cac tinh phan sau:
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1 1 1 1
a) 1-[—% . o) 1=[ax. ) 1=[Z . d) =[x
o (1+x)° ¢ X+1 ¢ X+3 0 4—X

Hwéng dan giai

fodx fd@+x) 1 3
a) 1= -([(1+x) I(1+x) 20+x)?|, 8
_l X 1_
b) I_Ox—+1dx 0[1—Fjdx (x —|n(x+1))\0_1—|n2.

1

1
0 IZJ-2x+9d —J'[2+%de (2x+3|n(x+3))|2:3+6In2—3ln3.

5 X+3 0 X+

1 1d(4-x?
d) |=£4_—’;zdx=—%£%=m|4—xz|\z=|n§

Bai tap ap dung

1) I:_l[x3(x4—1)5dx. 2) I=j(«/§+3x+l)dx.
3)I=Jl'x\/1—_xdx. 4)|_~[J_ 7
0 X+9

ll. Dang 2: Dung tinh chéat can trung gian dé tinh tich phan
b b b
St dung tinh chét [[f (x)+g()Jdx= [ f (x)dx+[g(x)dx d& bo dau gié tri tuyét doi.

2
Vi dy 2: Tinh tich phan I = [|x+1]dx.
2

Hwéng dan giai
X+1, -1<x<2 ,
.Do doé

Nhan xét: |x+1 =
—X -1, —-2<x<-1

| _j|x+1|dx_jl|x+1|dx+j|x+1|dx
-2 -2
=—j(x+1)dx+ ‘Z[(X+1)dx
-2 -1

X2 N X2
=—| x| +|=—+x

2
=5.

-1

Bai tap ap dung
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3 2
1) |=.[|x2—4|dx. 2) I=I|x3—2x2—x+2|dx.

4 -1

'—-N\ﬁl

3
3) 1=[]2"-4]dx. 4) 1= [ 2|sinx|dx.
0

NN

5 1= J'«/1+ cos 2xdXx .
0

lll. Dang 3: Phwong phap doi bién sé
1) Péi bién sé dang 1

Cho ham sb f lién tuc trén doan [a;b].Gid st ham sé u=u(x) cé dao ham lién tuc trén
doan [a;b] va a<u(x)<pB. Gid st c6 thé viét f(x)=gu(x))u'(x),x[a;b], v&i g lién tuc
trén doan [«; 5] Khi do, ta co
b u(b)
= [f(9dx= [ g(u)du.
a u(a)

V4

2
Vi dy 3: Tinh tich phan 1 = [sin® xcos xdx.
0
Hwéng dan giai
Patu =sinx. Ta cé du = cos xdx.

Déi can: x=0:>u(0)=0;x=%:u(%)=l.

T

2 . 1,1 1
Khi do 1 :J.sin2 xcosxdx=ju2du =-ud ==,
) ) 3 03
Bai tap ap dung
1 1
I =jx\/x2+1dx. 2) | :jx\3/x+1dx.
0 0

3 |=i 1erlnxdx KA _JZX\/2+Inx

DAu hiéu nhan biét va céch tinh tinh phan
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DAu hiéu C6 thé dat Viduy

. 3 xdx <
1|Co Jf(x t=f(x bat t=+/x+1
JFX) JFX) 1= ek J
2 | Co (ax+b)" t=ax+b I =I§x(x+1)2°16dx. bat t=x-1
netanx+3
3|Coa'™ t="f(x) I=J‘4 —dx. Déatt=tanx+3
0 cos” x
t=Inx hodc e Inxdx o
. dx .z L l=| ————. Pat t=Inx+1
4 | Co —valnx | biéu thrc chira L x(Inx +1) i
X In x
5 | C6 e dx t=e* hodc bieu | :I;nzezxxl3ex +1dx. Dat t=+/3e* +1
thirc chira e*
6 | CO sin xdx t =cosx I :_[(fsin?’xcosxdx. Pat t =sinx
. . z sindx y
7 | CO cosxdx t =sin xdx I :I ———dx bat t=2cosx+1
0 2cosx+1
I = dx=[4(@+tan?x dx
8 | Co d); t =tan x IO cos® x I ( )coszx
COS” X
Pbat t=tanx
; dx L3 ecotx ecotx .
Co . I dx = dx . Dat t =cotx
9 sin? x togeLx = 1—-cos2x -[Zsinzx '

2) Déi bién sé dang 2
Cho ham sé f lién tuc va c6 dao ham trén doan [a;b]. Gid str ham sb x = ¢(t) cé dao
ham va lién tuc trén doan [«; 8] sao cho ¢(a)=a,¢(B)=b va a<g(t)<b v&i moi

te[a; Al Khido

b B
[ f0dx=] f (o) Ot

M6t sé phwong phap déi bién: Néu biéu thirc dwdi diu tich phan cé dang

1. /az_xz . dat x=|a|sint; te[—%;%}
2. \x*—a?:dat x=|fi|; te[—z;z}\{O}
sint 2 2
3. Jx*+ x = a|tant; te(—% %)
4, Z+X hoac f :dat x=a.cos2t
\/ X
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Lwu y: Chinén sir dung phép dat nay khi cac diu hiéu 1, 2, 3 di v&i x mi chn. Vi
2 B x2dx
dy, dé tinh tich phan 1= |

0 ’\/Xz +1

thi nén déi bién dang 1.

thi phai dbi bién dang 2 con véi tich phan

| ZI% x3dx

0 Jx?+1

Vi du 4: Tinh cac tich phan sau:

a) Izj' 1—x2dx. b) I:j dxz.
0 o l+X

Hwéng dan giai
a) Dat x=sint ta co dx=costdt. Dbi can: x=0=t=0;x= 1:>t—% vay

/4

| cost |dt = J'costdt =sint |O2 =1.

o'—.l\)m

N

b) Pat x=tant, ta co dx=(1+tan2t)dt.E)6i can: . . Vay

todx % o
:£1+x ;';d é:Z'

IV. Dang 4: Phwong phap tinh tich phan tirng phan.
Binh 1i : Néu u=u(x) va v=v(x) 1a hai ham sé c6 dao ham va lién tuc trén doan [a;b]

thi
j u(X)V'(X)dx = (u(x)v(x) j u'(X)V(X)dx,

b b
hay viét gon la judv =uwl —jvdu :
a a

b
Céc dang co ban: Gia st can tinh | :IP(x).Q(x)dx
a

Dang | P(x): Pa thirc _ ] B(x): Ba thi
ham o P(x): Pa thirc (x): Pa thirc . )

Q(x): sin(kx) hay e Q(x): In(ax-+b) P(x): Pa thuc
cos(kx) Q(x):e '
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1

Q(X): —— hay
sin® x
1
cos? x
*u=P(x) T u=Pk * U =P(x)
Céach s . |*dviaPhan con | u=h(ax+b) e
N *dvlaPhanconlai |, . . .z ) * dv la Phan con lai
dat lai cda bieu thre cia biéu therc duoi

cla biéu thirc dwdi
d4u tich phan

* dv= P(x)dx

dwdi  dau  tich

phan

d4u tich phan

ix??

Thong thwong nén cha y: “Nhat log, nhi da, tam lwong, tée mi”.

Vi du 5: Tinh cac tich phan sau :

T
2

a) | =J'xsin xdx.
0

o = , d :d ,
a) bat ! X_ ta co " . Do doé
dv =sin xdx V =—CO0S X
2 s 3 -
I =jxsin xdx = (—xcosx)[¢ +.|'cosxdx=0+sinx|§ =1
0 0
u=In(x+1) s 11dX
b)Dat I ta co X+
dv = xdx x2-1
2
e-1 2 e-1 e-1
1= [ xln(x+1)dx=[ln(x+1)x 1} —ij(x—l)dx
0 2 0 2 0
e-1

e2—2e+2 1{x2 j
= " ]2 _x

b) I = Txln(x +1)dx.
0

Hwéng dan giai

0

2 2 2

_e®-2e+2 1e*—4e+3

2 2 2

e? +1

Bai tap ap dung

1
11 :j(2x+ 2)e"dx .
0

4

2
2) 1= j2x.cos xdx .

0
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2 X 1
3) I= j xz.sinde. 4) I:j(x+1)2e2de.
0 0
4.2 TiCH PHAN

B.BAI TAP
NHAN BIET — THONG HIEU

Caul. Chohaihamsé f, g lién tuc trén doan [a;b] va sb thuc k tly y. Trong cac khéng dinh
sau, khang dinh nao sai?

A. _Txf (x)dx = xj‘ f(x)dx. B. _T f(x)dx = —j‘. f(x)dx.
C. j’.kf (x)dx = ki f(x)dx. D. j.[ f(X)+9g(x)]dx = j’ f (x)dx+ig(x)dx :

Cau 2. Cho ham sb f lién tuc trén R va sb thwe dwong a. Trong cac khang dinh sau, khang
dinh nao luén duang?

A. _Tf(x)dx:o. B. jf(x)dx:l. C. _Tf(x)dx:—l. D. _Tf(x)dx: f(a).

1
Cau 3. Tich phan jdx c6 gia tri bang
0
A L. B. -1. C. 0. D. 2.
Cau 4. Cho sb thuc a théda man Iex*ldx —e? -1, khi d6 a co6 gia trj bang

-1

A.l. B. -1. C.0. D. 2.
Hwéng dan giai
Taco je”ldx =", =e*" —e. Vay yéu cu bai toan twong dwong
-1
e -1=¢"-1 < a=1.

Cau 5. Trong cac ham sé duéi day, ham sé nao cé tich phan trén doan [0; 7] dat gia tri bang 0
?
A. f(x)=cos3x. B. f(x)=sin3x.

C. f(x):cos(§+%j. D. f(x):sin(§+%).
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Hwéng dan giai
Tinh tich phan cho tirng ham sb trong cac dap an:

T

=0,

_[cos 3xdx = lsin 3x
3 0

4

=2,

_[sin 3xdx = —lcos3x
3 0

jcos( jdx 4sm(4 Zj”

0

Ism( jdx_—4cos(4 %j

Vay chon f(x) =cos3x.

—2(\2-2),

T

=2\2.

0

Céau 6. Tich phan nao trong céac tich phan sau c6 gia tri khac 2?
e? 1 V.4 2
A. Iln Xdx . B. _[de. C. _[sin Xdx . D. jxdx.
1 0 0 0
Hwéng dan giai

Du giai bang may tinh hay l1am tay, ta khéng nén thi tinh 1an lwot tirng dap an tir A dén D,
ma nén chon cac tich phan don gian dé thir trwdce. Vi du

1
jzdx =2xls =2

2

j
0
T
J.sm xdx =—cos x|y =2,

2

nén nhan jln xdx .

1 2
Cau7. Trong cac ham sb dudi déy, ham sé nao théa man | f(x)dx = [ f(x)dx?

-1 -2
A. f(x)=sinx. B. f(x)=cosx.
C. f(x)=¢e". D. f(x)=x+1.

Hwéng dan giai
[Cach 1: Phwong phap tw luan]
Tinh 1an lwot tirng tich phan (cho dén khi nhan dwoc két qué dung), ta dwoc:

1 2

- 1 - ~
J'sm Xdx =—cosx|; =0= _[sm xdx = nhan,
-1 -2
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1 2

. 1 . N . 2 . .

. jcosxdx=sm X[, =2sin1, va Icosxdx=sm x>, =2sin2 = loai,
-1 -2

1 2
1 N 2 . .
. _[exdx:ex|_1:e—e’l, va J'exdx:ex|_2 —e’—e? > loai,
-1 -2
2
=4 - loai.

1 2 1 2 2
o j(x+1)dx=ﬂ‘ =2,va I(X+1)dxzm
-1 2 -1 o) 2 i)

Vay ta nhan dap an f(x)=sinx.

[Cach 2: Phwong phap tw luan]

a
Ta dé biétnéu f laham s6 1é valiéntuctrén R thi [ f(x)dx =0 véimoi sb thuc a. Trong
—a

cac lwa chon & day, chi c6 ham sb y= f(x) =sinx la &, nén dé la dap an cla bai toan.

[Cach 3: Phwong phap trac nghiém]

Thuwc hién cac phép tinh sau trén may tinh (dén khi thu dwoc két qua bang 0 thi ngung)

Phép tinh Kef
qua

1 2
_[sin xdx—jsin xdx 0
-1 )
1 2
I COS Xdx — j COS Xdx £0
-1 -2
1 2
J'exdx—J.ede £0
-1 -2
1 2
[Ocenax= [ (x+Ddx | 20
-1 -2

Vay ta nhan dap an f(x)=sinx.

5
Cau8. Tichphan I = d—;‘ c6 gia tri bang
2

A. In%. B. %InB. C. 3In3. D. In=.
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Hwéng dan giai
[Cach 1: Phwong phap tw luan]
5
I =J‘%=In|xllizln5—ln2:ln§.
5 X 2

[Cach 2: Phwong phéap trac nghiém]

Bugce 1: Dung may tinh nhw hinh bén, thu duoc gia tri = ; . ath &
0,91629... JEEHH
0. 9162907319
5 5 = Math &
Budc 2: Lay e cho két qua > - chon InE. ghin=s
=
z

[Cach 3: Phwong phap trac nghiém]
Thuc hién cac phép tinh sau trén may tinh (dén khi thu dwoc két qua bang 0 thi ngung)

T

Phép tinh | KO Phép tinh | O
qua qua

5 5

J.%—InE 0 ——3In3 #0

> X 2 > X

5 5

I%—EInB #0 I%—Inz #0

5 X > X S

- chon Ing.

ISTE]

Cau 9. Tich phan I _I— co gia tri bang
sin x

3

A fhs. B. 2In3. C.2Int. p. int
2 3 23

Hwéng dan giai

[Cach 1: Phwong phap tw luan]
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< < dx :l (cot§+tan zj dx
2sin —cos— 2 7 2
2 2

2 ”(coszx+sinzx)
I=J2' dx _T 2 2
2

W[ oy

NN

L x X
=|In|sin=|[—In cos—}
i 2 2

z
3

= Inﬁ—lnﬁ}—{lnl—lnﬁ}
L 2 2 2 2
=In \/§
[Cach 2: Phwong phap trac nghiém]
Budc 1: Dung may tinh nhw hinh bén, thu dwoc gia tri e . B Math¥a
0,549306... Lﬁﬁmdkﬁ
0. 5493061443
e 7 Fi Math &
Buoc 2: Ly €% cho két qua 1,732050808...~+/3 > AN
h lI 3
chon —ins. 1. 732050508

[Cach 3: Phwong phap trac nghiém]

Thuc hién cac phép tinh sau trén may tinh (dén khi thu dwoc két qua bang 0 thi ngwng)

phép tinh | KO Phép tinh | KO
qua qua

2dx 1 2 dx 1

———=In3 ——2In=

;[sinx 2 0 -,[sinx 3 #0

3 3

2 dx Zdx 1,1

—-2In3 ——=In=

;[sinx #0 ;[sinx 2 3 #0

3 3

- chon %Ins.

Nhan xét: O bai nay cach lam bang may tinh c6 vé nhanh hon.
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0
Cau 10. Néu j(4—e‘x’2)dx= K —2e thi gia tri cia K la
A. 10. B. 9. C. 11. D. 12,5.
Hwéng dan giai
[Phwong phap tw luan]
K = [(4—e?)dx+2e = (4x-+2e™2)[, + 26 = 2 (-8+2¢) + 26 =10.
2
[Phwong phap trac nghiém]

m Math &

0
Dung may tinh tinh [ (4—e™>2)dx+2e nhw hinh bén, thu J"Z' KT
J o Ld-eT T b

duwoc giatri K=10. 10

1
Céau 11. Tich phan | =Iz;2dx c6 gia tri bang
2 X=X~

2In2 B. 2In2.

A - .
3 3

C. -2In2. D. Khéng xac dinh.
Hwéng dan giai

[Phwong phap tw luan]

iX ox2 ™= j(x 2)(x+1) :%j[i_i}b@%[|H|X—2l—ln|x+ﬂ]|z=_2|”2_

oLX=2 x+1 3
. ;LR 2 N - 1 1 X—a.| 2 _.a N ,
Hoc sinh co thé ap dung cong thirc J' dx = In +C dé giam mét buwéc
(x—a)(x—b) = a-b |x—b|
tinh:
1 1 1
|:J.2#d)(:j— le X;Z —_%
o X" —X-2 5 (Xx=2)(x+1) 3 Ix+1l, 3
[Phwong phap trac nghiém]
Buoc 1: Ding may tinh nhw hinh bén, thu duoc gia tri 1y ) . et &
~0.4620981.. JDT_?_dH

-0, 4620951204

Budc 2: Loai dap an dwong ng va loai dap an nhiéu

“Khéng xac dinh”.

Math &

fns<1nC2y

1
][]
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Buwoc 3: Chia gia tri —0.4620981... cho In2, nhan dugc
2

3

- chon _2In2.

5 5
Cau 12. Cho ham sb6 f va g lién tuc trén doan [1;5] sao cho jf(x)dx= 2 va J'g(x)dx:—4. Gia
1 1

tri cGa j'[g(x)— f(x)]dx la

A. 6. B.6. C. 2. D. 2.

Hwéng dan giai

P e U1

[9(x) - f(X)]dx:jg(x)dx—j f(x)dx=—4-2=-6.

3 3

Cau 13. Cho ham sb f lién tyc trén doan [0;3]. Néu Jf(x)dx:z thi tich phan J' x—2f(x)]dx cé
0 0

gia tri bang

A. l B.

.o, D. 7.
2

N | o
@)

Hwéng dan giai
3 3 3 9 1
X=2f(X)|dx=|xdx-2| f(X)dx==-2x2=—.
D26 (0Jde= [ -2 1 (09dx =2 ~2x2=7
i i 5 3 5
Cau 14. Cho ham sb f lién tuc trén doan [0:6]. Néu j f(x)dx =2 va j f(x)dx =7 thi j f (x)dx co
1 1 3
gia tri bang
A. 5. B. 5. C.9. D. -9.
Hwéng dan giai

.5[f(x)dx:j'f(x)dx+j'f(x)dx:—J3.f(x)dx+j‘f(x)dx:—7+2:—5.

Céu 15. Trong cac phép tinh sau day, phép tinh nao sai?

2 3
A. j dx =(Inx)|. B. jexdx:(ex)ﬁ.
,3 1
27 2z 2 X2 ’
C. Icosxdx:(sinx)L[ : D. j(x+1)dx:(?+xj .
V3 1 1

Hwéng dan giai
Group: https://www.facebook.com/groups/tailieutieuhocvathcs/
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-2 -2
Phép tinh [ =dx=(Inx)| 12 sai. Phép tinh dung 1a [ = dx = (Inx)) ;.
X X

-3

Cau 16. Cho ham sb f lién tuc trén doan [a;b] c6 mét nguyén ham la ham F trén doan [a;b].
Trong cac phat biéu sau, phéat biéu nao sai ?

b
A. J'f(x)dx: f(b)-f(a).
B. F'(x)=f(x) v&i moi xe(a;b).
b
C. [f(x)dx=F(b)-F(a).
i b
D. Ham so G cho béi G(x) = F(x)+5 cling théa man _[f(x)dx:G(b)—G(a).
Cau 17. Xét ham sb f lién tuc trén R va cac sb thwc a, b, ¢ tuy y. Trong cac khang dinh sau,
khang dinh nao sai?
b c b
A. jf(x)dx:jf(x)dx—jf(x)dx.
b c b
B. J.f(x)dx=J.f(x)dx+If(x)dx.

C. jl f (x)dx =])' f (x)dx—j‘. f (x)dx.

b c c
D. jf(x)dx:jf(x)dx—jf(x)dx.
a a b
Cau 18. Xét hai ham s6 f va g lién tuc trén doan [a;b]. Trong cac ménh dé sau, ménh dé nao
sai?
i b
A.Néu f(x)=mvxe[a;b] thi [ f(x)dx>m(a—b).
i b
B. Néu f(x)2m vxe[ab] thi [ f(x)dx>m(b—a).

b
C.Néu f(x)<M vxelab] thi [ f(x)dx<M(b-a).

b
D. Néu m< f(x) <M vxe[a;b] thi m(b—a) < f(x)dx<M(a-b).

Hwéng dan giai
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b
Ménh d& “Néu f(x) >m Vx e[a;b] thi j f (x)dx = m(a—b)” sai, ménh d& ding phai 1a

b
“Néu f(x)>m vxe[a;b] thi j f(x)dx>m(b—a)".

Cau 19. Cho hai ham sé f va g lién tuc trén doan [a;b] sao cho g(x) =0 v&i moi x e[a;b]. Xét
cac khang dinh sau:

l. .T[f(x)+g(x)]dx:j‘ f (x)dx+j‘g(x)dx.

b

I [ F0)-g09]dx = [ f(x)dx— [ g(x)dx.

a

I, .T[ f (x).g(x)]dx :_T f (x)dx.j g(x)dx.

b

. [ £ (0dx
v [T g .
2 9(X) Ig(x)dx

Trong cac khang dinh trén, cé bao nhiéu khang dinh sai?
A 2. B. 1. C. 3. D. 4.
Hwéng dan giai

b

. j fodx X .
Céac cong thire j 09 gy = 2 va j [f(x).9(x)]dx = j f (x)dx. j g(x)dx 1a sai.
a g(X) j).g(X)dX a a a

3
Cau 20. Tich phan _[x(x—l)dx c6 gia tri bang vai gia tri cda tich phan nao trong céac tich phan
0

dudi day?
In<I0 3z
A. e”dx. B. 3jsin xdx .
0 0
2 V4
C. J.(x2+x—3)dx. D. J.cos(3x+7r)dx.
0 0

Hwéng dan giai

[Phwong phap tw luan]

Group: https://www.facebook.com/groups/tailieutieuhocvathcs/
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Tinh rd tirng phép tinh tich phan dé tim ra két qua dang (Chi tinh dén khi nhan dwoc két
qua dung thi ding lai):

In~fl0 ” e2x Invio ezanl—O 1 9
[ ) '[ e dX:— ==,
2 o 2 2

0
3z

3I sinxdx =—3cosxl” =6,
0

Il

|
+
N
|
(o)
Il

|

I

2 3 2
j(x2 +x—3)dx:(x—+x——3xj
) 3 2

Icos(3x +)dx = %sin(Sx +7)|; = %(sin 4z —sinz)=0.
0
In»\/m
Vay chon j e?*dx.
0

[Phwong phap trac nghiém]

Nhap cac phép tinh sau vao may tinh dé thu két qua:

Phép tinh KeE
qua

3 In\/m
[x(x=Dax— [ edx 0
0 0
3 3z 3
jx(x—l)dx—.[sin Xdx -
0 0 2
3 2
Ix(x—l)dx—j(x2+x—3)dx 35
0 0 6
3 V3 9
Ix(x—l)dx—fcos(3x+7z)dx >
0 0

In\10
Vay chon I e?*dx .
0

Cau 21. Trong cac ménh dé sau, ménh dé nao dung?

b a
A. V&i moi ham sb f lién tuc trén R, ta c6 jf(x)dx: j f(x)d(=X).
a b

3
B. V&i moi ham sé f lién tuc trén doan [-3;3], ludn ¢ I f(x)dx=0.
-3
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b
C. Néu ham sé f lién tyc trén doan [a;b], sao cho If(x)dxzo thi f(x)=0 Vvxe[a;b].

5 3[°
D. V&i moi ham sé f lién tuc trén doan [1;5] thi I[f(x)]z dx:[f(;()] _
1 1
Hwéng dan giai
b a a a
Vi d(=x) = (~Ddx nén [ f(x)dx=—[ f(x)dx = [ f ()(-Ddx = [ f (x)d(-X).
a b b b

Cau 22. Trong cac ménh dé sau, ménh dé nao dang?

1 0
A.Néu f la ham sb chan trén R th‘l_[ f (x)dx:j f (x)dx.
0

-1

0 1
B. Néu [ f(x)dx= [ f(x)dx thi f laham s6 chn trén doan [-11] .
0

-1

1
C. Néu I f(x)dx=0 thi f la ham sb I& trén doan [-1;1].
a

1
D. Néu .[ f(x)dx=0 thi f la ham sé chén trén doan [-1;1].
-1
Hwéng dan giai
i X 0 1 1
e Hamsb y= ><3—E thoa [ f(x)dx= [ f (x)dx va j f (x)dx =0, nhwng no 1a ham [é trén
-1 0 -1
[-1,1].
1
e Hamsb y=x° —% théaj f (x)dx =0, nhwng né lam ham chan trén [-1,1].
-1

e Conkhi f lahamchantrén R thi f(x)= f(-x) v&imoi xeR.Dat t =—x= dt =—dx

va suy ra
.l[ f(x)dx = —'l[ f(X)(-Ddx = —Jl' f(x)d(—x)

- —j f(=x)d (=x) = -]1 f (t)dt = } f (t)dt.
0 0 -1
Cau 23. Gid s& F la mot nguy@én ham cta ham sbé y=x°sin®x trén khodng (0;+x). Khi dé
.zfxesin5 xdx c6 gia tri bang
l A F(2)-F(). B. -F(). C. F(2). D. F)-F(2).

Hwéng dan giai
Group: https://www.facebook.com/groups/tailieutieuhocvathcs/
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b
Ap dung cong thire I f (x)dx = F(b)-F(a), trong dé F la mét nguyén ham cta f trén doan

2
[a;b], ta co jxﬁsinf’ xdx = F(2)—F(1).
1

b
Cau 24. Cho ham sb f lién tuc trén R va hai sb thwc a<b. Néu _[f(x)dx:a thi tich phan
b2 )
[ f(29dx c6 gia tri béng

a/2

A.%. B. 2a. C.a. D. 4.
Hwéng dan giai

[Phwong phap tw luan]

bat t=2x=dt=2dx va

t ‘ a ‘ b
b/2 b/2 b
1 1 o
Va f(2xX)dx==| f(2x)2dx==| f(t)dt ==.
yg (2x) ZJZ (2x) 2! (e ==

[Phwong phap trac nghiém]

Phwong phap tw luan tét hon cd, nhwng néu hoc sinh khéng ndm rd, cé thé thay f bdi
mot ham s don gidn, xac dinh trén [0;1] va tinh toan.

Vidu f(x)=x v&i xe[0;1]. Khi dé

1 1 1
a:jf(x)dx:!xdx:z,

0

suy ra

1/2 1/2
j f (2x)dx = j 2xdx =
0

0

a
>

S

Cau 25. Gia sti¢r F |a mdt nguyén ham cta ham sé y = x®sin® x trén khoang (0;+w). Khi dé tich
phan .2f81x3sin53xdx c gia tri bang

1

A. F(6)-F(@3). B. 3[F(6)-F(3)]. C.3[F-F®]. D.F(@-FQ.

Hwéng dan giai

Pat t =3x = dt =3dx va dbi can
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X ’ 1 ’ 2
t ’ 3 ‘ 6

2 2 6
vay j81x3 sin® 3xdx = j (3x)%(sin® 3x)3dx = j t3sin®tdt = F(6) - F(3) .
1 1 3

2
Cau 26. Gia st ham sb f lién tuc trén doan [0;2] théa man If(x)dx=6. Gia tri ctia tich phéan
0

/2
[ f(2sinx)cos xdx la

0

A. 3. B.6. C. 3. D. 6.
Hwéng dan giai

Pat t =2sinx = dt =2cos xdx va

X ‘ 0 ‘ /2
t 0 ‘ 2
/2 2 2
n . f(t) 1
Va f(2sinx)cosxdx=|—=dt==| f(t)dt=3.
.yl (2sinx) !2 2! (t)
Cau 27. Bai toan tinh tich phan | :j—“lnHllnX dx dwoc mét hoc sinh giai theo ba buwéc sau:
X
1
|. D&t &n phu t=Inx+1, suy ra dt:%dx va
X ‘ 1 ‘ e
t

1 ‘ 2
e 2

1. I:j—"lm(m(dx:j\/t_(t—l)dt
1 X 1

. | :j.«/f(t—l)dt =(\/t_5—%j

Hoc sinh nay gidi dung hay sai? Néu sai thi sai tr buwé'c nao?

2
:1+3\/§.
1

A. Sai @ Buoc lll.  B. Saity Bwocll. C. SaitwBwdcl. D. Baigiai dung.

Hwéng dan giai

Group: https://www.facebook.com/groups/tailieutieuhocvathcs/
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Buwdc Il sai. Phép tinh dung la I_jf(t ~1)dt= ( JeE - 2\/—j ( 2+1)

15
" sin2x
Cau 28. Xét tich phéan | = j dx. Thwc hién phép doi bién t=cosx, ta c6 thé dwa | vé
o 1+COos X
dang nao sau day
1 /4
A 1=[-2at. Bl—j—dt
11+t
1 /4
C. |_—J'—dt D. I=—I£dt.
1+t o 1+t

2

Hwéng dan giai

Tacod t=cosx = dt =—sinxdx. Khi x=0 thi t=1, khi x=% thi tzé. Vay

" sin 2x °2sin XCOSX |
NES

+cosx 5 1+C0SX 11+t ]/21+t

Cau 29. Cho ham sb y= f(x) lién tuc trén doan [a;b]. Trong cac bat dang thirc sau, bat déng
thirc nao luén dung?

b
A. I (0ldx> B.

jl f(x)dx|.

D ey T

f( dx>j|f(x)|dx

} f(x)dx] .

a

c.j|f(x)|dx> D. [f( dx>_[|f(x)|dx

D ey T

Cau 30. Trong cac khéng dinh duéi day, khang dinh nao sai?
1 1 1
A. I(1+ X)*dx =0. B. J.sin(l—x)dx:J'sin xdx.
0 0 0
72 1

2017 _
C. J.smzdx 2.[S|nxdx D. fx (1+x)dx =

-1

2019
Hwéng dan giai
[Cach 1: Tinh trwec tiép cac tich phan]
1 0 1
o Dat t:1—x:>dt=—dx:>fsin(1— x)dx:—jsintdt:jsintdt
0

72

e Dat t_—:>dt_—dx:>fsm dx = I 2sintdt
2 2 2
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12018 12019 (_1) 2018 (_1) 2019 2
(G )
2018 2019 2018 2019 2019

1

1 X2018 X2019
. _[xzw 1+ x)dx:( + J
71 2018 2019

-1

1
Vay [(L+x)"dx =0 sai.
0

[Cach 2: Nhan xét tich phan]

1 1 1
Tathdy (1+x)* =1 v&i moi x €[0;1] nén j(1+ x)xdxzjldx:l, vay “j(1+ x)*dx = 0" Ia khang
0 0 0

dinh sai.

[Cach 3: Phwong phap trac nghiém]

Nhap cac phép tinh sau vao may tinh dé thu két qua:

Phép tinh Ket
qua

1
[ @+xax >0

0

1 1
j sin(L— x)dx — j sin xdx 0
0 0

T /2
Isinﬁdx—zj.sin Xdx 0
0 2 0

¢ 2

I X2 (14 x)dx — —— 0
% 2019

1
suy ra J‘(l+ x)*dx =0 1a khang dinh sai.
0

Cau 31. Choham sb y = f(x) 1& va lién tuc trén doan [-2;2]. Trong cac dang thirc sau, dang thirc
nao luén duang?

A. .2[ f(x)dx=0. B. j f(x)dx=2j f(x)dx .
C. .2[ f(x)dx=2j‘ f (x)dx. D. JZ. f(x)dx:—zi f(x)dx.

Hwéng dan giai

Group: https://www.facebook.com/groups/tailieutieuhocvathcs/
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[Phwong phap tw luan]

V&i ham sb f bét ky va sb thuwe dwong a, ta ludn ndm long 2 tinh chéat sau day:

e Né&u f 1a ham sé Ié trén doan [-a;a] thi j f(x)dx=0,
e Néu f la ham sb chén trén doan [-a;a] thi _[ f(x)dx=2f f (x)dx .
0

—a

2
Vay trong bai nay ta chon I f(x)dx=0.
-2

[Phwong phap trac nghiém]

Néu hoc sinh khéng ndm rd hai tinh chéat ké trén, c6 thé thay f b&i mét ham sé don gian,
xac dinh trén [-2;2] va tinh todn. Vi du f (x) =x v&i xe[-2;2]. Khi d6

. .Z[f(x)dx=0,

o [ f0)dxx 2} f (x)dx,
o i f(x)dx # Zj). f(x)dx,
. j' f (x)dx = —2? f (x)dx.

-2
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2
Vay chon jf(x)dx:o.

1
Cau 32. Bai toan tinh tich phan | = _[ (x+1)’dx dwoc mot hoc sinh giai theo ba buéc sau:
-2

|. D&t &n phu t = (x+1)?, suy ra dt =2(x+1)dx,

Il. T day suy ra = % k. péi can

2(x+1) 2\t
X ‘ -2 ‘ 1

III. Vay |_j(x+1) dx = Iz 1\/_

1

_L
3

1

Hoc sinh nay giai dung hay sai? Néu sai thi sai tir buwé'c nao?
A. Saitr Bwoc Il.  B. Sai @ Buwdc lll. C. Saitw Bwécl.  D. Bai giai dung.

Hwéng dan giai
Khi dat t = (x+1)> voi —2<x<1 thi khong suy ra Jt=x+1 duwoc, vi x+1 c6 thé bj am khi
—2<x<-1.

Cau 33. Mét hoc sinh dwoc chi dinh 18n bang 1am 4 bai toan tich phan. Mbi bai gidi dung dwoc
2,5 diém, méi bai giai sai (sai két qua hodc sai bwdc tinh nguyén ham) dwoc 0 diém. Hoc sinh da
gidi 4 bai toan dé nhw sau:

Bai Pé bai Bai giai clia hoc sinh
r 2 1 11 21t 1
1 e xax [e'xdx==[e d(x) =S| =&=
0 0 20 2 0 2
!
2 Iz—dx I In|x —X— 2|‘ =In2-In2=0
o X' —X=2 0x —X-=2

Pat t=cosx, suy ra dt =-sinxdx. Khi x=0 thi t=1; khi x=7 thi
t=-1. Vay

3 J.sin 2xcos xdx
0

jsm 2xcos xdx = stm X COS xdx——ZIt dt=— 2t

4
3

-1

Group: https://www.facebook.com/groups/tailieutieuhocvathcs/
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1+(4—-2e)Inx dx

jl+(4 2e)In x
X 1

dx = j1+(4 2¢)Inx]d (Inx) =[x+ (4 - 2e) Inx

SN
S @

I
OO

—€

Sé diém ma hoc sinh nay dat dwoc la bao nhiéu?

A. 5,0 diém. B. 2,5 diém. C. 7,5 diém. D. 10,0 diém.

Hwéng dan giai
Bai toan 2 giai sai. Cach giai dung la
1

b x—2|
J'x —X— 2dx !(x+1)(x 2)

X+1ll,

:—EInZ
3

1
X==1In
3

Bai toan 4 ra két qua dung, nhwng cach tinh nguyén ham sai hoan toan. L&i gidi dung 1a:

i[1+(4—2e)ln x]d (Inx) =] In x+(2~¢) In? x:Hj =3¢

1

j11+(4 2e)In X4
1

[Kinh nghiém]

Két qua dung thi chwa chéac bai gidi dang.

Cau 34. Cho hai ham sé lién tuc f va g lién tuc trén doan [a;b]. Goi F va G lan lwot 1a mot
nguy@&n ham cta f va g trén doan [a;b]. Pang thirc ndo sau day luén dung?

A. j f (X)G(x)dx = [F(x)c;(x)]\: 2 j F(x)g(x)dX .
B. j f (X)G(X)dx = [F(x)g(x)]t - j F(X)G(x)dX .
C. [ f(GMdx=[f(x)g(¥)] - [ F(xg(x)dx.

D. j f (X)G(X)dx = [F(x)G(x)]\: - j f (x)g(x)dx .

a

0
Cau 35. Tich phan | = J. xe *dx co gia tri bang
2

A, —e* 1. B. 3e*-1. C. e +1. D. —2e* +1.
Hwéng dan giai
[Phwong phap tw luan]

S dung tich phan ting phan, ta dwoc
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0
| = _[ xe~dx
i)
0 B I N N o\ ,
=—_|' xd(e™*) =—| (xe X)|,2—Ie *dx |=—(xe X)|,2+J'e “dx =—(xe™), —(e™), =—e2-1.
i) ) 2

[Phwong phap trac nghiém]
Math &

0
Dung may tinh tinh | xe™*dx nhw hinh bén, thu dwoc két JD —¥
_Jz _o e

qua nhw hinh bén. Loai dwoc dap an 3e? —1. Sau do ther -5. oo 056099
tirng dap an con lai dé tim ra két qua.

b b
Cau 36. Ta da biét cong thie tich phan ting phén | F(x)g(x)dx:[F(x)G(x)]‘:— [ 109G (dx,

trong d6 F va G la cac nguyén ham cta f va g. Trong cac bién dbi sau day, st dung cong
thire tich phan tivng phan & trén, bién ddi nao la sai?

A. _[xsin xdx:(xcosx)lg—jcosxdx, trong do F(x)=x, g(x)=sinXx.
0 0
1 1 1

B. _[xexdx:(xex)|0—jexdx, trong d6 F(x)=x, g(x)=e*.
0 0

e

C. j(ln X) Xdx = (X?zln xj

—%dex ,trong d6 F(x)=Inx, g(x)=x.
1

1

! 1 Ax+l

In2

dx, trong d6 F(x)=x, g(x)=2"".

1 2x+l
D. '|.x2“1dx=(x j
5 In2

Cau 37. Tich phan J'xcos(x+%)dx c6 gia tri bang
0

0 o

a _TDN2 g @DV (a2 p. (7=22.
2 2 2 2
Hwéng dan giai

Ap dung cdng thirc tich phan tirng phan, ta c6

Ixcos(x+%)dx = {xsin(x+%ﬂ O
= ﬂSin(%j+|:COS[X+%j:|O

= —#Jrcos(%j—cos(zj = —M-

B 4 2

T

—Isin(x+£)dx
0 4

/2

Group: https://www.facebook.com/groups/tailieutieuhocvathcs/
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[Phwong phap trac nghiém]
Fil Math Wi

N 2 , , f T N a |
Dung may tinh tinh _([xcos(x+z)dx nhw hinh bén, thu JDﬁEDS[F{+%] i

duwoc két qua nhu hinh bén. Loai dwoc cac dap an dwong -3. biabbhals]

2 2
dé tim ra két qua.

. Sau dé thir ttrng dap an con lai

Cau 38. Cho hai ham sé liéntuc f va g c6 nguyén ham lan lwotla F va G trén doan [0;2]. Biét
2 2

rang F(0)=0, F(2)=1, G(0)=-2, G(2)=1 va IF(x)g(x)dx=3. Tich phan J.f(x)G(x)dx coO gia
0 0

tri bang
A. -2. B.O. C. 3. D. 4.

Hwéng dan giai

Ap dung cong thirc tich phan tirng phan, ta co
2 2
j f (X)G(X)dx = [F(x)e(x)]\z - j F(x)g(x)dx
0 0

= F(2)G(2)~F(0)G(0) - [ F()g(x)dx

=1x1-0x(-2)-3
=-2.

Cau 39. Cho hai ham sb liéntuc f va g cé nguyén ham lan lwotla F va G trén doan [1;2]. Biét
2 2

ring F() =1, F(2)=4, G(1)=g, G(2)=2 va If(x)G(x)dx=$—;. Tich phan _[F(x)g(x)dx c6 gia
1 1

tri bang

Hwéng dan giai

Ap dung cong thirc tich phan tirng phan, ta co
2 2
j F(x)g(x)dx = [F(x)c-;(x)]\f - j f (X)G(x)dx
1 1

=F(2G(2)-FOGW —j FO)G(x)dx

:4x2—lx§—g
2 12
1

=5
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Ve b Y
Céau 40. Cho hai s6 thwc a va b théa man a<b va Ixsin xdx =, dong thdi acosa=0 va

b
bcosb =—7 . Tich phan [cosxdx c6 gia tri bang

A. 0. B. 7. C. —rx. D.%.
12
Hwéng dan giai
Ap dung cdng thire tich phan trng phan, ta co
b b b
jxsin xdx = —[xcos x]‘a +Jcosxdx
b b b
:jcosxdx:[xcosx]‘a+.[xsin Xdx
=hcosb—-acosa+r
=—rn-0+7x
=0.
Cau 41. Cho tich phan | :_[ ,1;Inx dx. Dat u=+1-Inx, khi d6 | bang
X
0 ' 0 0 u2 1
Al :—juzdu. B. Iz.[uzdu. C. Izj—du. D. | :—qudu.
1 1 1 2 0

Hwéng dan giai

[Phwong phap tw luan]

Pat u=+/1-Inx =>u?*=1—-Inx :%z—Zudu. VoI x=1=u=1,x=e=u=0. Khi do
X

0
| = —qudu :
1
[Phwong phap trac nghiém]

t1-Inx

Buéc 1: BA&m may tinh dé tinh j -
X
1

dx
Buwéc 2: BA&m SHIFT STO A dé Iwu vao bién A.
i 0 0
Buoc 3: Bam A—(—qudu] =0.Vaydapanla | = —J'uzdu :
1 1

2 2
Cau 42. Tich phan | :j dx co gia tri bang

X2 —TX+12

Group: https://www.facebook.com/groups/tailieutieuhocvathcs/
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A. 1+25In2-16In3. B. 1+2In2-6In3.
C. 3+5In2-7In3. D. 5In2-6In3.

Hwéng dan giai

[Phwong phap tw luan]

2
Tacol :I(1+£—i)dx:(x+16|n|x—4|—9|n|x—3|)|12 =1+25In2-16In3.

1 X—4 Xx-3

[Phwong phap trac nghiém]
Bam may tinh

2 2
[————dx—(1+25In2-16n3)
T XT—7x+12

dwoc dap sb 1a 0.

2
Cau 43. Tich phan | :jxsdx c6 gia tri bang
1

21 32 16 19
5 3 = -3
Hwéng dan giai
[Phwong phap tw luan]

X[ 21

2
Taco | :Ix5dx:
1 1

[Phwong phap trac nghiém]

Dung may tinh nhw hinh bén, thu dwoc gia tri E Z,.5
2 g A

1
Cau 44. Tich phan 1 = | Xox - ¢6 gié tri bing
o (x+1)
AL B. L. c. -1 D. 12.
8 6 7

Hwéng dan giai
[Phwong phap tw luan]

X x+1-1

Taco 5= 5
(x+1)° (x+2)

=(x+)2=(x+1)2 =1 = j[(x+1)2 —(x+1)"* Jdx :% .

[Phwong phap trac nghiém]
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B

O] Math &
Dung may tinh nhw hinh bén, thu dwoc gia tri % Ji B g
O X413
2 ‘
Cau 45. Cho tich phan | = j (2—x)sin xdx. D&t u=2—x, dv=sinxdx thi | bang
0
. 2 . 2
A. —(2—x)cos x|z —Icos xdx . B.—(2—x)cosx|2 + '[ oS XdX .
0 0
. 2 . 2
C.(2-x)cos x|z +.|.cos xdx . D. (2-x)|2 +_[cos xdx .
0 0
Hwéng dan giai
u=2-X du =—dx x 2
Pat ] - . Vay | =—(2—x)cosx|2 —jcos xdXx .
dv =sin xdx V =—CO0S X 3
7
Cau 46. Tich phan J' XY dx co gia tri bang véi tich phan nao sau day
_ 3 2 _1\3 4 _1\3
e L L ] (G S
1 2 t 29

Hwéng dan giai
[Phwong phap tw luan]
bat t =1+ x* = dt = 2xdx . Vay

_lr@e-0° 11 1
- j dt_4 .

[Phwong phap trac nghiém] , ‘
Nhép vao may tinh cac phép trw tich phan, dén khi dat gia tri bang 0 thi nging:

] Phép tzinh Két qua
N3

-([(l+x o EJ'(XXSD dx 0

i(1+x e O _E(x—51)3 dx =0

1 2, 1\3

!(1+X 2)8 _%!(XX41) dx =0

1 40, 13

,!-(14_)( 2)5 gjl.(XXA:l) dx =0

43
Cau 47. Tich phéan | = J'gdx bang
X(x" +1)

Group: https://www.facebook.com/qroups/taiIieutieuhocvathcs/
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Hwéng dan giai
[Phwong phap tw luan]

Pat t = x* = dt = 2xdx. Vay

[Phwong phap trac nghiém]

Buwoc 1: Dung may tinh nhap tich phan nhw hinh bén, thu . Math &
dwoc gia tri 0,101366277... J S S—

Buoc 2: Chia gia tri trén cho Ing, thu dwoc % - chon

Ans=1lnC3+2)

1 3
ZIn=.
4 2

2 2
Cau 48. Cho hai tich phan | :'[xsdx, J :jxdx . Tim méi quan hé gitra | va J.
0 0

A.1.J=8. B. I.J:%.

C. I—JZ%. D. I+J:%.
7 9

Hwéng dan giai

O ey N

2
x*dx=4 va J :jxdx:z,suyra 1.J =8.
0

Cau 49. Cho sb thwc a théda man J.ex*ldx:e4 —e?, khi dé a c6 gia tri bang
1

A. 3. B. -1. C. 0. D. 2.
Hwéng dan giai
[Phwong phap tw luan]

a
—e* _e?=g*—e?=a=3.

a
Taco je“ldx — g
1 1

[Cach 1: Phwong phap trac nghiém]

Thé tirng dap an vao va bAm may
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'B[e“ldx—(e4 —e2) -0 :[le”ldx—(e“ —ez) ~ 53,5981

1 1

j'e“ldx —(e“ —e”)~-51,8798 .Z[e”ldx ~(e* —ez) ~—34,5126.
1 1

[Cach 2: Phwong phap trac nghiém]

[C Math &

A
Buwoc 1: Nhap man hinh phép tinh _!'e”ldx—(e“—ez). JEEH+1 o[ gd —g ¥

Nhén CALC.

Budc 2: May héi X? > Chon ALPHA X 07 oo

Buéc 3: May héi A? > Chon lan lwot cac gia tri trong cac 7

dap an réi nhan dau =. Dén khi phép tinh dwoc két qua

bang 0 1a nhan. Vi dy, nhap A = 3 nhu hinh bén thi cho a o e &

két qua 4,67077... > loali. JDE:;“q+1 du—Let—eb
4. 67077427

2
Cau 50. Tich phan Ikexdx (v&i k 1a hang sb) co gia tri bang
0
A. k(e*-1). B. e* 1. C. k(e® —e). D. e’ —e.
Hwéng dan giai

2
Taco [ke'dx=ke'ly =k(e’-1).
0

Cau51. V&ihang sb k, tich phan nao sau day co gia tri khac véi cac tich phan con lai ?
2

A. jkezxdx. B. jkexdx.
0 0

C.

O W | N

1
3ke>dx. D. j k(e*~1)dx.
0

Hwéng dan giai
Taco

ke**dx = Ee2X ?
2 o

k, 2 ‘ p
=51, [kerdx = ke*ly =k(e*-1),
0

Oty w N

Group: https://www.facebook.com/groups/tailieutieuhocvathcs/
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2 1
3ke®dx = ke*[3 =k(e?-1), _[k(ez—l)dx = kx(e2—1)|z =k(e*-1).
0

Oty w [ N

Cau 52. V&i sb thuc k, xét cac khang dinh sau:

(I)j'dx=2; (I 'lfkdx=2k; (III)'lfxdx=2x; (V) iSkxzdx=2k.

S6 khang dinh dung 14
A. 2. B. 4. C.1. D. 3.

5 )
Cau 53. Cho ham sb f va g lién tuc trén doan [1;5] sao cho jf(x)dx=—7 va '[g(x)dx=5 va
1 1

[9(x)—kf (x)]dx =19 Gia tri cta k la:

P e U1

A. 2. B. 6. C. 2. D. -2.
Hwéng dan giai

Ta cc')'s[[g(x)—kf (x)]dx:19<:>j'g(x)dx—kj‘ f(x)dx=19 < 5-k(-7)=19 <k =2.

5 3 5
CAau 54. Cho ham sé f lién tuc trén R . Néu j 2f (x)dx=2 va [ f(x)dx=7 thi [ f(9dx co gia tr
1 1 3

bang:
A. 6. B. 5. C. 9. D. 9.

Hwéng dan giai

[Phwong phap tw luan]

Ta cc’)j.f(x)dx=j f(x)dx+jlf(x)dx=—if(x)dx+jf(x)dx=—7+§=—6.

2 2

Cau 55. Cho ham sé f lién tuc trén doan [0;3]. Néu j f (x)dx =4 va tich phan I[kx— f(x)]dx=—l
1 1

gia tri k bang

A. 2. B. C. 5. D. 7.

N | o

Hwéng dan giai

2 2 2
Ta co [k~ f (x)]dx=—1< k.[xdx—'[f(x)dx=k§—4=—1<:>k:2.
1 1 1

Cau 56. Tich phan I(ZX—S) In xdx bang
1



Truy cip website: hoc360.net dé tai tai liéu dé thi mién phi

A. (x*=5x)In XE —I(X—S)dx : B. (x* =5x)In XE +j(x—5)dx.
1 1
C. —(x*-5x)In xE—j(x—S)dx. D. (x=5)In x|f—j(x2—5x)dx.
1 1

Hwéng dan giai

=1 du==-d r e
bat H=inx = - X X . Vay j(2x—5)|nxdx=(x2—5x)lnx‘ —I(X—S)dx.
dv = (2x—-5)dx Ve x —Bx / 1

Cau 57. Tich phan | = | cos? xcos2xdx cé gia tri bang

O =y [y

A L. B. Z. c. 3z D. =%
8 2 8 8
Hwéng dan giai
[Phwong phap tw luan]
; ¥ T
| = jcosz X €0S 2Xdx :Ej(1+c052x) oS 2xdx :ZI(1+ 2C0S 2X +c0Ss 4x)dx
0 0 0

2

1(x+sin 2x+lsin 4x)
4 4

0
[Phwong phap trac nghiém]
Chuyén ché d¢ radian: SHIFT MODE 4.
X . 2 T N . . . T
Bam may | :J‘cos2 xcostdx—gzo. Vay dap an la 3
0
3

Cau 58. Tich phan | = [ 1451:;3’(
+ X

dx c6 gié tri bang

A. 2. B.3 CA4 D.1
Hwéng dan giai
[Phwong phap tw luan]

4sin®x _ 4sin® x(1—cos x)
1+cos x sin’ x

=4sin x—4sinxcosx =4sinx—2sin2x =1 = J?(4sin X—2sin2x)dx = 2.

[Phwong phap trac nghiém]

Group: https://www.facebook.com/groups/tailieutieuhocvathcs/



https://www.facebook.com/groups/tailieutieuhocvathcs/

Chuyén ché d6 radian: SHIFT MODE 4

4sin® x
1+Cos X

Bam may tlnhj dx—-2=0.Vay dap anla 2.

2z
Cau 59. Tich phan 1 = [ V1+sinxdx co gia tri bang
0
A. 42 B. 3V2. C. 2. D. /2.
Hwéng dan giai

[Phwong phap tw luan]

V1 2 2 27
= I\/(sm +C0S— j dx = J. sin§+cosidx:\/fj sin(1+£jdx
0 0 2 2 0 2 4
\/_ 7 X P 2 X P
=42| | sin| —+—= [dx— | sin| =+ = |dx
'([ (2 4) 3[, (2 4)
2

=42,

[Phwong phap trac nghiém]

2z
BaAm may tinh | = I J1+sin xdx —4+/2 dwore dap sb 12 0. Vay dap an la 442.

0
z

3
Cau 60. Tich phan | = jsinz xtan xdx co gia tri bing
0

A. In2—§. B.In2-2. C. In2—§. D. In3—§.
8 4 5

Hwéng dan giai
[Phwong phap tw luan]

7[

Ta co I_J.sm X.——

3
smx ,[ (1—cos® x)smxOI Dat t=cosx = | = —
0

COos X COS X

P — N |
=
e
N

—u du:ln2—§.
8

[Phwong phap trac nghiém]

3
Ba&m may tinh | = J'sin2 xtan xdx—(InZ—gj dwoc dap s6 12 0. Vay dap anla In 2—%.
0
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Cau 61. Chohamsé f lién tuc trén R théa man f(x)+ f(—x) =cos* x v&i moi xeR. Gia trj ctia

V4

tich phan 1 = i f(x)dx la
2

: i—g B. -2. C. InZ—% D. In3——.
Hwéng dan giai
[Phwong phap tw luan]

T

i —
2

DAt x=—t= T f(x)dx:f f(~t)(—dt) = T f(-t)dt= [ f(-x)dx
= ZJZ. f (x)dx = i [f()+ f(—x)]dx= j cos* xdx

2 2

3z
=>1=—.
16
[Phwong phap trac nghiém]

2
B&m may tinh J' cos’ xdx—i—g duwoc dap sb 14 0. Vay dap an 1a %

2

0
Cau 62. Néu j (5—e*)dx =K —¢? thi gia trictia K 1a

-2
B. 9. C.7.

D. 12,5.

A.11.
Hwéng dan giai

0

K=[(5-e)dx+e?=(5x+e™), +e? =11.
2

-2

J1+3cos x.sin xdx. Dat u=+/3cosx+1. Khi dé | bang

O t—nN N

Cau 63. Cho tich phan | =
3
D. J'uzdu.
1

2 .

23
A. =u C. —qudu.
9 3

2
B. g.fuzdu.
30

1

Hwéng dan giai

Group: https://www.facebook.com/groups/tailieutieuhocvathcs/
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Pat u=+/3cosx+1 = 2udu =-3sinxdx. Khi x=0=u=2; x=%:>u=1. Khi dé

2 2
I:gjuzdu:gu3 .
3 9

1 1

Cau 64. Tich phan | =I—‘8Inx+1 dx c6 gia tri bang
X
1
A. B B. -2. C. In2—§. D. In3—§.
6 4 5

Hwéng dan giai
[Phwong phap tw luan]

3 3P
Dat t:\/8lnx+1:>tdt:£dx.Vé’i x=1=t=1 x=e=1t=3.Vay I:%jtzdt:t— 5
X 4 A

12
[Phwong phap trac nghiém]
j’-\/8ln X+1
X
1

Ba&m may tinh | = dx dwoc dap sb la % Vay chon dap an %

5
Cau 65. Tich phan [|x* —2x-3|dx c6 gia tri bang
I

A. 6?4 B. 0. C.7. D. 12,5.

Hwéng dan giai

[Phwong phap tw luan]
5] 5
sz —2x—3‘dx = _[|(x—3)(x+l)|dx
-1 —13 i
:—j(x2 —2x—3)dx+.|‘(x2 —2x—3)dx
-1 3

3 8 3
:—(X——xz—ij +(X——x2—3xj
3 L U3

_o4
-

5

3

[Phwong phap trac nghiém]
Dung chire nang “SHIFT hyp” dé hién thj d4u tri tuyét déi, - m Math &
nhap tich phén nhw hinh bén va nhan dwegc gia tri J—i | 52 —2w-a| o

21,3333333 > chon dap an %4. 21 a3a333aan
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Cau 66. Tim a dé j(S—ax)dx=—3?
A. 4. l B. 9. C.7. D. 2.
Hwéng dan giai
[Phwong phap tw luan]

2

2
_[(3—ax)dx=—3<:{3x—gx2} = 3o a=4.
1

1

[Phwong phap trac nghiém]
Math

2
Buéc 1: Nhap man hinh phép tinh [ (3— Ax)dx+3. Nhan JE _
J T (3-AX)d+3

CALC.

Buéc 2: May hoi X? = Chon ALPHA X a7 | s

Buéc 3: May héi A? > Chon lan lwot cac gia tri trong cac .

dap an réi nhan dau =. Dén khi phép tinh dwoc két qua

bang 0 la nhan. Vi duy, nhap A=7 nhw hinh bén thi cho - m Math &

két qua —% > loai. Ji Ca-RI=+3 =
3

Cau 67. TAt ca cac gia trj ctia sd k sao cho ikz (5—x*)dx =-549 la
A.+2 B. 2. ) C. 2. D. 5.
Hwéng dan giai
[Phwong phap tw luan]

5

=549

2

5 X4
jk2(5—x3)dx:—549<:> kz[Sx—TJ
2

_ 549
=19 =
4

k=12,

< k2 4

[Phwong phap trac nghiém]

Group: https://www.facebook.com/groups/tailieutieuhocvathcs/



https://www.facebook.com/groups/tailieutieuhocvathcs/

-549 c Math &
Nhap biéu thiec ————— vao may tinh nhw hinh bén, =543

.2[(5—x3)dx JEEE—HS)Hx

thu dwoc két qua bang 4. D6 la gia tri cia k?. Suy ra
k=+2.

342 .
Cau 68. Tich phan JX—X+4dx bang
> X+1

A.l+6lnﬂ. B.£+6Inﬂ. C.l—lnﬂ. D.1+Inﬂ.
2 3 3 3 2 3 2 3

Hwéng dan giai

2 3
IX _X+4 J'(x 2+—jdx (——2x+6|n|x+1|j
X+1 2 2

2

[Phwong phap trac nghiém]

. I s 2 s X+4
Buwoc 1: Bam may tinh dé tinh J'gd
Buéc 2: B&m SHIFT STO A dé lwu vao bién A.

Buoc 3: BAm A—(%+6Ing)=0. Vay dap &n Ia %+6In%.

Cau 69. Cho ham sb f lién tuc trén R thda f(x)+ f (—x)=+/2+2c0s2x , V&i moi xe R . Gia tri

T

2
cla tich phan | = j f (x)dx 1a

2

A. 2. B. 7. C.7. D. 2.
Hwéng dan giai
[Phwong phap tw luan]

71' 7[

Taco | = j f (x)dx = j f (x)dx + j f (x)dx (1)

Va

2 2

0
Tinh 1, = [ f(x)dx. Dat x=-t=dx=—dt= I,=

T

2

f(-t)dt=| f(—x)dx.

O N [Ny
Ot v |y

T

Thay vao (1), ta dwoc | =

[f(=x)+ f()]dx 2(1+cos2x) =2

oct— |y
o'—.v\)m
ot— Yy

2
|cos x|dx = Zj cosxdx =2.
0
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Cau 70. Tim m dé j(s 2x)* dx—lzz

A. 0. B. 9. C.7. D.2.
Hwéng dan giai
[Phwong phap tw luan]
|_j(3 2x)* dx_——(3— x)° \ _——[(3 4)° - (3—2m)° ]_122 m=0.

[Phwong phap trac nghiém]

Math

122

Buwéc 1: Nhap man hinh phép tinh _[(3 2X)* dx ——= c J [ 3- E?i:'dd?ﬂ: 122
Nhan CALC.
Buéc 2: May hai X? > Chon ALPHA X a7 | et
Buéc 3: May héi A? > Chon lan lwot cac gia tri trong cac g
dap an réi nhan dau =. Bén khi phép tinh dwoc két qua
bang 0 1a nhan. Vi du, nhap A=9 nhw hinh bén thi cho s

. . 379809 . |5 e3-200® - =£=
ket qua — - loai. _ETes09

=]

4.2TICH PHAN

|. VAN DUNG THAP

1
2

Cau 1. Gia tri cta tich phan | :I ! = dx la
0

A Z. B. Z.
6 4
Hwéng dan giai

c. = D. Z.
3 2

Pbat x=sint, te[—%; %}:dx=costdt.£)6i can :x=0=1t=0, x=%:>t=%.

Vay

IR

dt—jdt—t|e=——0—

'—.mm

cost dt _I|COSt

cost| 6

1 sin’
Group: https://www.facebook.com/qroups/talIleutleuhocvathcs/
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1

Cau 2. Gia tri cta tich phan 1 :I dx

la
< 1+ %
Al=2, B.1-Z. c1==, D. 1=".
4 4 2 4
Hwéng dan giai
Pat x =tant, te(—%; %j:dx=(tan2x+1)dt.
P A
Pdican x=0=1t=0, x:1:>t=£,suyra I:jtan ttldtzjdtzz.
4 o 1+tant 5 4
J3-1
Cau 3. Gia tri cta tich phan | = j
. X +2x+2
Al=2. B.I1=2. c1=-% D. 1=
12 6 12 12
Hwéng dan giai
$B-1 B-1
= [ % [ _ & pat x+1=tant
o X +2x+2 o 1+(x+1)

1
Cau 4. Tich phan 1| = j x2\X¢ +5dx c6 gid tri la
0
4 10 4 10
A. =6 ——1/5. B.—v7——+/5.
3“/_ 9“/_ 3J_ 9J—
4 10 2
C.oV6-33. J_ J_.

Hwéng dan giai

Tacod t=x’+5= dt=3x’dx.Khi x=0 thi t=5; khi x=1 thi t=6.

vay I:j.xlex3+5dx:j'\/f%=%j.( t)z dt_l(t) ‘ t\/_‘ 6——\/_

31
2

2
Cau 5. Tich phan J'\/4— x*dx c6 gia tri la
0
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A . B. ~. c.z. D. Z.
2 3 4
Hwéng dan giai
D&t x = 2sint, te[—%; ﬂ Khi x = 0 thi t = 0. Khi x=2 thi t:%.
T x=2sint = dx =2costdt
2 3 3
vay J‘\/4—x2dx:I\/4—4sin2t.2005tdt :4Icosztdt =r.
0 0 0
1
Cau 6. Tich phan 1 = j x+/x2 +1dx c6 gia tri 1a
0
A. 2‘/5_1. B. 3‘/5_1. C. 2‘/5_1. D. W2-1
3 3 2 2
Hwéng dan giai
~ 2 2 2 2 2 tdt
Patt=VxX’+1=t’=xX"+1= x> =t’ -1=> dx=—.
X
N7 3 .
vay I=It2dt=t—\/§=2\/§ 3
) 31 3
0
Cau7. Tichphan I = j x3/x+1dx co gia tri la
-1
D B -2 c. 2. D. .
28 28 28 28
Hwéng dan giai
Dat t=3Yx+1 =13 =x+1= dx =3t2dt.
1 7 4
"t 9
vay | = |3t (t*-1)dt=3| ——— || =——.
1= far (g S
t o xedx
Cau 8. Giatrictatichphan | =2 ———— Ia
' P '([(x+1)\/x+1
16-112 16-1142 16102 16102
A.T. B-T. C.T. D.T.
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Hwéng dan giai

Pat t =x+1=t? = x+1= 2tdt = dx.

(2 -1) oY
Ta c6 |=j( . ) .2tdt=2j(t—}j dt =2 Lo 1|V2 167112
.t Lt 3 t)h 3
1 6
Cau9. Giatriclatich phan | = j X*(1-x°) dx la
0
A~ B. —. c. L. D. L.
168 167 166 165

Hwéng dan giai

Pat t=1—x3:dt=—3x2dx:>dx=;—dzt,ta co
X

B FEYRSRIOE § (TCUCARo | Gl I
_3£t(1 twt_sl(t t ﬁt_3[7 SJ_168'

3 2
2X°+x-1
Cau 10. Gia tri cuatich phan | = dx la
1[ Jx+1
A2 B. 22, c. 2 p. 2L,
5 5 5

Hwéng dan giai

Pat Vx+l=t=x=t’-1=dx=2tdt. Khix=0 = t=1,x=3 = t=2.

22 1 2
Vay :j ( )- tht:ZI(Zt“—Btz)dt—(Ai—Zt ]\2_—128—5-1&2_%
) ) 5 5 5 5
1
" .. . .. N 3-X .
Céu 11. Gia tri cuatich phan | :J',/—dx la
o V1+X
A.%—J§+2. B.%—JE+2. c.%—\/ﬁz. D.%—\E+2.

Hwéng dan giai

B t2d
Détt:,f j dat t = tanu.... DS: |=%—\/§+2.
1
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1
Chuy: Phantich | :I dx rdi dat t =1+ x sé tinh nhanh hon.
0

1
Cau 12. Gia tri cda tich phan [(2x+1)’dx Ia
0

A. 602. B. 601. C. BOE. D. 303.
3 3 3 3

Hwéng dan giai

Pat u=2x+1 khi x=0 thiu=1. Khi x=1 thi u=3

Ta co: du—2dx:>dx—d?u
1 3 6 3
Do do: j(2x+1)5dx:1ju5du UL gy-602.
] 24 1211 12 3
Cau 13. Gia tri ctia tich phan I—zdx E!
X“+x+1
A. 2In3. B. In3. C. 2In2. D. In2.

Hwéng dan giai
P&t u=x*+x+1. Khi x=0 thiu=1. Khi x=1 thiu=3.

Ta co: du=(2x+1)dx.

L 3
Dodé:j =2IrIIUI1

> =2(In3-1In1)=2In3.
o X+ X+1

3
4x + 2 dx=JZdu
1 u

2
Cau 14. Gia tri ctia tich phan jiz la
1 (2x-1)

A. B. l C.
2

O
w| N

Wl
M|

Hwéng dan giai
Pat u=2x-1. Khi x=1thi u=1. Khi x=2 thi u=3.

Taco du—2dx:>dx—d?u

Group: https://www.facebook.com/groups/tailieutieuhocvathcs/
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1idu 13_11 1

Do do ——==—| = .
I(Zx -1 2qu®  2ul 273 3

3
Cau 15. Gié trj clia tich phan [——=°>dx Ia

0 3X+1+x+3
A. —3+6In§. B. 3+6In§. C. 3+3In§. D. —3+3In§.
2 2 2 2
Hwéng dan giai

x=0=u=1

Pat u=+x+1=u®-1=x= 2udu =dx; déi can:
X=3=>u=2

Taco

3 2 2 2
ol - [ (2u-6)du-+6[——du
03 X+1+X+3 1 U +3u+2 1 LU+l

2 2
+6In|u+1|
1

=—3+6In§.
2

X+1 »
>dxla

0(1+M)

A. 2In2—1. B. 2In2—}. C. 2In2—1. D. In2—1.
4 3 2 2

——

Cau 16. Gia tri cta tich phan: 1=

Hwéng dan giai

2
Pat t=1+vV1+2x = dt = -2t

= dx=(t-1)dt va x=

dx
J1+2x

i can:

>
o
IN

~—+
N
N

Taco

42 _ 4.3 2 _ 4
_lj(t 2t+22)(t 1)dt=1jt 3t 2+4t Zdtzlj(t—3+ﬂ—% .
’ t 27 t 27 t ot
2
L t——3t+4|n|t|+Z
2\ 2 t

:2Ir12—1
4
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1
Cau 17. Gia tri cha tich phan: | = j
5 (2x +1)
1

00 1 0
A. 900[21 1] B. 900[2“ 1].

lOl

99 98
" 900 [2 ]' " 900 [2 1]

I_K?x—lf" dx _lj-(YX—ljggd(?x—l)_l-i(h—l)m
S\ 2x+1) (2x+1)° 99\2x+1 9

1
:i[ZlOO—l]
2x+1 100\ 2x+1/ [0 900
2 2001
Cau 18. Tich phan | = j de co gia tri 1a
1
1 1 _ 1 Q 1 -
" 2002.2'° ' 2001.2"° ©2001.2"%° " 2002.2'%°
Hwéng dan giai
2 2004 2
X o 1 2
| = = )1002 X= [ ———zdx . Dit t=—7+1 = di=——dx.
L x (+1
X
2r
R e e . N 27 R
Cau 19. Gia tri cua tich phan Icos(3x——)dx la
3
A B3 B, 2. c. 2B p.- 22,
3 3 3 3
Hwéng dan giai
Pt u=3x—2?”. <hi x=Z thi u=Z, kh x=2% thiy=2%
Taco du:3dx:>dx:d—u.
Do dé:
zl 47” Az
3 3 ry
Icos(sx—z—”)dx:lIcosudu:}sinu - (smd'—”—sm”j:E —ﬁ—ﬁ =—£
’ 3 37 3 3) 3\ 2 2 3
3 3

Group: https://www.facebook.com/groups/tailieutieuhocvathcs/
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T

2
Cau 20. Gia trj ctia tich phan |:‘|‘cos,2 xcos 2xdx 1a
0

A Z. B. Z. c.z. D. Z.
8 6 4 2
Hwéng dan giai
: r r
| = jcosz X €0S 2xdx :Ej(1+ C0S 2X) c0S 2Xxdx :ZI(1+ 2C0S 2X + c0Ss 4x)dx
0 0
l(x+3|n2x+1sm4x)|”’2 z
4 4
Céu 21. Gia trj cua tich phan =J.an(dx I
o 1+c0s” X
2 2 2 2
Az B. Z. c. . D. 2
4 6 8 2
Hwéng dan giai
—t sint sint
r=m—t=>dr=—dt =>1= 4dt— f4dt—l
0 1+ cos’t 1+ cos’t
® 2
:>2[—7‘f smt __Wfd(LS?:WE+E ~7=1
1+ cos’t { 1+cos't 4 4
2
Cau 22. Gié trj tich phan J I(sm x+1)cosxdx la
0
AL B. 2. c.t. D. 2.
5 5 5 5
Hwéng dan giai
2 1. Ve o6
J= I(sm x+1)cos xdx = ( sin® X +sin xj =—
0 5 0 5
o 2.5in X — COS X
Cau 23. Giatritich phan | = | ——————dx la
-,[\/1+sin2x
4
A.llnz. B.llnB. C.In2. D.§In2.
2 2 2

Hwéng dan giai
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Coi:t =+/1+5in2Xx = t*> =1+sin 2x = 2tdt = 2cos 2xdx

tdt 21 J2 1
dX=—————=1=|=dt=Inft =In(y2) ==In2
- t(cosx—sinx): !t n||1 n 2"

S
Cau 24. Gi tri tich phan | = [ T~ _dx la
o 1+3cos x
A.lln4. B.gln4. C.glnz. D.lan.
3 3 3 3

Hwéng dan giai
4

- In|t
Coi:t=1+3cosx = dt =-3sinxdx = dx = _dt =1 =—J‘—dt:J=—ln4
3sin x 3:t 3 3

2
Cau 25. Gia tri cta tich phan | = 2'[\6/1—0033 X.sin x.cos® xdx la

a2 5 2L c 2 0 12
91 91" 19° 19

Hwéng dan giai

Coi:t=3%1-cos’x < t® =1—cos*x = 6t°dt = 3cos? xsin xdx

5 1 7 13 1
:>dx:22t—dt_:> I :ZJ.tG(l—tG)dt=2 vt 12
COS” Xsin X 5 7 13)0 91
e
Cau 26. Gi tri cia tich phan | = [-——"_dx Ia
5 (Sin X+ cos x)
A3 B. L. c.2. p. L.
8 8 8 8
Hwéng dan giai
4 COS X 4 y
=_[ dx = j dx. Dat t =tanx+1
0(SII‘]X+COSX) 0(tanx+1) cos® X
A e e A 2 sinxdx
Céu 27. Gia tri cuatich phan | = j

+ (sinx+ cos x)®
Group: https://www.facebook.com/groups/tailieutieuhocvathcs/
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A.

Wl

1
>
Hwéng dan giai

pat: X—E—u —dx=—du. Ddi can: x= O:u:% x:%:u:O.Véy

sm(z—ujdu —j‘ c0s xdx
0

{sin(;r—ujmos(’;_uﬂs (sin x+cos x)°

o=y

2 sin x+ cos X 3 2 dx tan(x—j A
vay: 2| :J' ~ax = I :j = 2=1
> (sinx + cosx) * (sinx + cosx) : ZCOSZ(X—ﬂ-j 2 0
4
2
Cau 28. Gia tri cuaa tich phan | _[cos xsin® xdx la
0
A= B. I=2. c.1== D.1=2.
32 16 8 4

Hwéng dan giai

3 2 2 2
| = jcos xsin xdx_ljcoszxsinZZde:iJ'(l—cos4x)dx+ljcostsinz2xdx
0 43 165 4
. sin2x )2 7«
Z _ = sin4x =
16 64 24 o 32

NN

Cau 29. Gia trj ctia tich phan | = j (sin® X+ cos* x)(sin® x + cos® x)dx &

Al = 33 . B. I = 32 . C.l= 31 . D.I—30

128" 128" 128" “128”
Hwéng dan giai

Ta co: (sin* x+cos” x)(sin® x +cos® x) = §Jrlcos4x+icos8x:> =33
64 16 64 128
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V3

=
Cau 30 Gi trj cla tich phan | = [——202X gy I3
o V/sin® X+ cos® x
A2 B 1. c. 2 D. 2
3 3 3 3

Hwéng dan giai

n 1
3 4 '
=dex Patt= 1—%sin22x == I[—%%Jdt: ﬂx/t_ =§.
0 1——sm 2X ! t 4
\/ 4
Cau 31. Gié tri ctia tich phan | = | RSN
5 SInX+1
A l=rx. B.I1=Z. c.1==. D.1=2.
2 3 4
Hwéng dan giai
Pat: x=r—-t=dx=—dt Ddican; x=0=t=x, x=7r=1t=0
(r-t)dt = 7 P
f— I = — = e
;[sin(yz—t)+ -([ sint+1 smt+1 -[S|nt+l 203|nt+1

T dt Tt dt T
=—j t t ZZZ 2 t T :EJ. 2 t T Ean
o[ sin * +cos - 0cos?| -~ 0cos?| ~ -~
(sm2+cosz] (2 4) (2 4j

Téng quat: J.xf (sin x)dx:%jf(sin X)dXx .
0 0

cau32. G h ph P sin®x dx |
au 32. Gia tri cuatic an | = X la
' P -([sin2007 X +€0s*®" x
A =" B.1=Z. c. 1237 D 1=7%
4 2 4 4

Hwéng dan giai

Pat x=%—t:>dx=—dt.£)6i can x=O:t=%, x=2=1t=0.Vay

Group: https://www.facebook.com/groups/tailieutieuhocvathcs/
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. T V4
| __0 sin®”’ (2—'[) dx_j' 052 t
™ gin 2007 (ﬁ—t)+0082007 ( tj 0 sin®®" t +cos™™" t
2 2
% T T
Mat khac | +J =jo|x=E (). T () va () suyra | =
0
: :
Téng quaét: J' sin” x dx = I cos” X dx="nez".
5 Sin" X +cos" X 5 sin” X +cos” x 4
2
Cau 33. Gia tri cua tich phan Icos“ xdx la
256 5. 254 c. 292
693" 693" 693

Hwéng dan giai

101l 246.810 256

cos™ xdx = = .
111 1.35.79.11 693

O N [Ny

T

2
Cau 34. Gia tri cua tich phan Isinm xdx la
0

A2z B. 22 c. ¥z p. %,
512 512 512 512

Hwéng dan giai

ol 7 13579 7 637

sin®® xdx = == =
mon 2 246810 2 512

Oy

Coéng thirc Walliss (dung cho trac nghiém):

x x (n=1n , .

5 5 . , heanled

_fcos” xdx:Jsin"xdx_ ( nl)ll )
n T

0 0 ,hean chai
nit 2’

Trong do: n!! doc la n walliss va dwoc dinh nghia dwa vao n 1é hay chan.

Chéng han:

on=1 1=1, 211=2; 311=1.3; 411=2.4; 511=1.3.5;

dx=J (1).

250

.@.
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6!11=2.4.6; 711=1.3.5.7; 811=2.4.6.8; 9!1=1.3.5.7.9; 10!1=2.4.6.8.10.

1
Céu 35. Gia tri ctia tich phan | = L
y1l+e
A n[ 22 ). B. In| = |. c.om(-. ). D.am[-2&).
e+l e+l e+1 e+1
Hwéng dan giai
X 1 td(1+e”
Vi: ! —1-_° :>'=Idx—f—)
1+e* 1+e* S o, l+e”

1
=1—|n‘1+eX 0=1—In(1+e)+ln2 =In [z—elj
e+

e e2Xdx
Cau 36. Gia tri ctia tich phan | = j E!
In2 \/ex _l
A2 B. 19, c.2.
3 3

3

Hwéng dan giai

2 3 2
Coi:t:\/ex—1c>t2:e"—1:>dx:2t—dt:> | :ZI(t2+1)dt:2 t—+t _ 2
g* 3 1 3

1

In2

Cau 37. Gia tri ctia tich phan | = j Jer —1dx 1a
0

A. 4_—7[ B. d-z C. 5—7r. D.
2 3 3
Hwéng dan giai
Coiit=ve*-1=t’=¢* -1= 2tdt =e*dx = dx = ngjt = titdtl
+

1 2 1 _
=1=| 2t dtzzj(l— 1 Jdt:4 d
o1 +1 oL T+l 2

In3 X

Cau 38. Gié tri ctia tich phan | = [ —— dx Ia
0 (ex+1)

Group: https://www.facebook.com/groups/tailieutieuhocvathcs/
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A. J2-1. B. 22 -1. C. J2-2. D. 242 -2.

Hwéng dan giai

2
Coi:t:\/eXJr1<:>t2:ex+1<:>2tdt:exdx:>dx_ﬂ J'%=— } =2-1
4‘
A e R = odx .
Céu 39. Giatricuatichphan I =|—— la
- xInx
A. In2. B. In3. C. 2In3. D. 2In2.
Hwéng dan giai
S dt
PDatt=1Inz; x=e=t=1 x=e>=t=2 =1 = T_I |t” =In2.
1
In3 2x
Cau 40. Gié tri ciia tich phan: | = [ —— LSS
|n2ex _1+ \/ex_z
A.2In3 - 1. B.2In2-1. C.In3-1. D. In2-1.

Hwéng dan giai

Patt=+e*—-2 , Khi x=1In2=t = 0; x= In3=>t=Le" = t’+ 2= e*dx = 2tdt

1 2
| = 2 +2)tdt _ .[ 2t+1 )dt _2J~(t 1)t +2.[d(t +t+1)
. P t+l 5 +t+1

= (? —2t)‘(1) +2In(E +t + 1)‘%) = 2In3 - 1.

In2 3X 2X
Cau4l. Cho M= | ie e 1 4 Giatricoa e la
o & +e” —e" +1
Al B. 2. c. . D. 2.
4 4 4 4
Hwéng dan giai
In2 3x 2x IN2 ~_3x 2x X 3x 2x X
M=_[ 32e :re 1 dx = 3™ +2e : e 2(e +e”—e +1)dX
o € +e” —e*+1 0 e +e” —e"+1
In2 3x 2X _ AX In2 .
= | 3§ +22Xe —© 1 x=In(e* +e* —e* +1)], _xirz ot
e’ +e” —e"+1 4
w_ 1

=e" =
4
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tInx32+1In%x

Cau 42, |:j'”x
1 X

Ag[i/s_“—i/z_“] 8.2[3/3_5—3/2_“] C.g[i/s_“—i/z_s] D.g[i/s_s—i/z_s]

dx.

Hwéng dan giai
:jlnX“ZHn X dx = Ilnx\/2+ln xd (In x _1j(2+ln2x);d(2+ln2x)
1 1
5@

N |

3
=3 (2+In x)

In(1+ x)

1
Cau 43. Gia tri caatich phan | = '[ dx
0
A 1=ZIn2. B. 1=2In2. C. 1=2In3. D. 1 =2In3.
8 4 8 8
Hwéng dan giai

D&t x =tant = dx = (L+tan’t)dt . D&i bién: x=0=>t =0, x=1:>t=%

In(1+tant)

In(A+tant)dt .
1+tan’t

O'—.h\N

U
o'—.»m

(1+tan2t)

Dattzz—u:dt— —du; E)0|can t_O:u_% t=%:u=0

Jijvn( 5o o

1 A 7
:Iln(1+1 ta““jdu:jm( 2 )
5 l+tanu o \l+tanu

T
Vay | ==In2.
Yy 3

= | =|In(l+tant)dt =

O'—.b\r\#
J;\;q!—.o

% T
In 2du — '[ n(1+tanu)d :ZInZ—I.
0

O'—.b\ﬁ

Group: https://www.facebook.com/groups/tailieutieuhocvathcs/
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Cau 44. Cho ham sbé f(x) lién tuc trén R va théa f(—x)+2f(x)=cosx. Gia tri cta tich phan

‘—.N\N

f(x)dx la

NN

A. |:E_ B. I:i. C.l=
3 3

Hwéng dan giai
3
Xét tich phan J = j f (—x)dx . Dat x=—t = dx=—dt.

2

Péican: x=-ZL=t=% x=Et=-_Z,
2 2 2 2
3 = 3
Suy ra: J:jf(—x)dx:—j f(t)dt:j f(tydt=1.
3 3 =

7Z'

NN

— N

Do dé: 31 =J + 21 j[f(x)+2f(x)] cos Xdx = ZIcosxdx 2.

a

)
NN

. 2
Vay | =—.
Yy 3
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Il. VAN DUNG CAO

2
Cau 1. Tim hai sb thwc A,Bsao cho f(x)= Asinzx+ B, biétrang f (1) =2 vaf f(x)dx=4.
0

AL L. B. . C. . D. .
g B-_2 B=2 B-_2
B=2 V4 T V/4

Hwéng dan giai
f(x) = Asinzx+ B = f'(x) = Acoszx
2

f'l)=2= Arcoszr=2=A=-=
T

2 2
If(X)dX=4:> I(ASiﬂﬂ'X-}— B)dx = 4
0 0

—50052n+28+écosoz4: B=2
T T

2 4
Cau2. Giatriciaa dé dang thirc j [a® +(4-4a)x+4x° |dx= j 2xdx la déng thire ding
1 2

A. 3. B. 4. C.5. D. 6.

Hwéng dan giai
2
12 = [[a® + (4 —4a)x +4x° |dx =[ a’x + (2—2a)x* + <],
1

=a=3.

a

Cau3. Giatrj clia tich phan | = [ % a>0) la

AZ BT . c.- X D.- %
4da da 4a 4a
Hwéng dan giai
x=0=t=0

Pat x =atant; te(z;—zj = dx = a(l+tan?t)dt . Dbi can 7. vay
2 2 x:a:>t:z

N

3 14
.[ a(l+tan’t) . jdt=£
a’tan’t+a’

COS X

\/2+cos 2x

Group: https://www.facebook.com/groups/tailieutieuhocvathcs/

Cau 4. Gia tri cla tich phan | = j
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Ve Ve A -
A—. B.—. C.—. D.—.
a2 2V2 2 2
Hwéng dan giai
X=0=1t=0
Pat t =sinx = dt = cos xdx . Dbi can : . 3. Vay
X=—=>t=—
3 2
z B B
J3- COS X _Jz- dt _LJ% dt
2 +c032x o \3—2t2 2% §—t2.
2
3 3 t:0—>u:%
bat tz\/:cosu = dt=—\/:sin udu . Pdi can : , Suy ra
2 2 \/5 T
t=—>u=—
2 4
1 }5 dt 1 % fsinudu
I:— —_—
V25 [3_p \/5;’ §(1—cos u)
2 2
. ;
1 1 T
=—|du=—4=u| =——
N S
] ;
©odt .
Céaub. Cho | :Il ol Tich phan nao sau day co gia tri bang véi gia tri cda tich phan da cho.
1+
1 1
todt x dt h todt
A. . B. . C.- . D.- .
J1.l+t2 -[1 1+t? -!‘1+t2 !1+t2

Hwéng dan giai
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2
Céu 6. Gia tri cua tich phan | :J. _12 In(sin x)dx la

7 sin” x

3

A.—«/§In2+\/_—%. B.\/§In2+\/_—%.

C.—Jéan—J’-%. D.-J§|n2+J§+%.
Hwéng dan giai
u = In(sin x) = du = cot® xdx

dv = dx = v=-cotx

sin’ x

NN

2
I=_[ L In(smx)dx_—cotxln(smx)|2 Icot xdx
T n X 6

B

oy

(\/_In——cotxj —x|2— \/_In2+\/_——
6
2
Cau 7. Giatri cta tich phanl :jmin{l, xz}dx la
A.E. B.4. C.i. D—§.
4 3 4
Hwéng dan giai
Xét hiéu sb 1-x* trén doan [0;2] dé tim min {1, xz}. vay
2 3 2
I 1x dx J'xzdx+J'dx_X— +x12:£.
) 3, 3
Cau 8. Gia tri cda tich phan |—]3 X i 1a
' ' % XN1—X
A.In%. B.2. C.-In2. D.2In2.
Hwéng dan giai
F N X:_S t:3 N
Pt t=+1-x = x =12 = dx = —2tdt . D&i can T2 vay
X=-3=t=2

Group: https://www.facebook.com/groups/tailieutieuhocvathcs/



https://www.facebook.com/groups/tailieutieuhocvathcs/

l—f dx dx—j ~2tdt j: j dt t+1| 2
oxl-x  3(1-t)t S(1-t)t 31—t "= 1, 3
a3
Cau9. Biét |:jx—22'”xdx=%+|n2. Gia tri cda a I
X
1
A. 2. B. In2. C.r. D. 3.
Hwéng dan giai
a3
I:IX 22Inde:1+|n2
T X 2
=_[xdx—2j|n—2xd ~1iin2
1 1
2
Ay odnasrton=timg
2 2 a a 2
=a=2
HD casio: Nhap J#d —%—InZ:O nén a=2.
E ﬂ'
Céu 10. Cho I1:.|.cosx\/3sinx+1dx,|2 j%d Khang dinh nao sau day la sai ?
sin x+
Al _on343, B.l,>1,. c.|1=5. D. 1, _on3_2,
2 2

Hwéng dan giai

= jcos X+/3sin X +1dx = J'idt =
0
%
=l
0

3
Sin 2x :Zj(%—%jdt 2n2-2
(sinx+2)* AU 2 3

m

Cau 11. T4t ca cac gia tri ciia tham s m théa man j(2x+5)dx =6 la

o

A.m=1m=-6. B. m=-1m=-6. C.m=-1m=6. D.m=1m=6.

Hwéng dan giai
j2x+5 )dx=6= (x° +5x)\ =6=>m’+5m-6=0=>m=1 m=-6.
0

Hwéng dan casio: Thay m=1va m=-6 vao thay théa man.
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. 2
sin 2x Tim @& h(x) = acosx beos x va tinh I:Ih(X)dx
0

Cau 12. Cho ham sb h(x) =

(2+sinx)?’ (2+sinx)?>  2+sinx
A.a=-4, b=2; I:g+2In§. B.a=4, b=-2; I:—E—ZInE.

3 2 3 2
C.a=2 b=4 I:—l+4ln§. D.a=-2, b=4 I:1+4In§.

3 2 3 2

Hwéng dan giai
S& dung dong nhét thire, ta thay

: . b
acos x bcosx acosx+bcosx(2+sinx)  sin2x —=1 :{a:—4

; 2T ; o ; 2 ; 2 _ :
(2+sinx)®  2+sinx (2+sinx) (2+sin x) a+2b=0 b=2

h(x) =

Vay

T

a0 4
h(x)dx:j 4C_OSX2 + ZCO_SX dx:(— 4_ +2In|2+sin xlj
oL (2+sinx)”  2+sinx 2+Sin X 0

:z+2In§.
3 2

:—g+2In3+2—2In2

O | N

Cau 13. Gia tri trung binh ctia ham s6 y = f (x) trén [a;b], ki hiéu la m( f) dwoc tinh theo cong

b
thiec m(f)= bla f (x)dx. Gia trj trung binh ctia ham s6 f (x)=sinx trén [0;7] &
A.E. B.g. C.i. D.i.
T T T T
Hwéng dan giai
m(f):—j5|nxdx_ 2
7Z'— T

1

4
Cau 14. Cho ba tich phan I:_[ x5 j (sin*x—cos*x)dx va K= J. X* +3x-+1)dx. Tich phan
0

5 3X+1 )

nao cé gia tri bang % ?
A. K. B. I. C.J. D.JvaKk.

Hwéng dan giai
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1

|=j dx =—|n|3x+1| R
I 311 4
% ) % 1
J:I(S|n4x—cos4x)dx J(cos X —Ssin x)dx >
0 0

K= JZ-(X2 +3x+1)dx:2—1.
]

Cau 15. Vi O<a<1, gia tri ciia tich phan sau Izde la:

X" —3x+2
An[2=2. B.In|2=2| nl-2=2 | Ao
a-1 2a-1 2(a-1) 2a+1
Hwéng dan giai
jZdX :J'(l _ljd _InX 2° _Ina—2
o XT=3x+2 (\x-2 x-1 x—1}, a-1
¢ aAxe .
Cau 16. Cho Zﬁm—jﬁdx =0. Khi d6 gia tri cia 144m’ —1 bang
o (X" +2)
A 22, B. 43-1. C. & D. —i.
3 3 3
Hwéng dan giai
1
d(x*+2) _ 1 11 1
2 0= 2v3m+ =0 2d3m+=-—-——==0cm=——+.
V3m I +2)? V3 (x*+2)|, & 3 2 1243

Vay
2 2
144m? —1= 144( j 1=_=
123 3

Cau 17. Cho ham sb f lién tuc trén doan [a;b] va cé dao ham lién tuc trén (a;b), dong thoi thda
man f(a)= f(b). Lwa chon khang dinh dung trong cac khang dinh sau

b b
A. jf'(x).ef“’dx:o. B. J.f'(x),ef(x)dle_
b b
C. jf'(x).efmdx:—l. D. jf'(x).ef“’dx:z.
Hwéng dan giai

—e'® _g'@

b b
[er @ (x)dx=[ePd(f () =™
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(. Fodx .
Cau 18. Keét qua phép tinh tich phan | = cod dang | =aln3+blIn5(a,be ). Khi do
qua phép p ! o g ( )

a’+ab+3b® co gia trila
A. 5. B. 1. C.0. D. 4.
Hwéng dan giai

Taco

|—i d —2} ! f(———jdt 2In3-In5,
 Xy3x+1  tP-1 o

suyraa=2b=-1.Vay a®*+ab+3b*=4-2+3=5.

Cau 19. Voi neN,n >1, tich phan | = |(1-cosx)"sinxdx c6 gia tri bang

O =y [N

A —. B.i. C.i. D.l.
n+1 n-1 2n n
Hwéng dan giai
% tn+1 L 1
| = I(l cosx)" sin xdx = Itdt— N _—
5 n+1j, n+1
2 \sin x R
Cau 20. V&i neN,n >1, gia tri cta tich phan _[ ——dx la
5 N/ COS X +4/sin X
A Z B.-Z. c.3z p. -37
4 4 4 4

Hwéng dan giai

t=£—x:>dx:—dt
2

(o5

3
dx = 21 =jdx:»|=f
) 4

7[

f (sin x)dx = — f (cost)dt = j f (cos x)dx

O 0 | N
l\:\:‘q'—;o
o'—.m\kx

Usin x

Ycos x + Ysin x

O | N
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20177

Cau 21. Gia tri ciia tich phan j J1—cos2xdx la

0

A. 403442 . B. —40434/2. C. 3043./2. D. 303442 .

Hwéng dan giai
Do ham sé f(x)=+/1—cos2x la ham lién tuc va tuan hoan v&i chu ki T =7 nénta cé

]‘ f(x)dx = ZJI f(x)dx = T f(x)dx=...= HJI f (x)dx
0 T 2T (n-1)T
:>T f (x)dx :]‘ f (x)dx+2f fO)dx +...+ T f(x)dx = n]‘ f (x)dx

(n-1)T
20177 Vg

— j J1—cos2xdx = 2017 j J1—cos2xdx = 20172 j sin xdx = 4034+/2
0 0

0

N

2 ~1/10 10
Cau 22. BAt dang thire [0 Xy<M lusn ding khi gia tri cia M 12
0 \/4—X2
a2 g V2 L p. L
2 2 2 2

Hwéng dan giai

sin® x+cos™ x <sin? x+cos® x =1

sin® x +cos™ x - 1

Ja-x* 1= %

V4

sin®® x +cos™ x 1 2

.Zf dxgi dx:arcsini :arcsinZ
0 \/4—X2 0 \/1—X2 2 0 2
% = .10 10

J-sm X +CO0S desg

0

V4-x?

[N

2 H 1+cos x
Céu 23. Gid trj cdia tich phan | In(dex 1a
. 1+ Cos X

A.2In2-1. B.-2In2-1. C.2In3-1. D.-2In3-1.

Hwéng dan giai

O V[ N

[ InL+sin x)"*** —In(L+ cos x) | dx

T

oty

2
(L+ cosX) In(L-+sin x)dx — [ In(1+ cos X)dx
0
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X=——t=dx=—dt
X:O:t:Z
2
x:£:>t:0
2

In(1+sint)dt = | In(1+sin x)dx

O N [ Y
O N [ Y

3 0
| = !In(1+ cos x)dx = —;[ In (1+ cos(%—t)jdt =
2

T T

3 3 3
= :j(1+ cos x) In(L+sin x)dx—jln(1+sin X)dx = jcosxln(1+sin x)dx =2In2-1
0 0 0

b
Cau 24. C6 may gia tri clia b thda méan I(sz —12x+11)dx =6
0

A. 3. B. 2. C. 1 D. 4.

Hwéng dan giai

b=1
b
[ (3x* ~12x+11)dx = (x° ~ 6x* +11X) " =p’-6b’+11b-6=0<|b=2.
0 b=3

b a
Cau 25. Biét réng [6dx =6 va [xe*dx =a. Khi d6 biéu thirc b +a° +3a” +2a ¢6 gia tri bang
0 0

A T. B. 4. C.5. D. 3.

Hwéng dan giai

b
+Ta céjﬁdx:ﬁ:b:l.
0
+Tinhjxexdx
0

u=x du =dx
bat = . Khi do,
dv =e*dx v=ge

a
J.xexdx = xe*
0

a
a—jexdx=ea—ea+1=a:>a=1.
0

0

vay b*+a’+3a*+2a=7.
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a bz
CAu 26. Biét rang j A , j 2dx =B (v&i a,b>0). Khi d6 gia tri cia biéu thirc 4aA+2—E:D
0 0

x2+a’
bang
A.2r B. = C. 3x D. 4x

Hwéng dan giai
dx
X’ +a’

+an1j
0
Pitt=atanx; ac (%—%) — dx = a(l+tan®t)dt

Péican:x=0=>t=0;x=a=t==—.Vay

r
4

i 2 i
J’Mdt =1jdt _A
ca‘tan“t+a ayg 4a
bz
. B
+Tinh: j 2dx=2bz,suyra —=rx
’ 2b
Cau 27. Tich phéan _[sin“ x.cos® xdx ludn luén bé hon
0
2437 g 2347 c 2431 D 2841
6250 6250 6250 6250

Hwéng dan giai
Ta thay
sin® xcos® x = (1—cos® x)(1—cos® X) cos” X COs* XCOS” X

=%(2—2C052 X)(L—cos® x) cos® X cos® X Cos” X

T2 5
243
6250

3
- 1[2—2(3052 X +1—c0s% X +€0s? X + c0s* X + c0s® x]

243x
6250

Suy ra Isin4 X c0s® xdx <
0



