Truy cap website: hoc360.net dé tai tai liéu dé thi mién phi

PHUONG TRINH PUONG THANG

A. KIEN THUC CO BAN ]
I.  Phwong trinh dwong thang:

o Cho dudng thing A di qua diém M (Xy; Vo:2,) va nhan vecto a =(a,;a,;a,) V6i
a’+a,> +a;” #0 lam vecto chi phuong. Khi d6 A c¢6 phuong trinh tham s6 14 :

X=X, +at
y=Y,+a;t; (teR)
Z=17,+axt

e Cho dudng thing A di qua diém M, (X;; Vy:Z,) va nhan vecto a=(a;;a,;a,) sao cho
a,8,a, # 0 1am vecto chi phuong. Khi d6 A c6 phuong trinh chinh tac 1a :
X=X — Y=Y _ -1,
a1 a'2 a‘3

1. Gdc: )
1. GOc giira hai dwong thang:
A, c6 vecto chi phuong a,

A, c6 vecto chi phuong a?

aa
i

cos(A,,A,) = 5"
2

2. Goc gitra dwong thang va mit phang:
A c6 vecto chi phuong a,

(e) c6 vecto chi phuong n,

sin[A,(a)]= iA'na

a,|.

n

a

I11.  Khoang cach: . ] )
1. Khoang cach tir diem M den dwong thang A :
A di quadiém M, va c6 vecto chi phuong a,

[o.. MM ]

d(M,A)= -

A
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2. Khoang cach giira hai dwong thang chéo nhau:
A, diqua diém M va co vecto chi phuong a

A, di qua diém N va co vecto chi phuong 5;

IV.  Céac dang toan thudng gap:
1. Viet phuong trinh duong thang A di qua hai dieém phan biét A, B.

Céch gidi: Xéc dinh vecto chi phuong cia A 13 AB.

2. Puong thang A di qua diém M va song song véi d .
Cach gidi:
e Néu d=ox thi A covecto chi phuong 1 a, =i =(10;0)
e Néu d=oy thi A c6 vecto chi phuong 13 a, = j =(0;1,0)
o Néu d=o0z thi A c6 vecto chi phuong 14 a, =k =(0;0;1)
e Néud thi A co vecto chi phuong 1a a, =a,, V6i a, 1a vecto chi phwong cua d
3. Viét phuong trinh duong thang A di qua diém M va vudng goc véi mat phang («).
Céch gidi: Xac dinh vecto chi phuong cua A 1a i = E , VO nj 1a vecto phép tuyén cua
(@).
4. Viét phuong trinh duong thang A di qua diém M va vudng goc véi hai duong thang d,,d,
(hai duong thang khong cung phuong).
Céch gidi: Xac dinh vecto chi phuong cua A la a, = [aj,gzl ,VGi a,,a, lan luot 1a vecto

chi phuong cua d,,d,.

5. Viét phuong trinh duong thang A di qua diém M vudng goc véi duong thang d va song
song véi mat phang ().

Céach gidgi: Xac dinh vecto chi phwong cia A 1a aj = [aj,@] , VoI i la vecto chi
phuong cua d, n, 1a vecto phap tuyén cua ().

6. Viét phuong trinh duong thang A di qua diém A va song song véi hai mat phang
(@),(B).((«).(B) 1ahai mit phang phan bi¢t)
Cach gidgi: Xac dinh vecto chi phuong cia A la at = [E, @] Véi E,@ lan luot 12
vecto phap tuyén cia (a), ().

7. Viét phuong trinh duong thang A 1a giao tuyén cta hai mat phang («) va ().
Céch gidi:

e Lay mot diém bat ki trén A, bang cach cho mot an bang mot so tiy .
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e Xac dinh vecto chi phuong cia A 1a aj = [E @] , VoI E @ lan luot 14 vecto
phép tuyén cia («),(f).
8. Viét phuong trinh duong thang A di qua diém A va cét hai duong thang
d,d,(Agd,Agd,).
Céch gidi: Xac dinh vecto chi phuong cua A 1a a, = [nj,n?}, véi n.,n, 1an luot 1a vecto

phép tuyén ciia mp(A,d,),mp(Ad,).

9. Viét phuong trinh duong thang A nam trong mit phang («) va cit hai duong thang
d,.d,.
Céch gidi: Xéc dinh vecto chi phuong cia A 1a a, = AB, v6i A=d, " (a),B=d, ()

10. Viét phuong trinh duong thang A di qua diém A, vudng goc va cat d .
Cach gidi:
e Xacdinh B=ANd.
e Viét phuong trinh duong thang A di qua A B.
11. Viét phuong trinh duong thang A di qua diém A, vudng goc véi d, vacat d,, véi Aed,
Céch gidi:
e Xacdinh B=AnNd,.
e Viét phuong trinh duong thang A di qua A B.
12. Viét phuong trinh duong thang A di qua diém A, cat duong thang d va song song véi
mat phang («).
Céch giai:
e Xacdinh B=ANd.
e Viét phuong trinh duong thang A diqua A B.
13. Viét phuong trinh duong thang A nam trong mit phang () cat va vudng goc duong
thang d .
Céch giai:
e Xacdinh A=d n(a).

e Duongthing A di qua A va co vecto chi phuong ciia A 1a aj = [i, na] Y a

1a vecto chi phuong cua d , n, 1a vecto phép tuyén cua (e).

14. Viét phuong trinh duong thang A di qua giao diém A cua dudng thang d va mit phing
(o), namtrong (&) va vudng goéc duong thang d (¢ day d khdng vudng goc véi (a)) .
Céch gidi:

e Xicdinh A=d N (a).

e Duongthing A di qua A va co vecto chi phuong ciia A 1a a—A = [ad : na] Y a

1a vecto chi phuong cua d , n, 1a vecto phap tuyén cua (e).
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15. Viét phuong trinh duong thang A 1a dudng vudng goc chung cua hai duong thang chéo
nhau d,,d,.
Cach gidi:
AB Ld,
AB Ld,
e Viét phuong trinh duong thang A di qua hai diém A,B.
16. Viét phuong trinh duong thang A song song véi dudng thang d va cit ca hai duong thang
d,.d,.
Céch gidi:

e Xacdinh A=And,,B=AnNd, saocho {

e Xicdinh A=And,, B=And, saocho AB,a, cung phuong, v6i a, 1a vecto chi
phuong cua d .
e Viét phuong trinh duong thang A di qua diém Ava c6 vecto chi phuong aj = aj :
17. Viét phuong trinh dwong thang A vudng gdc véi mat phing («) va cit ca hai duong thang
d,,d,.
Céch gidi:
e Xicdinh A=And,,B=And, saocho AB,n, cing phuong, véi n, la vecto
phép tuyén cua («).
e Viét phuong trinh dudng thang A di qua diém Ava co vecto chi phuong a, = -
18. Viét phuong trinh A 13 hinh chiéu vudng goc cua d 18n mat phiang (a).

Céch gidi : Xac dinh H e A sao cho AH L a, ,véi a, la vecto chi phuong cua d .

e Viét phuong trinh mdt phang (4) chira d va vudng goc véi mit phang ().
e Viét phuong trinh duong thang A 1 giao tuyén cua hai mt phang (a) va (B)
19. Viét phuong trinh A 12 hinh chiéu song song cua d 1én mit phing (&) theo phuong d'

Céch gidi :

e Viét phuong trinh m3t phang (B) chua d va cé thém mot véc to chi phuong E .
e Viét phuong trinh duong thang A 1a giao tuyén cta hai mat phang (a) va ().

B. KY NANG CO BAN

1. Hoc sinh x4c dinh dugc vecto chi phuong va diém nao dé thude duong théng khi cho truéc
phuong trinh.
Hoc sinh biét cach chuyén tir phuong trinh tham s6 qua phuong trinh chinh tac va nguoc lai.
Hoc sinh 1ap dugc phuong trinh chinh tic va phuong trinh tham sb.
4. Hoc sinh tim duogc hinh chiéu, diém ddi xung.

wmn
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| Chii a2 8.4: PHUONG TRINH PUONG THANG |

Nhén biét va Thong hiéu

X=2-2t X=6+2t"
Cau 1. Trong khdng gian Oxyz, cho hai duong thangd: {y=3-2t vad” {y=3+2t". Xét cic ménh dé
z=1-3t z=7+09t'

sau:

() ddiquaA(2;3;1) vacé véc-to chi phuong a(2;2;3)

(1) d’diquad’(0;-3;-11) va c6 véc-to chi phuong a'(2;2;9)

(I11) a va a' khong cung phuong nén d khéng song song véi d’

(IV) Vi (éAg').ﬁ' =0 nén d va d’ ddng phing va ching cét nhau

Dua vao cac phat biéu trén, ta két luan:

A. Céc phét biéu (I), (III) ding, cac phat biéu (I1), (1V) sai;

B. Céc phat biéu (1), (I) dang, cac phat biéu (1), (IV) sai;

C. Caéc phat biéu (I) dung, cac phat biéu (1), (111), (1V) sai;

D. Céc phéat biéu (IV) sai, cac phét biéu con lai dung;
X=2+t

Cau 2. Trong khong gian véi hé toa d6 Oxyz, cho dwong thang d c6 phwong trinh thamsé { y =-3t . Phuong

z=-1+5t

trinh chinh tic cua duong thang d 1a?
A X—2 'y _z +1

B. x-2=y=2z+1

1 -3 5
C x+2=X:z—1 D.X+2=l=2_l
-1 3 -5 1 -3 5
Huéng din giai

Cach 1:

d di qua diém A(2;0;-1) va c6 vecto chi phuong a, = (1,-3;5)

Vay phuong trinh chinh tic cua d la XT_Z _y _z+l

-3 5
Cach 2:
X=2+t X=2=t
y=-3% o lg:t
z=-1+5t Z+1—t
5
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Vay phuong trinh chinh tic cua d 1a XT_Z y _z+l

-3 5
A R . A . . 2 , . , .. X=3 y+1
Cau 3. Trong khong gian véi hé toa do Oxyz, cho dudng thang A c6 phuong trinh chinh tac > 3 =1
Phuong trinh tham sb cta duong thang A 13?
X=3+2t X=2+3t X=-3+2t X=-3-2t
A. y:—1—3t B. y=—3—t C. y=1—3t D. y:1+3t
z=t z=t z=t z=t

Hudéng dan giai
Céch 1:
A di qua diem A(3;-10) va c6 vecto chi phuong a, =(2-31)

X=3+2t
Vay phuong trinh tham s caa A 1a {y=—1-3t

z=t
Cach 2:
x-3 =t
2
x=3_y+l_z_, Jy+l_,
2 -3 1 -3
Z_y
1
X=3+2t
Vay phuong trinh tham s coa A 1a {y=—1-3t
z=t
A R . .. . . . X+2 y-1 z-3 . B .
Cau 4. Trong khong gian vai hé toa do Oxyz, cho duong thang d : TR . buong thang d di qua
diém M va c6 vecto chi phuong i la
A. M (-2:13),a, =(2;-1;3) B. M (2,-1-3),a, =(2,-13)
C. M(2,-13),a, = (-213) D. M(2;-13),a, =(2-1-3)

Huéng dan giai
d di quadiém M (-2;1;3) va c6 vecto chi phuong a, = (2;-1;3)

X=t-2
Cau 5. Trong khong gian véi hé toa do Oxyz, cho dwong thang d :{y =2+3t. Buong thang d di qua diém M
z=1+t

va co vecto chi phuong a, la
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A. M (-2;2,1),a, = (131) B. M (L2;1)
C. M(2,-2;-1),a, = (1;3,1) D. M (1;,2;1)
Huwéng dan giai

=(-2;31)

3
2y =(2-31)

d diqua M(-2;2;1) va c6 vecto chi phuong a, = (L31)
Cau 6. Trong khéng gian vai hé toa d6 Oxyz, phuong trinh nio sau diy 14 phuong trinh tham s6 ctia duong thang

d quadiém M (—2; 3 1) va ¢6 vecto chi phuong a= (1; -2; 2) ?

X=-2+t X=1+2t X=1-2t X=2+t
A Jy=3-2t B.Jy=-2-3t C.iy=-2+3t D.;y=-3-2t
z=1+2t z=2-t 2=2+t z=-1+2t

Huwéng dan giai
Phuong trinh tham sé cua duong thang d qua diém M (—2; 3; l) va co vecto chi phuong
X=-2+t
a=(L-2;2) la{y=3-2t
z=1+2t
Cau 7. Trong khong gian vai hé toa @6 Oxyz, phuong trinh nao sau ddy 1a phuwong trinh chinh tic A cua duong
thing di qua hai diém A(L-2;5)va B(3;1,1)?

A x—1=y+2:z—5 B x—3=y—l:z—1
2 3 —4 1 -2 5

C. x+1=y—2:z+5 D. x—1:y+2=z—5
2 3 -4 3 1 1

Huéng din giai
A di qua hai diém Ava B nén c6 vecto chi phuong AB = (2;3,-4)

Xx-1 y+2 z-5

Vay phuong trinh chinh tic cua A la 3 2

Cau 8. Trong khong gian véi hé toa d Oxyz, cho tam giac ABC c6 A(-1;3;2),B(2;0;5),C(0;-2;1). Phuong
trinh dudng trung tuyén AM cua tam giac ABC Ia.

A x+1=y—3:z—2 B x—1=y+3:z+2
2 -4 1 2 -4 1

C. x—1=y+3:z+2 D.x—2:y+4=z+1
-2 4 -1 1 -1 3

Huwéng dan giai
M la trung diém BC = M (1,-1;3)
AM di qua diém A(-13;2) va co vecto chi phuong AM = (2;-4;1)

x+1 y-3 z-2

Vay phuong trinh chinh tic cia AM 14 n .
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Cau 9. Trong khong gian véi hé toa dd Oxyz, cho tam giac ABC vsi A(1;4;-1),B(2;4;3),C(2;2;-1).

Phuong trinh tham s ciia duong thang di qua diém A va song song véi BC la

x=1 x=1 x=1 x=1
A cy=4+t B.{y=4+t C.ly=4+t D.Jy=4-t
z=-1+2t z=1+2t z=-1-2t z=-1+2t

Hudéng dan giai

Goi d 1a duong thang can tim.

BC =(0,-2;,-4)=-2(0,1,2)

Vi d song song véi BC nén d co vecto chi phuong a = (0;1;2)

d qua A(L4;-1) va co vecto chi phuong i

x=1
Vay phuong trinh tham sé ciia d 12 {y =4+t
z=-1+2t

Cau 10. Trong khéng gian vai hé toa do Oxyz . Phuong trinh tham s6 ciia duong thang di qua diém M (1; 3;4)

va song song véi truc hoanh la.

X=1+t x=1 x=1 X =1
A y=3 B. Jy=3+t C.qy=3 D.qy=3
y=4 y=4 y=4-t y=4+t1
Huéng din giai
Goi d 1a duong thang can tim.
Vi d song song vai truc hoanh nén d c6 vecto chi phuong a, =i =(1,0;0)
d diqua M (L3;4) va co vecto chi phuong a,
X=1+t
Vay phuong trinh tham s cia d 1a {y=3
y=4
x=1-2t
Cau 11. Trong khong gian vai hé toa dd Oxyz, cho duongthang d:{y =t . Phuong trinh chinh tic cua
z=-3+2t

dudng thang A di qua diém A(3;1;—1) va song song véi d Ia

x-=3 y-1 z+1 Xx+3 y+1 z-1

A. B.
-2 1 2 -2 1 2
C.x+2=y—l=z—2 D.x—2=y+1=z+2
3 1 -1 3 1 -1
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Hudéng dan giai

d c6 vecto chi phuong i =(-2,12)

Vi A songsong véi d nén A c6 vecto chi phuong a, =a, =(-2;12)
A diqua diém A(3;1-1) va c6 vecto chi phuong a, = (-2:1,2)

Vay phuong trinh chinh tic cua A 1a x=3_y-1_z+1

-2 1 2
Cau 12. Trong khong gian véi hé toa d6 Oxyz, cho dwong thing d : ng _y-1_z-3 . Phuong trinh tham s6
ciia duong thang A di qua diém M (1;3;—4) va song song véi d 1a
X=1+2t X=-1+2t X=-1+2t X=2+t
A Jy=3-t B.<y=-3-t C.qy=-3-t Diy=-1+3t
z=—4+3t z2=4+3t z2=4+3t z=3-4t

Hudéng dan giai
d c6 vecto chi phuong a, = (2;-1;,3)

Vi A songsong véi d nén A co vecto chi phuong a, =a, = (2,-1;3)

A di qua diém M (1; 3 —4) va ¢ vecto chi phuong aj

x=1+2t
Vay phuong trinh tham s ciia A la {y =3—t
z=-4+3t

Cau 13. Trong khdng gian vai hé toa dd Oxyz, cho mit phang (P) :2X—Y +2—3=0. Phuong trinh chinh tic
ciia cta duong thang A di qua diém M (=2;1,1) va vudng géc vei (P) Ia

A.x+2=y—1=z—1 B.x—2=y—1=z—1
2 -1 1 2 -1 1

C. x+2=y—1=z—1 D.X+2=y_l=2_1
2 1 1 2 -1 -1

Hwéng dan giai

(P) c6 vecto phap tuyén n, = (2;-11)

Vi A vuéng géc véi (P) nén d co vecto chi phuong a, =n, =(2;-11)
A di qua diém M (=2;1;1) va c6 vecto chi phuong a,

Vay phuong trinh chinh tic cua A 1a X+t2_y _11 -z Il

Cau 14. Trong khong gian véi hé toa d6 Oxyz, cho mat phang (o) X —2y + 2z —3=0 Phuong trinh tham s6
ciia duong thang d di qua A(2;1;,-5) va vuéng goc véi () la
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X=2+t X=-2-t X=-2+t X=1+2t
A Jy=1-2t B.Jy=-1+2t C.iy=-1-2t D.Jy=-2+t
z=-5+2t z=5-2t z=5+2t Zz=2-5t

Huwéng dan giai

() c6 vecto phap tuyén n, =(1-2;2)

Vi d vudng goc v6i (ar) nén d c6 vecto chi phuong a,=n, = (,-2;2)
d di qua A(2;1-5) va c6 vecto chi phuong a, =(1-2;2)

X=2+t
Vay phuong trinh tham sé cua d 1a { y =1—2t

z=-5+2t

Cau 15. Trong khong gian véi h¢ toa dd Oxyz, phuong trinh duong thing A di qua diém A(2;-1;3) va vudng

g6c voi mat phang (Oxz) la.

X=2 X=2 X=2 X=2+t
A y=-1+t B.<y=1+t C.qy=1-t D<y=-1
z2=3 z2=3 2=3 z=3+t

Hudéng dan giai

(Oxz) c6 vecto phép tuyén j =(0;10)

Vi A vudng goc véi (Oxz) nén A co vecto chi phuong a, = j =(0;10)
A di qua diém A(2;-1;3) va c6 vecto chi phuong a,

X=2
Vay phuong trinh tham sé ciia A 14 {y=—-1+t
z=3

Cau 16. Trong khong gian véi h¢ toa d6 Oxyz, phuong trinh dwong thing A di qua diém M (2;1,-5), ddng

thoi vudng géc véi hai vecto a = (4,0;1)va b=(4,1-1) la

A x—2:y—1=z+5 B. x+2=y+1=z—5
-1 5 1 -1 5 1

C. x+2=y+1:z—5 D. x+1:y—5=z—1
1 -5 -1 2 1 -5

Hudéng dan giai

A di qua diém M (2;1;-5), va c6 vecto chi phuong a, = a,b|=(-15;1)

X=2 y-1 7+5
-1 S 1

Vay phuong trinh chinh tic cua A 1a

Cau 17. Trong khong gian véi h¢ toa d6 Oxyz, cho tam gidc ABC c¢6 A(2;1,-2),B(4;,-11),C(0;-31).

Phuong trinh d di qua trong tam ciia tam giac ABC va vudng goc véi mat phang (ABC) la
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X=2+t X=-2+t X=2+t X=2+t
A. y=—1—2t B y=—1—2t C y=1—2t D y=1+ 2t
z=-2t z=-2t Z2=-2t z=2t

Huwéng dan giai

Goi G latrong ttam AABC, tacé G(2;-10)

Goi i 1a vecto chi phuong cua d

AB =(2;,-2;3)
AC =(-2,-4;3)
LAB [a,LAB . . .
d J_(ABC):>{d L gy = AB,AC | = (6,-12;,-12) =6(L,-2,-2)
d_LAC a, 1 AC

d di qua G(2;-1;,0) va co vecto chi phuong 1a a, = (1;-2;-2)

X=2+t
Vay phuong trinh tham sé ciia d 14 {y =-1-2t
z=-2t

Cau 18. (PH D2007). Trong khong gian véi hé toa do Oxyz, cho hai diém A(L4;2) va B(-12;4). Phuong

trinh d di qua trong tam caa AOAB va vudng goc véi mat phang (OAB) la

A X_Yy-2_z-2 g X_y+t2_z+2
2 -1 1 2 -1 1
X_y-2_12-2 D X_y+t2_z+2
"2 1 1 "2 1 1

Huéng din giai
Goi G latrong tam AOAB, taco G(0;2;2)

OA=(14;2)
OB =(-1,2;4)

Goi a 1a vecto chi phuong cua d
dLOA f[a, LOA . .

={ "~ =a, =|OAOB|=(12-66)=6(2-11)
dLlOB |a, LOB

Vay phuong trinh cia d 1 g _y-2_z-2 1 2

d L(OAB):{

Cau 19. (PH B2013). Trong khong gian véi hé toa d6 Oxyz, cho hai diém A(L-11), B(-12;3) va duong
x+1 y-2 z-
-2 1

duong thang AB va A I

thing A: 3 . Phuong trinh duong thang di qua diém A, ddng thoi vudng goc véi hai
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x-1 y+1 z-1

A B. x—7=y—2=z—4
7 2 4 1 -1 1

C. x+1=y—1=z+1 D. x+1=y—1=z+1
7 -2 4 7 2 4

Hudéng dan giai
Goi d 1a duong thing can tim va c6 vecto chi phuong a,
AB =(-2;3;2)
A ¢6 vecto chi phuong aj =(-2;1,3)
dLAB [a, LAB — . _.
{ =0T :ad:[AB;aA]:(7;2;4)
dLA ad 1 aA
x-=1 y+1 z-1

Vay phuong trinh chinh tic cua d la

2 4
X=1+1
A R . . s 2 X=2 'y z+1 | .
Cau 20. Trong khdng gian vai hé toa @9 Oxyz, cho hai duong thang d, : > @ 1 vad,:<y=3-2t
z2=5-2t
. Phuong trinh dudng thang A di qua diém A(2;3;—1) va vuéng goc voi hai duong thang dy, d, 1a
Xx=2-8t Xx=-8+2t Xx=-2-8t Xx=-2+8t
A y=3+3 B.Jy=1+3t C.iy=-3+t D.Jy=-3-t
z=-1-Tt 2=—-7-t z=1-Tt z=1+Tt

Huwéng dan giai
d, co vecto chi phuong a, =(2;3;-1)
d, ¢6 vecto chi phuong a, = (1;,-2;-2)

Goi a, la vecto chi phuong A

AJ‘dl iLaj o= Ao ..
{ALdz :>{_ =a, :[al,azJ:(—B,S,J)

a, La,
X=2-8t
Vay phuong trinh tham s coa A 1a {y=3+3t
z=-1-1t

Cau 21. Trong khong gian véi h¢ toa do Oxyz, cho mit phing (P):2x+Yy+2z-1=0 va duong thang
:XT+1 = ll = Z—;S Phuong trinh dwong thang d di qua diém B(2;-15) song song vsi (P) va

vubng goc vai A la
X—2 y+1 z-5

A B x+2=y—1=z+5
-5 2 4 -5 2 4

C. x+2:y—1:z+5 D. x—5=y+2:z+4
5 -2 -4 2 -1 5
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Hudéng dan giai
A ¢6 vecto chi phuong i =(2;-1,3)
(P) ¢6 vecto phap tuyén n, =(2;12)
Goi a, 1a vecto chi phuong d
d//(P) |agLtnp — — —
( ):> T P =a, =[aA;nP]=(—5;2;4)
dLA a, La,
X—2 y+1 z-5

Vay phuong trinh chinh tic cua d 1a c 5 2

Cau 22. Trong khong gian véi hé toa do Oxyz, goi d la giao tuyén cua hai mat phing (cr):x—3y+2z=0 va

(B):x+y—2+4=0=0. Phuong trinh tham s6 ciia dudng thang d Ia

X=-2+1 X=2+t X=2-t X=2+t
A Jy=t B.<y=t C.Jy=-t D. jy=t
z1=2+2t z=-2+2t z2=-2-2t 72=2+2t
Hudéng dan giai
Cach 1:
L[ x+z=3t X==2+t
bat y=t,taco =
X—z=-4-t 2=2+2t
X=-2+t
Vay phuong trinh tham s6 cia d 14 {y =t
Z=2+2t

Cach 2:

Tim mot diém thudc d , bang cach cho y =0

=M (-2;0;2)ed
X—z=—4 z2=2

Tac he {x+z=0 :{x:—Z
() €6 vecto phap tuyén n_ =(1-3;1)

(B) c6 vecto phap tuyén n, = (11;-1)

d c6 vecto chi phuong aj = [E, @] =(2,2;4)

d di quadiém M (-2;0;2) va c6 vecto chi phuong la a,

X=-2+1
Vay phuong trinh tham s6 cia d 14 {y =t

71=2+2t
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Cau 23. Trong khdng gian véi hé toa d6 Oxyz, cho dwong thing A 1a giao tuyén cua hai mat phang
(a):x-2y-z+1=0 va (B):2x+2y—3z—4=0. Phuong trinh duong thang d di qua diém
M (1,—10) va song song véi duong thang A 1a

A X-1l_y+l 2z p Xx+t1_y-1_z

8 1 6 8 1 6

c. x-1_y-1_z pXx-8_y-1_z

8 1 6 1 1 6
Hudéng dan giai

() ¢6 vec to phap tuyén n_ =(1-2;-1)
(B) 6 vec to phap tuyén n, =(2;2-3)

d di quadiém M (L-10) va c6 vecto chi phuong 1a a = [E, @} =(81; 6)

Vay phuong trinh cua d la x-1_y+l_z
8 1 6
A . . ! x-1 y+3 z
Cau 24. Trong khéng gian véi hé toa do Oxyz, cho duong thang d : - = 1 = - Phuong trinh duong
thang A di qua diém A(2;-1;-3), vudng goc véi truc Ozva d la
Xx=2-t X=-2-1 X =-2t X=2-t
A Jy=-1+2t B.<y=1+2t C.qy=1-2t D.iy=-1+2t
y=-3 y=3 y=3 y=-3

Huéng dan giai
Oz c¢6 vecto chi phuong k = (0;0;1)

d c6 vecto chi phuong a =(2,1,-2)

A di qua diém A(Z;—l; —3), va c6 vecto chi phuong la a, = [R,a} = (—1; 2; 0)

X=2-t
Vay phuong ciia A la < y=-1+2t
y=-3

Cau 25. Trong khong gian véi hé toa dd Oxyz, cho mat phang (P):2x—3y +5z —4 = 0. Phuong trinh dudng

thing A di qua diém A(-2;1;,-3), song song véi (P) va vudng goc véi truc tung Ia

X=-2+5t X =-2+5t X=-2-5t X =-2+5t
A sy=1 B.qy=1 C.qiy=1-t D.qy=1
y=-3-2t y=-3+2t y=-3+2t y=-3+2t

Huwéng dan giai
Oy c6 vecto chi phuong j = (0;1;0)
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(P)co vecto phép tuyén n, = (2;-3;5)

A di qua diém A(=2;1;,-3), va c6 vecto chi phuong la a, = D, E} =(5,0;-2)

X=-2+5t
Vay phuong cia A la<y=1
y=-3-2t

Cau 26. Trong khong gian véi hé toa do Oxyz, cho mat cau (S): (x—l)2 +(y+2)2 +(z —3)2 =9. Phuong
trinh duong thang d di qua tam ctia mat cau (S), song song véi (@) : 2x+2y —z—4=0 va vudng géc

X+1 y-6 z-2

véi duong thang A : 1 1 la.
X=1-t X=-1+t x=1-t Xx=1-t
A Jy=-2+5t B.{y=2-5t C.qy=—-2-5t D.iy=-2+5t
z=3+8t z=-3-8t z=3-8t z=3-8t

Hudéng dan giai
Tam cua mat cau (S) 1a 1(5-2;3)
A ¢6 vecto chi phuong a, = (3-11)

(a) c6 vecto phap tuyén @ =(2;2;-1)

d di quadiém 1(1-2;3) va co vecto chi phuong la i = [aj,@} = (—1; 5,8)
X=1-t
Vay phuong cia d 1a 4y =-2+5t
z=3+8t
Cau 27. Trong khong gian véi hé toa do Oxyz, cho tam giac ABC c6 A(0;1;2),B(-2;-1-2),C(2-3-3).
Puong thang d di qua diém B va vudng goc véi mat phing (ABC). Phuong trinh nao sau day khéng
phai 1a phuong trinh ciia duong thang d .

X=-2-t X=-2+t X=-2-6t X=-2-t1
AJy=-1-3t B.iy=-1+3t C.qy=-1-18t D.iy=-1-3t
z=-2-2t 1=-2-2t 7=-2+12t 1=-2+2t

Huwéng dan giai

AB =(-2;-2;-4)

AC =(2,-4;-5)

d di qua diém B(-2;—1-2) va c6 vecto chi phuong 1a a = [N?;, AT.“:] = (—6; —18;12)

Dap an sai la cau A
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x=1+2t
Cau 28. Trong khong gian voi hé toa @6 Oxyz, cho duong thang d :4y =—1+t. Hinh chiéu vuéng géc cua d
z2=2+t
Ién m3t phang (Oxy) cé phuong trinh la.
Xx=1+2t X=-1+2t X=-1+2t x=0
A y=-1+t B. cy=-1+t C.iy=1+t D.qy=-1-t
z=0 z=0 z=0 z=0
Hudéng dan giai
x=1+2t
Cho z =0, phuong trinh cia d' la { y=-1+t
z=0
Xx=1+2t
Cau 29. Trong khéng gian vai hé toa d6 Oxyz, cho duong thang d :{y =—2+ 3t. Hinh chiéu vuéng géc cua d
z=3+t
Ién mit phang (Oxz) c6 phuong trinh 1a.
Xx=1+2t x=0 X=-1+2t x=1+2t
A <y=0 B.{y=0 C..y=0 D.<y=0
z=3+t z=3+t Z=3+t z=-3+t
Huéng din giai
X=1+2t
Cho y =0, phuong trinh cua d 18n mt phang (Oxz) 1a {y =0
z=3+t

Cau30. Trong khong gian véi hé toa d6 Oxyz, cho hai mit phing (a):x—2y+2z+3=0 wva
():3x—=5y—2z—1=0. Phuong trinh duong thang d di qua diém M (1;3;—1), song song véi hai
mat phang («),(B) la

x =1+14t X =-1+14t X=-1+t X=-1+t
A Jy=3+8t B.{y=3+8t C..y=3+8t D.<y=3-t
z=-1+t z=-1+t z=1+t z2=1+t

Huéng dan giai
() ¢6 vecto phap tuyén n, = (L-2;2)

(B) c6 vecto phap tuyén n, = (3,-5,-2)

d di qua diém M (1; 3; —1) va co vecto chi phuong 1a a = [n:, @} = (14;8; 1)
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X =1+14t
Vay phuong ciia d la <y =3+8t

z=-1+t

Cau 31. Trong khong gian véi hé toa &6 Oxyz, cho mat phang («):2x—y+2z—-3=0. Phuong trinh dudng
thang d di qua diém A(2;—-3;—1), song song véi hai mt phang (e),(Oyz) Ia.

X=2 X=2-t X=2 x =2t
A Jy=-3+2t B.<y=-3 C.cy=-3-2t D.cy=2-3t
z=-1+t z=-1+t z=-1+t z=1-t

Hudéng dan giai
() ¢6 vecto phap tuyén n, =(2;-1;2)

(Oyz) ¢6 vecto phap tuyén i=(10;0)

d di qua diém A(2; -3; —1) va co vecto chi phuong 1a a = [E,q = (0; 2;1)

X=2
Vay phuong cia d la {y=-3+2t
z=-1+t

| Chii a2 8.4: PHUONG TRINH PUONG THANG |

Van dung thap
A . . . , , x-2 y-1 z-1
Cau32. Trong khong gian véi hé toa do OXxyz, cho hai duong thang d: 1 = 3 = 5 va
x=1-3t
d,:{y=-2+t.Phuong trinh dusng thing nim trong (a): X+2y —3z2—2=0 va cit hai duong thing
z=-1-t
d, d, la
X-3 y- - -
A _y 2:z+l B, x+3:y 2:z 1
-5 1 -1 -5 1 -1
c x+3:y—2:z—1 D.x+8:y—3:£
) -1 1 1 4 3

Hudéng dan giai
Goi d 1a duong thang can tim

° GQi A:dlm(a)

Group: https://www.facebook.com/groups/tailieutieuhocvathcs/



https://www.facebook.com/groups/tailieutieuhocvathcs/

Truy cap website: hoc360.net dé tai tai liéu dé thi mién phi

Aed, = A(2-a;1+3a;1+2a)
Ae(a)=a=-1= A(3-2;,-1)
o Goi B=d,n(a)
Bed, = B(1-3b;—2+b;-1-b)
Be(a)=b=1=B(-2,-1-2)
o d diquadiém A(3;-2,-1) va c6 vecto chi phuong AB =(-5,1-1)

Xx-3 y+2 z+1

Viy phuong trinh chinh tic caa d 1a c 1 1

A N . , X+2 y-2 17 |
Céau 33. (PH D2009) Trong khong gian véi hé toa do Oxyz, cho duong thang A T — T =— va mat

phang (P) :X+2y—-32+4=0. Phuong trinh tham s6 cia duong thang d nam trong (P) , Cat va vuong
goc duong thang A .

X=-3+t X=3+t X=3-t Xx=1-3t
A. y:1—2t B y=—1—2t C y=—1+ 2t D y:—2+t
z=1-t z=-1-t z=-1+t z=-1+t

Hudéng dan giai

Goi M =AN(P)
MeA=M(-2+t;2+t-t)
Me(P)=t=-1=M(-3L1)

ne =(12;-3)

(
(P) c6 vecto phap tuyén n,
A ¢6 vecto chi phuong aj =(L3-1)

d c6 vecto chi phuong i = [E, i} =(3-2;-1)

—

d di qua diém M (—3; 1; 1) va c6 vecto chi phuong 13 a,
X=-3+t

Vay phuong trinh tham s6 caa d 1a {y =1—2t
z=1-t

X-2 y+2 1-3

Cau 34. (PH D2006) Trong khong gian véi hé toa dd Oxyz, cho hai duong thang d, : 1 1

va
x=1 y-1 z+1
-1 2
d, 1a.

x-1 y-2 z-3 X+1 y+2 z+3
A. = = B = =

1 -3 -5 1 -3 -5

d2

. Phuong trinh dudng thing A di qua diém A(1;2;3) vudng goc véi d; va cat
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X+1 y+2 z+3 D Xx-1 y+3 z+5
-1 3 5 1 -2 3
Huwéng dan giai

C.

Goi B=ANd,

Bed,=B(1-t;1+2t;-1+t)
AB=(-t;2t-Lt-4)
d, c6 vecto chi phuong &, =(2;-11)
Ald, < ABLa
@ﬁ.ajzo
oSt=-1
A di qua diém A(L2;3) va c6 vecto chi phuong AB =(4-3-5)
x-1 y-2 7-3

Vay phuong trinh ctia A la

-3 -5
X=-3+2t
Cau 35. (DPH B2004) Trong khong gian véi hé toa d OXyz, cho duong thang d :{y=1—t . Phuong trinh
z=-1+4t

chinh tic cia duong thang di qua diém A(—4; —2; 4) , cat va vudng goc véi d Ia.

X+4 y+2 1-4

Xx-4 y-2 z7+4

A. B.
3 2 -1 3 2 -1
X-4 y-2 z+4 X-3 y-2 z+1
C. = - D. = =
-3 -2 1 —4 -2 4

Huéng dan giai
Goi A la dudng thang can tim
Goi B=ANd
Bed = B(-3+2t;1-t;-1+4t)
AB = (1+2t;3-t;-5+4t)
d ¢ vecto chi phuong a, =(2;-14)
Ald<ABla,
@ﬁ.azO
ot=1
A di qua diém A(—4; —2;4) va c6 vecto chi phuong AB = (3,2,-1)
X+4 y+2 1-4
3 2 -1

Vay phuong trinh cua A la
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x-1 y+3 z-3
-1 2 1
phang (P)22X+ y—22+9=0.Goi A la giao diémcia d va (P) Phuong trinh tham s ciia duong

Cau 36. (PH A2005). Trong khdng gian véi hé toa do Oxyz, cho duong thang d : va mat

thang A nam trong (P),di qua diém A vavuéng goc voi d la.

Xx=t X =t x=1 X=1+t
A y=-1 B.{y=-1 C.ly=-1+t D.<y=1
z=4+t z=t z=—4+t 7=

Hudéng dan giai
Goi A=d m(P)
Aed = A(1-t;—3+2t;3+t)
Ae(P):>t=1:> A(O;—1;4)

(P) c6 vecto phap tuyén nT, =(2,1,-2)
d co vecto chi phuong a =(-121)
A di qua diém A(O; -1, 4) va co vecto chi phuong 1a aj — [n?, i] = (5;0;5)

x=t
Vay phuong trinh tham sé cia A 1a {y=-1
Z=4+t
A N . 2 P . x-3 y-3 z
Cau 37. Trong khong gian véi hé toa do Oxyz, cho diém A(1,2,—1) va duong thang d T = =5
Phuong trinh duong thing di qua diém A, cit d va song song véi mit phing (Q) X+y-z+3=01a
x-1 y-2 z+1 X+1 y+2 z-1
A. = p B. = =
1 -2 -1 1 2 1
X+1 +2 z2-1 x-1 -2 z+1
C. PN D. Yo,
-1 2 1 1 2 -1

Huwéng dan giai
Goi A la duong thang can tim
Goi B=ANd
Bed = B(3+1;3+3t;2t)
ﬁ:(t+2;3t+1;2t+1)
(Q) c6 vecto phép tuyén @ =(L1-1)
A11(Q)= AB Ln,
S ﬁ.% =0

sSt=-1
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A di qua diém A(l; 2 —1) va c6 vecto chi phuong AB = (L-2-1)
x-1 y-2 z+1

Vay phuong trinh cua A la

1 -2 -1
A . . . _ , X+1 y-2 z-1
Cau 38. Trong khong gian voi hé toa do Oxyz, cho hai duong thing A;: 3 = 1 = > va
x=3
x-1 vy z+1 5 . L .
AZ.T=E=—.Phuongtrinhdu&mgthangsong song voi d <y =-1+t vacat hai duong thang
z=4+t
AjGA, la
X=2 X=-2 X=-2 X=2
A y=3-t B. jy=-3-t C.qy=-3+t D.Jy=-3+t
z=3-t z=-3-t Z=-3+t z=3+t

Huwéng dan giai
Goi A 1a duong thang can tim

Goi A=ANA,B=ANA,

AeA, = A(-1+33;2+3a;1+2a)
BeA, = B(1+b;2b;-1+3b)
AB=(-3a+b+2-a+2b-2;-2a+30-2)

d c6 vecto chi phuong a, = (0;11)
Alld @Eﬁ? cung phuong
< c6 mot sb k thoa AB =ka,
-3a+b+2=0 -3a+b=-2 a=1
<i-a+2b-2=k <<-a+2b-k=2 <b=1
—2a+3b-2=k —2a+3b-k=2 k=-1
Taco A(2;33);B(22;2)
A di qua diém A(2;3;3) va co vecto chi phuong AB =(0;-1-1)
X=2

Vay phuong trinh ctia A la {y=3-t
z=3-t
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. . o . o . X y-1 z+42 |
Cau 39. (PH A2007) Trong khong gian véi hé toa d6 Oxyz, cho hai duong thang d, : 511 va
X=-1+2t
d,:<y=1+t . Phuong trinh duong thang vudng goc Véi (P) 17X+ Yy -4z =0 va cit hai dudng
z=3
thang d,, d, la.
X—2 -
L Xm2_y 2+l g X-T_y_z+4
7 1 -4 2 1 1
c X2y _z-1 o X+2_y _z-1
7 -1 4 7 1 -4
Huwéng dan giai
Goi d 1a duong thang can tim
Goi A=dnd,;,B=dnd,
Aed, = A(2a;1-a;-2+a)
Bed, = B(-1+2b;1+b;3)
AB=(-2a+2b-La+b-a+5)
(P) ¢6 vecto phap tuyén n? =(7,1,-4)
d L(P)@E,Fp cung phuong
<> co6motsd k thoa AB=kn_
—2a+2b-1=7k —2a+2b-7k=1 a=1
Sqa+b=k <<qa+b-k=0 <qb=-2
—-a+5=-4k —-a+4k =-5 k=-1
d di qua diém A(2;0;-1) va c6 vecto chi phuong a, =n, = (7;1-4)
Xx-2 y z+1
Vay ph trinhctia d la —==-=—
ay phuong trinh cu . )
R . . . . x-1 y-2 z _,
Cau 40. Trong khong gian véi hé toa do Oxyz, cho duong thang d T = ES = e Viét phuong trinh

dudng thang A di qua diém A(2;3;-1) cit d tai B sao cho khoang céch tir B dén mit phing
(@):x+Yy+2-1=0 bing 2+/3.

A.CiCVaD g X f_y_zt4
2 1 1
c. x+3=y+6=z—2 D. x—3=y—6=z+2
-5 -9 5 1 3 -1

Huwéng dan giai
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Bed = B(1+t;2+2t;—t)
NN LN B(3,6,-2), AB=(L3-1)
a[B()]-2%3 { = [8(3;6;4), AB = (-5;,-9;5)

A di qua diém B va co vecto chi phuong AB

. X+3 y+6 z-2 _x-3 y-6 z+2
Vay ph trinh cua A la = = va = =
ay phuong trinh cu 5 9 3 1 3 =]

Cau 41. Trong khong gian véi hé toa do Oxyz . Viét phuong trinh duong thang A di qua diém A(-2;2;1) cét
truc tung tai B sao cho OB =20A.

A.CiBVAD g X_¥y-6_2
2 4 -1

C:.x+3=y+6=z—2 D,§=y_+6=_
-5 -9 3 2 -8 -1

Huwéng dan giai
B €Oy = B(0;b;0)
b=6 [8(0;6;0), AB = (2;4;-1)

OB:20A<:{ pe
b=-6 |B(0;-6;,0), AB=(2;-8;-1)

A di qua diém B va co vecto chi phuong AB
A L X y-6 z X y+6 z
Vay ph trinhcia A la -—=——=—va

ay phuong trinh cu > 4 =] > 8 =]

Cau 42. Trong khong gian véi hé toa do Oxyz . Viét phuong trinh duong thang A di qua diém B(L;,12) cét

/83

X-=2 y-3 z+1

duong thang d : 1 > . tai C sao cho tam giac OBC c6 dién tich bang —
A.C4CVaD g X_¥y-6_2
2 4 -1
c. x—1=y—1=z—2 D. x—lzy—1=2—2
3 -2 -1 31 78 -109

Huéng dan giai

Group: https://www.facebook.com/groups/tailieutieuhocvathcs/



https://www.facebook.com/groups/tailieutieuhocvathcs/

Truy cAp website: hoc360.net dé tai tai liéu dé thi mién phi

Ced=C(2+t;3-2t;-1+t)
OC =(2+t;3-2t;-1+1)
OB =(112)
[0B,0C |= (5t-7;t+51-3t)
. _E‘[@&}‘QI:ZSR:(&—Z;&)
sonc = | OB, t:;_g:B—C-z(sljs, 109)

A di qua diém B va c6 vecto chi phuong BC

-1 -1 -2 -1 -1 -2
x-1_y-1_z2-2 , x-1_ y-1_z

Vay phuong trinh cua A 1a

-2 -1 31 78 =109

X-2 y-1 1-2

Cau 43. Trong khong gian véi hé toa d6 Oxyz, cho hai duong thang d,: . 1 va
x=t
d,:<y=3 . Phuong trinh dudng vudng géc chung cua hai duong thang d,, d, Ia.
z2=-2+t
X=2+t x=-2+3t X=-2+3t X=2+3t
A ly=1+2t B.{y=1+3t C.iy=1-3t D.{y=1+3t
z=2-t z2=2+t z=2+t z=-2-t

Huwéng dan giai

Goi d 1a duong thang can tim
Goi A=dnd,;,B=dnd,
Aed, = A(2+a;1-a;2-a)
Bed,=B(b;3,-2+b)
AB=(-a+b-2a+2a+b-4)

d, c6 vecto chi phuong &, = (L-1-1)
d, ¢6 vecto chi phuong a, = (10;1)
dLd ABla, |AB.a, =0
{ L ABLa | [ABa,
dld, |ABLa, |ABa,=0
d di qua diém A(2,12) va c6 vecto chi phuong a, = AB =(1;2;-1)

X=2+3t
Vay phuong trinh ctia d 1a {y=1+3t

a=0
<:>{b _3™ A(2;12);B(331)

2=2+t
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Van dung cao

, X+1 z-2 ,
Cau 44. (PH A2012) Trong khdng gian vai hé toa d Oxyz, cho duong thang d : > = % = 1 , mat phang

(P):x+y—-2z+5=0 va A(L-12). Puongthang A cit d va (P) lanluottai M va N sao cho

A 13 trung diém cta doan thang MN . Phuong trinh duong thang A 1a.

x-1 y+1 z-2 5 x+1 y-1 z+2
2 3 2 2 3 2
x+1 y-1 z+2 D X-2 y-3 1-2
-2 3 2 1 -1 2

Hudéng dan giai

A.

C.

Med=M(-1+2t;t;t+2)
A 1a trung diém MN = N (3-2t;-2—-t;2-t)
Ne(P)=>t=2=M(324)

A diqua diém M (3;2;4) va c6 vecto chi phuong i:m=(2;3;2)
x-1 y+1 z-2
2 3 2

Vay phuong trinh ctia A la

x-2 y-1 z-1
1 2 -1

(S):(x—l)2+(y+3)2+(z+1)2:29 va A(L-2;1). Buong thang A cat d va (S) lan luot tai M

va N saocho A Ia trung diém cua doan thang MN . Phuong trinh duong thang A 1a

x—1: y+2:z—1 A x=1_y+2_z-1

Cau 45. Trong khong gian voéi hé toa d6 Oxyz, cho duong thang d: ,mit cau

A.

2 5 -1 7 11 -10
X+1 -2 — _
g Xfi_Y =Z+1véx 1_y+2_z-1
2 5 -1 7 11 -10
x—1 2 z-1 -
C. _Yte_ va x+1_y-2 z+1
2 5 -1 7 11 -10
X = _
D. +1_y 2:Z+1Vax+1:y 2 _z+1
2 5 -1 7 11 -10

Hudéng dan giai
Med=M(2+t;1+2t;1-t)
A la trung diém MN = N (-t;-5—2t;1+t)

t=1= MN =(-4;-10;2) = -2(2;5,-1)
Ne(S):>6t2+14t—ZO:O:> 10 —— (14_22_ 20} 2

t=—-—==MN = £(7:11,-10)
3 3
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A di qua diém A(L-2;1) va c vecto chi phuong a, = MN

x—1 +2 z-1 - _
_Yte_ vy X-t_y+2_z-1

Vay phuong trinh cua A la
?y puong 2 5 1 7 T 11 10

Cau 46. (DH B2009) Trong khdng gian véi hé toa dd Oxyz, cho matphang (P): X —2y +2z—~5=0 va hai diém

A(-3;0;1), B(;,—13). Trong c4c dudng thang di qua A va song song véi (P), dudng thing ma

khoang cach tir B dén duong thang d6 1a nho nhat co phuong trinh 1a.

x+3_y _z-1 B Xx-2 y+1 z-3
26 11 -2 - 26 11 -2
c. x—3=l=z+l D. x+2=y—1=z+3
26 11 -2 26 11 -2

Huwéng dan giai
Goi A 1a duong thang can tim
Goi mat phang (Q) qua A(-3;0;1) vasong song véi (P). Khidé: (Q):x—2y+2z+1=0

Goi K,H lan luot 1a hinh chiéu cua B Ién A,(Q). Taco d(B,A)=BK >BH .Dodé AH la
duong thang can tim.

(Q) c6 vecto phap tuyén @ = (1; -2; 2)
BH qua B va cé vecto chi phuong ag, = E =(1,-2;2)

Xx=1+t
BH:qy=-1-2t
z2=3+2t
H e BH = H (1+t;-1-2t;3+ 2t)

H e(P):t:—E: H (—EEZJ

9 9 99
A di qua diém A(-3;0;1) va co vecto chi phuong a—A = AH = (%;%;—gj = 3(26;11; 2)
X+3 z-1
Vay phuong trinh ctia A la A X*e_y_z72
26 11 -2

X-3 y+2 z+1
2 1 -1
(P):x+y+z+2=0.Goi M la giao diém ciia d va (P). Goi A la duong thang nam trong (P)

Cau 47. Trong khoéng gian véi hé toa d6 Oxyz, cho duong thang d:

, mat phing

vudng géc vai d va cach M mot khoang bang Ja2 . Phuong trinh duong thing A 1a.
A.CaBvacC
X-5 y+2 745

2 3 1

B.
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X+3 y+4 z7-5

2 3 1

x+3=y+4=z—5 va x+3=y+4=z—5
2 3 1 2 3 1
Huwéng dan giai

C.

Goi M =d m(P)

Med=M|(3+2t;—2+t;-1-t)

Me(P)=t=-1=M(}-30)

(P) c6 vectto phap tuyén Ez(l;l;l)

d co vectto chi phuong i =(2,1,-1)

A 6 vectto chi phuong a, = [aj, E] =(2,-31)

Goi N(x;y;z) lahinh chiéu vudng goc ciia M trén A, khi d6 W=(x—l;y+3;z).
MN La, 2x—3y+2-11=0

Taco: <Ne(P) <<x+y+z+2=0
MN =42  |(x=1)"+(y+83)" +22 =42

Giai hé ta tim duoc hai diém N (5,-2;-5) va N (=3;,—4;5)

X-5 y+2 z+5
-3 1

V6i N (5,-2;-5), tacd A:

X+3 y+4 7-5

V6i N(-3,—4;5),taco A:

-3 1
X=3+t
Cau 48. Trong khong gian véi hé toa do Oxyz, cho diém 1(L1;2), hai duong thang A, :<y=-1+2t va
z=4
X+2 z-2 , . , ,
A, :T=%=T.Phu’0ng trinh duong thang d di qua diém | va cat hai duong thang A, A, la.
Xx=1+2t X=1+2t
A ly=1+t B.{y=1-t
x-1 -1 z-2 X—-1 -1 z-2
C. iy D. g
1 1 -1 1 -1 1

Huwéng dan giai
e Goi (e) lamitphingqua | va A,
A, diqua M,(3;-1;4) va co vecto chi phuong a = (1,2;0)
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M, =(2-2:2)
() co vecto phap tuyén n, = [aﬁ1 Wl] =(4,-2;-6)
e Goi (@,) lamitphang qua | va A,
A, di qua M, (=2;0;2) va c6 vecto chi phuong a, =(1,1;2)
M, =(-3,-1,0)
(t,) c6 vecto phip tuyén n, =| a,,IM, | = (2,-6;2)

e d diquadiém I (L12) vacd vecto chi phuong a, =[ n,,n, | =(~-40,-20;-20)

X=1+2t
Vay phuong trinh duong thang d 12 {y =1+t
z2=2+t
A . . . , X=-2 'y 1+2 ,
Cau 49. Trong khdng gian voi hé toa d6 Oxyz, cho duong thang d e =I=T,mat phang

(P):2x—y—-z+5=0 va M(1,-1;0). Buong thing A di qua diém M, cat d va tao voi (P) mot

goc 30°. Phuong trinh duong thang A 1a.

pXl_ysl oz ox-1_ y+l oz
1 1 -2 23 14 -1

-2 _ A _
g X _y_z+2 v X-4_y-3_z-5
1 1 =2 5 2 5
X+2 -
cXt2_y_z 2Vax+4:y+3:z+5
1 1 =2 5 2 5
X+2 - - — _
pX*+2_¥y_z2 2vax 4 _y-8_z-5
1 1 -2 5 2 5
Huwéng dan giai
Goi N=And

Ned=N(2+2t;t;-2+t)

A ¢6 vecto chi phuong MN = (1+261+t;,-2+t)
(P) ¢6 vecto phap tuyén n, =(2;-1-1)
t=0= MN =(L1-2)

i
_‘WHE‘ < t:%:W:(ZS']A' 1)

sin[d,(P)]
A di qua diém M (1-10) va c6 vecto chi phuong a, = MN
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y+l z x-1 y+1 z
— va ——="—"—=
1 -2 23 14 -1

x-1
Vay phuong trinh cia A la B

. , X+1 -1
(P):2x—y—2z+3=0,dong thoi tao voi dudng thang A:T=y—=

Cau50. Trong khong gian véi hé toa do Oxyz, goi d di qua diem A(L-12), song song Vi
z
-2 2

mot goc 1on nhat. Phurong

trinh duong thang d 1.

x—1=y+1=z—2 5 x—1=y+1=z—2
1 -5 7 4 -5 7
x—1=y+1=z—2 D x—1=y+1=z—2
4 5 7 1 -5 —7
Huwéng dan giai

A

C.

A ¢6 vecto chi phuong a, = (1,-2;2)
d co vecto chi phuong aj =(a;b;c)

(P) ¢6 vecto phap tuyén N, = (2;-1-1)

Vid//(P)néna, Ln, &a,n,=0c2a-b-c=0sc=2a-b

—4 _4p)?
cos(A,d) = |52 - 4b| :1\/ £5a b) 2
3J5a% —4ab+2p? 3V5a’—4ab+2b
_4)°
pat t=2 tacs: cos(ad) =2 [ B4
b 3\5t2—4t+2
2
Xéthamsd f(t)= @;4), ta suy ra dugc: max f (t)=f (_lj - %
5t° -4t +2 5 3
Do d6: max[cos(A,d)]= @Qt:_ljiz_l
27 5 b 5

Chona=1=b=-5c¢c=7

x-1 y+1 z-2
-5 7

Vay phuong trinh duong thiang d 1a

x-1 y-2 7+2
2 1 -1

Cau 51. Trong khdng gian véi hé toa d6 Oxyz, goi d di qua A(-10;-1), cit A, : , 530

X-3 y-2 7+3

cho goc gitta d va A, : la nho nhat. Phuong trinh duong thang d 1a

-1 2
A XHl_y 7+l g Xtl_y _z+1
2 2 -1 4 5 -2
o x+l_y 7+l o Xtl_y 2+l
4 -5 =2 2 2 1
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Hudéng dan giai
Goi M =dNA =M (1+2t;2+t;-2-1)

d co vecto chi phuong a =AM = (2t +2:t+ 2;—1—t)

A, ¢6 vecto chi phuong a, = (~12;2)

2 t?
cos(d A ) —_—
3 6t> +14t+9

2

6t +14t+9
Do d6 min[cos(A,d)]zoct:O:W:(Z;Z—l)

Xéthamsé f (t)= , tasuy ra dugc min f (t)=f (0)=0<t=0

1 z+1
Vay phuong trinh duong thang d 1a % = % = ;1

Cau52. Trong khong gian véi hé toa do Oxyz, goi d di qua A(3;-L1), nam trong mat phing

Y . . X y_2 z Ay L 0 \ 2
(P):x—y+2z-5=0, dong thdi tao Véi A'I:—=§ mot goc 45° . Phuong trinh dudng thang

2
dla

X=3+t
A.CaBvacC

=1

X=3+7t X=3+T7t
C.ly=—1-8t y=—1-8t
z=1-15t z=-1-15t
Huwéng dan giai
A ¢6 vecto chi phuong a, = (12;2)
d c6 vecto chi phuong a, = (a;b;c)
(P) c6 vecto phap tuyén ne =(L-11)
dc(P)=a, Ln, <b=a+c; (1)
(A,d)=45" < cos(A,d) = cos450

|a+2b+2c|

3\/a TbP+c?
= 2(a+2b+2c) :9(a2+b2+cz); (2)
c=0

T (1) va (2), taco:14c® +30ac =0 <:{
15a+7c=0
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X=3+t
Véi ¢ =0, chon a=b=1, phuong trinh dudng thang d 1a {y=-1—t
z=1
Xx=3+T7t
V6i 15a+7¢ =0, chon a =7 = ¢ =-15;b = -8, phuong trinh duong thang d la {y =—1-8t
z=1-15t
x=t X 2 1z
Cau 53. Trong khong gian véi hé toa 6 Oxyz, cho ba duong thiang d:{y=4-t d, :I = y_3 = 3 va
z=-1+2t

X+l y-1 z+1

d, . Goi A la duong thang cét d,,d,,d, lan luot tai cac diém A, B,C sao cho

) 2 1
AB = BC . Phuong trinh dudng thang A 1a
X — — —
A X_y-2_2 g X-2_y-2_1
1 1 1 1 1 1
c X_y-3_z-1 o X_y-3_z-1
1 1 - 1 -1 1

Huwéng dan giai
Goi Aed;,Bed,,Ced,

Taco: A(a;4—a;—-1+2a),B(b;2-3b;—3b),C(—1+5c;1+2c;—-1+c)
Yéu cau bai toan < A, B,C thang hang va AB = BC
< B la trung diém AC
a-1+5c=2b a
©1i4-a+1+2c=2(2-3p) <= 1b
-1+2a-a+c=2(-3p) (C
Suyra A(131),B(0;2;0,),C(-11-1)

i
o o -

A di qua diém B(O; 2;0,) va c6 vecto chi phuong 12 CB = (LL1)

A R \ M . X y_2 z
Vay phuong trinh duong thang A la 1 = B = 1
A A . : , . x=1 y+1 z
Cau54. Trong khong gian vGi hé toa do Oxyz, cho hai duong thang dl.T=T=I ,
x-1 y-2 z | : : : .
d, T, T v mit phang (P):x+y—2z+3=0. Goi A la duong thang song song voi

(P) va cit d;, d,lan luot tai hai diém A, B sao cho AB =+/29 . Phuong trinh tham s6 cua duong
thang A la
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X =3+4t X =3+4t X=-1+2t
A.CaBvaD B.ly=2t Ciy=-2t D.{y=-2+4t
z=1+3t z=1+3t z=-1+3t

Huwéng dan giai
Aed, = A(1+2a;-1+a;a)
Bed, = B(1+b;2+2b;b)

A ¢6 vecto chi phuong AB =(b-2a;3+2b—-a;b-a)
(P) c6 vecto phép tuyén n? =(11-2)
Vi A//(P) nén AB Ln, <b=a-3Khido AB=(-a-3a-3-3)

‘ 1 A(3;0:1), AB = (—4;-2;-3
Theo dé bai: AB=+/29 < {a = ( ) L )
a=-1 | A(-5-2;-1),AB =(-2;,—4;-3)

Vay phuong trinh dusng thang A 1a {y=2t va {y=-2+4t

1 y z2+2

, X—
Cau 55. Trong khdng gian voi hé toa do Oxyz, cho hai duong thang d,: > :I 1 va

X=-1 y+2 z-2
d2 . = =
1 3 -2
lan luot tai hai diém A, B sao cho AB ngan nhat. Phuong trinh cua duong thiang A 4.

. Goi A 1a dudng thang song song véi (P):x+y+z—-7=0vacat d,, d,

X=6—t X=6 X=6-2t
g X=12-t 5 c
A. == B.{y=5 C. =——t D.qy=—+t
' 2 :— 9+t ' 2 ' 2
z=—g+t z:—g+t z:—g+t
2 2 2

Huéng dan giai
Aed, = A(1+2a;a;-2-a)
Bed, = B(1+b;—2+3b;2-2b)

A ¢0 vecto chi phuong AB = (b-2a;3b-a-2;,-2b+a+4)
(P)c6 vecto phap tuyén ne =(L11)
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Vi A//(P) nén AB Ln, < ABn, =0<b=a-1Khids AB=(-a-12a-56-a)

AB=(-a-1) +(2a-5) +(6-a)’
=+/6a” —30a + 62

2
=,16 a—E +@2@;VaeR
2 2 2

Dau "=" xay ra khi a=§:A(6;§;—g ,E:(—Z;o;z
2 2 2 2 2

Puong thang A di qua diém A(G;g;—gj va vec to chi phuong E =(-10;1)

Vay phuong trinh cia Ala <y = g

Group: https://www.facebook.com/groups/tailieutieuhocvathcs/
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