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Bai 7

1.Tacé A(0;0;0), B(a;0;0),D(0;2a;0),C(a; & 0).
Pit SA = x= S(0;0; x)
BD = (—a;2a;0),§f = (a' a: —x) — DB = a\/5, SC = Jx? +2a°;BD.SC = a°

‘SC BD’

SC.BD \/5(x2 +2a?) J_

o X2 +28° =682 & x=2a= S(O;O;Za).

2.Taco CS = (-a-a2a), CD = (-aa0)= CS.CD = 0 = ASCD vuéng tai
C.

Do d6: S\gcp = % CS.CD = %.a 6.a\/§ = azx/g

Nén cosa = ‘oos SC BD)‘

Goi S8 =((SCD),(SAB)). Ta c6 hinh chiéu ciia tam giéc SCD 1én mit phang

S 1 a.2a 1
(SAB) 13 tam gidc SAB nén ta suy ra cos § = —ASAB _ 2

SASCD 82\/5 B \/§

3.Taco E (0; a; 0) . Goi | (X; y; Z) 13 tAm mit cu ngoai tiép hinh chép SBCE
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IB? = |S? (x—a)2+y2+22:x2+y2+(z—23)2
Khidé {/C? =1S% & (x—a)2+(y—a)2+22:x2+y2+(z—23)2
IE? =1S%?  |X°+(y-a +22 =x* + y? + (z-2a)

a
X=—
-2x+4z=3a 2
a a.a
S—X-y+2z=ay=—=>1|=;=:a/|.
2y+4z=3 2 22
—2y+4z=3a s—a

2 2
Bén kinh R=IE=\/(§J +(a—3J + a2 =ﬁ.

4.Taco M(0;0;a). Do ﬁ:%@: N(@;o;@}

5 5

Suyramz @;0;—2 MP = a;%;—a MQ = E;%;—a
3 3 4 55

. 2 2 2 3

[MN,MP}: a.a.a :[MN,MP]Msti;tO nén M, N,P,Q
432 20

khong dong phang.

Vay Vinpa = %‘[MN, MP].MQ‘ _

Bai 8

a
40

Group: https://www.facebook.com/groups/tailieutieuhocvathcs/




Truy cip website: hoc360.net dé tai tai liéu dé thi mién phi

DPit AA'=2x, x>0

1. Tacd A(0;0;0), C(0;a;0),
A'(0;0;2x), C'(0; a; 2x) »
Goi K 1a hinh chiéu ciia B 1én Oy, SN

a\/g X N

BK:AB.sin600=T, / \

Suy ra M(O;a;x):mz(o;a;x), W:(—a—?’;i;—x}

. 2 __ &
= AM.B'M :%—XZ.MQ AM.B'M =0 nén suy ra x:¥

Dodo A' (0 0; ax/_) va B' [623 a,a\/Ej

2

2.Tac6 AN=2AB = N|E3.2..5]

2 4 4
A'P=§A'C':>P(O;@;a\/§J
B'Q=§B'B:>Q(a 3.a 33[} M{Oai]

4 2’2" 4
Suyra AN =| 2¥3.2. 22| AM = O;a;L\E AP=|0:22. a2 |,
4 4 2 3
- aB_a_Sa\/E
AQ: y
2’2" 4

:{ﬁ,ﬁ}:[o; a 6;—32f):[AP,AQ} AN _—%
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3
|AP,AQ|AM =2 V6
3
, 1 _56 3
Do d6 V,, ypo = 6‘[AP,AQ]AN‘— o
1 a6
Vampo :E‘[AP,AQJAM‘: .
13a°\/6

Vay Vauena = Vameo + Vampa =~

Bai 9 ( Ban doc ty vé hinh )

Chon h¢ truc toa d§ Oxyz (hinh v¢), vdi O=A, truc Oz chtta AB, truc Ox
chira duong thing a, truc Oy /b.

bat AB=h, AM =a, va AN =b, (h,a,b>0).

Toa d6 cac diém A(0;0;0), B(0;0; h), M (a;0;0), N(O; b; h).

Vi MN = AM + BN nén Vh2+ a2+ b2 = a+ b 2ab= h.
1. Ta co:

h2
AM BN = a.b:7,

AB(0:0; h), AM(a: 0; 0), AN (0: b; h) = [ﬂs’, W] — (0; ah; 0).
Thé tich khéi t dién ABMN 1a:
1 1 1.3
Vv =—‘ AB, AM .AN‘:—abh:—h .
ABMN 6[ 7 } 6 12 q ,
Vi h = AB khong doi nén tich AM.BN va thé tich khoi tir dién ABMN la
nhitng dai luong khong doi.

2. Goi trung diém ctia AB 13 I(O; 0; gj

Ta co W(—a; b; h), M a; 0; h nén [W W}z —@; E; —ab|.
2 2 2

Khoang cach tir diém | dén duong thing MN la:

d(l, MN) =

‘[MN’ IM}) _|n?b® + h%a% + 4a%b?  |2ab® +2ba® + 4a°b?
‘W‘ 4(a% + b2 + h?) 4(a% + b2 + h?)
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_/a_b_ﬁ_ﬂ
N2 2 2°

Vay duong thaing MN tiép xtc véi mit cdu duong kinh AB.

Bai 10
1. Chon hé truc toa do sao cho:
A(0;0;0); S(0;0;2a), B(a;0;0), D(0;24;0) = C(a;25;0)

Do MD = x=> M (x,2a,0) = SB = (a:0; —2a),SW - (x; 2a;-2a)

= Syspy = %‘[@ SW]’ = a\/x2 _2ax + 632

Xét ham so: f(X)=\/X2—28X+662,X€[0;a].
el X—a
faeert (X)_ \/x2—2<51x+6a2

:a\/ng(a)s f(x)za\/gzaZ\/ESSASBMSaZ\/E.

Véay max S,qgy = a’+\/6 co duockhi M =D

<0 Vxe[O;a]

min Sygpy = a°V5 codugekhi M =C
2. Ta co:
SC= (a:2a;-2a) = [@ST\/I}?C —4a° + 4a° (a-x) —4a3% =433 (a-x)

2 —
= Vo seu - 5B, 505G - 222 g

1 483
Vs acep = §AS.AB.AD -
2
1 2a (a—x) 43 - ]
=V =-V, = = o x==2.Vay DM = <.
C.SMB ~ 3 VS.ABC 3 5 . iy &

Bai 11

1. Vi SA = SB = SC nén hinh chiéu H ciia S 1én mit phang day la tim
duodng tron ngoai ti€p tam gidc ABC nén H e BD . Chon h¢ truc nhu hinh
vé
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Gia st B(b;0;0),C(0;¢0) vdi

b,c>0.

Khi d6 A(0;—c 0), D(-b;0;0) va

b? + & =1.Goi H(h;0;0), ta co:

HB? = HA? = (h—-b)*> = h? + &
b’ - 2b% -1

= h= =
2b 2b

Tacd: SH? = SA2 - AH? =1 -

et

Dodo S

Vs asen = 4Veaso :4;‘[OA 0B |.08|- ‘[OA OB os{
Ma OA = (0,~¢0), OB = (b;0;0) = [OA, OB} — (0;0; bo)
= [04,08] .05 = Tofar? -1
Nén Vg agcp = % oVab? —1 = %\/4c2(4b2 ~1)

2 —_—
Ap dung bdt C6 si ta cé: 4% (4b? 1) < 4c +;1b 1.3

2
J10
2 b=——
Ping thiic xay ra < ¢ +b° =1 = 4
4 =ap? -1 | 6
4
2 2 YV 42 J6
Khido sp2 =2 = ,p| (A1 3 _sp_Y6
2b 4 2 2
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2. Ngoai tiép tir dién déu ABCD bang hinh 14p phuong AB,CD,.C,DA,B.
Chon hé truc toa d0 Oxyz nhu hinh vé.
Toa d6 cac diém

A(\2; 0,0), B(0;2:0), C(00:v/2), D(2iV2:1/2), s(f ; f ; ﬂ

Suy ra

SA \/5; —\/E;—\/E], ﬁ(—é; Q;—QJ,E{—Q: —QQJ
2 2 2 2 2 2 2 25 2
o[£, £,5)
2 2 2
Goi e =(x; y; z) la véc to don vi cua dudong th'fmg A . Khi do:
SA’ =‘é.§\’}, SB' =le.sB|, sc' = é.%‘, SD' = é.sT)‘

Vi X2+ y? + 22 =1 nén 4P = 4(SA* + SB* + SC* + sD'*)

=(—x+y+ z)4 +(x—-y+ z)4 + (X + y—z)4 +(x+y+ z)4

=4+16(x2y2+y222+22x2)£4+%(x2+y2+22)2
7
Hay P < —.
ay <3
DAu dang thire ¢6 khi va chi khi x% = y? = 22 :1<:>|x|:|y|:|z|=£.
3 3

Viy max P = % dat duoc khi A 1a cdc duong thang di qua cac dinh cia ti

dién déu ABCD.
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