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1.Céch dung cac diém A’,B’,C’.
Goi N 14 giao diém cua MA véi BC,P 1a giao diém ctia MB v6i AC, Q 1a giao
diém cia MC v6i AB. Ta c6 ba diém S,A’,N 1a ba diém chung ciia mat phang
(SBC) va mit phang o xac dinh boi hai duong thang song song SA, A’M nén
chung thing hang, tir d6 suy ra cach dung A’ nhu sau.
e Dung N la giao diém ciia MA véi BC.
e Dung A’ la giao diém cuia SN va duong thang di qua M va song
song voi SA .
Tuong ty B’ 1a giao diém cua SP va duong thang di qua M song song vdi SB ;
C’ 1a giao diém cua SQ va duong thang di qua M song song véi SC .
2.Tap hop cac diem G.
MB' // SB
Ta co: IS8 (MB'C') / (SBC)
MC' J/ SC
(A'B'C')n(MB'C')=B'C’
Mait khac
A'e(A'B'C')n(SBC)
Do d6 giao tuyén cia mat phang (A’B’C’) va mit phang (SBC) 1a duong thang di
qua A’, song song voi duong thing B'C’ va cat SB,SC lan lugt tai J va K.
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Giao tuyén clia mp (A’B’C’) v6i mit phang (SAB) la duong thang JC’' /) A’B’ va
cat SA tai I.
Giao tuyén clia mp(A’B’C’) v6i mit phang (SCA) la duong thang KI / A'C” .
Tu giac A’KB’C’ ¢c6 A’K J/ B'C’, KB’ // A’C’ nén Ia hinh binh hanh do d6 hai
dudng chéo C’K va A’B’ cit nhau tai trung diém K cua ching .Tir d6 suy ra
trong tam G cua tam gidc A’B’C’ thudc C'K.
Chtng minh tuong tu G ciling thu¢c B’J.
Ba diém S,G,M la ba diém chung cua hai mit phang (SBP) va (SCQ) nén chung
thang hang.

GM _GC'_1_ SG_2

Vi MC"/SC néntacd: —=——=—= =—.
GS GK 3 SM 3

Suyra G 13 anh cia M qua phép vi tu tdm S, ti sd % , Vi tap hop cac diém M 1a
mién trong ctia tam giac ABC nén tap hop céc diém G 1a mién trong clia tam gidc
A;B,C; 1a anh cua tam gidc ABC qua phép vi tutdm S, ti sO % .
Bai 7

1. O la trong tAm cua tir dién ABCD), tuc 13 diém thoa hé thic

_— — — — —

:OA+0OB+0OC+0D=0.Khi dé, tac6 MA+MB+MC+MD=4MO . Lai c6
MA +MB+MC+MD =2MN (gia thiét), suy ra

MN =2MO . Diéu d6 chiing to ring N 1a diém déi xting cia M qua O, vi tap
hop M 1a mit phang (P) nén tap hop N 1a mat phing (P’) ddi ximg cua (P) qua
O.
2. Goi K 14 hinh chiéu vuong géc ciia S 1én MB. Vi

BC L SA
{BC 1L AB

(MBC)n(SAB)=MB, (MBC) L (SAB)
{SK <(SAB),SK L MB

= BC L (SAB)= (MBC) L (SAB).

= SK 1 (MBC) = K =heM /(ypc

Trong mit phing (SAB) , SKB=90°, suy ra K thudc duong tron (C) duong kinh
SB chira trong mat phang (SAB) .

Mait khac vi M chi di dong trén canh SA nén K chi di dong trén cung nho SA
cua dudng tron (C) , 01 cung nay la (L) . Suy ra tap hop K 1a cung (L) .
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Qua phép ddi xing truc SA:S—S, K—)He(P) ,do dé SK —SH va vi
SK L (MBC) , (P) 1a 4nh ciia mat phang (MBC) qua phép ddi xing truc SA nén
SH L (P) tirc 1a H 14 hinh chiéu vudng goc cua S 1én (P) . Lai cd tap hop céac
diém K 1a cung (L) , suy ra tip hop cac diém H 1a anh cia (L) qua phép dbi
xung truc SA .
3. Goi I 1a giao diém ciia DM va CN, d& thdy I 1a diém chung cua hai mat
phang (SAD) va (SBC) nén I thudc giao tuyén d cua hai mat phang nay (d 1a
duong thang qua S va song song véi AD,BC).
Mat khac vi M chi di ddng trén canh SA nén I chi di dong trén tia Sx nam trén
d va cing chidu véi DA .Vay tap hop cac diém I 1a tia Sx.
Phép dbi xtmg qua mat phing (SCD) bién :
D—>D,M—>M':> DM — DM’
C->C,N->N CN —->CN'

>I=DMnNnCN—->E=DM'nCN'".

Suy ra tdp hop E 13 anh cta tia SX qua phép d6i xtng qua mit phiang (SCD) :

4. a.Tap hop céac diém M’
Dung dudng thing qua A’ song song v6i OO, cit d; tai K. Vi MM’ / OO’ nén

MM’ ) A’K, laico M e AA” dodo MM’ chua trong mat phing (AA’K) va M’

thuoc AK, mat khac W = kl\TA nén ta co: l\ﬁ =kM'A.

Mit phang (AA’K) song song v6i mit phing (P) ( vi chtra hai duong thiang cat
nhau A’K, AA’ song song v6i (P)) Do d6 mit phiang (Q) cat hai mét phang trén
theo hai giao tuyén song song : AK // Ox.

Trong goc (d, dl) , duong thang AK song song véi dudng thing ¢d dinh Ox va
diém M’ chia doan AK theo mot ti s6 khong ddi . Vay tap hop cac diém M 1a
duong thing (D) veé tu O va qua mot vi tri dac biét caa M’ .

b.Téap hop cac diém M .
Taco
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{MA' _ kMA :{MA+AA' ~ kKMA

:MA—M'A+AA'—AK=1<(MA—M'A)
MEK=kMA |MA+AK=kM'A

= MM'+KA'=kMM' = (1-k)MM’ AK:MM—ﬁa=ﬁ@:

(doK—A: = @;) Vay M 1a anh cia M’ qua phép tinh tién ﬁO—O; . Suy ra tap

hop cac diém M 14 anh cua dudng thing (D) qua phép tinh tién ﬁO—O) .

5. a.Tap hop cac diém A’,B’,C".

Goi A,B;,C; 1an luot 14 hinh chiéu vuong goc cua A,B,C trén (P) .Khi @6
AA,,BB;,CC; va theo gia thiét thi AA” // BB’ // CC’ nén ba mit phing
(AAlA’),(BBlB’),(CClC’) song song v&i nhau, do d6 chiing cit mit phing (P)
theo ba giao tuyén song song A A’,B,B’,C,C". Tlr d6 suy ra ba tam gidc vudng
AA;A’,BB,B,CC,C’ ddng dang. Ta co:

AA'" BB' CC' AA'+BB'+CC

AA;, BB; CC; AA,+BB,+CC;
Viba diém A,B,C c¢d dinh nén AA,BB;,CC, laba doan théng c6 do dai khong
doi. Pat AA; +BB, +CC, =h(h>k).
Laico AA’+BB’ +CC' =k

Suyra AA'=AA .E,BB'=BB .Qcc:cc h
'k 'y 'k

Trong tam giac vuong AA A",

2 2
AA'=|AA?-AA? = \/AAz[k——lJ AA, LS
h?

[ 2
Tuong tu B;B'=BB, , G,C'=CC kz
h

Vay tap hop céc diém A’, B’,C’ 1an luot 12 cac duong tron tim A,,B;,C;; ban

k? K? k? :
kinh AA,,[— -1, BB, — - 1,CC, — - 1 chtra trong mat phang (P) .
h? h h

b.Téap hop trong tam G’ .
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Goi M,M’ theo thur tu 1a trung diém cua BC va B’C’ thi MM’ J/ BB’ J/ CC" do do
MM’ /) AA’. Trong mat phing x4c dinh boi hai dudng thing song song
AA’, MM, hai dudng thaing AM va A’M’ cat nhau tai [. Khi d6 I ciing 13 giao
diém cia AM v&i (P) nén I ¢b dinh. Goi G 14 trong tdm ciia tam giac ABC, ta
co:

G_M:G_MZE:GG'//AA' :E:E:t (hang sé):>IT§'=t.K

GA G'A" 2 IA" 1A
Suy ra G’ la dnh cua A’ qua phép vitutdm I,tiso t.

, 2

Vi tap hop cac diém A’ 1a duong tron (a) tim A, , ban kinh AA, k—z -1 chta
h

trong (P) nén tap hop cac diém G’ 1a duong tron anh cua dudng tron (a) qua

phép vi tu tdm 1,tisd t.

VAan dé 2. PHAN CHIA — LAP GHEP CAC KHOI PA DIEN

CHUNG MINH HAI DA DIEN BANG NHAU, CAC BAI TOAN VE
PA DIEN PEU

Bail
1. Ta phén chia khéi lang try ABC.A'B'C' thanh ba khéi tir dién
C'ABC, ABA'C', BA'B'C'.
o B’

4 Khéi lang tru
chia thanh 3
khoi t&r dién
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