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phang (ABCD) nén giao tuyén
ctia hai mat phang d6 S/ vuéng
gbc v6i mat phing (ABCD)
hay la S/ L (ABCD)

1
Vs aBcp = 3 SI.Sagcp

AD(AB + CD)
SABCD = 2

- 332

Goi H 1a hinh chiéu ciia / xudng
BC = BC L (SIH) = SHI =((SBC),(ABCD)) = 60°.
2

a .
7’SAA//3=a

Taco: BC=yAD? + (AB-DC) = a\5; Sype = 2,

3 2
= Spcr = Sasep ~ (Saipc ~ Saasr) = Ea
2S
— |H = ZZAIBC 3a\5 — Sl = [H.tan60° = 3aV15
BC 5 5

1 3a3\/ﬁ

Vay Vs agep = §SI'SABCD T 5

3. Goi / 1atrung diém cua AD.
Tacod Cl = IA=ID=%

suy ra AACD vuong tai C

= CD 1 AC.Ma

SA L (ABCD)= SA L CD nénta

c6 CD 1 SD hay ASCD vuong.
Goi dy; d, lan luot 1a khoang cach
tr B,H dén mp(SCD)

Group: https://www.facebook.com/groups/tailieutieuhocvathcs/




Truy cip website: hoc360.net dé tai tai liéu dé thi mién phi

SA SB__SH SA%? 2

Ta co: ASAB ~ ASHA > = = -
SH SA SB gg?2 3

d
S_H=_2=E:>d =Ed1.
SB d; 3 3

1 1 J238
=

Thé tich khdi tir dién S.BCD : Vgpep =z SA.— AB.BC =

Tacd: SC=vSA2 + AC? =2a,CD =\CI? + ID? =/2a
= Sgcp = % SC.CD =282,
3
3. J2a
—6 =
J242

Vay khoang cach tit H dén mp(SCD) 14 d, =

. 1

wlo Nl

Bai 13
Goi / 1a hinh chiéu vuong goc cta S trén (ABC), A',B",C’
14n luot 14 hinh chiéu cia / trén
BC,CA, AB.

Tir gia thiét suy ra

SA'l =SB'I =SC'| =60°.
Cac tam giac vudng

SIA', SIB', SIC' bang nhau nén
IA'=IB'=IC'= | latim

dudng tron noi ti€p tam gidc

ABC.
Goi p lanua chu vi tam giac
ABC = p = 5a+62a+7a _ 94

Swsc = P(P—BC)(p- AC)(p - AB)
. \/Qa(Qa - 6a)(9a-7a)(9a-5a) = 6./6a>
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Goi r 1a ban kinh dudng tron ndi tiép tam giac ABC, ta cé :

SABC _ 6\/682 _ 2\/68
p 3

9a

2\/_a

= IA"=r

SABC=pr:r=

Tacé: SI = [A'tan60° = 2‘?8\@ — 222

Suyra Vg pc = % SI.S 50 = %2J§a.6J§a - 8/3a°.

Bai 14

1. Ta c6: CA =CB =CD =DA =BD =a nén hinh chiéu H cua C 1én
mit phing (ABD) 1a tim duong tron ngoai tiép tam giac can BAD,
hay H thudc trung tuyén BM.Dién tich tam giac BAD

1 1 X2
S :—BM.AD:—x.JaZ——. C
ABD — o 2 4
2
Tam giac MCB ¢c6MC = MB =4/a2—%,CB:a

2
MB? — BC BC
nén CH = 4 , hay CH =

Vay thé tich khéi tir diénla V = %CH.SABD ST Y
2 2 2 2
Theo bat déng thuc Cauchy ta cé xy3a? —x? < X +(32 x) 3; , hén

8343,,.222 \/6

VS?.Daudangthu’ccokhlx =3a“ - X :>X=7a.

3
A N Ko vr 1o 12 £, 1, d .
Vay thé tich khoi t&r dién 16n nhat 1a ?’ dat duoc khi X =

a.

NE

2. Trong mit phang (DBC),
dung cac duong thang qua cic
dinh va song song vdi canh con
lai cua tam giac BCD, chiing
cat nhau tai M,N,P. Khi d6
B,C,D lan luot 12 trung diém

cua cac doan canh IVIN,NF,FIVI. n/ \O
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Tacod Synp =4Sgcp nén

Vamne =4Vagco-
Vi AD =BC va BC la duong trung binh
cua tam giac NMP nén
AD =DM =DP

Suy ra tam gidc AMP 1a tam gidc vudng tai A.
Tuong tu ciing c6 cac tam giac APN,ANM déu vudng tai A.
Vithé Ve = %AM.AN.AP. Dit AM =x,AN =y,AP =z
Cha y MN? =4DC? =4a® nén ap dung dinh ly Pitago cho cic tam gidc
AMP,APN,ANM tacé

x?+y?=4a® |x®*+y?=4a°

y2+Z2 =4b® o Jy? + 7% =4b?

72 +x? =4¢? x? +y?+7% =2(a® +b% +?)

= x? =2(a® -b? +c?),y? =2(a® + b*® - ?),z* =2(-a® + b® + ?)

Vay Vayne = Q\/(a2 _b? +)@2 + b2 —c?)(—a? + b2 + ), nén

ABCD—12\/(a —b% +?)(@%+b? —c?)(-a® + b? +?).

Pé yrang (a® —b® +c?)(@® + b* —c?)=a* —(b* —c?)* <a’ va hai bat dang thirc
tuong tu khac, ta cé
2
(@ -b*+C )@ +b° —)(-a” +b” + &) [ <a’b’c’

J2

Hay V <—abc.
Y VaBcD 12

Dau dang thiic xay ra khi a =b =c, hay ta dién ABCD 1a tir dién déu.

3. Trong mit phing (DBC), dung cac dudng thing qua cac dinh va song
song v6i canh con lai cua tam gidc BCD ching cit nhau tai M, N, P. Khi
d6 B, C, D lan luot 13 trung diém cua cac doan canh MN, NP, PM .

Taco Syynp =4Spscp 1én Vayne =4V ascp -

Vi AD = BC va BC la duong trung binh cia ANMP nén:
AD = DM = DP

Suy ra tam gidc AMP la tam gidc vuong tai A.

Tuong tu cling c6 cac tam giac APN, ANM déu vudng tai A.
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Vithé V,,np =%AM.AN.AP.Dét AM = x, AN =y, AP = z.

Chiy MN? = 4DC? = 4a%, nén 4p dung dinh Iy Pitago cho c4c tam gidc
AMP, APN, ANM ta cé:

X2+ y? = 4a° X2+ y? = 4a°

Y2+ Z2 =4 oy + 2 = 4b?

2+ X% = 4¢ X+ 2+ 22 =2(a%+b* + A)

= x2=2a%-b> + ), y? =2(a@° +b*> - ), 22 =2(-a% + b* + ?)

Viy Vyynp = Q\/(aZ _ 0P+ R)@? + b? — )82 + b% + P), nén

J_\/ P+ )@ bR - P)-a + bR+ P

ABCD - 12

Bai 15

Goi H 1a hinh chiéu cia S 1én mat day, ta suy ra H 1a tdm duong tron
ngoai tiép tam giac ABC nén H thudc BD.

Group: https://www.facebook.com/groups/tailieutieuhocvathcs/




Truy cip website: hoc360.net dé tai tai liéu dé thi mién phi

_ ... |BD 1 AC
Mat khac
SH 1 AC
cia A 1én mit phang (SBD), ma AS= AB= AD =a= O latim
duong tron ngoai tiép tam giac SBD = ASBD vuéng tai S. Pat SD = x

— AC L (SBD)= O = BD n AC la hinh chiéu

Taco: SH.BD = SB.SD = SH = 5B.5D va S,pep =%AC.BD
A 1 SB.SD 1 1
Nén Vg agep = 3" BD .EAC.BD = 5AB.SD.OA
BD? 2_a2+x2 _3a% - X

Ma OA? = AB? —

a

4 4 4
. 1 [r.2 2

Do dé: VS.ABCD = g.a.x. 3a — x

2 2 2
Ap dung bdt C6 si ta co: X\/3a2 _ X < x° +32 X7 3:

1 3a°> a&°

Suy ra: VS.ABCD < E.a.T - 1 Y

2 2 a\6
2

e X2 =33%-x2 o x=22

. Pang thtic xay ra

a6

2. Ap dung dinh 1i ham s ¢6 sin cho tam gidc SAB ta co:

AB? = SA? + SB2 —2SA.SB.cosa = 2a° (1 _ cosa) — 432 0032%
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= AB = 23003%

BC = Zacosg, CA = Zacosg

Goi H 1a hinh chiéu ciia S 1én
mat phang ddy (ABC),tacé H
1a tam duong tron ngoai tiép tam
giac ABC.

AB.BC.CA

AH ZT, S= SAABC

suyra: SH =\/SA2 — AH?

\/16a282 ~(AB.BC.CAY’
- 4S

Do do:

1 1 780 6 20 28 2V
VSABC:§SH'SAABC:E\/16a S“ —-64a” cos Ecos Ecos 2

Goi p la nura chu vi tam giac ABC, taco: p = a(cos% + Cosg + COS g}

Nén S? = p(p— AB)(p — BC)(p — CA)
B 27 27 B

2 2
4 (04 o
=a COS— +COS— | —COS™ — [[| COS™ — —| COS— — COS —
( 2 2) 2 2 [ 2 2)

*)
3

R a’k .

Vay VSABC = —3 voi

2
k = \/!(cosg + cosﬁl — cos? Z]
2 2 2

3. Vi SA=SB =SD nén hinh chiéu H cua diém S 1én mat phang day 13 tim
duong tron ngoai tiép tam gidc ABD. Ma tir giac ABCD c¢6 cic canh bing nhau
nén do 1a mot hinh thoi, do d6 H € AQ.

2
coszz— cosg—oosﬁ —400322003220032Z
2 2 2 2 2 2
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Ba tam giac SBD,ABD,CBD c¢6 cac
canh tuong Ung biang nhau nén bing
nhau, do d6 «cic trung tuyén
SO,A0,CO biang nhau, suy ra tam giac

SAC vudng tai
S= AC=+SA? +SC? =a? + 2.
Tam giac vuong SAC co6 duong cao

SHnen — = 1

SH SA SC
ax

Ja? +x2

Ta cé OB? + OA? = AB? nén

AC® , a?+x® 3a’-x? 3a% —x?

Y o—at- - = - 7

4 4 4 2

Dién tich d4y cuia khbi chép Spscp =AC.OB = %\/(a2 +x2)(3a% - x?).

= SH =

OB? = AB? -

Thé tich ctia khdi chép S.ABCD 1a V = %SH Sascp = % axy3a% - x2.
Theo bit dang thirc Cauchy ta c6
x? +(3a® - xz)]2

36V? =a’x?*(3a® —x?)<a? {

2
6 6 3

L3ev2< B 2 By 8
4 16 4

Dau dang thirc xay ra khi x? =3a% - x* < x = >

3
Vay gia tri 16n nhat cua thé tich khdi chép SABCD la %, dat duoc khi va chi

o
5

khi x
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