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CHU PE 3. UNG DUNG TiCH PHAN

A. KIEN THUC CO BAN
1. Dién tich hinh phing

a) Dién tich hinh phang gi6i han boi dd thi ham s6 y = f(x) lién tuc trén doan [a;b] , truc hoanh

b
va hai duong thing x = a, x = b dugc xac dinh: S = .f|f(x)|dx

b) Dién tich hinh phing gi¢i han boi d6 thi ham s y = f(x), ¥ = g(x) lién tuc trén doan [a;b]

b
va hai duong thing x = a, x = b dugc xac dinh: S = Hf(x) - g(x)|dx
YA

% [S=[lA)- f)ax

Chu y:

b
- Néu trén doan [a;b], ham s6 f(x) khong doi dau thi: .f | f (x)| dx =

[ f(x)dx

- Nam ving céach tinh tich phan ctia ham s c¢6 chira gia tri tuyét ddi
- Dién tich ctia hinh phang giéi han boi cac duong x = g(¥), x =A(y) va hai duong thang

d
y=c, y=d dugc xac dinh: S:f|g(y)—h(y)|dy

2. Thé tich vét thé va thé tich khéi tron xoay

a) Thé tich vat thé:
Goi B 1a phﬁn vat thé gi6i han boi hai mat ph?mg vuong goc vai truc Ox tai cac diém a va b;
S(x) 1a dién tich thiét dién cua vét thé bi cit boi mat phang vudng gbc véi truc Ox tai diém x,

(a < x<b).Giasir S(x) 1a ham s6 lién tuc trén doan [a;b].
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V= _lfS(x)dx

b
Khi d6, thé tich cita vat thé B duge xéc dinh: ¥ = [ S(x)dx

b) Thé tich khdi tron xoay:
Thé tich khdi tron xoay dugc sinh ra khi quay hinh phang gi6i han boi cac duong y = f(x),

truc hoanh va hai dudng thing x =a, x = b quanh truc Ox:

(C):y=f(x)

Ox):y=0 ¢ 2
E(le'y Vx=n.[[f(x)] dx
x=b

Chu y:

- Thé tich khdi tron xoay duoc sinh ra khi quay hinh phang gi6i han boi cac duong x = g(y),
truc hoanh va hai duong thing y=c, y=d quanhtruc Oy:

YA
D
(:':_:-:_:-d 7777 (C):x=9(y)
\ v d
\ (yo:y A A JLs] @
S 22 _ y=d
O X

- Thé tich khdi tron xoay dugc sinh ra khi quay hinh phang giéi han boi cac duong y = f(x),
y = g(x) vahai duong thing x = a, x = b quanh truc Ox:

i () - g7 ()| dx
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B. CAU HOI TRAC NGHIEM
I- Céu héi tinh dién tich hinh phing giéi han béi cac dwong:
Nhirng diém cén hru y:
Trwong hop 1. Cho hai ham s f{x) va g(x) lién tyc trén doan [; b]. Dién tich hinh phang gidi han boi

cacduong y= f(x), y=g(x), x=a,x=>b 1a S:_|.|f(x)—g(x)|dx.

Phwong phap giai toan

+) Giai phuong trinh f(x) = g(x) (1)

+) Néu (1) vo nghiém thi S =

b
J(f(x)-g(x))dx
+) Néu (1) c6 nghiém thuge . [a;b]. gia st @ thi

S = +

[(f@)-g())dx

[(f(x)-g(x))dx

Chu y: C6 thé 1ap bang xét ddu ham s& f'(x)— g(x) trén doan [a; b] roi dya vao bang xét dau dé tinh
tich phan.

Trwong hgp 2. Cho hai ham s f{x) va g(x) lién tyc trén doan [a; b]. Dién tich hinh phéng gi¢i han boi

cac duong y= f(x), y=gx) 1a S = .ﬁf(x) —g(x)|dx. Trong d6 a, £ 1a nghiém nho nhat va 16n
nhét ctia phuong trinh f(x) = g(x) (a <a<f< b).
Phuong phap gidi toan

Budre 1. Giai phuong trinh f(x) = g(x) tim cac gia tri o, f .

B
Buédc 2. Tinh S = J'|f(x) - g(x)|dx nhu truong hop 1.

Caul.  Cong thirc tinh dién tich hinh phang gi6i han béi hai d6 thi hams6 y = f(x),y = g(x) lién

tuc trén [ ; b] vahai duongthing x=a, x=b (a<b) la:

A S=xf|f(x)-g)|dx. B. §=["(f(x)-g(x))dx.

C. S=["(f(x)-g(x))dx. D. 5= "|f(x)-g(x)|dx.

Cau 2. Dién tich S cta hinh phing gii han boi db thi ham s6 y = f (x) , lién tuc trén [a ; b] truc

hoanh va hai duong thing x =a,x =b (a < b) cho béi cong thirc:
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Cau 4.

Cau 7.
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A S= ;'j|f(x)|dx. B. S= Ji'f(x)dx. C.S§= ﬂ_i|7:|f(x)|dx. D.
S = ﬂjjfz (x)dx.

Dién tich hinh phing gi6i han béi cac duong y = x> +11x-6, y=6x>, x=0, x=2.(Pon

vi dién tich)

Al B.2 ¢ L8
3 2 3 23

Dién tich hinh phang giéi han boi y = x°, y = 4x la:

A.8 B.9 C.12 D. 13

Cho ham sb y = f(x) lién tuc va nhan gia tri khong am trén doan [@;h]. Dién tich hinh
thang cong gi6i han boi do thi cia y = f(x), truc hoanh va hai duong thang x=a, x=5b

dugc tinh theo cong thirc

A.S= j)'f(x)dx. B. S= —j‘ f(x)dx. C.S= —j.fz(x)dx. D.
S= j)' £ (x)dx.

Dién tich hinh phang dugc gi6i han boi d6 thi cia ham sé y = £(x) lién tuc trén doan [a;b]

, truc hoanh va hai duong thiang x = a, x = b duoc tinh theo cong thic

A.S= f| £(0)|dx. B. S = f f(x)dx. C.S= ﬂ f@|dv. D
S= 7[37. f(x)dx.

Dién tich hinh phing dugc gidi han boi d6 thi cac ham s6 y = f(x), ¥ = g(x) lién tuc trén

doan [a;b], truc hoanh va hai dudng thing x = @, x = b duoc tinh theo cong thirc

A. S =[|f(x)-g)| dx. B.S= j [ (x) - g(x)]dx.

C.S = [|f(x)- g(x)|dx. D. S=x[|f(x)- g dx.

Cho db thj ham s6 y = £'(x). Dién tich hinh phang (phan t6 dam trong hinh) 1a
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Cau 11.

Cau 12.

Cau 13.

Cau 14.
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A S= jlf(x)dx +j‘ f(x)dx B. S= j'f(x)dx
C.S= :fzf(x)dx +j' f(x)dx D.S = j'f(x)dx —j. f(x)dx

Dién tich hinh phing dugc gidi han bi dd thi ham sé y = x° , truc hoanh va hai dudng thiang
x=1,x=31a
A. 19 B. 18 C. 20 D. 21

Dién tich hinh phéng duoc gidi han béi dd thi ham sé y =+/x , truc hoanh va hai duong
thing x=1, x=4 1a
A4 B 12 ¢ B p. 4
5 3 3
Dién tich hinh phéng duoc gioi han béi db thi ham sé y =3/x , truc hoanh va hai duong
thing x=1, x=8 la
45 45 45 45

A — B. — C. — D. —
2 4 7 8

Dién tich hinh phing dugc gidi han boi d6 thi ham sé y =sin x , truc hoanh va hai duong

. /4
thang x =7, x:7 la

Al B. C.2 D. 3
2

N | —

Dién tich hinh phing duoc gidi han boi db thi ham s6 y = tan x , truc hoanh va hai dudng

A. In— B. In— C. —lnT D. -In—

Dién tich hinh phéng dugc gidi han boi dd thi ham sb y= €™, truc hoanh va hai duong

thing x=0, x=3 1a
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Cau 15.

Cau 16.

Cau 17.

Cau 18.

Cau 19.

Cau 20.

Cau 21.

Cau 22.
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6 6 6 6

ALl B L1 c &4l p &1

2 2 2 2 3 3 3 3
[DIEN TiCH HiNH PHANG]

VAN DUNG THAP

Dién tich hinh phing dugc gidi han boi d6 thi ham sé y = x° —=3x” | truc hoanh va hai dudng
thing x=1, x=4 1a
53 51 49 25

A B. = c. = D. =2
4 4 4 2

Dién tich hinh phéng duoc gidi han boi dd thi ham s y= x*=3x* =4, truc hoanh va hai
duong thang x=0, x=3 Ia
142 143 144 141

A — B. — C.— D. —
5 5 5 5

, ; . +1
Dién tich hinh phing duoc giGi han boi dd thi ham s6 y =
X+

, truc hoanh va duong

thang x =214
A.34+2In2 B.3-In2 C.3-2In2 D. 3+In2

Dién tich hinh phing dugc gi¢i han béi parabol y =2 - x* va duong thing y=—x la

A. 7 B.
2

C.3 D.

A0
N | o

Dién tich hinh phang dugc gidi han boi d6 thi ham s y = cos 2x , truc hoanh va hai duong
thing x=0,x = 7 1a

2
A. 2 B. 1 C.3 D. 4

Dién tich hinh phéng duoc gidi han boi db thi ham sé y = x* —3x” =4 | truc hoanh va hai

duong thing x=0, x=3 1a

Al B 2 c 2 D. 14
5 5 5
Dién tich hinh phang dwoc gidi han boi d6 thi ham s6 y = X+ , truc hoanh va duong thing
X+
x=21a
A.3+2In2 B.3-In2 C.3-2In2 D.3+In2

Dién tich hinh phang dwoc gidi han boi parabol y =2— x> va duong thang y = —x 1a

9
A2 B2
2 4

-

C.3 .=

\]
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Cau 23.

Cau 24.

Cau 25.

Cau 26.

Cau 27.

Cau 28.

Cau 29.

Cau 30.
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Dién tich hinh phang duoc giéi han boi db thi ham s6 y = cos 2x , truc hoanh va hai duong
thang x =0, x =% la

Al B.2 C.3 D. 4

Dién tich hinh phing duoc gi6i han boi hai dd thi ham s6 y =~/x va y=3/x 1a
L B. L c L D. L
12 13 14 15
Dién tich hinh phing dwoc gidi han boi hai d6 thi ham s6 y=2x"-3x*+1 va
y=x —4x*+2x+11a
AL B 7 C.3 D. 4
13 12
Dién tich hinh phing gidi han boi dd thi ham s6 y = —x* +4, dudng thing x = 3 , truc tung
va truc hoanh la

-— B. 22 c2 p. 2
3 3 3 3

Dién tich hinh phing gi¢i han boi duong cong y= x° —4x, tryc hoanh va hai duong thing
x=-3, x=41a

202 2 201 201
A 202 g, 203 c. 201 p, 201

3 4 5 4

Dién tich hinh phang giéi han béi duong cong y = xInx, truc hoanh va duong thang
x=ela

e’ -1 e’ +1 e’ -1 e’ +1

D.
2 2 4 4

A.

Hinh phing (H) dugc giéi han boi d6 thi hai ham sé y = x* +x -2, y = x +2 va hai duong
thang x = —2; x = 3. Dién tich ctia (H) bang

87 87 87 87
A =

. B. — C. — D. —
5 4 3 5

Goi (H) Ia hinh phiing dugc gidi han boi dd thi hai ham s6 y = (1+e")x, y = (1+¢)x. Dién

tich ciia (H) bang

A e—1 B. e—2 e—2 e+l
2 2 2 2

VAN DUNG CAP PQ CAO
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Cau 31. Hinh phing (H) dugc gi6i han boi dd thi hai ham s y= ‘xz -1, y= |x| +5. Dién tich cua

(H) bang
Al B2 c D p. 2
3 3 3 3

Ciau 32. Hinh phing (H) duoc gi6i han boi db thi hai ham s§ y = ‘xz —4x+3

, ¥y=x+3.Dién tich

cta (H) bing
A 108 p 100 ¢ p. 119
5 5 6 6

Cau 33. Dién tich hinh phing gi¢i han boi (P):y = x* +3, tiép tuyén cua (P) tai diém c6 hoanh do

x =2 vatryc tung bang

A. 8 B. C.2 D. y
3 3

SSEIEN

CAu 34. Dién tich hinh phang gi6i han boi db thi hai hamsé y* -2y +x=0, x+y=0 Ia

A2 B. 2 e’ p. I
4 2 2 2
n A , \ < s 5. , A . \ A 2 1 2 27 N
Cau 35. Dién tich hinh phang gidi han boi cac do thi hamsdo y=x"; y = Ex ; y=— bang
X
A. 27In2 B. 27In3 C. 28In3 D. 291n3

Ciau 36. Dién tich hinh phing trong hinh v& sau la
¥

a4

flx) = v
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Cau 37. Dién tich hinh phing nim trong géc phan tu thir nhét, gidi han boi cac duong thang
y=8x,y=x vadd thi hamsd y =x" la %.Khid() a +b bang
A. 68 B. 67 C. 66 D. 65
2

CAu 38. Dién tich hinh phang giéi han boi cac duong thing y =1,y = x va d0 thj ham s§ y = %

trong mién xZO,ySlla%.Khidé b—a bang

A 4 B.2 C.3 D. 1
N i .. ) . -x, nOux<l 10 5
Cau 39. Dién tich hinh phang gidi han boi cac duong thang y = N va y=—Xx—X
x—-2, nOu x>1 3

a %. Khi d6 a +2b bing

A. 16 B. 15 C. 17 D. 18
2 A ; -x* +4x—4
Cau 40. Hinh phang gii han boi d6 thi hams6 (C):y = — 1 tiém cén xiém cta (C) va

hai duong thing x = 0,x = a (a <0) co dién tich bang 5 Khi d6 a bang
A 1-¢ B.1+¢’ C.1+2¢° D. 1-2¢°

II-Céu héi tinh tinh thé tich vét tron xoay giéi han béi cac duwong:

Nhirng diém cén hru y:
. Tinh thé tich khdi tron xoay:

Trudng hop 1. Thé tich khéi tron xoay do hinh phang giéi han boi cac duong y = f(x), y = 0,

b
x =avax =b (a<Db)quay quanh truc Ox1a V = T(fo(X)dX.

Trudong hgp 2. Thé tich khdi tron xoay do hinh phang gi6i han boi cac dudng y = f(x), y = g(x),

b
x =avax =D>b (a <b) quay quanh truc Ox1a V = T(f|f2(X) — g*(x)|dx.

NHAN BIET — THONG HIEU
Cau4l. Thé tich vat thé tron xoay khi quay hinh phing giéi han boi cic dudng
4
y=—,y=0,x=1,x=4 quanh truc ox la:

X
A. 61 B. 67 C.12x D. 6x
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Cau 42.

Cau 43.

Cau 44.

Cau 45.

Cau 46.

Cau 47.

Ciu 48.
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Cho hinh phang gi6i han boi cac duong y = cos4x, Ox, x =0, x = % quay xung quanh

truc Ox. Thé tich ciia khéi tron xoay tao thanh bang:
2 2
AL B. = C.
2 16

7+1
—\z
[ 16 j

Cho hinh phang gi¢i han boi cac dwong y = f(x), Ox, x = a, x = b quay xung quanh

NG
w)

truc Ox. Thé tich ctia khdi tron xoay tao thanh bang:

A V= ﬂzjf(x)dx. B. V= 7rj‘f2(x)dx. C.V= [jﬂz.fz(x)dx. D.
V= j.fz(x)dx.

Cho hinh phing giéi han béi cac duong y =./x—1 ; truc Ox va dudng thing x =3 quay

xung quanh truc Ox. Thé tich ciia khdi tron xoay tao thanh bang:

A. %n B. 3w C.2n D. ¢

Cho hinh phing gi¢i han boi cac dudng y=x"+1, y=0, x =0, x =1 quay xung quanh

truc Ox. Thé tich caa khdi tron xoay tao thanh béng:

oz B, 2% c. % D. 97

63 14 4
Cho hinh phing gi6i han béi cac duong y° =x, x=a, x =b (0 < a <b) quay xung quanh

truc Ox. Thé tich cua khéi tron xoay tao thanh béng:

A V= EZ'[: xdx. B. V= ﬂ'[: \/;dx. C.V= ﬂ_[: xdx. D.

V= EZI:\/;dx.

Cho hinh phing gidi han béi cic duong y = —x* +2x, y = 0 quay xung quanh truc Ox. Thé
tich ctia khi tron xoay tao thanh bang:

L b, 47 ¢, Sin p, 161
15 3 15 15

Cho hinh phéng gi¢i han béi cac duong y =+1—x", y=0 quay xung quanh tryc Ox. Thé
tich ciia khéi tron xoay tao thanh bang:
3z 2

A — B. — C.

D. izr
2 3 3

(SRR
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Cau 50.

Cau 51.

Cau 52.

Cau 53.

Cau 54.
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Thé tich khéi tron xoay trong khéng gian Oxyz gidi han boi hai mét phing x =0; x = 7 va
c6 thiét dién cat boi mat phang vudng goc vai Ox tai diém (x;0;0) bat ky 1a duong tron ban

kinh /sinx la:

A V=2 B.V=m. C.V=4r. D. V =2nr.

Cho hinh phéng gi¢i han boi cic duong y =tanx, y=0,x =0, x =% quay xung quanh

truc Ox. Thé tich caa khdi tron xoay tao thanh br?mg:

A. V:z(ﬁ—%) B. V:n(ﬁ—%) C. V:n(ﬁ—%] D.
V=7Z(\/§—%j

Cho hinh phang gi6i han boi cac duong y = 1++/x , 0x, x=0, x =4 quay xung quanh
truc Ox. Thé tich ciia khéi tron xoay tao thanh bang:

28 68 28 , 68
T — T—

A. B. C. ﬂ? D. 75—

VAN DUNG

Mot vat c6 kich thudce va hinh dang nhu hinh v& dudi day. Pay la hinh tron gidi han bdi
dudng tron x° +y® =16 (ndm trong mét phing Oxy), cit vét béi cac mit phing vudng goc

v6i truc Ox ta duoc thiét dién 13 hinh vudng, Thé tich cua vat thé 1a:

o

/o
7
[N

-4
i

e
y

4 4 4
A. I 4(16—x2)dx B. I 4x*dx C. I Arx*dx D.
-4 -4 -4
4
I 47[(16—x2)dx
4
Cho hinh phing D giéi han boi cac duong y° = 4x va dudng thing x =4 . Thé tich cia

khdi tron xoay sinh ra khi D xoay quanh truc Ox la:
A. 32m B. 64n C. 1l6n D. 4n

Cho hinh phéng gi6i han boi cac duong y =Inx, y =0, x =2 quay xung quanh truc Ox.

Thé tich ctia khdi tron xoay tao thanh bang:
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Cau 55.

Cau 56.

Cau 57.

Cau 58.
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A. 2In*2-4In2+2 B. 7(2In’2+4In2-2)

C. 7(2In’2-4In2+2) D. 7(2In2-1)

Cho hinh phing gi¢i han boi cac duong y =a.x’, y =bx (a,b # 0) quay xung quanh tryc
Ox. Thé tich ctia khéi tron xoay tao thanh bang:
3 5 5
1 1 b b
A. V:”'b_(E_Ej B.V=n— CV=n— D.

a 5q4° 3a°

5
Vzﬁ_b_tl_lj
a3 5

. i . 1
Cho hinh phang giéi han boi cac duong y =+/4 -x7, y= gxz quay xung quanh tryc Ox.

Thé tich ctia khi tron xoay tao thanh bang:

A V= 24m3 B. V= 28m/3 C. V= 28m/2 D.
5 5 5
V= 247;\/5

Cho hinh phang gi6i han boi cac duong y =3x, y = x, x =0, x =1 quay xung quanh truc
Ox. Thé tich ctia khdi tron xoay tao thanh bang:

a v B v=2C cv=22 D.V=r
3 3 3

Goi (H) 1a hinh phang duge tao boi hai dudmg cong (C,):y =f(x), (C,):y =g(x), hai
duong thang x=a, Xx=b, a<b. Gia st ring (Cl) va (Cz) khong ¢ diém chung trén

[a,b] va thé tich cia khéi tron xoay sinh ra khi quay (H) quanh Ox Ia
V=ni([f(x)]2—[g(x)]2)dx.Khidé

(1): a f(x)>g(x),vx e[a,b]

(2):  f(x)>g(x)=0,vx e[a,b]

(3): 0< f(x)<g(x),‘v’x € [a,b]
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Cau 59.

Cau 60.

Cau 61.
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AN

A

v

/|

S6 nhan dinh dang trong cac nhan dinh trén la:

A0 B.1 C.2 D.3

Cho hinh phang giéi han béi cac duong y = x+/Inx, y =0, x = e quay xung quanh truc
Ox. Thé tich ctia khdi tron xoay tao thanh bang:

3 3 3
A. TE.4e *1 B. n.4e ! C. n.2e *1 D.
9 9 9
2¢’ -1
T.
9

Cho hinh phing giéi han boi cac dudong y = x* —6x” +9x, y =0 quay xung quanh truc Ox.
Thé tich ctia khi tron xoay tao thanh bang:

7297 2Trx 2566087
A —— B. — C.——— D.
35 4 35
77767
5

Mot vat ¢o kich thude va hinh dang nhu hinh v€ dudi day. Pay 1a hinh tron gidi han boi
duong tronx” +y* =16 (ndm trong mat phang Oxy), cit vat boi cac mit phing vudng goc

vé6i truc Ox ta duge thiét dién 1a tam giac déu. Thé tich cta vat thé 1a:
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Y

Cau 62. Cho hinh phéing gidi han boi cac duong y = 2x*, y° = 4x quay xung quanh truc Ox. Thé
tich ctia khi tron xoay tao thanh bang:

A.V:SS—”. B.Vzg—ﬂ. C.V=4—”. D.
5) 70 3
y =97,
5
BAI TAP TONG HOP
( Chi c¢6 phan dap sb)

CAau 63. Dién tich hinh phing giéi han béi cac duong cong ax = y*;ay = x* (a> 0 cho trudc) 1a:

3 3 3 3
A S=ZL B. s=L C. S:zi D. S:4i
3 2 3 3

Ciu 64. Dién tich hinh phéng gi6i han boi b thi ciia: y = x> —2x , truc Ox va 2 dudng thing x = 0,
x=2la:

A2
3

[SCRINN

c !
3

CAu 65. Dién tich hinh phing giéi han béi Parabol y = —x> va dudng thing y = -x - 2
11 5 9 1

B. — C. — D. ——-+2
2 2 2 2\/—

A.
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Cau 66.

Cau 67.

Cau 68.

Cau 69.

Cau 70.

Cau 71.

Cau 72.

Cau 73.

Cau 74.

Truy cip website: hoc360.net dé tai tai liu dé thi mién phi

Dién tich hinh phang gi¢i han boi ba dudng: y = sinx, y = cosx vax =0

A 2442 B. 24/2 +1 c. 2 D. 242 -1

. 1 1
Dién tich hinh phang gi6i han béi hai parabol: y = sz va y=3x- Exz la:

A7 B. 8 C.9 D. 6.

Dién tich gi6i han béi 2 duong cong: (C,):y = f;(x)=x"+1;(C,):y = f,(x) = x> = 2x
va duong thing x = -1 va x = 2.

A7 g, U QE p, -1
2 2 2

Dién tich hinh phéng gidi han boi parabol: y = x* —2x+2 tiép tuyén véi parabol tai diém
M(3 ; 5) va truc tung
A7 B. 6 C.5 D. 9

Dién tich hinh phing gi6i han boi: y = x(x — 1)(x —2), y =0

Al B.l C. !

— D
2 4

1
3

Cho D 1a mién kin giéi han béi cac duong y= 1, y =2 —x va x = 0. Tinh dién tich ciia mién
D

Al B. l C. l D. l
4 2 8

Dién tich hinh phang gi6i han béi cac dudong: y = cosx,y =0, x=0, x = %
1
A i B. 1 C. 2 D. —
2 2

Tinh thé tich vat thé gigi han boi mit sinh ra khi quay hinh phing giéi han boi:

y=2x-x";y=0
quay quanh Ox.
ar 5 167 ¢ Uz b 47
15 15 15 15

Thé tich vat thé tron xoay sinh ra khi quay hinh phang gi6i han boi duong y = x*;8x = y*
quay quanh truc Oy la:
21 2 24 48
V4 B 3z C V4 D. V1

A. . .
15 15 15 5
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Cau 76.
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Thé tich ctia khdi tron xoay sinh ra khi quay quanh truc Ox hinh phang gi¢i han béi truc Ox

va Parabol (C)y = ax—x"(a > 0)la:

a* L ra 7a
30 20 5 10

A.

Thé tich khdi tron xoay tao nén khi ta quay quanh truc Ox, hinh phing S gi¢i han boi cac

duong: y=xe',x=1Ly=00<x<1)la

2 2 2
A m(e” +1) B. m(e”=1) c (e +1) D.
4 4 2
7[(62 - 1)
12
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C. DAP AN VA HUONG DAN GIAI BAI TAP TRAC NGHIEM

1-DAP AN
1234|5678 |9|10[11]12]13[14|15]16]|17]18|19]20
D/IA/B|A|A|A|C|D|C|D|/B|A|D|B|B|C|C|D|B|C
211222324 [25(26|2728(29(30 (31 |32/33(34[35/[36(37|38]39]40
C|A|/A|A|B|D|D|/D|C|B|B|C|A|B|C|D|B|D|C|A
41 | 42 |43 |44 | 45|46 | 47 |48 |49 |50 | 51 |52 (53|54 |55|56|57 58|59 |60

61 62|63 |64|65|66|67 68|69 |70 71|72 |73 |74|75]|76

A|D/IA|B|/A|D| B|C|B|D|C|{D|C|A|D|B

11 —-HUONG DAN GIAI

Caul.  Cong thirc tinh dién tich hinh phang gi6i han boi hai d6 thi hams6 y = f(x),y = g(x) lién

tuc trén [a ; b] vahai duongthang x=a, x=b (a<b) la:

A S=xf|f(x)-g(x)|dx. B. §=["(f(x)-g(x))dx.

C. S=["(f(x)-g(x) dx. D. §= [ |f(x)-g(0)dx.

CAu 2. Dién tich S cta hinh phing gii han béi d6 thi ham s6 y = f (x) , lién tyc trén [a ; b] truc

hoanh va hai duong thing x =a,x =b (a < b) cho béi cong thire:

A S= :ﬂf(x)ldx B. S= Ef(x)dx C.S= ﬁi|f(x)|dx D.
S= ﬁjjfz (x)dx.

CAu 3. Dién tich hinh phang giéi han boi cac duong y=x° +11x-6, y=6x°, x=0, x=2. (Pon
vi dién tich)

Al B.
3

D. 18

N | i
®
W | o0

Huéng din giai:

Pat h(x)=(x’ +11x-6)-6x> =x’ —6x° +11x -6
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h(x)=0=x=1vx=2vx=3 (loai).

Béng xét ddu

X‘O 1 2

h(x)

S = —}(f ~6x’ +11x—6)dx+}(x3 —6x” +11x=6)dx
0 1

x* 11x° 1 x* 11x° ’ 5
=—| —-2x"+ —6x || +| —-2x"+ —-6x | =—.
4 2 . 4 2 | 2

Dién tich hinh phing gigi han boi y = x°, y = 4x la:
A. 8 B.9 C.12 D. 13

Huéng din giai:

0 2
4 4
= | 242 o T2 | |=s.
4 4
-2 0

Chu y:Néu trong doan [a; p ] phuong trinh f(x) = g(x) khdng con nghiém nao nira thi

Taco X’ =d4x<=>x=-2vx=0vx=2

0

_|' (x3 - 4x) dx

-2

=8= +

_E' (x3 - 4x) dx

Vay S =8 (dvdt).

B B
ta 6 thé dimg cong thire || £(x)— g(x)|dx =|[[ £(x)- g(x)]dx|.

Cho ham s6 y = f(x) lién tuc va nhan gia trj khong am trén doan [a;b]. Dién tich hinh
thang cong giéi han boi do thi cia y = f(x), truc hoanh va hai duong thang x=a, x=5b
duoc tinh theo cong thirc

A.S = j'f(x)dx. B. S= —j‘ f(x)dx. C.S= —j' £ (x)dkx. D.

b
S = [ f3(x)dx.
Huéng din gidi

b
Theo cong thire (SGK co ban) tacd S = J' f(x)dx.
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Cau 7.

Cau 8.
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Dién tich hinh phang duoc gidi han boi d thi cia ham sé y = £(x) lién tuc trén doan [a; 5]

, truc hoanh va hai dudng thing x = a, x = b dugc tinh theo cong thirc

A.S = }| £(x)|dx. B. S= f F(x)dx. C.S= }| f)fd.. D
S = ;z} £ (x)dx.

Huéng din giai
Theo cong thitc (SGK co ban) taco S = f| f(x)|dx.

Dién tich hinh phang dugc gidi han boi do thi cac ham s6 y = f(x), y = g(x) lién tuc trén

doan [a;b], truc hoanh va hai dudng thing x = a, x = b duoc tinh theo cong thirc

A S=[|f(x)-g) dx. B. 8 = [[f (x)- g(x)]dx.

b b
C.8 = [|£(x) - g(x)|dx. D. §=zf|f(x)-g()| dx.
Huwéng din giai
b
Theo cong thirc (SGK co'ban) tacé S = [|f(x)- g(x)|dx.

Cho db thi ham s6 y = f(x). Dién tich hinh phing (phan t6 d4m trong hinh) 1a

A S= jlf(x)dx +j. f(x)dx B. S= j.f(x)dx
C.S= :fzf(x)dx +.1f f(x)dx D.S= j)'f(x)dx —j' f(x)dx

Huwéng din giai
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Cau 9.

Cau 10.

Cau 11.

Cau 12.
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0 1
Theo dinh nghiataco S = J. f(x)dx —J. f(x)dx
) 0

Dién tich hinh phéng dugc giéi han boi db thi ham sé y = x° , truc hoanh va hai duong thing
x=1,x=31a
A. 19 B. 18 C. 20 D. 21

Huoéng din giai
3

3 3 4
Tacé x° > Otrén doan [1;3] nén S = ”x3‘dx :fx3dx :% =20
1 1 1

Dién tich hinh phing dugc gi6i han béi db thi ham sé y =+/x , truc hoanh va hai duong
thing x=1, x=4 1a

A4 B2 c p. 2

5 3 3
Huwéng din giai

4

_14

4 4 3
Ta co v x >0 trén doan [1;4] nén S:H\/;‘dx :j.\/;dngxz
1 1

1

Dién tich hinh phing dwoc giéi han boi do thi ham sb y = Ix , truc hoanh va hai duong
thing x=1, x=8 Ia
45 45 45 45

A — B. — C. — D. —
2 4 7 8

Huéng din gidi

8

B

8 8 4
Tacod J/x > 0trén doan [1;8] nén S :f‘i/;‘dx :J'%/;dx:%xs
1 1

1
Dién tich hinh phiang dwoc gi6i han bai do thi ham sé y = sinx , truc hoanh va hai dudng

. 3
thang x =7, x=7ﬂ la

Al B. C.2 D.

o | —
N | W

Huwéng din giai

3r 3r

. 3z 2 g 37
Ta co sinx <0 trén doan [”;7 nén S = f |51n x| dx =— f sin xdx =cos x|2 =1
s

Va
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Cau 14.

Cau 15.

Ciu 16.
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Dién tich hinh phang dugc gidi han bi d6 thi ham s6 y = tan x , truc hoanh va hai duong

thing xzz, x=z la
6
A. ln? B. lng C. —ln? D. —lng

Huéng din giai

T
Tacod tanx > 0 trén doan {E’Z} nén

2

NG

|tan x| dx :j' tan xdx =—In(cos x)é =- lnT
T 6

S=

NN Ny

6

Dién tich hinh phang duoc giéi han boi do thi ham sé y = e**, truc hoanh va hai duong
thing x=0, x=3 1a

6 6 6 6
N g & L c &l p«_1

2 2 2 2 3 3 3 3

Huwéng din giai

3
Taco e >0 trén doan [0;3] nén S = ”ezx
0

3
dx =f e dx = l e
0 2

[DIEN TiCH HINH PHANG]

VAN DUNG THAP

Dién tich hinh phing dugc gidi han boi d6 thi ham sé y = x° —3x” , truc hoanh va hai duong
thing x=1, x=4 1a
53 51 49 25

A= B. — c. = D. =2
4 4 4 2

Huéng din gidi
Taco ¥’ -3x* =0 x=3¢[l;4]

Khi d6 dién tich hinh phing 13

4
_ 3 .2 _
S—_!"x 3x )dx +

3 4
= x—4—x3 + x—4—x3
4 4
1 3

Dién tich hinh phang dugc giéi han boi d6 thi ham sé y = x* —3x* =4, truc hoanh va hai

3
J' (x* =3x%)dx
1

4
J' (x* =3x%)dx
3

duong thing x=0, x=3 1a
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Cau 18.

Cau 19.
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A 122 g, 143 c. 144 p, 141
5 5 5 5

Huwéng din gii
Taco x* —-3x*-4=0<x=2€[0;3]
Khi d6 dién tich hinh phing la
3

J(x*=3x7 —4)dx

2

S=j"x4—3x2—4‘dx: +
0

5 2 5 3
o —dx | |+ 2 —dx
5 . 5

2
A , \ < .y 5. X . N X X +1
Dién tich hinh phang dugc gidi han bdi d6 thi ham s6 y =
X+

2
J(x*=3x7 —4)dx
0

48 96 144

, truc hoanh va duong

thang x =214
A.34+2In2 B.3-In2 C.3-2In2 D. 3+In2

Huo6ng din giai
Tacd x+1=0<> x=-1 nén

5-]

-1

2
X+ dx = I(I—Ljdx
x+2 o x+2

Dién tich hinh phang duoc gidi han boi parabol y =2 —x* va duong thang y = —x 1a
A. 7 B. 2 C.3 D. 2
2 4 2

(x—ln|x+2|)m:3—2ln2

Huéng din gidi

, 2 )C:—l . 5
Taco 2—-x" =—-x<& 5 va2-x 2-x,Vxe[-1,2]
X =
i X X ’ 9
Nén S=J'(2+x—x2)dx= 2x+—-=—| ==
1 2 3 . 2

Dién tich hinh phéng duogc gioi han boi db thi ham s6 y =c0s2x , truc hoanh va hai duong
thang x =0, x =% la
A 2 B. 1 C.3 D. 4

Huéng din giai
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Cau 20.

Cau 21.

Cau 22.
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Ta cod c0s2x:0<:>x:£e|:0;£:|
4 2

T

[SIE

S =y [N

Nén S = j'|cos 2x| dx =
0

ya

2 1. ORa
cos 2xdx|+ j'cos 2xdx| = (Esm ZxJ + (Esm ZxJ
: ’ i
Dién tich hinh phéng dugc gidi han boi d6 thi ham sé y = x* —3x”> —4 , truc hoanh va hai
duong thing x=0, x=3 Ia
71 73 72

A — B. — C. — D. 14
5 5 5

Huéng din giai
Taco x* -3x*-4=0<x=2€[0;3]
Khi d6 dién tich hinh phing la
3

J(x*=3x7 —4)dx

2

2
J(x* =3x* —4)dx|+

0

S=}‘x4—3x2—4‘dx=
0

5 2 5 3
B (ESR T | S (ARG N

5 5 5 5 5

0 2
Dién tich hinh phing duoc gi6i han boi dd thi ham s y = +; , truc hoanh va duong thing
X+

x=21la
A.34+2In2 B.3-In2 C.3-2In2 D. 3+In2

Huéng din gidi

Tacd x+1=0<>x=-1 nén

+1 F 1
i = J' (1 - —j dx
x+2 he] x+2
Dién tich hinh phang dwoc gidi han boi parabol y =2— x> va duong thang y = —x 1a
9 9 7

A — B. — C.3 D. —
2 4 2

2

(x—ln|x+2|)‘:‘:3—21n2

1

Huwéng din giai

x=-1
Ta co 2—x2:—xc>{ va2-x'>-x,Vxe[-1;2]
X =
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2

2 xz x3
Nén S =[(2+x—x")dx = 2x+7—?

-1

-1

CAau 23. Dién tich hinh phang dugc gidi han boi db thi ham sé y = cos 2x , truc hoanh va hai duong
thang x =0, x =% la

Al B.2 C.3 D. 4

Huwéng din gidi

Ta co cos2x:0<:>x=£€[0;£]
4550

Nén

PN
I

S =

O o | N

|cos 2x| dx = j'cos 2xdx|+ j'cos 2xdx| = (%sin 2x]
0 z
4

+ (l sin 2xj
2

CAu 24. Dién tich hinh phéng duoc gi6i han boi hai dd thi ham sé y =~/x va y=3/x 1a

AL B. L c L DL
12 13 14 15

S
ENTESY

Huwéng din giai

-0
Tacéﬁzy;@{x
X

Nén S=j"\/;—i/;‘dx:
0

j-(\/;—i/;)dx

_ 1
12

1
0

f37-39)

CAu25.  Dién tich hinh phing dugc giéi han boi hai db thi ham s6 y=2x"-3x>+1 va
y=x —4x*+2x+11a

a2l B. 2L c3 D. 4
13 12

Huwéng din giai

x=-2
Tacod 2x° -3x* +1=x"—4x* +2x+1< | x=0

x=1
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1
J'(x3 +x° —2x)dx

0

Nén S = j"x3 +x° —2x‘dx: j)'(x3 +x7 = 2x)dx|+
) )

0 1
X,
H| —+—-x
4 3
-2 0

Cau 26. Dién tich hinh phang gi6i han boi d6 thi ham sé y= -x*+4, duong thang x =3, tryc tung

B
12

va truc hoanh la

— B. 22 c2 p. 2
3 3 3 3

Huéng din giai

Xétpt —x* +4 =0 trén doan [0;3] cd nghiém x =2
2 3 23
Suyra S = H—xz +4‘a’x+ﬂ—x2 +4‘dx = 3
0 2

CAu 27. Dién tich hinh phing giéi han boi dudng cong y = x° —4x, truc hoanh va hai duong thing
x=-3, x=41a
202 203 201 201

A — B. — C. — D. —
3 4 5 4

Huéng din giai
Xétpt x° —4x =0 trén doan [—3;4] conghiém x=-2; x=0; x=2

-2 0 2 4 201
Suyra S= ”x3 —4)6‘(1’x+_”x3 —4)c‘abc+.”x3 —4)c‘abc+.”x3 —4x‘dx:T
-3 -2 0 2

CAu 28. Dién tich hinh phang giéi han boi duong cong y = xInx, truc hoanh va duong thing
x=ela

e’ -1 e’ +1 | e’ +1
B C. D

A. . .
2 2 4 4

Huwéng din giai
Xét pt xInx =0 trén nira khoang (O; e] ¢6 nghiém x =1

e’ +1

Suy ra S:J.xlnxdx:
1

CAu 29. Hinh phing (H) duoc giéi han boi dd thi hai ham s6 y = x* +x -2, y = x +2 va hai duong
thing x = —2; x = 3. Dién tich ctia (H) bang
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A2 B2 c¥ p. %
5 4 3 5

Huwéng din gii
Xét phuong trinh (x> +x-2)-(x+2)=0x" -4=0 x =42

¢ 3 87
Suyra § = [|x* - 4|dx+ |’ —4‘dx:?
-2 2

Cau 30. Goi (H) la hinh phing dugc gi6i han boi b thi hai ham s6 y = (1+ ex)x, y=(1+e)x.Dién

tich ctia (H) bang

A e—1 B. e—2 e—2 e+l
2 2 2 2

Huéng din giai

Xét pt (l+ex)x—(1+e)x=0 co nghiém x=0, x=1

e—2
2

Suyra S :.lf‘x(e—e’“)‘dx :jx(e—ex)dx =
0 0

VAN DUNG CAP PQ CAO

Cau 31. Hinh phang (H) dugc gidi han boi d6 thi hai ham s6 y = ‘xz -1

, V= |x| +5. Dién tich cua

(H) bang
Al B 2 c. 0 p. 2
3 3 3 3

Huéng din giai

Xét pt ‘xz —1‘ = |x|+5 conghiém x=-3, x=3

Suyra S = j;‘(‘xz - l‘ —(|x| + 5))‘dx = 2.E.Hx2 - 1‘ —(x +5)}dx

Bang xét ddu x° —1 trén doan [0; 3]
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Vay §=2 J:(—x2 —x—4)abc+_?(x2 —x—6)dx :?

CAu 32. Hinh phang (H) dugc gii han boi d6 thi hai ham s6 y = ‘xz —-4x+3

, ¥=x+3. Dién tich

cta (H) bang
L p, 109 ¢ 19 p. 119
5 5 6 6

Huéng din giai
Xét pt ‘xz —4x+3‘ =x+3 c6nghiém x=0,x=5

Suyra §= j.(—x2 +5)c)dx+j.(x2 —3x+6)abc+j'(—x2 +5x)dx:%
0 1 3

Cau 33. Dién tich hinh phing gi6i han boi (P):y = x” +3, tiép tuyén cua (P) tai diém co hoanh d¢

x =2 va tryc tung bang

A. 8 B.
3

[SSHIN

c.2 b L
3

Huéng din gidi
PTTTcia(P)tai x=2 1a y=4x+43

Xét pt (x2+3)—(4x+3):0<:>x2—4x:0<:>{x:

3
- [X——sz +4xJ
3

Cau 34. Dién tich hinh phang gi¢i han béi d6 thi hai hams6 y* -2y +x=0, x+y =0 Ia

A2 B. cl p. 1
4 2 2

2

Suy ra Szﬂ(xz—4x+4)‘dx:
0

Jz'(x2 —4x+4)dx
0

W | 00

0

0o | o

Huwéng din giai
Bién d6i vé& ham s theo biénsbyla x =—y* +2y, x=-y

Xét pt tung do giao diém (-’ +2y)—(—y): 0 c6énghiém y=0, y=3
; 2 ; 2 9

Vay S=H—y +3y\dy=f(—y +3y)dy=5
0 0

, . . 1 27 .
Cau 35. Dién tich hinh phing gi6i han béi cac d6 thi ham sé y = x*; y = —x’; y = =— bing
X

27
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A. 2712 B. 27In3 C. 28In3 D. 291n3
Huwéng din giai
2 2
Xeét chc pthdgd ¥’ — 0= x=0x’ ~ 2L 2 0= x =3 2L L= x29
27 x 27 x

Ciau 36. Dién tich hinh phing trong hinh v& sau la
¥

44

flx) = v
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Huwéng din giai

Ta co y2=y+2<:>{y__
y_

1 F 5 10
,Nén S=[(y+2-y )dy=?
0
Dién tich hinh phing nim trong géc phan tu thir nhét, gidi han boi cac dwong thing
y=8x,y=x vadd thi hamsb y=x" Ia %.Khidé a+b bing
A. 68 B. 67 C. 66 D. 65

Huéng din giai

Ta co

=
I
S

8x—x=0=>x=08x-x"=0=> ;x—x3=0:>{

=
Il
—_

1 2«/5 63
Nén S:f(Sx—x)dx+ .|. (8x—x3)dx=T
0 1
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2

Cau 38. Dién tich hinh phang giéi han boi cac duong thang y =1,y = x va do thi ham s6 y = XT

trong mién x >0,y <1la %. Khi d6 b - a bang

A 4 B. 2 C.3 D. 1
Huéng din giai

Ta co

2 2
x—1=o:x=1;x—%=o:sx=o;1—x—=o:>x=2

1 2 2 2
Nén Szf[x—x—)dx+f[l—x—)dx:§
4 4 1 4 6
-x, nOux<l1 10

Cau 39. Dién tich hinh phing gi6i han boi cac duong thang y = N vay=—Xx—X
x—2, nOu x>1 3

2

la %. Khi d6 a +2b bang

A. 16 B. 15 C. 17 D. 18
Huéng din giai

[Phwong phap tw luén]

Ta co
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&x—x2=—x:>x=o

mx—x2 =x-2=>x=3

13

1 3
Nén S:.f(&x—x2 +xjdx+.|'(&x—x2 —x+2jdx:
o\ 3 L3 2

2
. ) . -x"+4x-4
Cau 40. Hinh phang gii han béi d6 thi hams6 (C):y = % , tiém cén xiém cua (C) va

hai duong thing x = 0,x = a (a <0) co6 dién tich bang 5 Khi d6 a bang
A l-¢ B. 1+¢° C. 1+2¢° D. 1-2¢°

Huéng din giai

[Phwong phap tu lusin]
Ta co
TCX :y=—x+3

. o1 af 1 a
Neén S(a)= j (—;jdx = { (;jdx =In|x=1[ = In(1-a)
Suyra In(l-a)=5<a=1-¢€

II-Céu héi tinh tinh thé tich vat tron xoay gi6i han béi cac duwdng:

Nhirng diém cén luu y:
. Tinh thé tich khdi tron xoay:

Trudng hop 1. Thé tich khéi tron xoay do hinh phang giéi han boi cac duong y = f(x), y = 0,

b
x =avax = b (a <b) quay quanh truc Ox1a V = TYffZ(X)dX.

Trudng hop 2. Thé tich khéi tron xoay do hinh phang gi¢i han boi cac duong y = f(x), v = g(x),

b
x =avax =Db (a <b) quayquanh truc Ox1a V = th|f2(X) — g’ (x)|dx.

NHAN BIET — THONG HIEU
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Cau 41.

Cau 42.

Cau 43.

Cau 44.
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Thé tich vat thé tron xoay khi quay hinh phing gi6i han boi cic duong

y:ﬂ,y:O,X=1,X=4 quanh truc ox la:
X

A. 6 B. 67 C.12x D. 6z
Huéng din giai
!
Theo cong thiic ta c6 thé tich cta khdi tron xoay can tinh la: V = J. r.(=)dz =127
x
1
Cho hinh phing gi¢i han boi cac duong y = cosdx, Ox, x =0, x = % quay xung quanh

truc Ox. Thé tich cua khdi tron xoay tao thanh béng:
2 2
T V4
A — . —
2 16

[7Z+lj
—\z
16

Huéng din giai

C.

&N
o)

V3

8 2
Theo cong thirc ta c6 thé tich ctia khoi tron xoay can tinh 1a: V = J.ﬂ. cos’ dxdr = 6
0

Cho hinh phang gi¢i han béi cac duong y = f(x), Ox, x = a, x = b quay xung quanh
truc Ox. Thé tich cta khéi tron xoay tao thanh bang:

b b b
A V= ﬂz_[f(x)dx. B.V =7rjf2(x)dx. c.Vv =Iiz2.f2(x)dx. D.
b
V= j F2(x)dx.
Hwéng din giai
b
Theo cong thirc ta ¢6 thé tich ctia khdi tron xoay can tinh 1a: V = 7Z'J. £ (x)dx.

Cho hinh phing gii han béi cac duong y =./x—1 ; truc Ox va dudng thing x =3 quay

xung quanh truc Ox. Thé tich ctia khdi tron xoay tao thanh bang:

A. %n B. 3n C.2mn D. ¢

Giao diém cua hai duong y = vz —1va y = 0 1a A(1;0). Vay thé tich ctia khdi tron

3
xoay can tinh 1a: V = ﬂ'J. (x-1)dx =27.
1
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Cau 45.

Cau 46.

Cau 47.

Ciu 48.
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Cho hinh phing gi¢i han boi cac dudng y=x"+1, y=0, x =0, x =1 quay xung quanh

truc Ox. Thé tich cuia khéi tron xoay tao thanh bang:

i B 2% ¢z D. 97

63 14 4
Huéng din giai

1
. .. 5 237
Theo cong thirc ta c6 thé tich ctia khoi tron xoay can tinh 1a: V' = 7['[ (X’ +1)’dx = E7R
0

Cho hinh phang gi6i han boi cac dwong 1> =x, x =a, x =b (0 < a < b) quay xung quanh

truc Ox. Thé tich cua khdi tron xoay tao thanh béng:

A V= 7[2].; xdx. B. V= HJ.; Jxdx. C.V= ﬂj: xdx. D.

b
V=r? I x/;dx.
Huéng din giai

Véi xe[a;b]thi Y =xo y=+x.
. g . b
Theo cong thirc ta c6 thé tich cta khoi tron xoay can tinh 1a: V' = 7Z'I xdx.
a

Cho hinh phiang giéi han bai cac dudong y = —x* +2x, y = 0 quay xung quanh truc Ox. Thé
tich ctia khi tron xoay tao thanh bang:
A 4967 4 C 647 D 167

B. — . L —
15 3 15 15

Huéng din giai

Giao diém ciia hai duong y° = —2” + 2z va y = 0 1a O(0;0) va A(2;0). Theo cong thirc
¢ 167

ta co thé tich ctia khdi tron xoay can tinh 1a: V = 7z I (—=x* +2x)’dx = T
0

Cho hinh phing giéi han boi cac duong y =+/1—-x>, y =0 quay xung quanh truc Ox. Thé

tich ctia khi tron xoay tao thanh bang:

A Z B. 2% cZz p. 2
2 3 2

|
N

Huéng din giai
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Cau 49.

Cau 50.

Cau 51.
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Giao diém cua hai duong y = V1 —2° va y = 0 1a B(=1;0)va A(1;0). Theo cong thirc

4
ta c6 thé tich ctia khdi tron xoay can tinh 1a: V = 7 I (1-x")dx = ;-

-1

Thé tich khéi tron xoay trong khéng gian Oxyz gidi han boi hai mét phing x =0; x = 7 va

c6 thiét dién cat boi mat phang vudng goc voi Ox tai diém (x;0;0)bat ky 1a duong tron ban

kinh +/sin x 1a:

A V=2 B.V=n. C.V=4rn. D. V =2r.
Huwéng din giai

Khéi tron xoay trong dé bai c6 dwoc bang cach quay hinh phing tao boi cac dudng
x =0; x =m; y =+/sinx; Ox quay truc Ox.

Theo cong thirc ta c6 thé tich ctia khéi tron xoay can tinh 1a: V = ﬂ'j sin xdx = 27.
0
Cho hinh phang gi6i han béi cic dudng y =tanx, y=0, x =0, x =% quay xung quanh

truc Ox. Thé tich cuia khéi tron xoay tao thanh bang:

A.Vzﬂ(f_gj B.V:;f[f_gj c.Vzﬂ(f_gj D,
Vzﬁ[\/——%j

Hwéng din giai

Theo cong thirc ta c6 thé tich ctia khéi tron xoay can tinh 1a:

T

3
V= ﬁjtanzxdx = ﬂ([—%j
0

Cho hinh phéng gi6i han boi cac duong y =1 +/x , Ox,x=0,x =4 quay xung quanh
truc Ox. Thé tich cua khdi tron xoay tao thanh béng:

.28 68 28 , 68

A 7w B. r.— C.r— D. 7°.—
3 3 3

Huéng din giai
Theo cong thirc ta c6 thé tich cta khéi tron xoay can tinh 1a:

V= Iﬂ 1+\/— 68”

3

VAN DUNG
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Cau 52. Mot vt co6 kich thude va hinh dang nhu hinh v& dudi diy. Day 1a hinh tron gigi han boi
duong tron x° +y” =16 (ndm trong mit phiang Oxy), cit vat boi cac mat phing vudng goc

véi truc Ox ta duge thiét dién 13 hinh vuong. Thé tich cua vat thé 1a:

—4;

42 4 2
I 16 x dx B. I 4x-dx C. I 4rx dx D.
-4 4
I 47r(l6—x2)dx
4
Huéng din giai
Thiét dién ct truc Ox tai diém H c6 hoanh d6 bang x thi canh cua thiét dién bang

2416 — * . Vay thé tich cua vat thé bang V = I S(x)dx = I (16 X )d

Cau 53. Cho hinh phing D gi6i han boi cac duong y° = 4x va duong thing x =4 . Thé tich cta

khdi tron xoay sinh ra khi D xoay quanh truc Ox la:

A. 327 B. 647 D. 4xn

Huéng din giai
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Cau 54.

Cau 55.
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Giao diém cua hai duong y° = 4z va x = 4 1a D(4;—4)va E(4;4) . Phan phia trén Ox
ctia duong y° = 4 c6 phuong trinh y = 2\/; . Tir hinh v& suy ra thé tich cta khdi tron
4
xoay can tinh 1a: V= J.ﬂ'. (2\/;)2 dz = 327.
0

Cho hinh phing gi¢i han boi cac duong y =Inx, y =0, x =2 quay xung quanh truc Ox.

Thé tich ctia khi tron xoay tao thanh bang:

A. 2In*2—-4In2+2 B. 7r(21n22+41n2—2)

C. 7(2In’2-4In2+2) D. 7(2In2-1)

Huéng din giai
Toa d6 giao diém ciia hai duong y = Inz va y = 0 la diém C(1;0) . Vay thé tich cia

2
khdi tron xoay can tinh 1a: V' = Iﬂ. In’ xdz = 72'(2 In*2-4In2 + 2).
1

Cho hinh phang gi6i han boi cac duong y =a.x’, y =bx (a,b # 0) quay xung quanh truc
Ox. Thé tich ctia khéi tron xoay tao thanh bang:

3 5 5
A. Vzﬂ.b—(%—é) B. V=7r.b— C. V=7r.b— D.

a 5q° 3q°

bs(l 1)
T—|———=
a3 5

V =
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Huéng din giai

9 ! b 2
Toa do giao diém ciia hai duong y = ax” va y = br 1a cac diém O(0;0) va A(—;—).
a a
Vay thé tich cua khéi tron x0ay can tinh 1a:
b b
( I o1 o1
V= jﬂ.b2x2dx - I ralridr = ;;,_3(_ -).
0 0 a 3 5

A : L . 1
CAau 56. Cho hinh phing gi¢i han boi cic duong y=+/4—x>, y = gxz quay xung quanh tryc Ox.

Thé tich ctia khdi tron xoay tao thanh bang:

- 2475“5 B. V= 28’;‘6 C. V= 28’?5

24m2

5

AV

v

Huwéng din giai
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Cau 57.

Cau 58.
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] 1 :
Toa d6 giao diém cta hai duong y = V4 —2° va y = 5902 la cac diém A(—\/g; 1) va

B (\/g :1). Vay thé tich cta khdi tron xoay can tinh la:

V3 V3
V= Iﬂ.(4—$2)d.l‘— _[ ﬂ.ll‘J‘dl‘:ﬂ'.@.
5 5 5

Cho hinh phang giéi han béi cac duong y =3x, y = x, x =0, x =1 quay xung quanh truc
Ox. Thé tich ctia khéi tron xoay tao thanh bang;

=
b

A V=—. B.V=—. C.V=—. D. V=m
3 3 3

Huéng din giai

Toa dd giao diém ciia duong z =1 véi y = z va y = 3z lacic diém C(1;1) va B(3;1).

Toa d¢ giao diém ctia dudng y = 3z véi y = = 1a O(0;0) . Vay thé tich ctia khéi tron
1 1 8
xoay can tinh la: V = Iﬁ.9z2dx - I rx’de = m.—.
0 0
Goi (H) 12 hinh phang duoc tao boi hai duong cong (C1 ) y= f(X) , (Cz) 1y = g(x) , hai

duong thing x=a, x=b, a<b. Gia sir ring (C1) va (Cz) khong c6 diém chung trén

[a,b] va thé tich cia khdi tron xoay sinh ra khi quay (H) quanh Ox la
Vzni([f(x)]z—[g(x)]z)dx.Khid()

(1): a f(x)>g(x),vxe[a,b]

(2):  f(x)>g(x)=0,vxe[a,b]

(3):  0<f(x)<g(x),vxela,b]
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./

v

\ 4

S6 nhén dinh dang trong cac nhan dinh trén la:
A.0 B.1 C.2 D.3
Huéng din giai
Tir gia thiét ta suy ra co thé xay ra mot trong hai truong hop:
(2):  f(x)>g(x)=0,Vxe[a,b]
hodc (3):  0<f(x)<g(x),Vxe[a,b].
Do d6 s6 nhan dinh dung 1a khong.

Cau 59. Cho hinh phang giéi han boi cac duong y = x+/Inx, y =0, x = e quay xung quanh truc
Ox. Thé tich ctia khéi tron xoay tao thanh bang;

3 3 3
. "G B, ¢ 1 c. 281 D.
9 9 9
2e*—1
TT.
9

Huéng din giai
Toa d¢ giao diém cua duong = = e v6i y = zvInx ladiém C(3;3). Toa do giao diém

ciaduong y = zvInx voi y = 0 1a A(1;0). Vay thé tich ctia khdi tron xoay can tinh la:

e 3
V=Iﬁ.$21nmdx=ﬁ.269+1.
1
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Cau 60. Cho hinh phang giéi han boi cac duong y = x° —6x” +9x, y =0 quay xung quanh truc Ox.

Thé tich ctia khi tron xoay tao thanh bang:

| " ! \
7297 27x 2566087
L— B. — C.——— D.
35 4 35
7776x
5

Huéng din giai
Toa d6 giao diém clia dudng y = x° —6x” +9x véi y = 0 la cac diém C(e;e) va A(3;0)
3 ‘ ) 9
Iﬂ.(z3 — 627 +9x) dr = 7r.7 )
0 35

. Vay thé tich cta khdi tron xoay cintinhla: V =

Mot vat co kich thude va hinh dang nhu hinh v€ dudi day. Pay 1a hinh tron gidi han boi

Cau 6l1.
duong tronx” +y* =16 (nam trong mat phang Oxy), cit vat boi cic mit phiang vudng goc
vé6i truc Ox ta duge thiét dién 1a tam giac déu. Thé tich cta vat thé 1a:

Y

Huéng din giai
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Giao diém cua thiét dién va Ox 1a H. it OH =z suy ra canh cla thiét dién 1a

V3

2416 — z° . Dién tich thiét dién tai H1a S(z) = T4(16 -7%).

4
Vay thé tich cta vat thé1a V = j \/5(16 —2%)dr = 252\/5 .

-4

Ciu 62. Cho hinh phing gidi han boi cic duong y = 2x*, y° = 4x quay xung quanh truc Ox. Thé

tich ciia khéi tron xoay tao thanh bang:

ll".l / //
\
\\
\".
\. 1
L1
\ d
1 \L a 3 4
\
\\
N
Ay =22 BV=22Z cv=2z D
5 70 3
y = 5%
5

Huéng din giai
Véi z € [0;2] thi y° =4z & y =4z
Toa d6 giao diém ciia duong y = 2x” voi y° = 42 14 cac diém O(0;0) va A(1;2). Vay

1 1
> . . 6
thé tich cua khdi tron xoay can tinh la: V' = Iﬁ.4:17d1: - j rAz'dr = ﬂg
0 0
BAI TAP TONG HOP
( Chi c6 phan dap sd)
CAau 63. Dién tich hinh phing giéi han béi cac duong cong ax = y*;ay = x* (a> 0 cho trudc) 1a:

3 3 3
A. SZa— B. S:a— C. S:zi D. S:4i
3 2 3 3
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Ciu 64.

Cau 65.

Cau 66.

Cau 67.

Cau 68.

Cau 69.

Cau 70.

Cau 71.

Cau 72.

Cau 73.
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Dién tich hinh phéng gidi han boi dd thi cua: y= x?—2x , truc Ox va 2 duong théng x=0,

x =2 la:

A2
3

C.

[OSHINN

1
3
Dién tich hinh phéng gi6i han boi Parabol y = —x* va duong thing y = -x - 2

A U B, > c. 2 p. L2
2 2 2 2

Dién tich hinh phing gi¢i han boi ba dudng: y = sinx, y = cosx vax =0

A 2442 B. 242 +1 c. 2 D. 2421

. 1 1
Dién tich hinh phang gidi han badi hai parabol: y = sz va y=3x— Exz la:

A7 B. 8 C.9 D. 6.

Dién tich gi6i han bai 2 duong cong: (C)):y = f,(x)=x>+1;(C,):y = f,(x) = x> —2x
va duong thaing x = -1 va x = 2.

A7 B.E QE D.—E

2 2 2

Dién tich hinh phing giéi han boi parabol: y = x* —2x+ 2 tiép tuyén véi parabol tai diém
M(3 ; 5) va truc tung
AT B. 6 C.5 D. 9

Dién tich hinh phang gidi han béi: y = x(x — 1)(x —2), y =0

AL B L c 1 p. 1
2 4 3

Cho D la mién kin gi6i han boi cac dudng y =1, y =2 —x va x = 0. Tinh dién tich ciia mién
D

1 1 1
Al B. — C. — D. —
4 2 8

Dién tich hinh phéng gidi han bédi cac duong: y=cosx,y=10,x=0, x = %
A é B. 1 C. 2 D. l
2 2

Tinh thé tich vat thé giéi han boi mit sinh ra khi quay hinh phing gidi han bai:
y=2x-x";y=0
quay quanh Ox.
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Cau 74.

Cau 75.

Cau 76.
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L 5 167 L b 4
15 15 15 15

Thé tich vat thé tron xoay sinh ra khi quay hinh phang gi6i han boi duong y = x*;8x = y*
quay quanh truc Oy la:
4
A 21z B. 237 C. 24w 87
15 15 15 5

Thé tich ctia khdi tron xoay sinh ra khi quay quanh truc Ox hinh phang gi¢i han béi truc Ox
va Parabol (C)y = ax—x"(a > 0)la:

wa B 7[615 na wa
30 " 20 5 10

Thé tich khdi tron xoay tao nén khi ta quay quanh truc Ox, hinh phing S gi¢i han boi cac
duong: y=xe',x=1Ly=00<x<1)la

2 2 2
A (e +1) B. z(e” 1) C (e +1) D.
4 4 2
7z(e2 - 1)
12
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