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V = %.SH.SABCD = %.r. cot ¢.tan 2¢.(2r. cot q0)2 = %r3.cot3 @.tan 2¢.

Mat khac Vzlr.St nén S :ﬂ:4r2.cot3(p.tan2¢:4r2.f((p).
3 P P r

Vi r khong ddi nén S, nho nhét khi f(g) = cot3 .tan 2¢ nhé nhét.
Ma fp) = — _2tane _ 2 va 0 < ¢ < 45° nén

tan3(p.1 —tan? o (1 —tanzq))tanzgo
O<tangp <1,

Do d6 theo bat dang thirc Cauchy ta c6:

2
2 2
(1—tan2(p)tan2¢>s 1-tan“p+tan® ¢ _1
2 4
Nén f(g) = 2 > 8= S, 2822

(1 —tan? (p)tan2 )
Vay max Sy, = 32r%. Pat dugc khi
1—tan2¢=tan2go:>tango=%:>a=2\/§.r,h=4r.
2
Bai 10
3

1.Goi V Ia thé tich t&r dién ABMN. Ta tinh duge V = 22— 13 gid tri

khong doi, ma r = 3% nén r 16n nhat khi S; 0 dat gié tri nhd nhat.
tp
bat AB =2a, AM =x,BN =y.

T AM + BN = MN suyra xy = 2a°. Dién tich toan phan cua ti dién 1a
Stp = a(x + y)+%(y\/x2 +4a° +x\/y2 +4az).

Str dung bat dang thitc Cauchy, ta tim dugc gia tri nho nhat ca Stp dat
duoc khi

V2

X = y=aJ2, hay AM = BN = AB.

2. Ban kinh mat cau ngoai tiép tir dién 1a R = \/ X + y2 +4a° nén
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Rz\/x2 +y? +4a% > \/2xy+4a2 :\/832 = 2\2a.

min R = 2v/2a khi x = y= a2, hay dat dugc tuong ing vé1 ban kinh mat
cau ndi tiép dat gia trj 16n nhat.

Bai 11

a) Goi H 1a hinh chiéu cua O lén (P).
OAH =(AO,(P)) =30°.

Ta o6 ban kinh cua duong tron

thiét dién la:
r=AH = R.cos3OORT\/§
Dién tich thiét dién 1a

S:ﬁrzzﬁ

b) Mit phang (ABO) di qua O
nén cit mit cau theo dudng tron
16n.

®)

Goi /| la trung diém ciia AB tacé O 1 AB nén ti giac O/AH la hinh

chit nhat do d6 /A = OH = Rsin 30° :g.

Vay AB=2Al = R.

Bai 12

Goi d,,d, 1an luot 14 hai duong thing di qua O,, 0, va vudng goc voi (P)
va (P'").
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Goi M 1a trung diém AB ta co

(MO,0,) L AB=d,,d, c (MO,0,).

Goi O la giao diém cua d, va d,.Taco O la
tAm mat cau chua (O;) va (O,). Ban kinh
R=0A.

MO, = \r? — MA? = 4, MO, = \|r? - MA? =1

Ta ¢6 tir gide MO,00, 14 tr gidc noi tiép.

MO? + MO3 — 0,03
1 2~ A% _ 1, 0,M0, =120° = 0,00, = 60°
2MO,.MO, 2
Dit x = 00,, y=00,,z=OM . Ap dung dinh ly cosin cho A0,00,
tacé: 0,05 = 007 + 002 —-200,.00, = x* + y* —xy =21 (1).
Do tir gidc MO,00, ndi tiép nén
MO,.00, + MO,.00, = MO.0,0, < 4x+y=+21.z (2)
OM?2 = MO? + 0,0% = MO3 + 0,0? & 22 =16+ y? =1+ x* (3)
Giai hé gdm ba phuong trinh (1),(2) va (3) ta tim dugc
x=33;y=23;z=27 = 0A% = A0? + 0,02 =37 = R= 0A =37
Bai 13
1. Goi R la ban kinh cia mat cau.

cosM =

Group: https://www.facebook.com/groups/tailieutieuhocvathcs/




Truy cip website: hoc360.net dé tai tai liéu dé thi mién phi

IA L (ABC),BS L IH,IA = IH = R. Goi .
O latam cua day, ha /K L SO.
SBO:45O:>SO:OB—a\/_ SB = f 1 N
Tt gidc JAOK la hinh chit nhat nén RN )
N
IA=OK=R;IK=OA=a—f;
SK = SO~ IA ——\/_—R A
o
D
HS=BH—BS=BA—BS:a—a—\3/E 7

Vi IH? + HS? = IK? + SK? nén suy ra

o (-]

a(2v2 - /3)
g

Ta tim duoc R =

Bai 14
1. ( Ban doc tu vé hinh )

Ap dung dinh 1y cosin cho tam gidc ABC ta c6 :

BC? = AB? + AC? - 2AB.ACc0s120° = 3a” = BC = \/3a
Tam gidc ACD déunén CD = a. Vi AABD vudng can tai A nén
BC = 2a.
Tacé BC® + CD” = 3a° = BC* = ABCD vudng tai D.
Goi H 1a trung diém cua BCtacd AH L BC (1).
AH = ABsin30° = 2;
BC \/_a
2
Tu (1) va (2) suyra AH 1 (BCD) nén AH la duong cao cua tr dién ABCD.

DH = — AH? + DH? =a°> = AD®> = AH L DH (2)
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J24°

Thé tich ti dién: V = % AH Sypop = Yoo

Dién tich toan phan cua tir dién :

(1+ J2 + \/g)a2
Z S =Sxagc *+Saasp T Saaco T Sasep = >

3V _ J2a
28 21+42+43)

Goi r la ban kinh mat cau ndi tiép, tacd r =

2. ( Ban doc tw vé hinh)

a) Tam va ban kinh mit ciu ngoai tiép.
Goi H 1a tdm cta hinh vuéng ABCD. Ta c¢6 SH 13 truc dudng tron ngoai tiép
day. Trong mit phing (SHA) ké dudng trung truc canh SA cit SH tai O. Ta
c¢6 O 1a tim mat cau ngoai tiép hinh chép S.ABCD, ban kinh R = SO.
Goi N 1a trung diém SA, ta c6:

SN SH

2
ASNO ~ASHA = —=——= SO = SN.SA _ SA .
SO SA SH 2SH

Ap dung dinh Iy sin cho tam giac cin SAB ta ¢ :

A _AB sa--AB sy - sa2_ an? - AVO0SY

.(180°—a, sina 2sin < 2sin <
sm(?) 2 2
Vay R= SO = a

4\/003a.sing

b) Tam va ban kinh mat ciu noi tiép.

Ta ¢6 tam I ctia mat cau ndi tiép thudc duong thing SH. Goi M 14 trung
diém cta

AB,taco AB 1 (SHM) tai M. Goi I l1a chan duong phan giac trong cua goc
SMH (I  SH). Ta c6 I 1a tim ctia mat cau ndi tiép hinh chép . Ban kinh
r=1H.

Pé tinh ban kinh r ta c6 thé tinh theo hai cach sau:

Ciach 1. Dya vao tinh chit cua duong phan gidc ta cé

IS MS SH MS+MH SH MH
= = = IH =

IH MH _ 1H MH T MS+MH’
sM=3cot% mH=2.
2% 2
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a+/Cos o

2(sin xy cosg)
2 2

Vay ban kinh mat cau noi tiép la: r=1H =

Cach 2. Dya vao cong thuc r = 3V :

'S

Thé tich khéi chép: V = % SH.S p0p =

83\/ coso

3.23ing
2
4 ) a2(sing+oosZ)
sin —
2
Bankinh r = = - @voosa
Z . o (04
2(sin = + cos —)
2 2
¢) TAm cua hai hinh cdu tring nhau < R+r = SH .
Hay: a a\/cos o _ avycosa
. a . a . a
4./cosa.sin = 2(sin — + cos — 2sin —
a.siny  2(sing 5) 2
1 cos o cosa 1 a . o Cosa
= + = = +00S— —Sin — =
2$ing sing+cosg sing 23ing sing
2 2 2 2 2
<:>1+sina—23in2a

E=2005a<:>sina:cosa<:>a=450.

Vay khi o = 459 thi tam mit cau ngoai tiép va tim mit cau noi tiép cua
hinh chép trung nhau.

3.Vi SA=SB=SC va ASB=BSC=CSA=a nén AB=BC=CA
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