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Cau 9.

Cau 10.

Cho hai diém A(1; - 1;1); B(2; — 2; 4). C6 bao nhiéu mat phang chira A, B va tao véi mat
phang (a): x— 2y + z— 7 =0 mot géc 60°.
A. 2. B. 4. C.1. D. Vo sb.

Hwéng dan giai
[Phwong phap tw luan]
AB(t; - 1:3), (1, - 2,1)

Goi B;(a; b; ¢) la vecto phap tuyén clia méat phang (£) can lap.

n .
a

cosl(@), (8)) =costn,  n,)| = 1=

n|.
a

Ny

= |

[1.a-2b+1.d 1
JE+ (2R + PP+ 2

=2a-2b+c)P=3a +b*+c%) (1)

Mat khac vi mét phang (8) chra A, B nén:
n,AB=0&a-b+3c=0sa=b-3c

Thé vao (1) ta duwoc: 2b* —13bc+ 112 =0 (2)

Phwong trinh (2) cé 2 nghiém phan biét. Suy ra cé 2 vecto a(a; b; ¢) thda man.

Suy ra c6 2 mat phang.

[Phwong phap trac nghiém]

Dwng hinh
Goi o la gbc gitra hai dwdng thdng AB, CD. Khéng dinh nao sau day la khang dinh dang:
EB.E‘ T-Yes
A. COSC = ——— B. COSO[Z_A_.B-—C_D..
‘ABHCD‘ ‘ABHCD‘
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Cau 11.

Cau 12.

‘AB CcD ‘[TBEL—)]

D. cosa = —

C. cosa = -
‘AB‘ .‘CD‘

[#8.00]
Hwéng dan giai
Ap dung coéng thire & ly thuyét.

Cho hinh lap phwong ABCD.A'B'C'D' cé canh bang a. Goi M, N, P 1an lwot 1a trung diém
cac canh BB', CD, A'D'. Géc gilra hai dworng thdng MP va C'N la:

A. 90° B. 120° C. 60° D. 30°
Hwéng dan giai 24
Chon hé truc toa dd sao cho A= O(0; 0; 0) o e
Suy ra B(a; 0; 0); C(a; a; 0); D(0; a; 0) . | F’/’/
| /,:/// (o
A'(G; G; a); B'(a 0; a); C'(a; & a); D'(0; & a)
M (’//// /%/_/ _____________ E)_y>
Mlao 2N 2 a0l P02 s
2) 72 2 N
. c
x/ B

Suyra MP=|-a 22| NnC'=| 2;0.a| = MP.NC' =0
5232 By

= (MP,NC") = 90°

Cho hinh chép A.BCD cé cac canh AB, AC, AD déi mét vuéng goc.
bang a, AD = 2a. Cosin géc gitra hai dwérng thang BD va DC |a:

AABC can, canh bén

4 2
A — e
5 J5
4 1
C. — D —
J5 NG

Hwéng dan giai
[Phwong phap tw luan]
Chon hé truc toa dé sao cho A= O(0; 0; 0)

Suy ra B(a; 0; 0); C(0; a; 0); D(0; 0; 2a)
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Ta cé DB(a; 0; — 2a); DC(0; a—2a)

., |pBDC 4
cos(DB, DC) = ‘cos(DB DC‘ W

Cau 13. Cho hinh chép S.ABCD cé day ABCD la hinh chlr nhat, AB = 2, AC = \/3 ASAC vudng
can tai A. K la trung diém ctia canh SD. Hay xac dinh cosin géc gitra dwong thang CK va
AB?

A2 B. 2 c. & D

Hwéng dan giai
Vi ABCD Ia hinh chi nhat nén AD = \/AC? - CD? =1
Chon hé truc toa dé sao cho A= O(0; 0; 0)

Suy ra B(0; 2; 0); C(1; 2, 0); D(1; 0; 0)

5005y K 0,35
2’72
Suy ra CK(—— - */—) AB(0; 2, 0)
ek A—B‘ 4
cos(CK, AB) = ‘cos(CK AB)| = ‘CK‘ ‘AB‘

Ciu 14. Qua bdn diém diém A(-3 -4; 5); B(2; 7; 7); C(3, 5, 8); D(-2; 6; 1). Pwdng thang nao tao voi
nhau mot goéc 60° .
A. ABva CB. B. AC va CD. C.DBva AC. D. CB va CA.

Hwéng dan giai
T bdn diém A, B, C, D tao ra 6 vecto chi phwong khac nhau. Tinh toa dé cac vecto sau
do thay vao cong thure: cos(d,d') = ‘oos(ﬂ;;Z/;
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Cau 15.

Cau 16.

Cau 17.

Trong khéng gian véi hé toa d& Oxyz, mat phang nao dwéi day di qua A(2; 1; — 1) tao voi
truc Oz mét géc 30°.

A V2(x-2)+ (y-1) - (z-2)-3=0. B. (x=2) +v2(y—1)— (z+ 1) -2=0.

C. 2(x-2)+(y-1)-(z-2)=0. D. 2(x-2)+(y-1)—(z—1)-2=0.

Hwéng dan giai

Goi phwong trinh mat phdng () can lap c6 dang A(x — 2) + B(y - 1) + C(z+ 1) = 0; n(A; B; C)
Oz c6 vecto chi phwong 1a k(0; 0; 1) .

, nk
Ap dung cbng thrc sin((«), Oz) = LT =sin30°

[

Sau khi tim dwoc cac vecto phap tuyén thda man, thay gia tri ctia A vao dé viét phwong
trinh mat phang.

Cho mat phdng (P):3x + 4y + 5z+ 8= 0. Dudng thang d la giao tuyén clia hai mat phang
(@):x-2y+1=0;(B): x—2z-3=0. Goc gilra d va (P) la:
A. 60° B. 120° C. 150° D. 30°

Hwéng dan giai
Ta cb n,(3 4; 5)

n,=|n.n,|=@1

Ap dung céng thirc sin((P), d) = -

Goi « la géc gilra hai vecto' AB, CD . Khdng dinh nao sau day la dung:

ABDC AB.CD|

A. cosa = t B. cosa = P — e p—
‘ABHDC‘ ‘ABHCD‘

AB.CD \[AB.CD]

C. SiﬂOt:r D. cosag = +———=".
‘ABHCD‘ ‘ABHCD‘
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Cau 18.

Caul.

Cau 2.

diém

Hwéng dan giai

Ap dung céng thirc & ly thuyét.

Cho ba mat phdng (P):2x - y+2z+3=0,(Q):x-y-z-2=%(R): x+2y+2z -2=0 . Goi
a,; a,; e, lan lwgt 1a goc gitra hai mat phang (P) va (Q), (Q) va (R), (R) va (P). Khang dinh
nao sau day 1a khang dinh dang.

A a>a>a, B. a,>a,>a, C.a,>a,>q, D. a,>a,>a,

Hwéng dan giai

Ap dung céng thire tinh goc gitra hai méat phadng. St dung may tinh bé tui dé tinh goc roi
S0 sanh cac gia tri dé v&i nhau.

VAN DUNG
Trong khdng gian v&i hé toa dd Oxyz, cho phwong trinh mat phéng(a) x+2y+2z4+4m=0
va diém A4(1;1;1). Khi d6 m nhan gia tri ndo sau day dé khoang cach tir diém A dén mat
phang («) bang 1:
A. —2 hoac -8 B. -8
C. -2 D.3

m=-8

Hwéng dan giai: d(A;(a)):@ﬂ@{m:§=33©[m:_2
m [—

Trong khong gian voi hé toa d6 Oxyz, mat phang () cat truc Ox, Oy, Oz lan luwot tai 3
A(-2;0,0), B(0;3;0), C(0;0;4). Khi d6 khodng cach tr goc toa dd O dén mat phang
(4BC) la:

A 12761 B.4
61
c. ot D.3
12

Hwéng dan giai

12461

61

Céch 1: (05):%+§+§=1<:>6x—4y—3z+12=0; d(0;(4BC)) =

Group: https://www.facebook.com/groups/tailieutieuhocvathcs/




Truy cAp website: hoc360.net dé tai tai liéu dé thi mién phi

Cach 2: T& dién OABC cb 04, OB, OC d6i mét vubng goc, khi dé
1 1 1 1 6l ))_1zﬁﬁ
61

= = d(0,(ABC
d*(0,(4BC)) of OB oC’ 144 (0

Cau3. Trong khong gian voi hé toa dd Oxyz cho diém M (1;0;0) va N(0;0;—1), mat phang (P)
qua diém M,N va tao v&i mat phang (Q): x—y—4=0 mot géc béng 45°. Phwong trinh
mat phang (P) la:

[y=0 [y=0
AlY B.|”
|2x—y—-2z-2=0 |2x—y—2z+2=0
C'éx—y—zz+2=o D'Qx—zz+2=o
|2x-y-2z-2=0 |2x-22-2=0

Hwéng dan giai
Goi vecto phap tuyén cia mp(P) va (Q) lan luotla n, (a;bic) (a* +b° +c* #0) , n,
(P) qua M (1;0;0):a(x—1)+by+cz=0=0

(P) qua N(0;0;-1) = a+c=0
(P) hop véi (Q) goc 45° = ‘cos(a,@)‘ = cos45’ @ﬁzia {a =0 Véi

a=0=c=0 chon b=1 phwong trinh (P): y=0 Véi
a=-2b chon b=-1= a=2 phwong trinh mat phang (P):2x-y-2z-2=0 .

Caud4. Trong khong gian Oxyz, cho diém A(-2;0;1), dwong thang d qua diém A4 cét truc Oy
géc 45°. Phuong trinh dwdng thdng d 1a:

_x+2_L_Z—1 x=2_ y _z+l
2 - _
A. & ! B. 2 Vs 1
x+2 'y z-1 x=2 'y z+l
2 5 -l 2 5 -
_x+2_L_z—l _x+2_ y z-1
2 -1 N
C. & D. &
x=2_ 'y _z+l x-2_ y _z+l
2 5 -1 N |
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Hwéng dan giai

Cach 1: Diém M (0;m;0)e Oy, j(0;1;0)la vecto chi phwong cla truc Oy, AM (2;-m;—1)

cos(A—Z\/d['a')— 45° |m| = = +J5 nén c6 2 dué :
;J)| = cosdS’ & —m—=——==—=<m=1J5 nén co dwong thang:

m +

(9]
5 -

x+2 'y z-1 x+2 y z—-1

2 5 -1 2 5 -

Cach 2: 1) (2/5i-1) = [eos )| == w2 (2V5ir1) = feos{is: 7 =

Sl

Puong thang d di qua diém 4(-2;0;1) nén chon dap an A.

Cau5. Trong khong gian Oxyz cho mat phang (P):x+y+z-3=0 va mat phang
(Q):x—y+z-1=0.Khi d6 mat phang (R) vudng goc v&i mat phang (P) va (Q) sao cho
khoang cach tr O dén mat phang (R) bang 2, c6 phwong trinh la:

x—z+232=0

A. B.x—2z-2J2=0
x—z—2\/§=0

C.x-z+2J2=0 D. 2x—2z-22 =0.

Hwéng dan:

np (151).ng (5=11) = [y, | = (2:0:-2)

ID| D=42
=—==2=

J8 D=-42

Mat phang (R):2x—2z+D=0= d(0;(R))
Vay phwong trinh mp (R):x—z+2x/§:0; x—z-2J2=0

Cau 6. Tap hop cac diém trong khong gian Oxyz cach déu hai mat phang (P):x+y-2z-3=0 va
(Q):x+y—2z+5=0 la:
A x+y-2z+1=0 B.x+y-2z+4=0

C.x+y-2z+2=0 D. x+y-2z-4=0

Group: https://www.facebook.com/groups/tailieutieuhocvathcs/




Truy cAp website: hoc360.net dé tai tai liéu dé thi mién phi

Cau 7.

Cau 8.

Cau 9.

|x+y—2z—3| _|x+y—22+5|

Jo b

Hwong dan: M (x;y;z). Taco d(M,(P))=d(M,(Q)) <

<:>|x+y—2z—3|:|x+y—2z+5|<:>x+y—2z+l:0
Tim tap hop cac diém trong khéng gian Oxyz cach déu hai méat phang
(P):x—-2y-2z-7=0 vamatphang (Q):2x+y+2z+1=0 la:

A B;jijg:)g:o B. 43y +4:48=0

C.3x—y-6=0 D.3x+3y+4z+8=0.

Hwéng dan giai

|x—2y—22—7| _|2x+y+22+1
3 3

Cho diém M (x;y;z), d(M,(P)) = d(M,(Q)) o

x+3y+4z+8=0
3x—y-6=0 '

Trong khéng gian Oxyz cho diém M thudc truc Ox cach déu hai mat phang
(P):x+y—2z—3=0 va (Oyz). Khi toa do diém M la:

3 . 3 3 . 3
A | ——;0,0| va| ——;0;0 B.| ——;0;0 [va | ——:0;0
(1+£ ] (1-£ j (1+J6 j (%—1 ]

o [Ston] w[Soe) ™ o[ [5es)

Hwéng dan giai: Biém M (m;0,0) € Ox; d(M,(P))=d(M,(P)) @% = |m|
m=3=m6 "= 1+\/_
SN
m— 3——mx/— 3
“1-V6
Trong khéng gian Oxyz cho diém 4(3;-2;4) va dwong thang d : x;5 = y;I = 2_22 . Diém

M thudc dwdng thadng d sao cho M cach 4 mét khoang 1a J17. Toa do diém M la:
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