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KIEN THUC CO BAN

I. HINHHQC PHANG
1. Cac hé thire lwong trong tam giac:

Cho tam giac AABC vudng tai A, AH la duong cao, AM la duong trung tuyén. Ta co:

1

w BC? = AB* + AC?
AB® = BH.BC, AC® = CH.CB

1 1

03 AH2

= —+ ,
AB* T AC?
% 2AM = BC

AH? = HB.HC

2. CAc ti sé lwrong giac:

. canh doi | canh ke
snNtf =——————, COSOt =——mp—
canh huyen canh huyéen

canh doi canh ké
tanot =——, coto =—

canh ke canh doi

Canh huyén
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3. Cac h¢ thirc lugng trong tam gidc thuwong:
a. binh ly ham so cosin:

-~

1
A I ; ) . B
% o’ =b"+c" —2bccos A = cos A = tc —a
1 ch
| 2 2 2
c b Lk bz=a2+62—2a.ccosB=>cosB:m
: 2ac¢
: 2 2 2
: P : b — ¢
a Lok Cz:az—l—bz—2abcos()$cosC:a+7€
C: 2ab
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b. Binh ly ham sé sin:

____________________________________

a_ _ b __c _op
sinA sinB sinC

(R la ban kinh dudng tron ngoai tiép AABC)

N y,
c. Cong thuc tinh di¢gn tich tam giac:
///, A __________________________________f?\\
| Saue = zah, = =bh, = ~ch,
c b Y . : :
L Saupe =—absinC = —becsin A = —acsin b
: ) abc
' Saape =+ Saape = DT
B c I o 4R
a 1
p - nira chu vi L Suac =y P(P—a)(p—b)(p—c)

O
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4. Dinh ly Thales:

A : _.\

' *MN//BC:AM:AN:MNzk '

i o Sany _ [AM] =k E

' SAABC AB 1

B c :
I :j

5. Dién tich da gidc:

a/ Dign tich tam giac vudng 1
= SAABC == EAB.AC

AL C

=\

Group: https://www.facebook.com/groups/tailieutieuhocvathcs/



https://www.facebook.com/groups/tailieutieuhocvathcs/

Truy cap website: hoc360.net dé tai tai liéu dé thi mién phi

.1
< Dién tich tam giac vudng bang E tich 2 canh goc

vudng.

b/ Dién tich tam giac déu 23

; 2 =
<~ Diéntich tam giac deu: S, .. = M \ a~'3

Adéu 4

< Chiéu cao tam gidc déu:  h, ., = M

Adéu — 2

¢/ Dién tich hinh vuodng va hinh chir nhat S, = a’

< Dién tich hinh vudng bang canh binh phuong. D C

<> Puong chéo hinh vuéng bang canh nhan \/_2_
<> Dién tich hinh chir nhat bang dai nhan rong.

d/ Dign tich hinh thang AD+ BC).AH

2

ﬁS:(

< Dién tich hinh thang:

SHinh Thang = %.(déy I6n + day bé) x chiéu cao

e/ Dién tich tir giac co hai dwong chéo vudng

goc A

<~ Dién tich tir giac co hai duong chéo vuong goc
nhau bang % tich hai duong chéo.

1
C = SH‘T,.”” - §AOBD

U—H—j—ﬁ—w
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< Hinh thoi c6 hai duong chéo vudng goc nhau tai
trung diém cua moi duong.

Lwu y: Trong tinh toan dién tich, ta co thé chia da giac thanh nhitng hinh don gian dé tinh dién
tich, sau do6 cong cac dién tich duoc chia nay, ta duoc dién tich da giac.

7.4 KHOI PA DIEN VA THE TICH KHOI PA DIEN

A.BAI TAP
NHAN BIET — THONG HIEU (téi thiéu 30 cau)

Caul.  Chohinhchdp S.ABC c6 day la tam giac déu. Néu tang do dai canh day 1én 2 lan va do dai
duong cao khong doi thi thé tich S.ABC ting 1én bao nhiéu 1an?

A 4. B.2. C. 3. D.%.
Huéng din giai:
Khi d6 dai canh day ting 1én 2 lan thi dién tich day tang 1én 4 1an.

= Thé tich khéi chop tang 1én 4 l1an.

Cau?2. Co6 bao nhiéu khéi da dién déu?
A. 5. B. 4 . C.3. D.2.

Huwéng dan giai:

C6 5 khdi da dién déu 1a: tr dién déu, hinh 1ap phuong, khdi 8 mat déu, khdi 12 mat déu, khdi
20 mat déu.

Cau3.  Cho khdi da dién déu {p;q} ,chisd p la:
A. S6 cac canh caa mdi mat. B. S6 mat cua da dién .
C. S6 canh cua da dién . D. S6 dinh cua da dién.

Cau4.  Cho khoi da dién déu {p;q} ,chisb q la:
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A. Sb cac mat & mdi dinh. B. S6 mit cua da dién .
C. S canh cua da dién . D. S dinh cua da dién.
Cau5.  Tinh thé tich khéi tt dién déu canh a.
p EV2 g &2 C.a’. D&
12 4 6

Huwéng dan giai:

Goi tar dién ABCD déu canh a.

Goi H Ilahinh chiéucia A 1én (BCD) .

a3

Tacd: BH =——
3

= AH =+/AB? —BH? =—a‘f
a’\3 a’\2

g Ve

SABCD =

Cau 6.  Cho S.ABCD I hinh chop déu. Tinh thé tich khdi chép S.ABCD biét AB=a, SA=a .

3 3 3
A.a‘/E. B.a*/i. C.a. D. &
6 2 3

Huéng din giai:
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Goi H lahinhchiéucua S Ién (ABCD) .
Taco: AH :%

= SH =+/SA’ — AH? :—a‘f

as
— a2 -
SABCD =a :>VS.ABCD -

7S

Cau7.  Cho hinhchépS.ABC c6 SA L (ABC), day ABC la tam gidc déu. Tinh thé tich khoi chop
S.ABC biét AB=a, SA=a .

3 3 3
p EV3 g V3 C.a. pD. & .
12 4 3
Huwéng dan giai:
s ~ aZ\/§ S
AABC 4
a3 3 Q C
=V pac = AS
S.ABC 12
B

Cau8.  Cho hinh chép S.ABCD c6 SA L (ABCD) ,d4y ABCD la hinh chit nhat. Tinh thé tich
S.ABCD bhiét AB=a , AD=2a , SA=3a .

a3
A. 2a® . B. 6a° . C.a®. D. 3

Huwéng dan giai:
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Specp =2aa=2a> =V, 5. =23°

Cau 9.  Thé tich khéi tam dién vuéng O.ABC vudng tai O c6 OA=a, OB=0C =2a la:
2a3 3 3

A2 B2 c. & D. 2a°.
3 2 6

Huwéng dan giai:

A
Sosc = %OB.OC =23’
h=0A=a
1 2a®
= Vo a8c :§OA'SOBC :T o) C
B

Céau 10. Cho hinh chép S.ABC c6 SA vudng goc mat day, tam giac ABC vubng tai A, SA=2cm,
AB = 4cm, AC =3cm . Tinh thé tich khdi chap.
A. %cmg‘. B. %cms. C. %cmﬁ‘. D. 24cm®.

Huéng din giai:
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1 , S
S s =§AB.AC =6cm
h=SA=2cm
1 12
= Vs aec :§SA'SABC :Ecm3 AR C

Cau 11. Cho hinh chép S.ABCD day hinh chir nhat, SA vudng goc day, AB =a, AD =2a. GOc gitra
SB va day bang45°. Thé tich khdi chop la:

N g &V2, c 2 p. &2
3 3 J3 6
Hudéng din giai:
SA= AB.tan(45°)=a
{SABCD =a.2a=2a’
1 2a° D

= VS.ABCD = g SA'SABCD N T

Cau12. Hinhchop S.ABCD day hinh vudng, SAvudng goc véi ddy, SA=av/3, AC =a+/2 . Khi d6 thé
tich khéi chop S.ABCD la:

a3 a2 a’\2

3
A. . B. c. @ */5. D. .
3 3 2 2

Huwéng dan giai:
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S
SA=a+f3
AB = AC.c0s(45°)=a=> S 5, =a° :

1 a3

:>VS.ABCD = é SA'SABCD = T B fo

Cau 13.  Cho hinh chdp S.ABC c6 day ABC la tam giac vudng tai B. Biét ASAB 1a tam giac déu va
thuoc mét phang vudng goc véi mét phang (ABC) . Tinh thé tich khoi chop S.ABC biét

AB=a, AC=a+3 .

3 3 3 3
p 2V6 g &6 c. &2 D& .
12 4 6 4
Huwéng dan giai:
AABC vudng tai B = BC =+/AC2—AB? =a+/2 .
S
1 a?\2
S, e =—BABC = .
AABC 2 2
\ Y ” _ a3
Goi H la trung diem AB = SH == Al |- C
Taco: ASAB déu =SH 1 AB H
B

— SH L (ABC)(vi (SAB) L (ABC) ).

1 a’\/6

:>VS.ABC ZESH'SAABC = 12
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Cau 14.  Cho hinh chép S.ABCD c6 day ABCD Ia hinh thoi. Mat bén (SAB) la tam gic vudng cén tai
S va thudc mat phang vudng goc véi mét phang (ABCD) . Tinh thé tich khdi chép S.ABCD
biét BD=a, AC=av3 .
PRERE a’y3

a3
. B. . C.a’. D.—.
12 4 3

Huwéng dan giai:

Goi O 1a giao diém ciia AC va BD .
ABCD la hinh thoi = AC L BD ,

O la trung diém caa AC , BD .
AABO vubng tai O

= AB=+/A0*+0B’ =a .

1 a?\3

S =—AC.BD =
aBcD = 5 5

Goi H Ia trung diém AB . ASAB vudng cantai S canh AB—a = SH =% .

Tac6: ASAB can =>SH L AB=SH L (ABCD) (vi (SAB) L(ABC) ).

1 a’\3
= Vs agcp = 5 SH.S pgep = F .

Cau 15.  Cho hinh chép S.ABC c6 day ABC la tam giac vudng tai A . Hinh chiéu caa S 18n mit phang
(ABC)Ia trung diém H cua BC. Tinh thé tich khdi chép S.ABC biét AB=a, AC =av/3,
SB=a+/2.
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3 3 3 3
A.af . B.af. c.ag/g. D.af.

Huwéng dan giai:
AABC vubng tai A S
= BC =+AC?+AB? =2a .

2
Sanc =%AB.AC=a£/§ . Bt A

SH =+/SB*-BH? =a . c

Cau 16. Cho hinh chdp S.ABCD c6 day ABCD hinh vudng canh a . Hinh chiéu cia S 1én mat phang

(ABCD) la trung diém H cua AD. Tinh thé tich khdi chop S.ABCD biét SB =3?a.

3 3 3
AL B. a’ . c. L p. %
3 2 2

Huéng din giai:
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AABH vuodng tai A
— BH =AH? + AB? :a_\z/é .
SH =+/SB?—BH’ =a.

2
SABCD =a .

1 a
:VS.ABCD = g SH 'SABCD =5

Cau 17. Hinhchdép S.ABCD ddy la hinh vudng canh a, SD :a_213. Hinh chiéu cua S 1én (ABCD) la
trung diém H ctia AB . Thé tich khdi chop la:

3 3
A 2V2 B. 22
3 3

3
C. a®12. D. %.

Huéng din giai:
2
Speco =@

2
HDZ:AH2+AD2:5%

2 2
— SH =/SD? _HD? = 135 —%za«/i

1 a’\2
3

:VS.ABCD R 5 SH 'SABCD =
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Cau 18. Hinhchop S.ABCD day hinh thoi, AB = 2a, géc BAD bing 120°. Hinh chiéu vuéng goc cua S
lén (ABCD) la | giao diém ciia 2 duong chéo, biét Sl =% . Khi @6 thé tich khdi chép S.ABCD
la:

a’\3 a’\3 a*\2 a2

A. . B. C. D. .
3 9 3 9

Huwéng dan giai:
si=2
2
S,eco = AB.AD.sin BAD = 2+/3a’

1 a’\3

:>VS.ABCD ZESI'SABCD = 3

Cau 19. Cho hinh chép S.ABC , goi M , N lan luot 14 trung diém caa SA,SB . Tinh ti sb Vosse

S.MNC

A4, B.l. C. 2. D.l.
2 4

Huéng din giai:

Voo _ SA SB _,
Voue SM SN
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Cau 20. Cho khéi chépO.ABC . Trén ba canh OA,OB,OC lan luot ldy ba diém A’,B’,C’ sao cho

20A' = OA, 40B'=0B, 30C’'=0C . Tinhti s Voasc .

0.ABC
AL B. L. c. L. X5
24 12 16 32

Hudéng din giai:

Ta co: A

ON _1. 0B 1 0C'_1
OA 2 OB 4 OC 3
Voase OA OB’ OC' 111 1

Voee OA OB OC 243 24

Cau21. Cho hinh chop S.ABC. Goi (&) la mit phang qua A vasong song véi BC . («) cit SB

SC lan luot tai M,N . Tinh ti s6 SS—'\Q biét («) chia khéi chdp thanh 2 phan c6 thé tich bing

nhau.
1 1 1 1
A —. B. —. C. —. D. —.
J2 2 4 2.2

Huéng dan giai:

Group: https://www.facebook.com/groups/tailieutieuhocvathcs/



https://www.facebook.com/groups/tailieutieuhocvathcs/

Truy cap website: hoc360.net dé tai tai liéu dé thi mién phi

Ta co: MN//BC:S—M:S—I\I
SB SC

2
Ta co: Vs :%ﬁz(%J
<ec SB'SC \SB
Ta co: Vs.am :1:> SM_ 1

Voo 2 SB 2

CAau 22. Thé tich cua khéi lang try tam giac déu co tat ca cac canh déu bing a la:

3 3 3 3
A B3 g, V3 c &2 b &2
4 3 3 2
Huwéng dan giai:
A’ C
h=a ) !
a2 3 3V:hS:a\/§
S= 4
4 A C
B

Cau23. Cholangtry ABCD.A'B'C'D' ¢c6 ABCD la hinh chir nhat, A'A=A'B=A'D . Tinh thé
tich khdi lang tru ABCD.A'B'C'D" hiét AB=a , AD=a+3 , AA'=2a .
A. 3a°. B. a°. C. a3 . D. 3a%3.
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Huwéng dan giai:

Goi O 1a giao diém caa AC va BD .
ABCD la hinh chir nhat = OA=0B=0D
Ma A'A=A'B=A'D

nén A'O L(ABD) (vi A'O latruc tam
giac ABD )

AABD vubng tai A
= BD =+ AB*+ AD” =2a

—0A=0B=0D=a

AAA'O vubng tai O

— A'O=+AA%—AQ? =a/3
S,sc0 = AB.AD =a2\/3

VABCDA‘B'C‘D' = A'O'SABCD =3a’ .

Cau 24. Cho langtru ABC.A'B'C' c6 ABC latam gi4c vudng tai A.Hinh chiéu cua A' Ién (ABC)
1a trung diém caa BC. Tinh thé tich khéi ling tru ABC.A'B'C' biét AB=a , AC =a/3 ,
AA'=2a .
s’
2

3
A. B. a? . C. a®3. D. 323
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Huéng dan giai:

Goi H 1a trung diém cua BC
= A'H L(ABC) .

ABC la tam giac vudng tai A

= BC =+AB?+AC? =2a

= AH =%BC=a

AA'AH vudng tai H

= A'H =vJAAZ- AH? =a\3
1 a’\3

S =—AB.AC =
amec = 5 5

, 3a°
VABCA'B'C‘ =A'H 'SABC = T

Cau 25. Cho lang try ABCDA'B'C'D' ¢c6 ABCD la hinh thoi. Hinh chiéu cua A' 1én (ABCD) la
trong tm cua tam giac ABD . Tinh thé tich khéi lang tru ABCA'B'C' biét AB=a ,
ABC =120° , AA'=a .
A a’\2 a’\2 a’\2

. B. . C. . D. a’y2.
2 6 3 \/_

Huwéng dan giai:

Group: https://www.facebook.com/groups/tailieutieuhocvathcs/



https://www.facebook.com/groups/tailieutieuhocvathcs/

Truy cap website: hoc360.net dé tai tai liéu dé thi mién phi

Goi H latrong tam cua tam gidc ABD

= A'H L (ABCD) .

O

[ SRy U ——

Taco: BAD =180° -~ ABC =60° .

Tam giac ABD can c6 BAD =60°

nén tam giac ABD déu.

-
-
-
-

ABD la tam giac déu canh a

_af3
3

= AH
AA'AH vubng tai H

= A'H =/AA?— AH? =—a‘f

5. 25, —p83_a\B
ABCD ABD ) 5
. a’\2
VABCDA'B'C'D' =A H'SABC :T .

Cau26. Cho lingtry ABC.A'B'C'. Tinhtisb —Ac_

ABCA'B'C'

c.I. D.
2

A. B.

ol
w|N

1
-

Huéng din giai:
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Tacd: BB'C'C lahinh binh hanh A C'
1
= SBB'C‘ = ESBB'C'C B '

1
:VA.BB‘C' = EVA.BB‘C'C

. i, A
Taco: VA.A'B'C‘ = §VABCA'B‘C' A \/ C

2 B

:VA.BB'C'C :VABCA'B'C‘ _VA.A'B'C' = EVABCA'B'C'

1 Vnnn: 1
:>VABB'C' = EVABCA'B'C' = VALC = §
ABCA'B'C’

Cau27. Cho khdi lang tru tam gide déu ABC.A'B’C’ ¢6 tit ca cac canh déu binga. Thé tich khéi ta
dien ABB'C’ Ia:
3 3 3 3
A 2N g &3 c &3 D. &
12 4 6 12

Huéng dan giai:
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h=BB =a A' C|
a’/3 .
Spec :T B
1 a’/3

Cau 28. Liang tru tam gidc ABC.A’B’C’ c6 day tam giac déu canha, gdc giira canh bén va mit day bang

30°. Hinh chiéu A’ 1én (ABC)la trung diém | cua BC . Thé tich khéi lang tru la:

A a’\3 5 a’\3 a’\3 a’\3

. : C. . D.
8 2

12 6

Huéng din giai:

w

Al = A|.tan(30°):a_._3:E
2 3 2
a’\/3
SABC = 4

3
a \/§
1
= VABC.A’B’C’ =A I'SABC >
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Céu 29. Langtrudang ABC.A'B’C’ ¢6 day ABC la tam gi&c vuodng tai A, BC =2a, AB =a. Mat bén
(BB’C’C) Ia hinh vuéng. Khi d6 thé tich lang tru la:

3
A. a’\3. B. a34/2. C. 2ay3. D. a;/§_

Hudéng dan giai:
h=BB'=2a A' Cl
AC =+/BC2— AB? =a+/3 B

1 a’\3
2

= Spp =3, ABAC =

:VABC.A’B’C’ = BB,'SABC = as\/g

Cau30. Cholangtry ABCA'B'C'.Goi M , N lan luot 1a trung diém caa CC' va BB' .Tinh ti s6

Vascun

Vascaec:

Al B. = c.l. D. 2
3 6 2 3
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Taco: BB'C'C la hinh binh hanh
1

ESBB'C'C

B

= SBCMN =

1
= VA.BCMN = EVA.BB'C'C M

. 1
Ta Co: VA.A'B'C' = EVABCA'B'C'

2

:>VA.BB'C'C :VABCA‘B'C' _VA.A'B'C' = EVABCA'B‘C'

1 V 1
_ ABCMN  __
:>VA.BCMN - §VABCA‘B'C' = 5"

ABCA'B'C’

Cau 31. Cho khéi ling tru ABC.A’B’C’. Ti s6 thé tich gitra khdi chop A’.ABC va khdi lang tru dé la:

Al B L. = p. L.
3 2 4 6
Huéng din giai:
1, . 1 A C'
VA’ABC = 5 AA 'SABC = §VABC.A’B’C’
Bl
Vo asc _ l

=
Vasc e 3

Cau 32. Cho khdi lap phuong ABCD.A’B’C’D’. Ti sé thé tich gitra khi A’.ABD va khéi lap phuong
I
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A 1 B. C
6

1
e

|~

Hudéng dan giai:
1 A’

VA’AABD = é AA"SABD D’

=3AA'.%AB.AD =%AA’.SABCD

3

e

7
b | ABCDABCD STA

— Vi a80 — l ¢ y

VABCD.A’B’C’D’ 6

Chi dé 7.4. KHOI PA DIEN VA THE TICH KHOI PA DIEN

B. BAI TAP '
VAN DUNG THAP

Caul.  Cho hinh chdp tir giac déu S.ABCD c6 chiéu cao bangh, géc giita hai mat phang (SAB) va
(ABCD) bang « . Tinh thé tich caa khdi chép S.ABCD theo h va « .
4n® 3h? 8h* 3h*
L, Y B.— . C.— D. —— .
3tan“ 4tan” o 3tan“ o 8tan” o

Huéng din giai:
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Goi O la thm cta mat day thi

SO L mp(ABCD). Tir d6, SO 1a duong cao

ctia hinh chop.Goi M 1a trung diém doan CD.
Ta co:

CD L SM < (SCD)

CD LOM c (ABCD) = SMO=q«.

CD = (SCD) ~ (ABCD)

1
V = g .SABCD.SO.

B = SABCD = A82
Tim AB: AB =20M
., R o ! SO h h
Tam giac SOM vubng tai tai O, taco: tant = —= — = OM = ——.
oM OM tan o
2h 4h®
= AB= —— . Suyra: B = Sascp = >— .50 =h.
tan o fan® o
1 4h? 4h°
Vay Vs, =—. h= .
W st = o an’a 3tan’ o

Cau 2. Chohinh chép S.ABCD c6 day ABCD la hinh vudng canh 2a, canh SB vubng goc véi day
va mt phang (SAD) tao véi ddy mot goc 60°. Tinh thé tich khéi chép S.ABCD.

8a°\/3 333 3a°\3 4333

AV = : B.V = . C.V= . D.V= .
3 8 4 3

Huéng din giai:
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~ |AD L AB S
Ta co: = AD L (SAB)
AD 1 SB |

=AD 1 SA.
= SAB =60° .
SascD = 432.

Xét tam giac SAB tai vudng tai B, ta
co:

SB = AB tan 60° = 2a+/3.

3
Vay V = %.4a2. 2a+3 = 8a3‘/§

Cau 3. Cho hinh lang try dang ABC.A'B'C' c6 day ABC la tam giac vudng tai B, BC =a, mat
phing (A'BC) tao vdi ddy mot géc 30° vatam gidc A'BC c6 dién tich bang a®+/3 . Tinh thé
tich khéi lang tru ABC.A'B'C".

A 3a3\/§_ B 3a°\/3 3a°\/3 a3\/§_

. C. . D.
2 4 8 8

Huwéng din giai:
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V=Bh = S4pcac.AA4". A’ c
{BC 1 AB N
0

— BC LAB. N
BC L AA

BC L AB c (ABC)
Va {BC L A'B < (A'BC)
BC = (ABC)(A'BC) N

= ((ABC), (A'BC)) = (AB, A'B| = ABA'
A

Ta co:

Sywec = % A'B.BC

2 .
_ ap - 2Suee 283,
BC a

AB = A'B.cos ABA = 2a+/3.c0s30° = 3a
AA = A'B.sin ABA = 2a+/3.sin 30° = a/3

Vise wpe = Bh =S, AA = %.AB.BC.AA’

3
:%.Ba.a.a\/_ 4 3a2\/§ .

Cau4.  Cho hinh ling tru ABC.A'B'C' c6 day ABC la tam giac déu canh banga . Hinh chiéu vuéng
goc cua A' trén (ABC) la trung diém cua AB. Mat phang (AA'C'C) tao véi ddy mot goc
bang 45°. Tinh thé tich V cua khéi lang tru ABC.A'B'C".

3 3 3 3
A v =32 B.v -2 cv=2 D.v =32
16 8 4 2

Hwéng dan giai:

Group: https://www.facebook.com/groups/tailieutieuhocvathcs/



https://www.facebook.com/groups/tailieutieuhocvathcs/

Truy cap website: hoc360.net dé tai tai liéu dé thi mién phi

Goi H, M, I lan luot la trung diém A’
cua cac doan thang AB, AC, AM.
VABC.A'B'C' = SAABC'AI H.

a’\3

SAABC = 4

Ta co IH la duong trung binh cua tam giac AMB,,
MB la trung tuyen cua tam giac déu ABC.

IH // MB
Do do: N =IH L AC

= AC L(A'HI)=AC LAl

AC L A'H
AC LIH

AC L IH c (ABC)

Ma: {AC L A'l c(ACC'A) = A'IH lagdc gira hai mat phang (AA'C'C) va
(ABC) N (ACC'A) = AC

(ABCD) = A'IH =45°

. . A'H
Trong tam giac A'HI vubng tai H, ta c6: tan 45° =W:> A'H =IH.tan45°.

_H=ImB =23 v
2 4

_a%3 a3 3’
4 4 16

Cau5.  Cho hinh chép déu S.ABC, gdc giita mat bén va mat phang day (ABC) bang 60°, khoang
3a

céch gitra hai duong thang SA va BC bing o Thé tich caia khdi chop S.ABC theo a
biang

3 3 3 3
A T3 g &3 c &8 p. &8

24 18 16 12
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Huwéng dan giai:
Goi M Ia trung diém cua BC.
Trong mp(SAM), K¢ MH L SA,(H € SA).
. [BC L AM
Ta co:
BC L SO
Do d6 MH la duong vubng goc chung cua SAva BC.

:>BCJ_(SAM):> BC LMH .

Suyra MH =;—aﬁ. Taco: SM L BC = ((SBC),(ABC))=SMA=60".

bit OM =x= AM =3x,0A =2x.

— SO =0M.tan60° = x+/3 va
SA:\/(X\@)Z +(2x)2 —x7.

Trong ASAM ta co:

SAMH = SO.AM < 7.~ — x/3.3x <

27
Khi dé:
AM:3x:3.i:a—‘/§:>AB:a.
23 2
Voo =L Sy SO-L 23 2 '3
S.ABC 3 AABC * 3 4 2 24

Cau6.  Cho hinh chép déu S.ABCD co6 ddy ABCD Ia hinh thoi tam O, AC =24/3a, BD =2a, hai
mat phang (SAC) va (SBD) cuing vudng goc véi mét phang (ABCD) . Biét khoang cach tir

diém O dén mat phing (SAB) bang %{g. Tinh thé tich caa khdi chép S.ABCD theo a.
3 3 3 3

A 3B g V3 c &8 p, &3,
3 18 16 12
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Huwéng dan giai

Ta c6 tam gidc ABO vudng tai O va
AO = a\/§,
BO =a. Do do
2O _ /3= tan60° = ABO = 60°,
BO ‘
Suy ra AABD déu.
Ta co:
(SAC) L(ABCD)
(SBD) L (ABCD) =SS0 L (ABCD)

(SAC)~(SBD)=SO

wn

Trong tam gidc déu ABD ,goi H latrung
diem AB,
K la trung diém BH,

suyra DH L AB va DH :a\/g; OK //DH va OK=%DH =¥.

Suyra OK L AB= AB L (SOK).
Goi | 12 hinh chiéu cua O 1én SK, tacé: Ol L SK; AB L Ol = Ol L(SAB) )
= Ol =d[O; (SAB) .
1 1 1
= +
Ol? OK? 80?

a’\3
3

. A : a
Tam giac SOK vudng tai O, OI la dwong cao: =S0= 7"

Vs agep = %.SAABCD.SO = %.4.SAABO.SO = .4.%.OAOB.SO =

Wl

Cau7.  Cho hinh chop ti gidc déu S.ABCD, O la giao diém cia AC va BD. Biét mat bén caa hinh
chop 1a tam giac déu va khoang tir O dén mat bén 1a a. Tinh thé tich khdi chop S.ABCD theo

a.
A. 2a°\3. B. 4a°\3. C. 6a°\/3. D. 8a°+/3.
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Hwéng dan giai:

Goi M la trung diém cua CD,
trong ASOM ké dudng cao
OH.

=OH 1 (SCD)=0OH =a.

bit CM =Xx.Khi do OM =X,
SM:X\/é,

SO=+SM?—x* =x~/2.

Taco: SM.OH = SO.OM
a\/6

<:>X\/§.a:X\/§.X:>X:T

—CD=ay6,S0=a\3 3

S pacp SO = %.CDZ.SO = %.Gaz.a\@ =2a%3.

Wl

VS.ABCD =

Cau8.  Cho hinh chop ti gidc S.ABCD c6 SA L (ABCD) . ABCD la hinh thang vudng tai A va B
biét AB=2a . AD=3BC =3a. Tinh thé tich khéi chop S.ABCD theo a biét gdc giita (SCD)
va (ABCD) béing 60° .
A. 24J6a° . B. 6./6a° . C. 2J3a° . D.63a° .

Huéng din giai:
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Cau 9.

Dung AM L. CD tai M . S

Taco: SMA=60° .

- AD—;BC.AB = 437

SABCD

CD=[(AD-BC)’ + AB? =2a2

Spec = % AB.BC = a’

2
SAcD = SABCD - SABC =3a

S, =L AM.CD = AM = ZSxc0 _ 32
2 CD 2
Taco: SA=AM.tan SMA=¥a

1
VS.ABCD = §SA'SABCD = 2\/6&3 .

Cho hinh chop tir gidc S.ABCD c6 SA_L(ABCD), ABCD la hinh thang vudng tai A va B
biét AB =2a . AD =3BC =3a. Tinh thé tich khdi chdp S.ABCD theo a, biét khoang cach tir

A dén mat phang (SCD) béng#a .
A. 2\f6a° . B. 6+/6a° . C. 2./3a° . D.6+/3a° .

Hwéng dan giai:
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Dung AM L CD tai M . S
Dung AH L SM tai H . ‘

36
4

Taco: AH=——a .

S recp = AD—;BC.AB - 4a’

CD = [(AD-BC)’ + AB? = 2ay2

Spec = % AB.BC = a?

2
SACD = SABCD - SABc =3a

Saco ZEAM-CD: AM :2‘Sﬂ:3\/z
2 CD 2
1 _ 1 el AHAM 36
Ta co: - y o AS = _ .
IAH2 AI\/l2 ASZ AMZ_AH2 2

1
VS.ABCD = §SA'SABCD = 2\/€a3
Cau 10. Cho lang tru tam giac ABC.A'B'C" ¢c6 BB'=a, goc giita duong thing BB' va (ABC) bing
60°, tam giac ABC vudng tai C va géc BAC =60°. Hinh chiéu vudng goc cua diém B' 1én
(ABC) trung véi trong tdm ctia AABC. Thé tich cua khoi tir dign A'.ABC theo a bing
3 3 3 3
)" B. /& c. b p. B2
208 106 108 108

Huéng din giai:
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Goi M, N latrung diém cua AB, AC B c
va G la trong tdm cua AABC.

B'G L (ABC) =>(BB',(ABC))=B'BG =60".

Voo = %.SAABC.B 'G= %.AC.BC.B G
Xét AB'BG vudng tai G, c6 B'BG =60° g/ \&o
a\/3

=B'G= - (nira tam giac déu)

piat AB = 2x. Trong AABC vudng tai C c6 BAC = 60°
= tam giac ABC la nita tam giac déu

:>AC=%:X, BC:X\/§

Do G latrong tam AABC = BN =%BG =%a.
Trong ABNC vuéngtai C: BN? = NC*+BC?

3a

AC =
9a> x* ., , 9a’ 3a 2413
S—=—4+3H X =— DX = —— >
16 4 52 213 3a3
BC =
24/13

1 3a 3a/3 a3 9a°

Viy,V, == 52 S8Vs avs _da
W Vanee =g 3 3 2 208

Cau 11.  Cho hinh ling tru dung ABC.A'B'C", biét day ABC la tam giac déu canh a. Khoang cach tir
tam O ctia tam giac ABC dén mit phing (A'BC) béng %.Tinh thé tich khéi lang tru
ABC.A'B'C'.
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3a®

A 3232 332 2
C 16 28 '

B. C.

D.

4

Hwéng dan giai:

Goi M Ia trung diém cua BC,

3a%/2

taco (A'AM ) L(A'BC) theo giao tuyén

A'M .
Trong (A'AM ) k¢ OH L A'M (H € A'M).
=OH L (A'BC)
Suyra: d(O,(A'BC))=0H _a
a’\/3
Suac ==

Xét hai tam giac vuéng A'AM va OHM cd
géc M chung nén chiing ddng dang.

a  1aB
Suyra:OH=OM:>6: 3 2 :>1= \/é :
A'A A'M A'A \/A'A2+AM2 A'A \/— 2
Aazy| AV3
2
RPN\
Cab a’3 332
VABC.A'B‘C': AABC'A A= . = :

4 4 16

VAN DUNG CAO
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Cau 12. Cho hinh chdp tam gidc S.ABC c6 M 1a trung diém cia SB, N 1a diém trén canh SC sao cho
NS =2NC. Ki hiéu V,,V, lan luot la thé tich ctia cac khéi chép ABMNCva S.AMN . Tinh ti

.y
V2
N g u_tl c.h.2 D. 4-3
v, V, 2 , 3 v,
Hudéng dan giai
S
Vo _SM SN 1.2 1.
Viwe SB SC 23 3°
N
VS.AMN +VA.BMNC :VS.ABC .
Suyra Vasune 2. A ¢

S.AMN

Cau 13.  Cho hinh chdp tam giac S.ABC c6 M 1a trung diém ciia SB, N 1a diém trén canh SC sao cho
NS =2NC, P 1a diém trén canh SAsao cho PA=2PS . Ki hi¢u V,,V, lan luot |2 thé tich cua

cdc khéi tir dien BMNPva SABC. Tinh ti sé 2.

2
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ALl B,
V, 9

4 V, 3

<)<
<)<

Wk

Huwéng dan giai

1
5 (N, (5AB))- Sy, >

VN.BMP —

VC.SAB ;-d (C, (SAB)) . SSAB ’

d(N,(SAB)) NS 2
d(C,(SAB)) CS 3’

1

SBPM = ESBPS =

V,
Suy ra LEME =

)
VC .SAB

1
§ SSAB

wlin NI

1
6

|

Cau 14.  Cho hinh chop tt giac déu S.ABCD c6 canh day bang 2a, goc gitra hai mat phiang (SAB) va
(ABCD) bang 45°; M,N va P lan luot 1a trung diém cac canh SA,SB va AB . Tinh thé tich
V cua khéi tir dién DMNP .
Hwéng dan giai:

3
A.V:% B.v=2% cv=2 DVv_&

Hudéng dan giai
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Ta co: M:ﬂﬁzi
S, SA SB 4
Tuong tu Sene :l S amp :1.
SAB 4 SSAB 4

Suy ra Swe _ 1 (c6 thé khang dinh

SAB

Suwe _ L s hai tam gidc MNP va BAS 13

SAB

hai tam giac ddng dang vai ti s6 k = %)

pswe 4
1
Vosae =Vs.one = EVS.ABCD' (2)
1 1 . 4a° ‘ < on 114a° &
Vs agcp = ESO'SABCD = §OP.tan 45°.5 pgop = T 3). Tur (1), (2) va (3): Voune = ZET = E

Céu 15. Cholang tru ABC.A'B'C’' c6 day ABC latam giac vudng can tai B, AC =2a; canh bén
AA’ =+/2a. Hinh chiéu vudng goc caa A’ trén mat phing (ABC) la trung diém canh AC .
Tinh thé tich V cua khéi lang tru ABC.A'B'C’.

3 3
AV =2’ B.V:%. C.V=%a3. D.V=‘/§3a .

Huwéng dan giai
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Vi ABC la tam giac vubng can tai B nén trung A B'
tuyén BH ciing 12 dudng cao cua no, va
HB:HA:HC:%AC:a. c

a2

AH =+ AA —AH? =+/2a2—a% =a.

Ve age = AH-S o = A'H % BH-AC=a’ AR )

Céu 16. Chotirdién ABCDco cac canh AB, AC va AD do6i mét vudng goc voéi nhau. Goi G,,G,,G,va
G, lan Iuot Ia trong tim cac mat ABC, ABD, ACD va BCD. Biét AB =6a, AC=9a,
AD =12a. Tinh theo a thé tich khéi t dién G,G,G,G, .
A. 4a° B.a’ C. 108a° D.36a’

Hudéng dan giai

Trong trudng hop tong quat, ta ching

minh dugc VeleGsG4 :21_7VABCD .

That vay,

taco (G,G,G,) || (CBA) va

2G,G,G,) ~aCBA (ti s6 dong dang
S

k :3) Tirdo: 2580 2 =Ly

3 9

CBA
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d (Gl’ (626364 )) =d (G4! (ABC)) D”\

- %d(D,(ABC)) (do G,M =%DM)

Suyra

\/(31@2(33(34 . d (G11 (GZG3G4)) . SGzG3G4 —

1
d(D,(ABC)) S 3

! i%.AB.AC.AD =4a’

:>VGIGZG3GA = E ABCD — 27

&

1
9 27

VABCD

Cau 17. Chotadién ABCD c6 AB=CD=11m, BC = AD =20m, BD = AC =2Im. Tinh thé tich
khéi tr dién ABCD.
A. 360m° B. 720m® C. 770m* D. 340m°

Huéng dan giai
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Dung tam giac MNP sao cho C, B, A
D lan luot 14 trung diém céc canh
MN, MP, NP.

Do BD la duong trung binh tam giéc
MNP nén BD:%MN hay

AC:lMN.
2

Tam giac AMN vuong tai A (do cé
trung tuyén bing mot nira canh
tuong ung), hay AM L AN . Tuong
tu, AP L AN va

AM 1L AP.
. 1
Taco Syge = ZSMNP '

1 1
SNCD :ZSMNP ) SBPD ZZS

MNP *

1 L .. 1
Suy ra Sgep = ZSMNP T do, \Vagep :ZVAMNP :
x* +y? =4.20%
bit x:ﬂ,y:ﬂ,z _ AP Taco y +2°=4.21"
m m m . )
X“+z2° =411
x> =160
suy ra < y* =1440 = % Xyz =1440 =V 5 = %vAMNP =360m’
2° =324
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Céau 18.

1

(AM, AN, AP d6i mot vudng goc nén V,,.» = 5 AM.AN.AP)

[Phwong phap tric nghiém]

Thé tich caa khdi tir dién c6 cac cap canh ddi d6i mot bang nhau twong ung a,b,c 1a

V =§\/(a2 +b? —c?)(a —b? +¢?)(=a’ + b2 +c?)

Cho hinh chép ti gidc S.ABCD c¢6 day 1a vudng; mat bén (SAB) la tam giac déu va nam trong

mit phiang vudng géc véi day. Biét khoang cach tir diém A dén mat phiang (SCD) béing

3\/7761 . Tinh thé tich V cua khéi chép S.ABCD_
3
Av =32 B.V =a’. C.V=2a
2 3

Huwéng dan giai

Goi H 1a trung diém AB, suy ra SH la chiéu
cao khéi chop da cho.

Ki hiéu x 1a do dai canh day.

V3 V3 s

Tacd SH=—x vaV =—X .
2 S.ABCD 6

Ké HK L CD (K eCD):
Ké HL L SK (L € SK).

Suyra HL L (SCD) va
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d(A,(SCD))=d(H,(SCD)) S
L HS-HK :JZX
JHS? +HK? 7
Theo gt, gx=@:>x=a\/§. Suy ra Vg seo =?3x3=?3(a\/§)3=§a3

Cau19. Chotadién S.ABC, M va N la cac diém thuoc cac canh SA va SB sao cho MA=2SM ,
SN =2NB, (e)la mat phang qua MN va song song véi SC. Ki hiéu (H,)va (H,) lacéac
khéi da dién co duoc khi chia khéi ta dign S.ABC bai mat phang («) , trong do, (H,) chia
diém S, (H,) chiadiém A:V, va\V, Iin luot Ia thé tich cta (H,) va (H,). Tinh ti s \%

2

A B.

o~

c.3 p. 4
4 3

N|lo

Huéng dan giai

Ki higu V 1a thé tich khéi ta dien SABC.

Goi P, Q lan luot 14 giao diém cua («) voi cac duong thaing BC, AC.

Group: https://www.facebook.com/groups/tailieutieuhocvathcs/



https://www.facebook.com/groups/tailieutieuhocvathcs/

Truy cap website: hoc360.net dé tai tai liéu dé thi mién phi

Taco NP|MQ | SC . Khi chia khdi (H,)boéi mat phang (QNC), ta duoc hai khdi chop N.SMQC va
N.QPC .

VN.SMQC _ d(N,(SAC)) ) SSMQC .

Ta co: = X
VB.ASC d (B! (SAC)) SSAC

d(N,(SAC)) NS 2.

d(B,(SAC)) BS 3
M:(AM jz_“jsw_fec_?

Sec LAS) 9 s, .. 9
V

Suy ra =M _25_10
Vs asc 39 27

VN.QPC _ d(N ) (QP C)) . SQPC
VS.ABC d (S, (A BC)) SABc

\i SMQC +VN.QPC_10 i f V, 4 Vv, 4
\Y

— =
ase Vsage 27 219 V4V, 9

_VN.
= v,

Cau20.  Cho hinh chép S.ABC co chan dudng cao nim trong tam giac ABC ; cac mit phang (SAB),
(SAC) va (SBC) cuing tao v&i mat phang (ABC) cac gdc bang nhau. Biét AB=25, BC =17,

AC = 26; dudng thang SB tao véi mat day mot goc bang 45°. Tinh thé tich V caa khdi chop
S.ABC.

A.V =680. B.V =408. C.V =578. D.V =600.

Huwéng dan giai
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Goi J la chan duong cao cua hinh chép
S.ABC: H, K va L lan luot 1a hinh chiéu cua J

trén c&c canh AB, BC va CA. Suy ra, SHJ,

SLJ va SKJ lan luot 1a g6c tao boi mat phang
(ABC) véi cac mit phing (SAB), (SBC) va
(SAC). Theo gia thiét, ta ¢co

SHJ =SLJ =SKJ , suy ra cac tam giac vuéng
SJH,SJL va SJK bang nhau. Tu do,

JH = JL = JK . Ma Jnam trong tam giac ABC
nén J 1a tam duodng tron noi tiép tam giac

ABC.

Ap dung cong thicc Hé-rong, ta tinh dugc dién
tich S cua tam giac ABC la S=204.

Ki hiéu p la ntra chu vi tam giac ABC, r la

ban kinh dudng tron noi tiép cuaa ABC. Taco A
r=>-2% 4 pat x=BH=BL,
p 34
y=CL=CK,
z=AH = AK.
X+y=17
Ta c0 hé phuong trinh < x+2z=25.
y+2=26
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Giai ra duoc (X;y;z) =(8;9;17)

JB=+JIH?+BH2 =62 +82 =10.Ta cé SBJ = (SB, (ABC)) = 45°, suy ra SJB Ia tam gi4c vudng
cantai J. SJ =JB=10.

Thé tich V cisa khéi chép S.ABC1a V =%SJ S,qc =680
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