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» Hwéng dan giai:
Tacod S, =S, +S,,, =27Rh+27R* =27R(h+R).

Hinh tru d& cho c6 chiéu cao l1a h = MN = AB =1 va ban kinh day

R= % ~ 1. Do dé diéntich toan phan hinhtry la: 5, = 2z(1+1) = 4z

Cau 33. T mot tAm ton hinh chi¥ nhat kich thwéc 50cm x 240cm, ngudi ta lam cac thung
dwng nwéce hinh tru cé chiéu cao bang 50cm, theo hai cach sau (xem hinh minh hoa dwai day):

- [
-0

- Cach 1: Go tAm tdn ban dau thanh mat xung quanh cua thung.

- C4ch 2: Cét tAm t6n ban dau thanh hai tAm bang nhau, rdi gd méi tAm dé thanh mat xung
quanh ciia mét thung.

Ki hiéu ¥, 1a thé tich clta thung go dwoc theo cach 1 va ¥, la tbng thé tich cta hai thung go

dwoc theo cach 2. Tinh ti s g
2
AL,y B. i 1 ch_ 1 D. iy
V, v, v, 2 v,

» Huwéng dan giéi:
Goi R va r lan lvot 1a ban kinh day ctia méi thung dwng nwéc hinh try dwoc lam theo cach 1
va cach 2.
Goi C, va C, lan lwot Ia chu vi day ctia méi thung dwng nwédc hinh tru dwoc lam theo cach 1 va
cach 2.

C =27R (

Ta co: G R, (vi cat tAm t6n ban d4u thanh hai tAm bang nhau nén C, = 2C,).
C,=2znr C, r

@, ¢ . . \Vi=2Rh v, 1(RY
Thang lam theo ca hai cach déu cé cung chiéu cao # nén ta co: =-L1l=c =2.
V,=2zr'h V, 2
HINH HOC KHONG GIAN cO DIEN
MAT CAU — MAT NON - MAT TRU
VAN DUNG THAP

Cau 34. Tinh ban kinh ctia m&t ciu ngoai tiép hinh t(r dién déu canh « .
A a6 B a6 C av3 D a2
T S S T
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» Hwong dan giai:

Cho t& dién ABCD déu canh «. Goi I 1a trung diém canh BC, G la

a3 a3
2 3

trong tdm clia tam giac ABC . Taco Al =

;AG =

va DG latruc

cla tam giac 4ABC. Trong mp(DAG)ké trung truwc clia DA cat DG tai
O thi OD=04=0B=0C nén O chinh |a tdm m&t ciu ngoai tiép t&
dién ABCD.Ban kinh R ctia mat cAu bang do dai doan OD .

Trong tam giac ADG vudng tai G, ta co:

2
2
DA> = DG + GA* = DG* = DA* - GA* = & —(#] = 6;’
= DG = a6 .
3
Mat khac do to giac AGOI noi tiép nén ta co:
2
DJ.DA=DO.DG = DO =24 — p—po-C
2DG 4
Cau 35. Tinh ban kinh cia mat cau ngoai tiép hinh chép tam giac déu S.4BC , biét cac canh
day c6 do dai bang a, canh bén S4 = a3 .
3a\/g 3a\/§ ax/g 2a\/§
A. . B. . L —_— D. .
8 22 8 V2

» Huwéng dan giai:
Goi H |4 tam cua tam giac déu ABC, ta cd SH 1 (ABC) nén SH la

95

truc clia tam giac ABC. Goi M la trung diém ctia S4, trong mp (S4H)
ké trung trwc clia S4 cat SH tai O thi OS =04 =0B=0C nén O
chinh la tam mat cau ngoai tiép hinh chép S.4BC . Ban kinh mét cu la

PR CAR =

R=S0. 4 S ——
{ s
Vi hai tam giac SMO va SHA dong dang nén ta co S0 _ &.
S4  SH
2 B
Suyra R =SO - SM.SA _ SA* _ 3a£_
SH 2SH 8
Cau 36. Tinh ban kinh cGia mét cau ngoai tiép hinh chép tl giac déu c6 canh day bang «,
canh bén bang 2a.
A 2aﬂ. B. 2a\/7. C. Za\ﬁ. D. Za\/i.
7 2 32 7

» Huwéng dan gidi:
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Cho hinh chép t& giac déu S.ABCD . Goi H |atam day thi SH 13 truc cGa hinh vudng 4BCD
. Goi M latrung diém cta SD, trong mp (SDH) ké trung trwc cla s
doan SD cat SH tai O thi OS =04 =0B=0C =0D nén O chinh
| tdm clia mat cau ngoai tiép hinh chop S.4BCD . Ban kinh mat
caula R=50.

2
Ta c6 ASMO o ASHD = 52 =M _ p_ g0 3DSM _ 5D"
SD SH  2SH
2 2
V&I SH? = SD* — HD® =4a® = =19 — s = “*ﬁ.
2 2 2
2
Vay R = SD :2aﬂ_
28H 7
Cau 37. Cho hinh chép S.4BC c6 day ABC la tam giac déu canh bang 1, mat bén S4B 13

tam giac déu va nam trong mat phang vudng goéc véi mat phang day. Tinh thé tich V cta khéi
cau ngoai tiép hinh chop da cho.

A.V:NE”. B.V:S‘/E”. C.V=4\/§7r. D. ="
54 18 27 3

» Hwéng dan giai:
Goi M latrung diém cia 4B thi SM L 4B (vi tam giac S4B
deéu). Mat khac do (S4B) L (4BC) nén SM L (ABC).
Twong tw: CM L (SAB).
Goi G va K lan lwot 1a tam cla cac tam giac ABC va SAB.
Trong mat phang (SMC), ké duong thdng Gx//SM va ké
duwong thdng Ky//SM . Goi O = Gx N Ky, thi ta co:
{OG 1 (S4B)

OK L (4BC)
Suy ra OG, OK lan luot la truc cha tam giac 4BC va SAB.
Do dé ta c6: 04 =0B =0C =0D =0S hay O chinh la tm mét ciu ngoai tiép hinh chép S.4BC

T gidc OKMN la hinh chir nhat c6 MK = MG = g nén OKMN la hinh vuéng. Do do
OK :ﬁ_
6
Mat khac SK :g . Xét tam gidc SKO vubng tai K c6 OS =+OK* + SK* = ‘/%+% :g.

Group: https://www.facebook.com/groups/tailieutieuhocvathcs/




Suy ra ban kinh mét cdu cAn timla R =0S = . Vay thé tich khéi ciu can tim la:

NE
6

V=—xR ==r.

4 4 [EI s\isz

3 6 54
Cau 38. M6t hinh lang tru tam giac déu cé canh day bang a, canh bén bang 2a. Tinh ban
kinh mat cau ngoai tiép hinh lang tru d6.
p 23 g, V12 c. 3O p. 42
3 6 6 3
» Hwong dan giai:
Cho lang tru tam giac déu ABC.4'B'C"'. Goi G,G' lan lwot 1a tam cla Fs = “

hai day ABC va A'B'C'. Tacd GG' chinh la truc clia cac tam giac 4ABC

va A'B'C"'. 2

Goi O la trung diém cla GG' thi O cach déu 6 dinh cla hinh lang tru nén ’

la tdm cla mat cau ngoai tiép hinh lang tru. Ban kinh mat caula R =04. P e
Xét tam giac OAG vuébng tai G, ta co: ’ /

2
04=AG" + GO = ‘/%+a2 _ 203 a0 ban kinh mét cAu can tim 13

ES

3
R= 2“*/5.
3
Cau 39. Cho hinh try c6 ban kinh day l1a R, thiét dién qua truc 1a mot hinh vuédng. Tinh thé
tich khéi lang tru t giac déu ndi tiép trong hinh tru da cho theo R.
A. 4R°. B. 242R°. C. 4J2R’. D. 8R’.

= Hwéng dan giai:

Gia sir ABCD.A'B'C' D' lalang tru ti giac déu noi tiép trong hinh try thi
BDD'B' 1a thiét dién qua truc cta hinh try da cho nén BD = BB'=2R va
canh day hinh Iang tru 1a Rv/2 . Do d6 thé tich khdi lang try
ABCD.A'B'C'D' la

- (R\/E)Z 2R =4R’.

Cau 40. Cho hinh tru c6 ban kinh day 1a 4 cm, mét mat phang khéng vudng géc véi day va
cat hai mat day theo hai day cung song song AB, A'B' ma AB = A'B' = 6cm (hinh v&). Biét dién
tich t& giac ABB' A' bang 60 cm?2. Tinh chiéu cao cua hinh tru da cho.

A. 6+/2 cm. B. 43 cm. C. 82 cm. D. 5J3cm.

» Hwong dan giai:

Dwng duwong sinh B'C va A4'D,tacotw giac A'B'CD la hinh chir nhat nén CD//A'B' va
CD=A'B'=6cm.Vay CD//AB va CD = AB = 6cm. Do do t& giac ABCD la hinh binh hanh va
noi tiép dwoc nén la hinh chir nhat. Tr d6 4B L BC, mat khac 4B 1L B'C nén
AB 1 (BCB'"Y= AB 1 BB'
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Vay ABB'C' la hinh binh hanh cé mdt géc vuéng nén la hinh chir B

Taco S, . = AB.BB' nén BB':%: 10cm . Xét tam giac BB'C vudng

tai C c6 B'C* = BB”-BC* ma BC’ = AC* — AB> = 64—36=28 nén
B'C*=100-28=72=B'C=62cm. AN

Vay chiéu cao hinh try 13 632 cm .

Cau 41. Cho hinh try tron xoay cé hai day 1a hai hinh tron (O;R) va (O R). Ton tai day
cung AB thudc duong tron (O) sao cho AO' 4B la tam giac déu va mét phang (O' AB) hop Voi
mat phang chira dwdng tron (0O) mét géc 60°. Khi do, dién tich xung quanh S, hinh tru va thé

tich ' cta khéi tru twong tng la:

2 3 2 3
A.Sx:6ﬁRﬁ;V:3ﬁRﬁ. B.Sx:6ﬂRﬁ;V=3ﬂR\ﬁ.
g 7 7 4 7 7

2 3 2 3
C. qu=6”]e7*ﬁ;1/=3”R7‘ﬁ. D. qu=6”R7‘ﬁ;V=3”R7‘ﬁ.

» Hwéng dan giai:
* Taco: 00' L (04B). GoiH la trung diém clia ABthiOH 1 AB, O'H 1 AB = OHO'=60".
* Gid st OH = x. Khi d6: 0< x <RVA0O' = xtan 60" = x+/3 . /—\
* XétAOAH ,taco: AH® =R> —x*. ﬁ(i
* Vi AO'ABd&unén: O' A= AB=24H = 2R’ - x* (1), |

* Mat khac, AAOO'vudng taiOnén:

40" =00"+R* =3x + R* (2). I
i IJ LO_-_‘H,//,
or)=a R e 2 S
Tw(l)’(z):>4(R —X ):3)6 + R = x" = ; . A]/
3h=00'=x«/_=_3R7‘/7_
* Vay, néu ki hiéu S 1a dién tich xung quanh vay la thé tich cta hinh try thi, ta co:
: 3
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Cau 42. Cho mét hinh tru tron xoay va hinh vuéng ABCD canh a ¢6 hai dinh lién tiép 4, B nam
trén dwong tron day thir nhat cta hinh tru, hai dinh con lai ndm trén dwdng tron day thir hai cla
hinh tru. Mt phdng (4BCD) tao vé&i day hinh tru géc45°. Dién tich xung quanh S, hinh tru va
thé tich ¥ cha khdi tru 1a:

_ ﬁazx/g.V_ 3\/5a3

_ ﬁaZ\/E_V B 3\/5a3

A S, . B. S,
E 2 16 M 3 32
ra*\3 3J34° ra*3 3J24°
C.S§, = 2 V= T D. S, = 3 V= e

» Huwéng dan giai:
* Goi M, N theo thi tw 1a trung diém clia 4B vaCD . Khi dé: OM L AB vaO'N L DC.
Gia st |a giao diém cia MN va0O0'. Pat R =04, h=00".

* Trong AIOM vudng can tai/ nén: OM =OI :%IM.

h N2 a 2
>—=——.—-—Sh=—a

2 2 2 2
*Taco: R* =04> + AM* + MO?

aY (a2 ’ a’ a* 3a°

2 4 4 8 8

2 2 3
=S =27Rh=21% 3.“*52”“ *E;V:,,th:,,&_“ﬁjﬁa _
! 2427 2 2 8 2 16

Cau 43. Cho hinh tru cé thiét dién qua truc 1a hinh vuéng 4BCD canh 23cm vOi AB la

duong kinh cla dwong tron day tam 0. Goi M 1a diém thudc cung 4B sao cho ABM = 60°. Khi
do, thé tich ¥ cta khéi tw dién ACDM a:

A.V =3(cm’). B. V:2\/§(cm3). C.V=6(cm’). D. V:6x/§(cm3).
» Huwéng dan giai:
Tacd: BM L AD,BM 1 AM = BM L (ADM) » .
BC//AD => BC//(ADM) ' oL
= d[C,(ADM)] = d[B,(ADM)] = BM * E ; /]
V= %.BM.SMDM = é.BM AM .AD (1). A’—’!ﬁ--e _______ .

Vi AOBM d&u = BM =3 = AM =~ AB* - BM* =3 (cm)

)=V = é.ﬁs.zﬁ =3(cm’).
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Cau 44. M6t hinh nén c6 chiéu cao 4 =20 cm, ban kinh day » = 25cm. M6t thiét dién di qua
dinh c6 khodng cach tir tdm ctia day dén mat phang chira thiét dién la 12cm. Tinh dién tich thiét
dién do.

A. 500cm2, B. 5002 cm2. C. 4502 cm2. D. 125v/34 cm2.
» Huwéng dan giai:
Tinh dién tich thiét dién S,

+Taco S, = %AB.SI = %2IA.SI = IA.ST
+ Xét tam giac vuéng SOI , ta co:

1 1 1 1 1 1

= + =>—=—+—=0[ =15 (cm).

OH®> oI’ 0Ss* 12° oI 20 (cm)
+ Mat khac, xét tam giac vuéng SOI thi:
_O1.0S _20.15 _ 25 (cm).
OH 12

+ Trong tam giac vuéng AI0, ta co:

01.0§ = S1.OH = SI

14=oA4 - 01> =25 —15 =20 (cm).

+ T dosuyra: Sy, = [4.S =20.25=500 (cm?).

Cau 45. Cho hinh lap phuvong ABCD.A’B’C’D’ ¢6 canh la a . Hay tinh dién tich xung quanh
S, va thé tich ' cha khéi nén co dinh la tam O cua hinh vuéng 4BCD va day la hinh tron noi

tiép hinh vuéng 4’B’C’D’ .

2 3 2 3
A Sx:ﬂa\/g;V:ﬂa . B.Srzﬂa \/g;Vzﬂa .
T2 12 o4 4
72'612\/5 ra’ 2 ra’
C_ qu = 2 ,V: 6 , D qu =7wa \/g;V:T
» Huwéng dan gidi: 2 c

K: , P M . . , , a
Khoi ndn co6 chiéu cao bang a va ban kinh day r = 5 )

Dién tich xung quanh khoi noén la / N
4 pALL ——P——-/C
2 5 T \
qu = ﬂ'l/'l =7r.a. a2 + (gj = ra \/g (dth) /{f-:‘—ﬁ__‘ P
2 2 all -l —A%
2 .. , I 1 1 1 (aY ra’
The tichctakhdinonla: V=—Bh=—zr'h==z|—| a= (avtt)
3 3 3 \2 12
Cau 46. Thiét dién di qua truc cGa hinh nén dinh S 1a mét tam giac vuéng can cé canh canh

huyén bang a+/2 . K& day cung BC clia dwéng tron day hinh nén, sao cho mp (SBC) tao véi mét

phéng chira day hinh nén mét géc 60°. Dién tich tam giac SBC tinh theo a la:
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2 2 2 2
a2 g 42 c. “¥3 p. “Y6
3 6 2 3
» Hwong dan giai:

A.

+ Do thiét dién di qua truc 1a tam giac AS4B vudng can tai dinh S, ¢é canh huyén 4B = a2 nén
a2

suy ra ban kinh day hinh noén la » = ; dwdng sinh hinh non [/ = S4 = SB = a ; dwdng cao hinh

a2

nén 4 =S0 = .
2

+ Goi 7 latrung diém BC thi OI 1L BC (1)
.. |BC Lol
Ta lai co: = BC 1 (SOI)= BC L SI (2)
BC 1 SO

Goi () la mat phéng chira day thi (a) " (SBC) = BC (3)
T (1), (2) va (3) suy ra ((«),(SBC)) = (SI,0I) = SIO = 60".

a2

Xét tam giac SOI vubng tai O, ta co: SI = SO _ gl a\/g.

sinSI0 3 3

2
2
Xét tam giac SIB wvubng tai I, ta co: IB=+SB*-SI’ = |d’ —[a\fj = a\f
— BC=2IB = 20’3‘/5.
2
Dién tich thiét dien SBC Ia: 5., = Lspc=LaV 203 _ a2 gy
2 2 3 3 3
Cau 47. Cho hinh nén tron xoay cé dinh la S, O la tam cua duwdng tron day, dwong sinh

bing a~/2 va gbc gitra dwdng sinh va mat phang day béng 60°. Goi 7 1a mét diém trén dwong
cao SO cla hinh nén sao cho ti s6 % :%. Khi do, dién tich cla thiét dién qua 7 va vudng géc

v@i truc clia hinh non la:

7[612 71'612 C 72'612\/5 7[612
18 9 18 36

= Hwéng dan giai:

Goi 4 1a mét diém thudc dwong tron day hinh nén. Thiét dién qua 7 va

vudng goéc v&i truc cta hinh nén la mét hinh trén ¢cé ban kinh nhw hinh

vé. Goi dién tich nay la S, . Theo gia thiét ta c6 dwdng sinh S4 = a2

va goc gitka dwérng sinh va méat phdng day 1a S40 = 60°. Trong tam giac

a2

vubng SA0 c6 OA = SAcos 60’ ==
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2
) ax/E ra’
Dﬂzﬁlezﬂ.OA:laﬁ:—aﬁ Std:”[B :ﬂ-'[ 6 j = 18
Taco ASIB» ASO4A SO 04 SO 3 2 6 = )
Cau 48. Cho hinh nén dinh S vé&i day 1a dwéng tron tdm O ban kinh R. Goi 7 1a moét diém

ndm trén mat phang day sao cho OI = R/3 . Gia str 4 1a diém ndm trén dudng tron (O;R) sao
cho 04 1 OI . Biét rang tam giac S4I vudng can tai S . Khi d6, dién tich xung quanh S cua hinh

non va thé tich ¥ cta khoi non la:

3 3

A. qu :ﬂRZ\/E;V = 7[:]: . B. qu =27R*:V = 27R .
2 3

C. qu=ﬁR2\/§;V=7ZR3- D. qu:ﬂRz;szzR )

» Hwéng dan giai:

+ Xét tam giac 40! vudbng tai O, co:

IA =04 +0I’ =R* +3R> =4R* = I4=2R

+ Do tam giac S4I vudng cantai S nén ta co:

IA=SA\/§:SA=ﬁ £=R\/§.

NPNG)

+ Xét tam giac SOA4 vudng tai O, ta cé:
SO =S4 —04> =\2R* —R* =R.
+ Dién tich xung quanh cta hinh nén la: S, = zRI = ZR.R\2 = 7R*\2 (dvdt).

_ 7R’
3

Cau 49. Mbt hinh nén dinh S ¢6 ban kinh day bing a+/3, géc & dinh 1a 120°. Thiét dién qua
dinh cdia hinh nén l1a mot tam giac. Dién tich Ion nhat S

+ Thé tich cdia khéi nén twong tng la: 7 = %Bh - %nth - %;;RZR (dvtt).

cUa thiét dién dé Ia bao nhiéu ?

X

2
A S =2a’. B.S. =da\2. C. S =4d’. D. s, =24

max max 8 .
» Hwong dan giai:
Gia st O la tam day va 4B |a mot dwong kinh clia dwdng tron day hinh non. Thiét dién qua dinh
cta hinh nén la tam giac can SAM . Theo gia thiét hinh nén cé ban kinh day R = 04 = a~/3cm,
ASB=120" nén ASO=60°. Xét tam giac SO4 wvubng tai O, ta co:
04 04

sin600 =§:> SA =

=——=2q.
sin 60°
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Dién tich thiét dién Ia: S, = %SA.SM. sin ASM = %2a.2a. sin ASM = 2a* sin ASM

Do 0<sinASM <1 nén S,,, &n nhat khi va chi khi
sin ASM =1 hay khi tam giac 4SM vubdng can tai dinh §
(Vi ASB =120° >90° nén tdn tai tam giac ASM thda man).
Vay dién tich thiét dién I&n nhétla: S, = 24> (dvit).

B &

VAN DUNG CAO

Cau 50. Ban kinh » cia mat cau noi tiép t dién déu canh «a 1a
A.rza\/g. B.rza\/g. C.r:a\/g. D.r:a\/g.
12 8 6 4

» Hwong dan giai:
Goi O la tam mat cau noi tiép tir dién déu 4BCD canh a.
a*\2
1
Mét khéc’ ta Ial CO’ VABCD = VO.ABC + VO‘ACD + VO.BCD + VO.ABD (*)

Ta tinh dwoc thé tich khéi t dién déu la V., =

2
M&i hinh t& dién dinh O d&u cé chidu cao r va dién tich day la & f
P a*\2 1 a*3 NG
Do do, tww (*) tasuyra: V,,., :T=4.§r. 7 :r:?.
Cau 51. Chiéu cao clia khéi tru c6 thé tich I&n nhat noi tiép trong hinh cau c6 ban kinh R 1a
A.#. B.RT‘/? C.#. D. R\3.

» Huwdéng dan giai:

Gia st 2x la chiéu cao hinh tru (0 < x < R) (xem hinh vé)
Ban kinh cta khéi tru 1a » =+ R? — x* . Thé tich khéi tru la:
V =x(R*=x*)2x. Xétham sb V(x) = 7(R* = x*)2x, 0< x <R

Taco V'(x)=27x(R*-3x*)=0=x :RT\E .
Bang bién thién:
0 R3
X 3
R
V'(x) + 0 -
3
V(x) 47R*\3
/ 9
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0
0
. A ek e al s i 2R3
Dwa vao BBT, ta thay thé tich khéi tru I&n nhat khi chiéu cao cua khoi tru la 3
y o ATRN3
9
Cau 52. Cho hinh nén cé chiéu cao % . Tinh chiéu cao x cda khdi tru cé thé tich I&n nhéat
ndi tiép trong hinh noén theo 7.
A.xzﬁ. B.x=ﬁ. C.x=%. D.x=i.
3 2 3 NE)

» Hwong dan giai:

Goi », R theo tht tw 1a ban kinh day hinh nén va khéi tru can tim. O 1a dinh cGa hinh nén, I 1a
tdm cha day hinh nén, J la tdm cla day hinh tru va khac 7. 04 la mét dwdng sinh cta hinh
nén, B la diém chung clia 04 véi khéi tru. Ta co:

r h-x
Rk

R
=>r=—(h-x).
r=_(h-x)

2

Thé tich khi tru 1: ¥ = 7xR® = ﬂx;f—z(h AW

2
Xét ham sb ¥(x) :ﬁxf—z(h—x)z, O<x<h.

2

Taco V'(x):ﬂf—z(h—x)(h—3x):0<:>x=% hay x = h.

Bang bién thién:

0 h
x 3
h
47 R*h
Vi / > \
(x) 0
0
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Cau 53. Cho hinh nén dinh O, chiéu cao la /. Mat khdi ndn khac co dinh la tam cla day va
c6 day la 1a mét thiét dién song song v&i day ctia hinh nén dinh O da cho (hinh vé). Tinh chiéu
cao x cla khdi non nay dé thé tich ctia né I&n nhét, biét 0 < x < h.

TN B. x=h3. c.x=22. N
3 : 3
» Hwong dan giai:
T hinhvetace B _h-x . RG-x)
u_ol —

2
Thé tich khéi nén can tim la: 7 =%7z§—2(h ~xx.
’ \ X 1 R2 2
Xét ham so V(x):gﬁh—z(h—x) x,0<x<h.

2
Taco V'(x)z%ﬂi—z(h—x)(h—3x):0<:>x:h hay xz%.

Bang bién thién:

0 h
X 3
h
+ 0 -
V'
(x) 0
ArR*h
&1
Vx / \
(x) 0
0

Dwa vao BBT, ta thdy thé tich khéi nén can tim I&n nhét khi chiéu cao cia né 1a x :g;

2
_e A7 R°h
81
Cau 54. Cho mét hinh nén cé ban kinh day la R, chiéu cao la 2R, ngoai tiép mot hinh cau

S(0;r) . Khi d6, thé tich cia khdi tru ngoai tiép hinh cdu S(0;r) 1a

3 3 3 3
A 167 R B 47 R 167 R D 4R

(1+\B)3' Tl (\6—1)3' ENE
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» Hwéng dan giai:
Gia st hinh nén cé dinh O va dwdng kinh day la 4B .

Tacd O4=0B=+R*+(2R)* =R/S .

2R
Tam giac OAB cé diéntich la S =2R?, / .
o
chu vi la 2p=2R(1+~/5). Do @ ban kinh khdi cau S(O;r) la /K \
S 2R 4 R B
- p - 1+\/§ '
3
Thé tich khéi tru can tim 18: ¥, = 2k = 270 = 1 O7R |
(1 + \/g)
Cau 55. Trong s6 cac hinh tru cé dién tich toan phan déu bang S thi ban kinh R va chiéu

cao h cla khéi tru co thé tich I&n nhéat Ia:

AR= |3 2|5 B.R=.|> = /i_
6 6r 4 4z

C.R= 2 n=4)2 D. R= ]S =t |5
RY/4 RY/4 2 2\ 27

» Huwéng dan giai:
Goi thé tich khéi tru la ¥, dién tich toan phan cta hinh tru la S.
Taco: S=85,,, +S, =27R* +27zRh. Tl d6 suy ra:

Cauchy 2 2 3 3
S rRimmeSops L ope LV > 33}41/2 hay 27 d S(Sj N
T

2

2z 2r 7R 27R  27zR — 477 \on 54z
3 2
Vay v, = S .Déuuf,xéyra@RzzL:nRh:R_h hay h =2R.
S4rx 27R  2zR 2

Khi do S:67rR2:R:,/i va h:2R:2,/i.
6r 6r

HINH HOC KHONG GIAN cO DIEN
MAT CAU — MAT NON - MAT TRU
BAI TAP TRAC NGHIEM TU REN LUYEN (CO HUONG DAN)
Cau 1: Thiét dién qua truc ctia mét hinh noén tron xoay la mét tam giac vudng can co dién tich
bang 2a*. Khi d6 thé tich cia khdi nén bang:

3 3 3 3
A, 2[23”“ B. ”;’ C. 4‘53”“ D. *5;’“

Hwéng dan giai

Ta co: Szélzz2a2:>l=2a
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Dung dinh ly Pitago cho tam giéc thiét dién ta duwgc dwdng kinh dwéng tron day

d=2a\2=r=a\2
3
vay V=%Bh:l,[r2\/127=2\/57m |

3 3

Cau 2: Cho hinh 1ap phuwong ABCD.A'B'C'D' ¢6 canh bang a. Goi S |a dién tich xung quanh cta
hinh tru c6 hai dwéng tron day 1an lwot ngoai tiép cac hinh vudng ABDC va A'B'C'D'. Khi d6 S
bang:

2 2
A. S =ra*\2 B. S =xd’ C. S= 7m2«/§ D. S= 7m4«/§
Hwéng dan giai
+) Bay la hinh vuéng canh a = dwéng chéo bang AC = a2 = ban kinh dwéng tron ngoai tiép

a

day r =

2
-
+) Pwong sinh | bang canh cha hinh lap phuwong =1 =a
+)Vay S, =2zrl = za’\J2 = Chon A.

Cau 3: M6t hinh 1ap phwong cé dién tich mat chéo bang a2 . Goi V la thé tich khdi ciu va S 1a
dién tich m&t ciu ngoai tiép hinh lap phwong naéi trén. Khi d6 tich S/ bang:

2.5 2.5
A sy N3rd B, sy Y37
2 2
2.5 2.5
C. sy =74 D. S.V:m
2 2
Hwéng dan giai
+)Pat AB=x= BD=x2
5. 2 a\/§
+)Taco: Sy, =a V2=xx2=>x=a=BD'=a3=>R= 5
3
+) Khi d6 ta co: V=%7ZR3 =”“Tﬁ va S =4zR? = 314>
2 5
+) Vay SV:M% — Chon A,

Cau 4: Cho hinh hdp chi? nhat ABCD.A'B'C'D' ¢6 4B =a, BC =a~/3, AA' = a~/5. Goi V 1a thé
tich hinh non sinh ra khi quay tam giac AA'C quanh truc AA'. Khi d6 V bang:

3 3
A.V=4”‘“/g B.V:”a‘/g

3

3 3
C.V:27[a3\/§ D. V:47za5\/§

Hwéng dan giai.

Tacd: r=AC =+ AB*> + BC* =2a



Truy cAp website: hoc360.net dé tai tai liéu dé thi mién phi

47ra3\/§

Vay: V = lBh = lm”ZAA' =
3 3 3

Cau 5: M6t hinh tru c6 dién tich xung quanh béng 47 va co thiét dién qua truc la mét hinh vudng.
Khi d6 thé tich khéi tru twong (rng bang:
A. 2r B. 4r C. % D. z
Hwéng dan giai
+) Theo dé ta co: S, =4r = 271l =4x = rl =2(*)

+) Thiét dién qua truc |a hinh vuéng = r = é Thay vao (*) ta dwoc: [=2=r=1
+)Vay V = zr’l =27 = Chon A.

Cau 6: Ti s6 thé tich cta khéi 1ap phwong va khéi cau ngoai tiép khéi 1ap phwong dé bang:
A 23 g 23 c. 3 p. Y6
kY4 V4 R4 kY4
Hwéng dan giai
+) Thé tich khéi lap phwong V =4’ .
+) D&t AB = a= AC = a2 = A'C = a3 = Ban kinh mat cau ngoai tiép khéi lap phwong la

3
R = a\/g :> VCdu :iﬂ'R3 :L\/g (**)_
2 3 2
Vi,
T (*) va (**) suy ra: ldp phuong _ 2\/5 — Chon A
cau 3z

Cau 7: Mét hinh nén c6 duéng sinh hop véi day mét goc o va do dai dwdng sinh bang /. Khi d6
dién tich toan phan cla hinh nén bang:

A. S, = 27l cos . cosz% B. S, =2n I? cosa. sinzg
C. S, =xl’cosa. coszg D. S, = l7[12 cos a. coszg

Hwéng dan giai

, . T
+) Ta co: 7=c0sa:>r=lcosa

+) Spp =Syp + S, = wrl+ zr’ = zl’ cosa + 7l’ cos” a = xl* cos a(1+ cos @) = 2z1* cos & cos’

(SN

+) Vay chon A.
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Cau 8: Cho l&ng tru déu c6 tat ca cac canh déu bang a. Goi V 1 thé tich hinh tru ngoai tiép khoi
lang tru noi trén. Khi d6 V bang:

72'623 7[6!3\/3

3 3
B J = =37m \/g . wa

2 6

AV = C.v

Hwéng dan giai
+) Goi |, G lan lwot |4 trung diém BC va trong tdm tam giac ABC.

+)Tamg|éCABCdéU 3/1[:#:14(;:%.0\2/5:(1;/5:}’

+)[=a.

3
wa

+)Vay V = zr’l =

= Chon A.

Cau 9: Cho hinh chép tam giac déu S.ABC c6 canh day bang a va canh bén béng #. Khéng
dinh nao sau day sai?

A. Khéng c6 mét ciu ngoai tiép S.ABC.

B. Mat cau ngoai tiép khdi chép co tam la trong tam tam giac ABC.

C. Mat cau ngoai tiép khéi chop co tam 1a tryc tam tam giac ABC.

D. Mat cau ngoai tiép khdi chép cé ban kinh R = %
Cau 10: M6t hinh nén c6 ban kinh dwong tron day bang a. Thiét dién qua truc clia hinh nén la
mot tam giac ¢ goéc & dinh bang 120°. Goi V la thé tich khdi nén. Khi d6 V bang:

3 3 3 3
Ay B. 743 c.v="2 D.v="2
9 3 6 3
Hwéng dan giai
+)r=a
+) Goc & dinh = 120° = h =—9__=4¥3
tan 60 3
3
+)V =%S9.h =%m2h = ”"9*/5 — Chon A.

Cau 11: Trong khong gian cho hinh vuéng ABCD canh a. Goi | va H 1an Iwot 1a trung diém cla

cac canh AB va CD. Khi quay hinh vuéng dé xung quanh truc IH ta dwgc mét hinh tru tron

xoay.Khi d6 thé tich khéi tru twong (rng bang:

ra’ B ra’ C. dra’ D. ra’\2

4 12 3 4
Hwéng dan giai

A.

+) Ta co: rz%vdlza

w

)V =Bh=nr*l = ”Z
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Cau 12: Cho twr dién S.ABC co6 day ABC la tam giac vudng tai B voi AB = 3a, BC = 4a, SA
1 (4BC), canh bén SC tao v&i day goc 60°. Khi do thé tich khdi ciu ngoai tiép S.ABC la:
3 3 3 3
_ 500zza B V- 50ra Cy- Sra Dy 7
3 3 3 3
Hwéng dan giai

ATV

+) Ta c6: ASAC vubng tai S(*).
{BC 1 4B
+)

= BC 1 (S4AB) = BC L SB = ASBC vubng tai B(**)
BC 1 54

+) Tl (*) va (**) = Tam mét cau ngoai tiép khdi chép S.ABC la trung diém doan SC.
+) Ta c6: AC =+ AB*> + BC? = Sa.Md%z cos 60° =%:> SC =2AC =10a = R =%=5a

3
+)Vay ¥ :§”R3 _ 5007a

= Chon A.

Cau 13: Cho hinh lang tru t&r giac déu ABCD.A'B'C’'D’ ¢6 canh day bang a, chiéu cao 2a. Biét
rang O’ 1a tam cGia A'B'C’'D’ va (C) la dwdng tron ndi tiép day ABCD. Dién tich xung quanh cla
hinh nén cé dinh O’ va day (C).

2 2 2 2
A S, =4 B. 5, = c s, == D.s, - V2
X 2 xq 2 xq 2 xq 2

Hwéng dan giai
+) ABCD.A'B'C'D' 1a lang tru t&r giac déu = day ABCD la hinh vuéng. Khi d6 ban kinh dwéng

tron ngoai tiép day la r = Az_C = av2 .

2
2
+)Budng sinh [ =0'4=yA44"+ 4'0? =\/E:3af.

- aN2 3a\2 _3zad’
. . - 2

= Chon A.
2 2

+)Vay S, =zl =
Cau 14: M6t hinh tru c6 hai day 1a hai dwéng tron noi tiép hai mét ctia mét hinh l1ap phwong ¢
canh bang 1. Thé tich cta khéi tru d6 bang:
A Z B. Z c.z D. x
4 3 2
Hwéng dan giai
+) Ta cé:Duwdng tron day noi tiép hinh vudng canh bang 1 = ban kinh » :%

+) D6 dai dwong sinh = d6 dai canh cla hinh [ap phwong = /=1
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2
+) Vay Vzﬁrzlziz(%) .1=%:>Chon A.

Cau 15: Cho tt dién S.ABC c6 3 dworng thang SA, SB, SC vudng géc véi nhau tirng doi mot, SA
= 3, SB = 4, SC = 5. Dién tich mat cau ngoai tiép S.ABC bang:

A. 50z B. 257 C. 75x D. 1007

Hwéng dan giai

+) Tam giac SBC vuéng tai S nén ti trung diém | cGia canh BC ta vé dwdng thang (d) vuéng
géc véi (SBC) (ttre 1a d // SA), khi d6 d chinh la truc dwéng tron ngoai tiép tam giac SBC.
+) Trong mp duwoc xac dinh bdi 2 dworng thang song song d va SA ta dwng dwéng trung truc
cla SA cat d tai J. Khi d6 J chinh la tm mét ciu ngoai tiép SABC = SJ 1a ban kinh.

2 2 2
+) 8J = S[M(Ej _ B _52
2 4 2
50

+ S =47R* =47ZT=507Z = Chon A

Cau 16: Thé tich khdi I&ng tru t&r giac déu ndi tiép trong hinh tru cé chiéu cao h va ban kinh
dwdng tron day R bang:

A. 2R*h B. Rk C. 2R D.

Hwéng dan giai
+) Ta co: V,py =S pep-AA'= AB>.00"' = AB*h (*)
+) Tinh AB: Ta c6 tam giac OAB vuéng can tai O nén AB = 04+/2 = R\2
+ Thay vao (*) ta dwoc: V =2R%h.



